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Photoneutron cross-section data obtained with monoenergetic photon beams are
presented, many of them in graphical form in a uniform format. Tables'of values
for quantities derived directly from the data, such as integrated cross sections, and
for quantities derived indirectly from the data, such as parameters of Lorentz
curves fitted to the data, are presented as well. Average properties of the giant
dipole resonance obtained from the data are compared with theory, as are more
general nuclear quantities, such as symmetry energies, deformations, and
level-density parameters. Structure in the cross sections and various other special
topics are discussed, and a survey and a critique of the experimental techniques
used to obtain the data are included.
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I. INTRODUCTION

Over the past twenty-five years many studies of photo-
nuclear reactions have been made, for many nuclei through-
out the periodic table, in the attempt to delineate the
systematics of photon absorption by nuclei in general and

*Work performed under the auspices of the U. S. Atomic Energy
Commission.

f Deceased.

of the giant electric dipole resonance, which dominates the
absorption process at energies between 10 and 30 MeV, in
particular. The large effort that has been put into these
studies is justified by the fact that the theory of the inter-
action of electromagnetic radiation with nuclei is perhaps
the best understood in nuclear physics: if the interaction in
the entrance channel is understood, then the effects of the
purely nuclear forces can be studied directly by measuring
either the photon absorption cross sections or the products
of nuclear photodisintegration.

The giant dipole resonance always has been of central
interest in photonuclear-reaction studies, both experimental
and theoretical. It corresponds to the fundamental fre-
quency for absorption of electric dipole radiation by the
nucleus acting as a whole, and is most simply understood
as the oscillations of the neutrons against the protons in
the nucleus. This is the semiclassical hydrodynamic model
of Goldhaber and Teller (1948; Steinwedel and Jensen,
1950). Alternatively, one can construct the giant resonance
from a superposition of particle —hole states based on the
shell model. Indeed, building upon the independent-par-
ticle-model description of the giant resonance of Wilkinson
(1956), the particle —hole theory was developed, largely by
Brown and co-workers, to explain the details of the giant
resonance (Elliott and Flowers, 1957; Brown and Bolsterli,
1959). This latter approach is particularly suited to cal-
culating the decay modes (branching ratios, angular dis-
tributions, polarizations, and the like) of the giant-resonance
states, especially for light nuclei, where the number of states
involved is small enough to be manageable. The experi-
mental emphasis seems to be changing gradually from the
exploration of the absorption process to the attempt to
understand the giant-resonance states in detail by studying
their decay products. Yet both these aspects have been
scrutinized in ever finer detail in recent years, the former by
means of systematic studies in medium and heavy nuclei
and the latter through key experiments on specific light
nuclei. Although measurements performed with mono-

energetic photon beams have played an important role in

both these aspects, they have come much closer to dominat-

ing the field in medium and heavy nuclei, and therefore the
main emphasis of this review will lie there; the importance
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of a few key experiments on light nuclei should not, how-
ever, be underrated.

Most of the giant-resonance measurements which have
been done in the past have used as the source of radiation
the continuous bremsstrahlung spectrum produced when
the electron beam from an accelerator, usually a betratron
or synchrotron, strikes a high-Z target. This use of a con-
tinuous radiation source requires an "unfolding" of the
data, in which assumed bremsstrahlung spectra for different
incident electron. energies are subtra, cted from each other.
In general, one has to obtain a yield curve by stepping the
incident electron energy in small increments, and then
differentiate the yield curve in order to determine the cross
section. This requires great stability in the accelerator
parameters, enormous counting statistics, knowledge of the
bremsstrahlung Aux and spectrum, especially near the end
point where both are exceedingly hard either to calculate
or to measure, and tedious data-reduction procedures. That
some systematic measurements of the giant resonance
indeed were achieved (Fuller and Hayward, 1962a; Hay-
ward, 1965) is a testimony to the diligence and patience of
the early workers in the field. However, a number of sys-
tematic errors are intrinsic in the unfolding technique, and
these become magnified when energies above the peak of the
giant resonance are reached, because the yields increase
much more slowly. This important energy region contains
(a) high-multiplicity processes, such as (y, 2n) and (y, 3n)
reactions, (b) photoexcitation of higher isospin states, (c)
quadrupole giant resonances, and (d) direct-reaction con-
tributions, among others, and has become a very important
region for investigation, where accurate information on
cross sections is required. Further, since the measurement
even of the basic shape of the giant dipole resonance itself
depends critically upon a knowledge of the multiple-neutron
cross sections on the higher-energy side of the giant reso-
nance, it became clear that continuously variable mono-
energetic photon beams with good resolution and sufhcient
intensity were needed to delineate giant-resonance sys-
tematics in detail.

Until the advent of .high-intensity linear electron ac-
celerators, this central experimental problem in photo-
nuclear physics could not be solved. During the past decade,
however, some new methods have been introduced in which
the photoprocesses have been measured with monoenergetic
photons. The most fruitful of these has been the use of the
annihilation in Right of fast positions from a linear ac-
celerator to produce monoenergetic photons, although other
methods have been employed as well (Schuhl, 1973;Berman,
1974a), and several are discussed below Historic. ally, work
in the photonuclear field which has employed annihilation-
photon beams has been concentrated at the Livermore and
Saclay laboratories, but it should be noted that this was
not an historical accident: rather, it resulted from the recog-
nition at an early date of the facts stated in the previous
paragraph by the workers at these laboratories. Photo-
neutron studies were not performed at these laboratories
becav. se annihilation-photon beams and highly efficient
neutron detectors were available there already; the appa-
ratus and techniques were developed, at great cost, time,
and effort, specifically in order to attack, by the most effi-
cient method, the central problem of the detailed delinea-
tion of the systematic properties of the giant resonance.

Today, the results are clear. The use of monoenergetic
photon beams has given rise to cross-section measurements
with high resolution, and especially to an improved knowl-
edge of the cross sections above the peak of the giant reso-
nance. Higher-multiplicity cross sections have been mea-
sured directly and )heir systematics studied, and more
accurate information on structure throughout the giant-
resonance region has been obtained. In short, the quality of
the data produced has justified well the effort necessary
to develop and utilize monoenergetic photon beams.

The purposes of this review, then, are to survey the con-
siderable body of photoneutron data acquired with mono-
energetic photon beams, to delineate the systematics of the
giant dipole resonance so determined, and to compare the
results with the predictions of various nuclear models.
Also, since the great majority of these data have been ob-
tained by the annihilation-photon method, an exposition and
a critique of this experimental technique are given as well.
This has not been done recently, although some years ago
Spicer (1964) compared the bremsstrahlung and annihila-
tion-photon techniques for measuring photoneutron cross
sections.

The present report is concerned primarily with the results
obtained with monoenergetic photons. Although much fine
work has been done using bremsstrahlung sources, the large
discrepancies in the data reported from various laboratories
and the intrinsic systematic uncertainties referred to above
make it difficult to weight properly these measurements
when comparing them with monoenergetic-photon data,
and no such attempt is made here. Fortunately, enough
data are now available from monoenergetic-photon mea-
surements alone to justify fully a survey at this time.

Finally, the reader should be cautioned that although the
principal results of this review are based almost entirely
upon photoneutron measurements made with monoenergetic
photons, for the reasons given above, there exists as well a
considerable body of pertinent literature in the areas of
electron and photon scattering, (y,p) and capture reactions,
and photon absorption, which are beyond the scope of the
present report. The reader therefore is referred to the several
reviews of the general subject of photonuclear reactions
which are available. Levinger (1960) gives a summary of
early work in the field, together with a theoretical introduc-
tion to the subject based on the analogy with the atomic
photoeffect; Danos and Fuller (1965) give a theoretical
exposition of the shell- and collective-model treatments of
the giant resonance; Hayward (1965, 1970) gives a general
survey, together with an extensive treatment of photon
scattering and of angular distributions of photonucleons;
Spicer (1969) gives an historical review of the theories of
the giant resonance and the early experiments, together with
a strong treatment of the dynamic collective model, par-
ticularly as applied to vibrational nuclei; and Firk (1970)
gives a treatment of giant-resonance properties in heavy
nuclei, the angular distribution and polarization of photo-
nucleons from light nuclei, and isospin eQects in photo-
nuclear reactions. The reader also is referred to the recent
experimental survey by Berman (1974a), to the textbooks
by Eisenberg and Greiner (1970a, 1970b, 1972), to the
bibliographic compilations of Toms (1967) and Fuller et al.
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(1973), and to the proceedings of two recent conferences in
the field (Shoda and Ui, 1972; Berman, 1973d).

II. EXPERIMENTAL METHODS

The experimental methods for producing beams of mono-
energetic photons which have been used for photonuclear-
reaction studies include the annihilation in Right of fast
positrons, tagged bremsstrahlung, and nuclear y rays from
the capture of protons or neutrons. Most of the work sur-
veyed here has been done with annihilation photons; there-
fore, this method will be treated in the most detail. LFor
even more details regarding the annihilation-photon tech-
nique, see Berman and Fultz (1974c).j
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A. Positron annihilation in flight

The annihilation-photon method for obtaining a mono-
energetic photon beam was first suggested by Tzara (1957),
and has been developed or studied at several laboratories
since, principally at Saclay (Miller e/ a/. , 1960a; Miller et a/. ,
1960b; Schuhl and Tzara, 1961) and at Livermore (Hatcher
e/ a/. , 1961; Jupiter et a/. , 1961; Seward et a/. , 1961; Fultz
et a/. , 1962b). The method consists in producing a beam of
fast positrons, transporting this beam (having the desired
energy E,+) to the experimental area, and allowing it to
strike a thin, low-Z target, thus producing, in the forward
direction, a monoenergetic beam of annihilation photons
(where the photon energy is E~ = E,++ 0.76 MeV, the
latter term being ~s of the rest mass of the annihilating pair).

1. Production and measurement of the
photon beam

Studies have been made of annihilation-photon yields
(Seward et a/. , 1961;Owens and Cardman19, 69; Audit e/ a/. ,
1970), positron converters (Yount and Pine, 1962; Sund
et a/. , 1964; Nunan, 1965; Toms and Godlove, 1965;
Haissinski, 1967; Lobb, 1967), and annihilation-photon
resolution (Hatcher et a/. , 1961; Elliott et a/. , 1964; Audit
et a/. , 1970). Measurements on photon energy resolution
have shown that the resolution width down to the 1% level
can be attributed to three sources: (a) the momentum width
of the incident positron beam, (b) the dE/dX loss suffered
by the positrons in the target before annihilation, and (c)
multiple scattering of the positron beam in the target before
annihilation. Figure 1 shows the photon energy resolution
obtained for beryllium annihilation targets 0.25 and 0.76
mm thick, for a spread in the incident positron momentum
of 1%.If the resolution is pushed down to the 0.1% level by
reducing the momentum width of the positron beam and
the thickness of the annihilation target (of course this re-
quires a much more intense positron beam, since the photon
yield decreases approximately as the square of the resolu-
tion), then other effects begin to play a role, such as the
energy variation of the annihilation photons with angle (for
large annihilation-target or nuclear-sample diameters) and
the presence of Compton-scattered photons which have
lower energy (for large sample thicknesses). Fortunately,
these effects are worst for high energies (&40 MeV), where
high resolution is not likely to be so important because one
is measuring cross sections well up in the nuclear continuum.

The annihilation cross section has been shown to increase
almost linearly with positron energy (Seward et a/. , 1961),

FIG. 1. Calculated energy resolution (F%HM) of the forward
annihilation-photon beam produced by a positron beam having a
momentum spread of 1% incident on beryllium targets 0.76 mm thick
(curve A) and 0.25 mm thick (curve 8) (values taken from Bramblett
et al. , 1966b).

as does the photon yield (Audit e/ a/. , 1970). Even so, the
yield of unwanted photons above any given photonuclear
threshold from positron bremsstrahlung increases faster
still with increasing positron energy. This makes it in-
creasingly more difficult to subtract off the results of this
effect (by repeating the experimental measurements with
incident electrons instead of positrons —see below), so that
cross-section measurements for a given photonuclear reac-
tion channel far above its threshold tend to become statis-
tically poor (since they depend upon the measurement of the
difference between two large numbers).

Positrons are produced by pair production from the brems-
strahlung created when the intense beam of high-energy
electrons from a high-current Linac strikes a thick, high-Z
converter. The materials used for these converters have,
included gold, tungsten, platinum, and tantalum, as well
as copper, molybdenum, and other elements or alloys, and
usually are about one to two radiation lengths thick. These
targets must sustain great heating and mechanical stresses
owing to the high power and power density of the electron
beam. As a result, they often are given some motion (linear
or circular) to distribute the heat load, and must be well
cooled. The most successful material used at Livermore has
been a carefully treated tungsten —rhenium alloy. It clearly
is advantageous to use a high incident electron energy, not
only because the bremsstrahlung and pair-production cross
sections increase with energy, but even more so because the
(relativistic) positrons are emitted into an increasingly
narrower cone, thus allowing them to be captured more

efhciently by the downstream components of the beam
optical system.

Positrons have been produced both along the accelerator
and at the end of the accelerator. In the former case (the
Livermore system), the converter target is placed between
two sections of the Linac. The incident electrons are focused
onto the converter by a quadrupole doublet, the converter
itself is immersed in a stepped solenoidal magnetic held,
and the emergent positrons are focused into the next ac-
celerator section, also by a solenoid. To select and accelerate
a positron beam, all accelerator sections following the con-
verter are operated with the radio frequency nearly 180
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FIG. 2. Schematic diagram of the an-
nihilation-photon beam facility at Saclay: .

M;—bending magnets; Q;—quadrupole mag-
nets; ES—energy-analyzing slit; T1—posi-
tron converter target; T-—annihilation tar-
get; FC—Faraday cup; C—collimator;
S—nuclear sample; D—neutron detector.
(from Bayart, 1969)

out of phase with that normally used for electrons. To select
the negative electrons from pair production (for performing
the bremsstrahlung-subtraction measurements), all ac-
celerator sections are operated with the normal phase. The
energy of the positrons can be selected over a wide range by
adjusting the power of the sections following the converter.
Since the Linac sections which accelerate electrons operate
at full beam loading while those which accelerate positrons
operate essentially in a zero-current mode, the optimum
location of the converter is determined by the energy and
intensity of the positron beam required to do the experi-
ment. Thus, by having the ability to insert the converter
at any of several locations along the accelerator, one can
trade energy for intensity in the way best suited to the
needs of the experiment. The positron beam, having been
accelerated to the desired energy, is energy analyzed with a
bending magnet and slit and then transported to the experi-
mental area.

For the case where the positrons are produced external to
the accelerator (the Saclay system), the positrons pass
through a series of bending and focusing magnets and energy-
selection slits. By adjusting the magnetic fields the system
is made to pass positron beams of various energies. This
method produces the maximum positron Aux of which the
machine is capable, but is ideal only for the range of energies
near the maximum of the intensity distribution of the posi-
trons emerging directly from the converter. In both systems
the momentum width of the positron beam is set by the
width of the energy-selection slits. Figure 2 is a diagram of
the setup used at the Saclay 60-MeV Linac (Schuhl and
Tzara, 1961; Bayart, 1969). The neutrons from photo-
neutron reactions are counted by means of a 500-1 spherical
liquid scintillator 1 m in diameter and loaded with 0.5%
gadolinium (Beil et a/ , 1969). The e. nergy calibration and
resolution (but not the photon flux) are measured by
detecting the 15.11-MeV photons scattered from a carbon
sample placed in the photon beam line. The resolution
also was measured at 19.15 MeV by observing the broaden-
ing of the sharp structure in the 28Si(y, po) reaction for
various beam and target conditions by means of a Si(Li)
solid-state proton detector placed in the photon beam.
The absolute photon Aux is determined by calibrating
the Faraday cup (Fig. 2), which measures the integrated
charged-particle beam flux, against a 20 )& 20 cm NaI(T1)
crystal placed in the forward photon beam and subtracting
the measured bremsstrahlung spectrum for electrons incident

upon the annihilation target from the spectrum of brems-
strahlung plus annihilation photons produced by incident
positrons.

Much of the experimental data included in this survey
was taken with the annihilation-photon facility at the old
30-MeV Linac at Livermore. Two experimental arrange-
ments for the beam-transport and optical system were used;
these have been illustrated and described in the literature
(Fultz ef al. , 1962b; Alvarez et al. , 1971) and are not shown
here. Figure 3 is a diagram of the beam-transport system
and experimental setup currently in use at Livermore. The
neutron detector consists of a 60-cm cube of

paragon

in which are embedded 48 long (50 cm) high-pressure ( 2
atm) 'OBF3 detectors, arranged in four concentric rings of
12 tubes each around the axial sample hole (Berman et al. ,
1967). Up to eight samples can be loaded into the detector
sequentially with a remotely controlled blower-pump-driven
sample changer, so that beam-tuning conditions remain the
same for different samples at a given energy. The measure-
ment of the photon Aux is achieved with a thin-walled,
spherical, xenon-filled transmission ion chamber. The ion
chamber was calibrated up to 45 MeV by means of a 20 )& 20
cm NaI(Tl) scintillation crystal. Response functions for
this crystal were obtained experimentally, with the use of a
coincidence —anticoincidence scheme between the forward
( 0') and backward ( 180' in the center-of-mass system)
photons of the two-photon annihilation process (Bramblett
et ul. , 1973). Sample response functions achieved by this
technique of tagging one annihilation photon with the other
are shown in Fig. 4. Examples of NaI photon spectra pro-
duced by beams of 16.5-MeV positrons and electrons striking
an 0.13-mm-thick beryllium target are shown in Fig. 5. The
systematic uncertainty in the absolute photonuclear cross
sections resulting from uncertainties in the photon Aux
calibration ranges from &5% at 15 MeV to &10% at
30 MeV. The energy calibration is set with reference to the
peak in the "O(y,n) "0 cross section at 17.28 MeV and the
threshold for transitions to the third excited state of "0
(E~ = 21.85 MeV), the latter being measured by the ring-
ratio technique (Caldwell et a/. , 1965).The energy resolution
has been measured using the 17.28-MeV peak in "0and also
using several narrow peaks in the ' Mg(y, m) cross section.

Sund and collaborators at General Atomic (Sund et al. ,
1968; Sund et al. , 1970) have used the annihilation-photon
method, combined with counting of the radioactivity from
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case, although the information gleaned from the ring-ratio
measurements probably compensates to a large degree.
The Saclay detector, on the other hand, suffers from a
much higher background rate, made up largely of single-
neutron events, which introduces larger uncertainties in the
background subtractions and pile-up corrections.

FIG. 5. Photon spectra produced by beams of 16.5-MeV positrons and
electrons striking an 0.13-mm beryllium target. The annihilation-
photon peak is broadened greatly by the resolution of the 20 & 20 cm
NaI spectrometer. The difference spectrum is another measure of the
response function of the NaI crystal (see text) (from Fultz et al. , 1973a).

B. Other experimental methods

Two other Inethods for generating monoenergetic photon
beams have been applied to giant-resonance cross-section
measurements. One of these makes use of the (p,y) reaction,

The large Gd-loaded liquid scintillator used at Saclay,
shown schematically in Fig. 7, was calibrated only by means
of a '"Cf source. A calculated efFiciency curve, shown in
Fig. 8, is used to justify the use of a constant value for the
efhciency in the photoneutron data reduction procedure on
the basis that serious discrepancies arise only above E„5
MeV (see Fig. 8), whereas the energy of most photoneutrons
does not exceed 3 MeV.

:Thea/ iree
I

g(C

Concrete

A word about the possible errors involved in the neutron
detection and multiplicity counting is in order here. First,
the over-all detector eKciencies over the range of neutron
energies important for giant-resonance measurements are
rather well known (to &3%), so that the chief uncertainty
in the absolute cross-section scale results from the uncer-
tainty in the photon Aux determination. However, the
branching between the various partial photoneutron cross
sections depends critically upon the eKciencies used. The
lower efficiency of the Livermore detector makes the com-
plex multiplicity sorting (see Bramblett, 1962; Fultz et al. ,
1962) inherently somewhat less reliable than for the Saclay

[I~7,aj Sample

Seiatillater

LiF

CP

FIG. 7. Cross-section view of the Saclay 4m. gadolinium-loaded liquid-
scintillator neutron detector and its associated shielding (from Beil
et cl., 1969).
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counting statistics are poor. This technique, however,
rapidly becomes more competitive as the duty cycle of the
accelerator increases; and as machines with duty cycles
approaching 100%%u~, such as pulse stretchers and supercon-
ducing Linacs, come on line it might very well become the
method of choice for performing a wide variety of photo-
nuclear measurements.

A novel approach for the special case of the (y,p) and
(y,n) reactions on "Si is the use of a Si(Li) detector itself
as the nuclear sample. This has been carried out by Matsu-
moto et a/. (1964, 1965) and by Nagel (1970); the former
used ~Li(p, yo) and 'H(p, y) photons and the latter used
tagged bremsstrahlung.

Neutrons Energy- MeV

FIG. 8. Calculated relative detector e%ciency as a function of neutron
energy for the Saclay neutron detector (from Scil et al. , 1969).

usually on ~Li, but sometimes on 'H, to produce a beam
of monoenergetic photons. Lochstet and Stephens at
Pennsylvania (Lochstet and Stephens, 1966) measured the
"C(y,n)"C cross section by use of 'H(p, p) reaction p rays
at a Van de Graaff accelerator. Here, use is made of the
high Q value (19.8 MeV) of this reaction to reach relatively
high photon energies with a moderate-energy proton beam.
The main drawback to this method is the large neutron
background from the 'H(p, e) reaction once its threshold
(corresponding to a photon energy of 20.6 MeV) is exceeded.
They avoided this problem by measuring the "C activity
produced, using coincidence counting of the two 0.511-MeV
annihilation photons from the "C positron decay. It is
notable that they achieved an energy resolution of 100 keV
at 22 MeV, ranging up to 200 keV at 26 MeV. Also, Del
Bianco et u/. (1973) recently measured the (p,e) cross sec-
tions for "Cr and "Zn in this way, but only over the limited
energy range from 20.4 to 22.2 MeV.

Axel and collaborators at Illinois (O' Connell et a/. , 1962)
have developed a photon-tagging technique (the "brems-
strahlung monochromator"), which consists in bending a
high-resolution electron beam from a betatron (or synchro-
tron) in a beta-ray spectrometer after it has passed through
a thin, high-g bremsstrahlung target and demanding a
fast coincidence between a reaction product of the photo-
nuclear event induced by a bremsstrahlung photon and the
scattered electron that produced the photon. The intensity
and resolution of the quasimonoenergetic photon beam thus
produced are comparable to those of the annihilation-
photon technique. .This technique can be employed only
with accelerators having a long duty cycle; it has proven
most useful for photon scattering and fast photoneutron
measurements below 16 MeV, but recently the Illinois
group also has extended their measurements to photoneu-
tron cross-section measurements at giant-resonance energies
(Kuchnir et a/. , 1967; Calarco, 1969; Young, 1972). Four
nuclei, namely 'Y "'Pr, "Pb, and "'Bi, have been studied
thus far, with good resolution (of the order of 100 keV).
The chief disadvantage for cross-section measurements is
that because of the fast-coincidence requirement a low-
eKciency, small-solid-angle neutron detector (such as an
organic scintillator) must be used; and since counting rates
are limited by.pile-up, massive samples must be used, and

In addition to giant-resonance measurements proper,
this survey also includes the photoneutron cross-section
measurements of Donahue and collaborators at Pennsyl-
vania State (Welsh and Donahue, 1961; Green and Dona-
hue, 1964; Hurst and Donahue, 1967). They obtained
monoenergetic y rays from the capture of thermal neutrons
from a reactor. The discrete p-ray energies were varied by
changing the neutron-capture sample; for instance, nickel
gives a strong p ray at 9.00 MeV; chromium gives one at
9.72 MeV, and nitrogen one at 10.83 MeV. Both activation
counting and direct neutron detection were employed to
study a large number of nuclei. Moreh and Bar-Noy (1972)
recently have shown that the 11.4-MeV y ray from '9Ni(e, y)
(Tl/2 8 X 10' yr) can be used as a source of monoenergetic
photons, thus pushing the upper-energy limit for this tech-
nique well up into the giant-resonance region for heavy
nuclei.

III. EXPERIMENTAL RESULTS

The results of measurements made with the use of mono-
energetic photons, mostly for the photoneutron cross sec-
tions, are discussed below. Some selection of these has been
made in order to keep the data current and consistent.
Nearly all of the data where the higher-multiplicity cross
sections a (y, 2n), 0 (y,3e), etc., were measured were selected
for review, as were data taken with separated-isotopic
samples. For the region of low atomic numbers, where the
structure in the cross sections is prominent and of salient
importance, the criterion for choice was the energy resolu-
tion; on this basis, only the data of more recent years were
chosen.

A considerable number of measurements have been per-
formed by Bergere and collaborators at Saclay very re-
cently, but as yet have been published only in conference
reports (Bergere et a/. , 1973; Carlos et a/. , 1973). These are
not included in the figures and tables, but are referred to in
the text below where appropriate, and are designated by the
phrase "recent Saclay. " The same is true for very recent
rneasurernents at Livermore (Herman et a/. , 1973c).A com-
plete set of data plots can be found in a recent compilation
(Berman, 1974b).

Although much credit is due to Tzara and his collaborators
for initiating the annihilation-photon work at Saclay, the
early results of the original Saclay group (Miller et u/. ,
1962a; Miller et al. , 1962b; Miller et a/. , 1966; Axel et al. ,
1966) largely have been superseded by more recent mea-
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Table I contains the experimental' parameters and the
integrated cross sections: the second column gives the iso-
topic purity of the sample used in the measurement; the
third column gives the type of neutron detector used; the
fourth column gives the photon energy resolution (where a
range of resolution is given, the smaller value refers to the
resolution at the lowest energy at which data were taken
and the larger value at the highest); the sixth through
ninth columns give the unweighted integrated cross sections

surements performed either at Saclay or at Livermore, and
hence are not illustrated here. The results of these measure-
ments are included in the tables, however, and in the dis-
cussion below.
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Unfortunately, almost no (y,p) cross-section data have
been obtained with monoenergetic photons, which limits
the information on sum rules (and in some cases, on details
of the structure) for light nuclei. Even if such data existed,
however, the fact that the cross sections for most light
nuclei are still appreciable at 30 Mev (the upper limit of
measurement in most cases) would preclude deriving sum-
rule systematics for these nuclei. Total photon absorption
cross-section measurements of the kind performed by Ziegler
and his collaborators at Mainz (Ahrens e1 a/. , 1973) are
needed for this information.

A. Photoneutron cross-section data

The periodic table shown in Fig. 9 is marked to show the
nuclei for which giant-resonance cross-section data are pre-
sented in this survey, and at which laboratories the data
were taken. Sample cross-section data are shown, in a uni-
form format, in Figs. 10—35, in order of increasing mass
number. The top (and sometimes only) data plot for each
nucleus is the total photoneutron cross section

o(y, total) = oL(y, rs) + (y,pn) + (y, 2e) + (y,p2e)
+ (y3m)+ . j.
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below it, where appropriate, are the single photoneutron
cross section

~h 1+) = ~f:(v,l)+ (v,p~)j,
the double photoneutron cross section |rL (y,2') + (y,p2e) j,
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FIG. 11. Photoneutron cross sections for 6Li. (a) Total; (b) single;
(c) double I',Livermore).
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corresponding annihilation-photon result if the (e,y) photon
energy matches a narrow peak (valley) in the threshold
photoneutron cross section.
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Comments on individual nuclei follow. For references to
recent or relevant bremsstrahlung data for comparison
purposes, see Berman (1974b). In general, while the brems-
strahlung results usually are not seriously different in mag-
nitude and overall shape from the monoenergetic-photon
results, they frequently differ considerably with regard to
structure in the cross sections; this is especially the case for
energies above the peak of the giant resonance, where the
results of unfolding slowly-rising yield curves become in-
creasingly less accurate.
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'He LLivermore, Fig. 10(a)j. This experiment was per-
formed with a liquid sample and the neutron detector used
by Kelly et al for .the polarized holmium experiment (Sec.
III.B). The detector geometry was such that the fore —aft
photoneutron asymmetry could be measured as well. Sharp
structures (1 to 2 MeV wide), unexpected theoretically,
possibly are indicated at several energies between 11.5 and
23.5 MeV.

4He LLivermore, Fig. 10(b)g. This measurement also was
performed with a liquid sample, with the same experimental
arrangement as for 'He. The shape of the cross section,
together with the fore —aft asymmetry data, show that there
are two broad peaks, at 24.7 MeV (photoneutrons forward)
and 27.4 MeV (photoneutrons backward). The magnitude
of the peak cross section ( 1 mb), however, is controversial,
and might be incorrect (see Berman et al. , 1972, Irish et al. ,
1973, Webb et al. , 1973, and Dodge and Murphy, 1972).

~ ~

05-

(Y,n) (Y,2n) ..
6 i 8 10 12 14 16 18 20 22 24 26 28 30 32

Photon Energy - MeV

FIG. 12. Photoneutron cross sections for 'Li. (a) Total; (b) single;
(c) double (Liverroore).

for the total, single, double, and triple photoneutron cross
sections, respectively; and the tenth and eleventh columns
give the energy-weighted moments of the integrated total
photoneutron cross sections

o ~
——f/~(E)/Egdx and ~, = f(o(Z)/E'jdZ,

respectively, with the same limits of integration.

Table II gives the photoneutron cross sections obtained
for single photon energies (below the giant resonance) by
Donahue and collaborators (Welsh and Donahue, 1961;
Green and Donahue, 1964; Hurst and Donahue, 1967) using
neutron-capture & rays as the source of radiation. In general,
the agreement between the cross-section values for medium
and heavy nuclei listed in Table II and the annihilation-
photon results is satisfactory. However, since the neutron-
capture p-ray lines are sharp and the nuclear levels in the
threshold region do not overlap strongly, any single entry
in Table II might be appreciably larger (smaller) than the

Li (Livermore, Fig. 12). The (y, 2e) cross section is very

C

Qo

3— ~/)|

gX
1

I

23

Photon Energy - NeV

t

25
t

26

FIG. 13. Photoneutron cross section for "C (Pennsylvania).

'li (Livermore, Fig. 11). Since the 'Li sample absorbed
the photoneutrons strongly, special precautions were taken
(Herman et cl., 1965).The ring-ratio data show a monotonic
increase of average neutron energy with increasing photon
energy (see Shakin and Weiss, 1973). The (y, 2e) cross
section is very small. It should be noted that the single
photoneutron cross section for 'Li includes the (y,P)
channel, since 'He is unstable; this means that the only
major reaction channel not measured is 'Li(y, t)'He.
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I I I I I I I I I I I I just below 22 MeV and hints at several others at higher

energies; these and more were conhrmed by a recent Liver-
more measurement (Berman et a/. , 1973c) with ~70-keV
resolution.
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'4/V LLivermore, Fig. 14(b)j.From this IrL(y, n) + (y,Pe))
measurement and o-(y, n) measurements with bremsstrahlung
(King e/ a/. , 1960; Gellie e/ a/. , 1972), it is clear that about
80% of this cross section is comprised of (y,pe) reactions.
Since the t4X(y, p) cross section also is small (Baglin et a/. ,
1971), IrL(y, e) + (y,Pe)j represents about 75% of the total
photon absorption cross section.

"0 (Livermore and Saclay). The Livermore cross-section
data t Fig. 14(c}j above 20.7 MeV have statistics as good
as 1%.This was done to bring out all the structure possible
with 250-keV resolution, and to lay the basis for the
(y,ny') and (y,xy') experiment of Caldwell et a/. (Sec.
lII.B). The old Saclay data agree in magnitude and struc-
ture. Recent Saclay data (Bergere et a/. , 1973) appear to
have somewhat better resolution, extend to higher energies
(up to 37 MeV), and include a moderate (y,pn) contribution
above 27 MeV. Recent Livermore data (Phillips et u/. , 1973)
show that the 17.3-MeV peak is fragmented into several
substructures.
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large, comprising half of the integrated total cross section
up to 31 MeV.
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(Miller et a/. , 1966) agree with the Livermore data both in
magnitude and in the position of the (gross) structure. The
Livermore data /Fig. 14(a)j co~er the widest energy range,
and include weak evidence for a broad peak at 35.2 MeV.
The ring-ratio data show that nearly all (83%) of the photo-
neutrons from the giant resonance of "C leave the residual
"Cnucleus in its ground state. The superior resolution of the
Pennsylvania data (Fig. 13) brings out an additional peak
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nuclei all show shallow or washed-out structure atop broad
giant resonances, probably because the 6ne structure has
not yet been resolved (see Sec. IV.E), and have small or
negligible (y, 2Is) cross sections. Both "P and "K have size-
able (y,pe) cross sections. The "Al results from the two
laboratories agree remarkably well in both magnitude and
shape. The 'rA1 (y,e) " Al cross-section result of Thompson
et al. (1965) has the same general shape as the Livermore
result.
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(both). These self-conjugate even —even nuclei show con-
siderably more structure than nearby odd-m. ass nuclei,
especially '4Mg and 'SSi, whose giant-resonance cross sections
look very similar. However, even these measurements were
not done with 6ne enough resolution to see all the fine struc-
ture, at least for "Si, "S, and "Ca, as can be seen from the
(y, +II) photoneutron time-of-flight measurements of Wu
et al , at Yale (197.0a). The magnitude of the recent Saclay
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21, 27—31, and 35, is a tvro-line I.orentz curve 6tted to the cross-section
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"MN, '~Ei, "Co, "2Vi (new Livermore). The lines shown
in Figs. 17(a) and 19(a) are the sums of two noninterfering
Lorentz curves. The total cross sections for "Mn (Fig.
17(a)j and 'bCo clearly show a third major hump, on the
higher-energy side of the giant resonance. The total photo-
neutron cross section for "Ni (Fig 1.8) is remarkably small
(which is the reason a nickel collimator is used in the Liver-
more experimental setup), owing to the fact that the
58Ni(y, p) cross section is very large (see Sec. IV.F); and
even compared to the small (y, 1n) cross section, the (y, 2n)
cross section is very small.
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"Cu(&,N)62Cu data, probably implying that this hump is
in the (y,pe) cross section (see Sund et al. , 1968). A corn-
parison between the two sets of data is shown in Fig. 20.
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main strength is divided into two clumps, centered at about
17.5 and 22 MeV (see Sec. IV.F). The Saclay measurement
of argon, using a gaseous sample, also shows a large (y, 2e)
cross section.
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b'V (Livermore and recent Saclay). The total photo-
neutron cross section for "V clearly shows evidence for at
least two broad peaks in the giant resonance. The recent
Saclay data agree in magnitude with the Livermore total.
cross section results, but indicate a somewhat larger o-(y, 1e)
and a somewhat smaller o (y,2I) above 23 MeV. This
pattern will be seen to be fairly common when comparing
the results of the two laboratories, and no doubt has its
origin in the complex interplay between detector e%ciencies
and backgrounds referred to in Sec. II.A, combined with the
(larger) overall scale uncertainty arising from the photon
Aux calibrations.
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FIG. 19. Photoneutron cross sections for "Xi. (a) Total; (b) single;
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cross sections, up to 22 MeV, for Ave of the tin isotopes
(Bergere et a/. , 1973) are in almost exact agreement with
their Livermore counterparts. Figure 25 shows that for these
Z = 50 nuclei, the giant resonance does not change ap-
preciably in width as the number of neutrons in the nucleus
varies. The ring-ratio data for "'In, and to a lesser extent
for "'Sn, show the same sort of slow rise of E„with photon
energy that was obtained for "Y.
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y'As (Livermore, Fig. 21). The giant resonance for 7'As

exhibits a broad, fiat top, with no sign of the prominent
structure that had been reported previously (Fielder e/ a/. ,
1965). A recent remeasurement at Livermore with better
resolution (Berman et a/. , 1973c) confirms this absence of
prominent structure.

~ 'Rb, ~~'Sr, s'Nb (Saclay). These cross sections were
measured with good enough statistics (e.g., Fig. 22) to
distinguish several very small peaks (as for several other
nuclei in this mass region).
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"rI (Livermore and Saclay). This nucleus constitutes by
far the worst case of disagreement between the two labora-
tories, the peak total cross section obtained at Saclay being
no less than 35% higher than the one obtained at Livermore.
(Still, the (y, 2n) cross sections are in reasonable agreement. )
However, both of these measurements appear to be doubt-
ful, judging by the systematics of the giant resonance for
neighboring nuclei (see Secs. IV.B and C). The best corn-
promise probably lies rather closer to the later Saclay

ssY (3 laboratories). The higher-resolution Illinois data
exhibit more prominent structure on the low-energy side of
the giant resonance. The Livermore ring-ratio data for this
nucleus show that the average photoneutron energy rises
gradually, over an 8-MeV region from the (7,e) threshold,
rather than rising abruptly from threshold like most nuclei,
including all the zirconium isotopes (see Berman et a/. , 1967).
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soZr (Livermore and Saclay). The two measurements
agree very well as to shape, the Saclay results being some-
what more detailed than the Livermore results. The com-
parison plot, Fig. 23, shows the differences.
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"s' '4Zr (Livermore). The (y,2n) cross section grows
dramatically as one adds neutrons to the closed shell at
N = 50 and the (y, 2n) threshold bites into the giant reso-
nance proper. For s4Zr, the integrated (y,2e) cross section
actually exceeds the integrated (&,1n) cross section. This
also is the lowest-mass nucleus which manifests an appre-
ciable (y,3n) cross section below-30 MeU. Figure 24 shows
the broadening of the giant resonance as one adds neutrons
to the E = 50 core.

"'4" ""sMo (recent Saclay). Recent measurements up
to 28 Mev on these nuclei show that as the neutron number
increases, the giant resonance gets wider, with the high-
energy side remaining relatively Axed in photon energy
while the low-energy side moves to lower energies (Bergere
e/ a/. , 1973).

1151 116,117',118,119,120,124+~ (L1vermoreb . 116,11'T,118,120,124+~

(recent Saclay). The tin isotopes (Fig. 25) and indium con-
stitute one of the best-studied series of neighboring nuclei
in the periodic table. Moreover, the recent Saclay total
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good agreement between laboratories never before has been
obtained for photonuclear measuremerits; clearly the data
for ' 'Pr set the standard.

"1Vd (Saclay). The data for this series
of isotopes are highly variable in quality, owing chieBy to
the disparate masses and purities of the samples used. This
can be seen most clearly for the case of "'Xd, where the
11.8% '44Nd contaminant makes the (y, 2n) cross section
look as if it has two thresholds. Still, one can see, in Fig. 27,
the general systematic features of the "evolution" of the
giant resonance as neutrons are added to the closed-shell
(X = 82) nucleus '4'Nd until the strongly deformed nucleus
'"Nd is reached: the giant resonance increases in width
until it splits into two distinct peaks, and, like the case for
the zirconium isotopes, the relative size of the (y,2') cross
section increases as the (y, 2e)threshold bites into the main
giant-resonance strength.
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values than to the earlier Livermore values. This measure-
ment should be repeated.
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'41Pr (4 laboratories). None of the four measurements
yields structure in the giant resonance anywhere near so
prominent as that reported from bremsstrahlung measure-
ments (Cook et a/. , 1966; Cannington et a/. , 1968); however,
the very good statistics of the Saclay data bring out a
number of very small peaks which would match up with the
large ones of Cannington et 0/. if the Saclay data were shifted
upward in energy by about 200 keV (see Bergere et a/. ,
1971).These small peaks also were seen in recent Livermore
measurements (Berman et a/. , 1973c), also about 200 keV
higher in energy than the Saclay peaks. However, the most
important feature shown in the comparison plot, Fig. 26, is
the outstanding agreement in absolute magnitude between
the four sets of data: they all are within 7/q of each other,
with the Saclay data being a bit larger than the rest. Such
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'"Th "'Ãp "'U (Saclay). All the Saclay (y,f) results
were deduced from neutron multiplicity counting, under
assumptions regarding the magnitude and dependence upon
incident photon energy of f, the average number of neutrons
emitted per fission, for these nuclei (see Veyssiere et al. ,
1973); there was no direct measurement of fission events.
Because the thorium and neptunium (oxide) samples were
radioactive, the bias on the liquid-scintillator neutron
detector had to be raised, thereby reducing the detector
eKciency to 0.4 for the thorium measurement, and 0.3 for
the neptunium measurement. This in turn resulted in large
statistical uncertainties in the "~Xp and especially in the
'"Th data, in addition to the systematic uncertainty to be
associated with any error in the choice of the linear energy
dependence for s and the parameters involved. Nonetheless,
within these limitations, the results appear to be reasonable,
and constitute an elegant demonstration of the power of the
neutron multiplicity-counting technique. The relative sizes
of the partial cross sections vary greatly: for 2"Th, o.(p,e) is
large, o.(y, 2e) is moderate, and o(y,f) (which inclu. des
o(y,lf) as wellj is small; for "rNp, o-(y, e) is moderate,
o.(y,2II) is small, and o(y, f) is large; and f.or "'U (Fig. 35),
all are about equal (see Table I). From the ratios of partial
cross sections, one can extract the ratios of neutron to fission
widths F„/I'~, which, when plotted against the fission-
ability parameter Zs/A, decrease more or less exponentially,
in agreement with data from neutron-induced reactions (see
Veyssiere et al. , 1973).
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B. Specialized experiments

In addition to the production of the main body of giant-
resonance cross-section data presented in Sec. III.A, mono-
energetic photon beams have been used to perform a variety
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FIG. 29. Photoneutron cross sections for'r'Lu. (a) Total; (b) single;
(c) double; (d) triple (Saclay).
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parameters given in Tables III and V (below), were obtained
by digitizing the curves of Fig. 34(a). The photofission mea-
surements /Fig. 34(b)g were made directly, with the use of
an ionization chamber to measure the 6ssion fragments.
The value of about 6 for F„/F~ obtained from the o.(y,e)/
rr(p, f) ratio at 10 MeV does not follow the systematic trend
of the Saclay measurements mentioned above. The brems-
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(c) double; (d) triple (Saclay).
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In order to obtain a complete picture of the giant reso-
nance for light nuclei, it is necessary to perform measure-
ments on all its decay modes and the branching between
them, since photoneutron measurements alone, because of
the low Coulomb barrier for charged-particle emission, are
inadequate. In particular, the case of "0, for which nu-
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of other experiments in the field of photonuclear reactions,
some of which bear directly on the theories of the giant
resonance. A number of these experiments are discussed in
this section.
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FIG. 32. Photoneutron cross sections for ' Pb. (a) Total; (b) single;
(c) double; (d) triple (Saclay).
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merous and extensive theoretical calculations have been
performed and for which photoneutron data are available,
stands out. In order to measure the branching, Caldwell
ef al. (1967a, 1967b) used a combined neutron and photon
detection system.

The results for the decay channels leading to the first four
excited states in "Q and "N are shown in Fig. 36. Since the
'sO(y, Ps)'sN cross section had been measured at several
laboratories, both directly and by means of the inverse
"N(p, ys) reaction (Finckh and Hegel, 1961; Dodge and
Barber, 1962; Tanner et a/. , 1964), and is relatively well
known, a composite picture could be constructed for the
decay of the "0giant resonance. This synthesis is shown in
Fig. 37. Most of the decays can be seen to occur to the
negative-parity states of the residual nuclei, as is expected
from the elementary particle —hole theory. A signiicant
fraction (16%), however, decay to positive-parity states,
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FIG. 35. Photonuclear cross sections for s"IT. (a) Total; (b) (y,n);
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thus requiring a more detailed theoretical understanding.
The most impressive agreement to date with these data has
been achieved by Shakin and Wang (1971, 1972), whose
theoretical approach depends critically upon the inclusion
of 3 particle —3 hole states in "0 Lbut also see the eigen-
channel calculations of Barrett et al. (1973)j.
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size of the nuclear deformation. In order to test these pre-
dictions, Kelly ef al. (1968, 1969) used cryogenic techniques
to polarize a sample of ' 'Ho metal composed of nine single
crystals whose total mass was 50 g. The sample was mounted
on a rotatable and removable assembly inside a 4m. SF3-tube-
and-polyethylene neutron detector (the one subsequently
used for the 'He and 4He experiments described in Sec.
III.A). The sample polarization was measured il situ by
activating one of the holmium crystals in a reactor and
observing the asymmetry of the decay p rays from "' Ho
with a Ge(Li) detector. The degree of polarization achieved,
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FIG. 36. re0 (y,ny') and (y,py') mirror-level final-state cross sections.
(a) Top: "O(in+, —;+, unresolved) 5.2-MeV final-state cross section;
bottom: r'N(an+, —,'+, unresolved) 5.3-MeV final-state cross section. The
dashed line shows the e8ect of subtracting the 9.22-MeV level cascades.
(b) Top: "0(—', ) 6.18-MeV final-state cross section; bottom: "N(-', )
6.33-MeV final-state cross section. (c) Top: 150(~3+) 6.79-MeV final-
state cross section; bottom: '~N(~+) 7.30-MeV final-state cross section
(from Caldwell et al , 1967a). .
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2. Kelly's experiment

All collective theories of the giant resonance in deformed
nuclei predict that it is split into two components (for
spheroidal nuclei), corresponding to dipole vibrations
parallel and perpendicular to the axis af nuclear symmetry.
Furthermore, the degree of splitting, or asymmetry, of the
giant resonance is predicted to have a direct relation to the

0 I I i I I

10 12 14 16 18 20 22

Photon Energy - INeV

I'IG. 38. Total photoneutron cross section for polarized "Ho, for the
'65Ho sample aligned either parallel or perpendicular to the direction
of the incident (unpolarized) photon beam. The solid line is the two-
component Lorentz curve fitted to the cross-section data for the un-
polarized sample (from Kelly et al. , 1969).
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at 0.13 K in a 15-kOe applied magnetic field, was 70% of
the theoretical maximum (alignment parameter ~0.42).
Measurements were made of the photoneutron cross sections
from 10 to 21 MeV with the ' 'Ho sample aligned both along
and transverse to the direction of the photon beam, as well
as under the same experimental conditions except that the
sample was allowed to warm up to 4.2'K and as a conse-
quence was unpolarized.

The results are shown in Fig. 38. The solid line is a two-
line Lorentz-curve fit to the warm (unpolarized) data, which
matches the more detailed "'Ho cross-section results of
Berman el al. (1969b). The open data points correspond to
the sample alignment parallel to the beam direction (for
which dipole vibrations are possible only along the short
axes of the prolate nucleus for 100% alignment) and the
solid points perpendicular to the beam direction (for which
dipole vibrations along the long and short axes are equally
probable for 100% alignment). The effect of the polarization
is in the direction predicted. The intrinsic cross sections
extracted from these data, their asymmetry, and their com-
parison with theoretical models are discussed in Sec. IV.D.
An integral-yield measurement on aligned ' 'Ho using
bremsstrahlung had been performed previously by Ambler
et aL (1965); they, too, observed the asymmetry effect in
the direction expected.

3. Photon scattering
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Monoenergetic-photon techniques do not enjoy the same
qualitative advantage over bremsstrahlung methods for
the study of photon-scattering cross sections as they do for
photoneutron cross sections. Since the elastic scattering
cross section invariably dominates over the inelastic, a mea-
surement of the scattered photon spectrum is all that is
necessary to achieve moderate precision if one knows the
approximate shape of the incident bremsstrahlung spec-
trum (well below its end point). Therefore, photon-differ-
ence. unfolding procedures are not necessary, and only ex-
perimental considerations, such as back.ground levels and
the like, dictate the choice of technique. Here, monoener-
getic photon beams do have one advantage: since measure-
ments of the scattered radiation normally are made during
the beam burst from an electron accelerator, one has to
contend with the background from atomic (Cornpton)
scattering, which is several orders of magnitude more intense
than the nuclear scattering, and one is obviously better
off if the only photons being scattered are at the desired
energy. Still, these measurements are dificult, especially
with short-duty-cycle accelerators, and particularly in the
(continuum) giant-resonance region, so that few experi-
ments have been performed to date; only the great po-
tential importance of the results makes the required e6ort
worthwhile.

Early measurements of (y,y) cross sections in the giant-
resonance region were made at Saclay (Miller et al. , 1961;
de Botton et al. , 1966) on lead and bismuth, using annihila-
tion photons, and at Illinois (O' Connell et al. , 1962; Tipler
et a/. , 1963) on gold and holmium, using tagged brerns-
strahlung. Subsequent measurements of the same sort, at
photon energies below the (y,e) thresholds and with better
energy resolution, were carried out at Illinois on 'Zr, 'Sn,

"Pb, 'O'Pb, and 'O'Bi (Axel el ul. , 1963). In this work,
strong, narrow peaks were found in the (y,y) cross section

FIG. 39. Low-energy photon-scattering cross sections for ~'Zr. (a)
Elastic scattering; (b) Inelastic scattering to the 1.75-MeV state of
0Zr (from Ganek, 1972).

for ' 'Pb at 6.72, 7.03, and 7.29 MeV. More recently, the
Illinois group has published measurements on N"Zr and

~ Sn (Axel et al. , 1970). The cross section for ~'Sn has
been computed as if only the even-A tin isotopes contribute,
since the odd-A tin isotopes have lower (y,e) thresholds.
Also, Kuehne el al. (1967) have measured the photon scat-
tering from the 15.11-MeV level in '2C and from four other
states near 10 MeV in "Mg "Mg, and "Si. Finally, new
results have been acquired at Illinois for both elastic and
inelastic photon scattering on N "Zr (Ganek, 1972) and
N"Sr (Datta and Allen, 1973). For the zirconium case, only
'Zr (51.4% abundant in ~'Zr; E~i„(y,e) = 11.98 MeV)

participates in the scattering since the (y,e) thresholds for
all the other zirconium isotopes lie lower in energy; conse-
quently, it was possible, with better energy resolution for
detection of the scattered photons, to separate the elastic
scattering cross section LFig. 39(a)) from the inelastic cross
section which leaves Zr in its first excited state at 1.75 MeV
LFig. 39(b)j. A similar argument applies for the strontium
case, where only "Sr (82.6% abundant in N 'Sr) partici-
pates in the scattering. Both elastic and inelastic scattering
to the first excited state of "Sr at 1.84 MeV were measured,
and structure similar to that for ' Zr was observed.

These low-energy scattering results are included here
because they were obtained with the same tagged-brems-
strahlung facility as the giant-resonance data froin Illinois
and have not been reviewed previously. Nuclear energy
levels in this same region have been studied much more ex-
tensively with other monoenergetic-photon techniques,
notably with neutron-capture p rays from reactors, as were
used by Donahue and collaborators for (y,e) measurements
(Sec. II.B). Experiments with (n,y) photons, used either
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TABLE III. Quantities derived directly from the data —all nuclei.

Nucleus

'He
4He
'Li
7Li
12C
14N
16O

23Na
24Mg
25Mg
2'Mg
27Al
NatS&

51V

55Mn
58Ni

59Co
60¹i

"Cu
6'Cu
7'As
89Y

90Zr

91Zr
'2Zr
"Nb
94Zr
107Ag

115'
116Sn
117Sn
"8Sn
119Sn
120Sn
124Sn
127$

133CS
138B3
139L3
141Pr

'4'Nd
143Nd
144Nd
'4'Nd
146Nd
148Nd
150Nd
'"Eu
"Tb

160Gd

165Ho

175Lu

181TH

186+7

'97Au

206Pb

+ymax
(MeV)

30.2
31.4
32.0
30.5
37.4
29.5
28.0

27. 1
28.3
28.9
28.6
36.7
31.0
27.8
36.5
33.5

36.5
33.2

27.8
27.8
29.5
28.0
27.0
18.1
27.6
25.9
30.0
27.8
24.3
31.1
29.5
31.1
29.6
31.1
30.8
31.1
29.9
31.1
29.5
24.9
29.5
27. 1
24.3
29.8
16.9
18.1
20.2
19.8
20.2
20.2
20.2
18.8
20.2
28.9
28.0
27.4
29.5
28.9
26. 8
23.0
24. 6
25.2

28.6
24. 7
21;7
26.4

o-;„t,(~,tot)

60XZ/3

0.325
0. 132
0.308
0.195
0.260
0.465
0.173

0.346
0.144
0.661.
0.608
0.408
0.288
0.728
0.976
0.329

1.007
0.781

G. 643
0.643
0.819
0.805
1.029
G. 487'
0.795
0.945
0.820
0.804
0.967
0.813
0.858
1.111
0.978
1.102
1.072
1.145
1.185
1.123
0.933
1.074
1.026
1.022
0.980
1.001
0.691
0.678
0.901
0.910
0.896
0.965
0.905
0.795
0.931
1.022
0.997
1.109
1.099
1.057
1.202
0.990
0.835
1.142
1.123
1.045
1.080
0.982

A —4/3

(mb)

0.178
0.047
0.172
0.086
0.067
0.129
0.044

0.088
0.034
0.157
0.149
0.089
0.036
0.153
0.186
0.061

0.189
0.151

0.133
0.138
0.162
0.151
0.193
0.101"
0.147
0.175
0.160
0.154
0.186
0.160
0.155
0.202
0. 175
0.199
0.190
0.202
0.209
0.200
0.164
0.201
0.182
0.183
0. 177
0. 175
0. 138
0. 128.
0.170
0.176
0. 170
0. 193
0. 173
0. 155
0.178
0.181
0.175
0.198
0.195
0.183
0.215
0.177
0.146
0.201
0.191
0.179
0.190
0.167

0.00225 A '"
(mb-MeV ')

3.56
0.53
3.42
1.24
0.52
1.11
0.33

0.69
0.24
1.17
1.15
0.59
0.24
0.99
1.13
0.36

1.14
0.92

0.86
0.92
1.02
0.87
1.12
0.63'
0.83
1.00
0.98
0.93
1.12
1.01
0.89
1.17
G. 99
1.16
1.07
1.17
1.19
1.16
0.93
1.18
1.04
1.05
1.02
0.97
0.85
0.75a
1.00
1.08
1.01
1.26
1.05
0.97
1.09
1.03
1.00
1 15
1.14
1.04
1.24
1.02
0.82
1.14
1.06
0.98
1.06
O. 93

0
0.014
0.50

0

0.005

0.006
0.31
0.046

0
0. 184
0.212
0.027

0. 162
G. 102

0.125
0.319
0.243
0.093
0.055

0.092
0.039
0. 181
0.414
0.209
0.547
0. 194
0.278
0.248
0.271
0.297
0.334
0.330
0.361
0.256
0.196
0.257
0.242
0.147
0. 167

O. G24
0.094
0.299
0.323
0.347
0.491
0.416
0.311
0.386
0.243
0.448
0.312
0.272
0.253
0.404
0.269
O. 449
0.262
0.156
0.183

Reference

Berman et al. , 1970a
Berman et a/. , 197ia
Bermo.n et al. , 1965
Bramblett et al. , 1973b
Fultz et al. , 1966
Berm3, n et al. , 1970c
Bramblett et al. , 1964
Caldwell et a/. , 1965
Alvarez et a/. , 1971
Fultz et a/. , 1971a
Alvarez et al. , 1971
Fultz et al. , 19713,
Fultz et al. , 1966
Caldwell et al. , 1963
Fultz et a/. , 1962a
Alvarez et al. , 1973a
Fultz et al. , 1973a

pFultz et al. , 1973c
Alvarez et a/. , 1973b

(Fultz ef al , 1973b.
pFultz et al. , 1973c
Fultz et al. , 1964
Fultz et a/. , 1964
Berm3, n et a/. , 1969a
Berman et a/. , 1967
Lepretre et al. , 1971
Young, 1972
Berm3.n et al. , 1967
Lepretre et al. , 1971
Berm3, n et a/. , 1967
Berman et a/. , 1967
Lepretre et a/. , 1971
Berman et a/'. , 1967
Berman et al. , 1969a
Fultz et al. , 1969
Fultz et a/. , 1969
Fultz et a/. , 1969
Fultz et a/. , 1969
Fultz et al. , 1969
Fultz et a/. , 1969
Fultz et al. , 1969
Brn,mblett et a/. , 1966b
Bergere et al, , 1969
Berman et al. , 1969a
Berman et al. , 1970c
Beil et al. , 71
Bramblett et al. , 1966b
Beil et a/. , 1971
Young, 1972
Carlos et al. , 1971
Carlos et al. , 1971
Carlos et a/. , 1971
Carlos et a/. , 1971
Carlos et al. , 1971
Carlos et al. , 1971
Carlos et al. , 1971
Herman et al. , 1969b
Bramblett et al. , 1964
Bergere et al, , 1968
Berman et al. , 1969b
Berme.n et al. , 1969b
Bergere et al. , 1968
Bergere et al. , 1969
Bramblett et al. , 1963
Bergere et al. , 1968
Berman et a/. , 1969b
Fultz et al. , 1962b
Veyssiere et al. , 1970
Harvey et al. , 1964
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TABLE IIl. (Continled)

Nucleus

207P

208Pb

"2Th
236U

237Np
238U

@ymax
(MeV)

26.4
26.4
18.9
14.9
26.4
14.8
16.3
18.5
16.6
18.35

0.;„g(y,tot)

60ÃZ/A

0.915
0.888
1.027
0.701a
1.019
0.709a
0.815
1.106
0.813
0.894

A —4/3

(mb)

0.156
0.154
0.186
0.134.
0.172
0.137a
0.157
0.202
0.153
0.164

0.00225 A'"
(mb-Mev ')

0.87
0.87
1.07
0.81.
0.96
0.84.
0.99
1.20
0.93
0.98

ii (y,2 ri) + (p,3ri)g

0-; q(y, tot)

0.202
0;325
0.107

0.234

Reference

Harvey et al. , 1964
Harvey et al. , 1964
Veyssiere et al. , 1970
Young, 1972
Harvey et al. , 1964
Young, 1972
Veyssiere et al. , 1973
Bowman et al. , 1964
Veyssiere et al. , 1973
Veyssiere et ul. , 1973

n ri) + 2(~,2i4)g.a Not corrected for (y, n); t e gures givd f (,2 ); th fi i en are for the photoneutron yield cross section 0L(y, ) + (y, P

0

directly or after Compton scattering, have been reviewed
by Arad and Ben-David (1973a, 1973b).

Another source of monoenergetic photons results from
resonant scattering from the j,5.11-MeV level in "C.A beam
of these scattered, plane-polarized photons was employed
recently by Hayward et al. , at XBS, in an important experi-
ment (1973).The ratio of photons scattered parallel to the
direction of polarization of the incident beam to those scat-
t d perpendicular to it was measured for a variety ofere p
medium and heavy elements. The results showed compara e
intensities of incoherent (parallel) scattering from statically
deformed nuclei and from spherical but vibrationally de-
formed nuclei, thus illustrating the tensor nature of the
nuclear polarizability, in approximate agreement with the
d namic-collective-model predictions (also see Sec. IV.D),yna
and no incoherent scattering from the hard spherical nucleu s
"'Bi, as expected.

Arenhovel (1973) recently has given a review of photon
scattering theory and experiment.

tion of many average properties dificult, but for the medium
nd heavy nuclei the data lend themsel'ves well to system-

atic analysis. Thus the bulk. of the subject matter in t e
following sections is concerned with the delineation of the
properties of the giant resonance for medium and heavy
nuclei. Although, as noted above (Sec. II.A), most of the
photon absorption strength is found in the photoneutron
reaction channels for medium and heavy nuclei, one should
remember that the systematics of this section apply to the
t t 1 h t n absorption cross section, for which the totaloapoo
photoneutron cross section is only an approximation a eit
a very good one, except as noted, especially for nuclei having

A. Quantities derived directly from the data

In Table III are listed the values for various functions of
the integrated cross sections given in Table I. Three of these
functions are closely related to the sum rules for photon
absorption by nuclei, and the fourth is a sensitive indicator
of the shell structure of nuclei.

1.2
~~

es 1.0

R~ O.S

~
Cs

g 0.6
EX

CA

2 0.4—

~N= i=Even
o N= )=OIltl
oN~Z

IV. PROPERTIES OF THE GIANT RESONANCE

The giant dipole resonance is fragmented into consider-
able structure for nuclei lighter than ssNi (except for special
cases such as 4He); it is composed of one broad peak (two
for statically deformed nuclei) for nuclei heavier than r'As;
intermediate cases like the copper isotopes are not so clear
cut. This fragmentation for light nuclei makes classifica-

pXZy= 6O]
~

MeV-mb,kaiIr(E) dE =
Mc A

0.25

O.20—

~g 0.15—
I

0.10—
ICg

O
ooo os

&& 0 e 0
o 0

0
O

1. The integrated cross section and the
TRK sum rule

The Thomas —Reiche —Kuhn (TRK) sum rule (see I-ev-
inger, 1960) is an expression giving the total integrated cross
section for electric dipole photon absorption, in the absence
of exchange forces, and is given by

OO 2x'e'h XZ

cLs

sa 0.2-
le

0
0 10

I

20
I

30 40
I

50
I

60
I

70 SO

0.05 —. .livermore
'Saclay

I I I I

0 25 50 75 100 125 150 175 200 225 250

Mass Number A

FIG. 40. Measured integrated total photoneutron cross sections
o.i ~(g, total) for nuclei having A & 80 in units of 60NZ/A MeV-mb,

0; 4 = o(E)dE.
Ethr &&. ~&

Mass Number A

FIG. 41. Measured values for cr IA ", where

0 i = Ito(E)/BgdE
&th, (V ~)

and the o (E) are the total photoneutron cross sections.
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where M is the nucleon mass and the integration is over all
energies for which dipole absorption can occur. For up-to-
date theoretical discussions of the various photonuclear sum
rules, the reader is referred to the papers of Teller and Weiss
(1973), Brown (1973), and O' Connell (1973), The third
column in Table III gives the integrated total photoneutron
cross section in "sum-rule units"; that is, it gives the ratio
of the integrated cross section (up to Z~,„) to the TRK
sum-rule value.

The integrated total photoneutron cross sections for
nuclei with A ( 80 are plotted versus mass number in
»g. 40. In general, the TRK sum rule is not nearly ex-
hausted by the data; this results from the fact that the
(y,p) cross sections are not included (except for 'Li), com-
bined with the relatively low (for light nuclei) energy cutoff
of' the data of about 30 MeV. Both of these effects are
especially important far the even —even self-conjugate nuclei
(the triangles in Fig. 40), which combine high (y,n) thresh-
olds with the selection rule forbidding dipole photon ab-
sorption into any state having the same isospin as the ground
state (namely, zero). One can see, however, that as the mass
and charge of the nucleus increase, the integrated photo-
neutron cross section comes closer to exhausting the TRK.
sum rule, since (a) the increasing Coulomb barrier pro-
gressively inhibits the emission of charged particles, and (b)
the giant resonance moves lower in energy and becomes
more concentrated in an increasingly narrow energy region.
It appears, for instance, that by the time mass 100 is reached
the total photoneutron cross section integrated up to about
30 MeV will exhaust the TRK sum rule, and indeed this is
the case, as can be seen in Table III. Beyond this point, the
question is to what extent is the TRK sum rule exceeded,
which then tells us the extent to which it is necessary to
invoke exchange-force (or other) contributions in order to
account for the total photonuclear absorption strength. This
problem will be treated in Sec. IV.C; here we note merely
that for the nuclei having mass number between 100 and
200 /since, for the nuclei near A = 90, the (y,p) strength
probably still is of the order of 10% of the (p,n) strength
and, for those having A & 200, either the measurements
have not been carried out to a suKciently high energy or else
the absolute cross-section scale is suspect7 for which mea-
surements have been carried out at least up to 23 MeV (21
nuclei, 25 measurements) the average integrated cross sec-
tion is 1.05 & 0.07 TRK sum-rule units (for average E~
= 28.2 MeV).

FIG. 42. Measured values for 0 . in units of 0.00225 A~ mb-MeV '
(=A'"/~ "~), where

C~(E)/E'j~E
&thr(& r &

and the 0 (E) are the total photoneutron cross sections.

The significant feature of this result is that it differs
markedly from earlier measurements in this energy range
made with the use of bremsstrahlung radiation sources. In
the earlier reports (Fuller and Hayward, 1962a; Hayward,
1965), the experimental integrated cross sections have been
given as 1.4 or more times the TRK sum-rule values, with
the difference attributed to contributions from exchange
forces. The data of Table III do not refute the presence of
nuclear exchange forces, but indicate that in the energy
region up to 30 MeV such forces make less contribution than
has been implied by the early bremsstrahlung data (see
Fultz et a/. , 1967).

for light nuclei (Levinger, 1960), where (r') is the mean-
square radius of the nuclear charge distribution. Indeed,
Ahrens et al. (1973) have shown that the values for (r')
computed fram this expression, using their tatal photon
absorption data integrated up to 140 MeV for nuclei having
A & 40, agree very well with those derived from electron-
scattering data.

One also can express 0. ~ as the ratio of the integrated
cross section to the harmonic mean energy of the giant
resonance o;„&/Err, and since this quantity is roughly pro-
portional (Levinger, 1960) to A'l', the proportionality con-
stant is of interest. It is this quantity, fT &A 'I', which is
given in the fourth column of Table III, where the values
for 0:l used are for the total photoneutron cross section,
again integrated up to E~, .

The quantity 0. &A 4" also is plotted versus mass number
in Fig. 41. It is seen to be almost independent of mass num-
ber for A & 60, but the average value for the proportionality
constant, for the same group of nuclei as above, is 0.186
& 0.013 mb, significantly smaller than the value of 0.30

0.7—

0.6—

~ 0.5—

b

g /

0.1 —
if

)k igg ig )E &z
y7

I I I I

40 60 80
0-
20

Neutron Number N

1hg

l I

100 140

FIG. 43. Measured values for the ratio 0&~~/(y, 2n) + (.v,3n) j/
o; t, (g,total), showing pronounced minima at closed-neutron shells
and subshells {adapted from Fultz eE al. , 1969).

2. The first moment of the integrated cross section

The first moment of the integrated cross section, also
known as the "bremsstrahlung-weighted" cross section
(since the energy dependence of the bremsstrahlung spec-
trum often is approximated by 1/E), is given by

4x' e' ÃZ
&r')

3 bc A —1
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TABLE lV. Quantities derived indirectly from the data —spherical nuclei.

Nucleus

Fitting
interval
(MeV)

Lorentz parameters
E (MeV) (mb) F (MeV) (M V)

g 1/3

(MeV)

E o, {x/2la 1'

g 1/6

(MeV) 0-;„t(g,tot) 60NZ/A Reference

"Cu
Nat, Rb
Natyr
s9Y

9'Zr
-'2Zr
"Nb
94Z r
107Ag
115$n
116Sn
117Sn
"8Sn
119Sn
"0Sn
124Sn

133CS
138Ba
Nat, Ba
139La
NatCe
141Pr

"2Nd
143Nd
144Nd
145Nd
'4'Nd
197Au

206Pb
20?Pb
208P b

"9Bi

14-20
14-19
14-19
14-19
14-19
14-19.
14-19
14—19
14-19
14-19
14-19
14-19
13-19
13—18
13-18
13-18
13-18
13-18
13-18
13-18
12-19
12-19
12-19
12-19
12-19
12-19
12-19
12-19'
12-19.
12-19'
12-19
12-19
12-19
12-19
12-19
11-17
11-17
10-17
10-17
10-17
10-17
10-17.
10-17
10-17

16.70
16.80
16.84
16.79
16.74
16.83
16.85
16.74
16.58
16.26
16.59
16.22
15.90
15.63
15.68
15.66
15.59
15.53
15.40
15.19
15.25
15.26
15.29
15.24
14.95
15.15
15.23
15.04
15.36
14.92
14.94
15.01
15.05
14.95
14.74
13.82
13.72
13.59
13.56
13.46
13.43
13.63
13.45
13.56

75.
190
206
185
226
205
185
211
184
166
200
161
150
266
266
254
256
253
280
283
287
327
356
336
351
324
341
347
332
315
359
349
317
296
310
560
541
514
481
491
639
645
521
648

2 6.89
4.47
4.50
3.95
4.25
3.69
4.02
4. 16
4.20
4.68
5.05
5.29
6.71
5.24
4. 19
5.02
4;77
4.81
4.89
4.81
5.01
4.61
4.89
4.47
4.64
4.42
4.00
4.49
4.07
4. 70
4.44
4.75
5.28
6.31
5.78
3.84
4.61
3.85
3.96
3.90
4.07
3.94
3.97
3.72

18.9

23.0
22.9
23.0
23.2
23.0
22. 8
22. 2
23.3
22. 7
24.0
24. 1
24. 1
24. 4
24. 3
24.4
24. 2
24.3
25. 5
26.2

25.9
26. 1
25.6
26. 5

25.3
25. 7
26.2
26.4
25. 7
27.2
27. 1
27.2
27.3
27.0
26.9
27. 7
27.0
27.4

67. 1

75.0
74.8
75.2
75.5
75.0
74.6
73.4
75.2
73.7
75.5
76.0
76.5
76.6
76.5
76.4
76.0
75.7
77.9
78.9

78.9

78.8
79.3
78.3
79.9

78.0
78.5
78.9
78.6
77.6
80.4
79.8
80.2
80.2
79.7
79.6
80.7
79.8
80.5

35.5
35.4
35.6
35.7
35.4
35.2
34.6
35.3
34.6
34.7
34.5
34.6
34 ' 6
34.5
34.4
34 ' 2
33.9
34.5
34.7

0.949
0.947
1.052
0.939
0.940
0.983
0.957
0.979
0.991
0.923
0.942
0.929
0.942
0.923
0.921
0.920
0.933
0.950
0.976

0.872
1.147
0.903
0.873
1.037
0.904
0.898
1.157
0.970
1.003
1.297
1.027
1.165
1.108
1.096
1.230
1.194
1.169
1.188

34 ' 7

34.6
34.8
34.3
35.0

34. 1
34.3
34.4
34.3
33.8
33.3
33.1
33.0
33.0
32.8
32.7
33.2
32.8
33.0

0.983

0.942

1.069
1.033

i.004
1.041
1.024
1.079
1.023
0.956
0.972
0.950
0.951
0.963
1.004
1.076
0.941
1.083

i. 170

1.094
1.042
1.186
1.030

1.205
1.247
1.251
1.393
1.328
1.189
1.383
1.048
1.008
1.010
1.369
1.339
1.084
1.263

33.5 0.970 0.844 Fultz et u/. , 1964
Lepretre et a/. , 1971
Lepretre et a/. , 1971
Berman et a/. , 1967
Lepretre et c/. , 1971
Young, 1972
Berman et a/. , 1967
Lepretre et a/. , 1971
Berman et a/. , 1967
Berman et a/. , 1967
Lepretre et a?., 1971
Berman eP a/. , 1967
Berman et a/. , 1969a
Fultz et a/. , 1969
Fultz et a/. , 1969
Fultz ef a/. , 1969
Fultz et a/. , 1969
Fultz et a/. , 1969
Fultz et a/. , 1969
Fultz et a/. , 1969
Berman eI, a/. , 1969a
Berman et a/. , 1970c
Beil et a/. , 1971
Beil et a/. , 1971
Beil et a/. , 1971
Bramblett et a/. , 1966b
Sund et al. , 1970
Beil et c/. , 1971
Young, 1972
Beil et u/. , 1971
Carlos et a/. , 1971
Carlos et a/. , 1971
Carlos et a/. , 1971
Carlos et a/. , 1971
Carlos et a/. , 1971
Fultz et a/. , 1962b
Veyssiere et a/. , i970
Harvey et a/. , 1964
Harvey et a/. , 1964
Harvey et u/. , 1964
Veyssiere et a/. , 1970
Young, 1972
Harvey et a/. , 1964
Young, 1972

Data do not extend to upper limit of 6tting interval (see Table I).

given by Levinger (1960). The value 0.186 mb is a, very
convenient number to remember, since it has greatpractical
utility for computing activation yields, neutron production
yields, and the like, when an incident bremsstrahlung (or
electron) beam is the source of radiation. It should be noted
that 0. I does not depend nearly so much as a-;„t does upon
the size of the cross section at high energies, because of the
inverse-energy weighting in the integrand. Hence the values
plotted in Fig. 41 will not increase as much as those for
0-;„t, when the measurements are extended to higher energies.

3. The second moment of the integrated cross
section and the Migdal sum rule

The second moment of the integrated cross section
o 2 is proportional to the nuclear polarizability p= (e'R'A /40K), and hence increases with the diffuseness of
the nucleus. Here R is the radius of the equivalent spherical
nucleus and K is the nuclear symmetry energy. Then the
Migdal sum rule (Levinger, 1960; Migdal et al. , 1966) states

that

~(E)
dE

Q2

2m' ~' e' R'3

hc 20 hc

which, for g = j.20 A'~ F and K = 23 MeV, reduces to
o. 2 = 0.00225 A'/'3 mb-MeV '. The 6fth column of Table
III gives the ratio of the second moment of the integrated
total photoneutron cross section to the Migdal sum-rule
value, and this ratio is plotted versus mass number in Fig.
42. This sum rule is seen to be exhausted even for some of the
light nuclei (indeed, it is greatly exceeded for 'He and 'Li,
since these nuclei are so loosely bound and hence diffuse),
and again is fairly constant for nuclei having A & 60. The
average value for 0- 2 for the same group of nuclei as above
is (1.06 & 0.09)(0.00225 A'~3) mb-MeV ', or (2.39 & 0.20)
A'J3 pb-MeV ', and of course this quantity is even less
dependent upon the size of the high-energy cross section
than either 0.;„~ or 0- ~.

Rev. Mod. Phys. , Vol. 47, No. 3, July 1975



B. L. Berman and S. C. Fultz: Measurements of the giant dipole resonance

cd W
a$

Ch Ch

Ch
~ ~

CO

N Ne
cd cd

~RCh

IQ

N

cd ~
Ch

Ch Ch

CJ

E a'~
CJ W 4&

M CC0 0
cd
U U

Ch

(D
4P

6 &'06
cd Pe

CP

Ch

~ Ch

Ct

QJ

0O Ch

Ch Ch Ch

E 'I '0o

&v

Ch

CO

4J

~ 2

0O Ch ~ W
uD

ChK

g i&@

CP CP

~&I

b+
r"

Q

Ch
0O

O O O

oO eu W ~ Ch t

O
r

M vH

0b
g

a

OQ 0Q
Ch 00 0O
Ch oo oo

OOOO O

1/)
Ch Ch Ch O O Ch g
O O Q

00
Ch Ch

O O

O
t

Ch Ch

O O

ChO O O O
O O

l/)
U) I/)

H
Q

O O O O OO+lOOO
-H -H -H -H tl
O O t t

~ ~

O&uDOeqOt oo t ~ Ch ~ Ch W Ch

t

O
0

t

oO t M 0O W OO
uD

O O O O O Q O O O O

OO v) ~ Ch
v)

OQOOOO

r ~ ~

t Ch W O H m ~ 0O oO O W t Ch t t t u)

O Ch O Ch

Q + Q
~ ~

Ch Ch O OO W r oo 0O oo Ch Ch Ch O Cht t t t ~ oo
O
0O

uD

O Q w 0O Qoo oo oo t oo oo

00
Ch

Oo oo

0Q ~ M O oo 0Q ChOt &~t &W&t Q
\

t t t 'K

Q cV O
t

TH

~ ~ ~ r

M

oo
Q

r

oO t Ch 0O W ~ W W W oo t W O ~ ~ oo Ch 00 oo
oo

~ ~

O O ~ O O O O O Q O Q O O O Q O O O Q

~ W

(D

6

cd

cd

2
O

(0

a

a
~ ~
~ W

cd

be 'g

oo

Ch O O

O 4
r

oo Ch

Ch

Ch 0Q
M

00
oo

uD e4 t
oo

I I I I

'K

O W Ch

Ch Ch O
CV

Ch ~ t
~ ~

eq

O W H Ch

Ch uD oo

oo

O 4& Ch 0O O W H Q oo W oo N ~ Ch t
CV M M M W M O W Ch ~ 0O t W W O W Ch

CV

I/)

~ ~ r

oo O Ch t oot ~ oo Ch

tE

oo t

'K

oo oo
0O

'N

O
Ch

Ch. & W 00 t oo ~ ~ 0O t ~ t
CD Ch W t (h M W ~ lt& ~ v)

~ ~

N

oo

O '0 + oo Ch h lc) l/) A Q v) g tf Ch (q + g Ch ~ cv) QO t M oo Ch ~ W ~ W ~ H ~ 'tt) ~ oo~™
0O ~ t
Ch

\

eu eq eq cq
~E H N

e e oo ~ eq ~ g O
O H O oo

Q
O

r
QH

O O
I I I I I

oo oo

oo 00
I

oo oo

O O
1H

oo oo oo

0Q oo oo
1K

I
oo 00 oo

OOO'K %V

oo

oo

I
oo

O

oo oo
00 oo

I I

oo 0O

Q O

oo oo

OO 00 oO

I I

OO 0O oo
O O

00 oo
r

oo 0Q

I
oo oo

O O

I IO
Ch

IO O
Ch

Ch W W ~ W O t W t O oo & O ~ ~ O W OQ OQ
hl Ch 0 ~ oo Ch ~ H OQ O ~ t t ~ 9 ~ 4 V) oo

&U

cd

&U

Oi

b0

0
~~
E

4J
Q

3
0

Bw
ed

CP

~ ~ 4&

~8
0

Cfl

&&uz 0) ~ CO Ch
lgl

Rev. Mod. Phys. , Vol. 47, No. 3, Jufy 1975



B. L. Berman and S. C. Fuitz: Measurements of the giant dipole resonance 745

4. The ratio of integrated cross sections and the
shell model

The ratio of. the integrated cross section for multiple
neutron emission 0;„tI (y, 2e) + (y, 3e)j to the integrated
total photoneutron cross section should be lower for nuclei
having closed neutron shells, where the (y,2n) thresholds
are high and appreciably above the main part of the giant
resonance, than for non-closed-shell nuclei, where these
thresholds are lower. This quantity, which, like the other
quantities listed in Table III, is obtained directly from the
data, is given in the sixth column of Table III for all nuclei
for which the higher-multiplicity cross-section data are
available.

The ratio 0.;„~f(y,2e) + (y,3e)j/0;„t, (y, tot) is plotted
versus neutrons number X in Fig. 43, for those nuclei having
X & 28 and for which the measurements were carried out
at Livermore Lexcept for 'sNi, which is anomalous (see
Sec. III.A)j. The reasons the Saclay data are not included
are (a) because very few of them were measured at suffi-
ciently high energies Li.e., to a point well up on the high-
energy tail of the giant resonancej, and (b) for those that
were ('Y '"Tb, "'Ho, and ' 'Ta) there are sizable dis-
crepancies with the Livermore data (except for '"Ho) in
the measured cross-section ratios Lsince these quantities
emphasize the differences in both the (y, le) and (y, 2m)
cross sections discussed in Sec. III.Aj.

If the dominant giant-resonance decay process for medium
and heavy nuclei were by neutron emission, then one would
expect that the neutron shell structure would influence the
decay branching ratios. That this is the case is obvious from
a glance at Fig. 43, from which it can be seen that marked
minima occur at the neutron numbers which correspond to
closed neutron shells and subshells. For the zirconium and
tin isotopes, the plotted ratio increases as valence neutrons
are added to closed-shell configurations (this is also the case
for the neodymium isotopes, which are not plotted in Fig.
43). Moreover, for pairs of nuclei which have the same
neutron number but different proton number, notably
'Y—~Zr and "'In—'"Sn, similar values for this ratio are

obtained. Finally, it should be noted that this effect is pro-
nounced; the scale of the ordinate does not have a depressed
zero. Thus, this plot provides another striking aAirmation
for nuclear shell structure.

B. Lorentz curves fitted to the data and
their parameters

In the semiclassical theory of the interaction of photons
with nuclei, the shape of a fundamental resonance in the
absorption cross section is that of the Lorentz curve (Stein-
wedel and Jensen, 1950; Danos, 1958):

a(E) =
1 + L(Z' —E ')'/Wr'g

where the I orentz parameters E, 0-, and I" are the reso-
nance energy, peak cross section, and full width at half-
maximum, respectively. In the hydrodynamic theory of
photonuclear reactions, the giant dipole resonance consists
of one such Lorentz line for spherical nuclei (Goldhaber and
Teller, 1948; Steinwedel and Jensen, 1950), corresponding
to the absorption of photons which induce oscillations of
the neutron and proton fluids in the nucleus against each
other, and the superposition of two such lines for statically

deformed spheroidal nuclei (Okamoto, 1956; Danos, 1958),
corresponding to oscillations along each of the nondegenerate
axes of the spheroid. (The lower-energy line corresponds to
oscillations along the longer axis and the higher-energy line
along the shorter, since the absorption frequency decreases
with increasing nuclear dimensions. )

cr(E) = Q
j 1 + L(P2 ~ P)2/g2P. 2j

where i = 1, 2 correspond to the lower- and higher-energy
lines. Note that the two Lorentz lines are noninterfering,
and that the damping parameters F, are assumed not to
be energy-dependent.

Accordingly, I-orentz curves have been fitted to the
giant-resonance data for nuclei with A ) 50 (with certain
exceptions, noted below). The resulting cross-section curves
are shown on the figures of the total cross-section data, and
the parameters of these fitted curves are given in Tables
IV and V. Columns three through five of Table IV list
the parameters E, 0, and I', respectively, for spherical
nuclei for a single I.orentz line fitted to the data within the
fitting interval given in column two. Columns three through
eight of Table V list the parameters E ~, 0- ~, I'~, E~2, 0. 2,

and F2, respectively, for deformed nuclei for two I.orentz
lines whose sum was fitted to the data within the fitting
interval given in column two.

The fitting intervals were chosen on the basis of four
criteria: (a) that they follow a smooth mass dependence,
tracking the mass dependence of the central energy of the
giant resonance; (b) that they include as much as possible
of the cross section in the giant-resonance region, subject
to (c), that they do not encompass the region immediately
above the (y,e) threshold and, insofar as is possible, any
prominent structure below or above the main giant reso-
nance (since the presence of such structure clearly is not
consistent with a theoretical fit using only one or two I orentz
curves, and its origin is not accounted for by the simple
theory); and (d) that they are the same for all members of
a group of nuclei whose giant-resonance characteristics are
similar (e.g., the tin isotopes, the statically deformed rare-
earth nuclei, etc.). Sometimes these fitting intervals are the
ones used in the original references, but more often they are
not, and the data have been reanalyzed for purposes of this
review, in order to make possible a consistent comparison
between nuclei and consequently a consistent determination
of the systematic properties of the giant resonance.

A least-squares fitting procedure was employed, in which
the data points were weighted according to the inverse
square of their statistical uncertainties. That is, a minimum
value was sought for X'.

X2 =—
D

where o(E;) is the value for the Lorentz-curve fit to the
cross-section data at energy E;, o, (E;) is the measured value
for the total photoneutron cross section at that energy,
30;(E;) is the statistical uncertainty in that measured value,
and D is the number of degrees of freedom for the data set
fitted; D is equal to the number of data points within the
fitting interval minus the number of arbitrary parameters
used (3 for each Lorentz curve). This minimization of X'
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is the procedure which has been used by the Liverrpore
group for obtaining Lorentz parameters, and has two ad-
vantages. First, the absolute value for &' has a physical
meaning: if it is appreciably larger than unity, then the
simple theory is inadequate, while if it is much less than
unity, then the experimental statistics are inadequate.
Second, because the factor D depends (to a certain extent)
on the number of Lorentz lines used to fit the data, it gives
one a criterion for choice between a one- and a two-line
fit for marginal cases. LOf course, the absolute X' determina-
tion has meaning only if the data points are statistically
independent; that is, if no smoothing of the data has been
done.

This is not, however, the same procedure as the one which
has been used by the Saclay group; rather, they replace the
weighting factor Lha, (E,)1 ' by 0,(E,). In practice, how-
ever, the differences between the Lorentz parameters given
in the Saclay papers and those in Tables IV and V are small
for most cases.

Comments on selected nuclei follow:

55M+, "Co (Livermore). For "Co and especially for "Mn
(Fig. 17), there is considerable strength a few MeV above
the two main giant-resonance peaks. It might very well be
the case that one should consider this third hump as part
of the main giant resonance, as if these nuclei were triaxially
deformed (or if there were a clustering of high-lying shell-
model states). Fitting these data with three Lorentz curves,
however, requires very large values for F3, and does not
appear to be a fruitful approach. Indeed, treating vibra-
tional nuclei such as these and all the other nuclei up through
i2iI in Table V as if they were statically (and not vibra-
tionally) deformed is somewhat artificial to begin with (see
Bramblett e/ a/. , 1966b; Berman et a/. , 1969a). (An alterna-
tive approach is that of Kerman and Quang (1964), or that
of the dynamic collective model of Danos and Greiner
(1964a).j The view taken here, therefore, is that this third
hump is not part of the main giant resonance, and the data
are fitted, accordingly, only up to 21 MeV. There also is
present, for these nuclei, as well as for the nickel isotopes, a
large amount of fine structure in the cross sections through-
out the giant-resonance region. The giant resonance, there-
fore, must be regarded either as the envelope of a finite
number of not-quite-overlapping dipole states (as in s-d
shell nuclei, particularly "Mg, for example) or else as the
gross underlying macrostructure atop which these narrow
fine-structure states lie. which of these points of view is
more nearly correct is currently a topic of speculation, and
probably is not given to a universal answer.

take too seriously the values given in Table V. LIndeed,
this probably is the case for "V, "Mn, "Co, and ""Cu as
well. j A detailed discussion of ' ' Ni can be found in Fultz
e/ a/. (1973c).

"CN (Livermore and General Atomic). The excess high-
energy cross section seen in the Livermore data, which seems
to form a third hump centered at about 23 MeV, probably
results largely from the (p,pe) channel; and the two-line
fit to the General Atomic data continues to match the data
very well above the 21-MeV upper bound of the fitting
interval, which lends support to the view that this third
hump is not part of the main giant resonance, but is more
likely an isospin or quadrupole effect (see Sec. IV.F).

"pr (Livermore and Saclay). A substantial amount of
excess strength, centered at about 22 MeV, is present in
both sets of data (see Sec. IV.F).

"'"Sn (Livermore, Fig. 25). All these nuclei have
appreciable excess strength centered at 23—25 MeV.

Xd (Saclay, Fig. 27). A far better fit for "Nd is
achieved with a two-line fit than with a one-line fit, as was
employed in the original reference (Carlos et a/. , 1971),
which implies that this nucleus is statically deformed.

"U (Livermore, Fig. 36). The values for the Lorentz
parameters given in Table V were obtained from fitting the
digitized data mentioned in Sec. III.A, with error bars
deduced from those of the data points of the photoneutron
yield cross section o.

t (y,e) + 2(y, 2e) + v(y, f)7 plotted by
Bowman et a/ (1964);.

C. Quantities derived from the Lorentz parameters

In addition to the Lorentz parameters and fitting intervals
discussed in Sec. IV.B, Tables IV and V list a number of
functions of the Lorentz parameters which can be compared
with the predictions of nuclear theories. These include, for
both spherical (Table IV) and deformed (Table V) nuclei,
the nuclear symmetry energy K, which is the coeKcient of
the (X —Z)'/A term in the semiempirical mass formulae;
the central energy of the giant resonance E; the harmonic
mean energy EII ——0;,/0. i, and the total integrated
strength derived from the areas under the Lorentz fits. In
addition, the following quantities for deformed nuclei are
listed in Table V: the area ratio of the two Lorentz lines
Rz ——(0. iI'i)/(0. ,I',); the nuclear eccentricity e; and the
intrinsic quadrupole moment Qo. These quantities are dis-
cussed in detail in the following paragraphs.

58'oXi (Livermore, Figs. 18, 19).Since the '~Ni(y, p) cross
section is so large t it is about three times the size of the
(p,e) cross section (Ishkhanov et a/. , 1970; Miyase et a/. ,
1973; Shoda, 1973)g, no attempt is made here to fit the
(y,e) cross section alone with Lorentz lines (see Sec. IV.F).
The "Ni total photoneutron cross section exhibits appre-
ciable high-energy strength (above the Lorentz-curve fit),
but it is not concentrated into a distinct clump as is the
case for "Mn and '9Co. Even here, however, the (y,p) cross
section comprises about 25%%uo of the total absorption strength
(Ishkhanov et a/. , 1970; Miyase et u/. , 1973; Shoda, 1973),
and thus plays an important role, so that one should not

1. The nuclear symmetry energy

The nuclear symmetry energy K which appears, for
example, in the Weizsacker semiempirical mass formula, is
computed from the giant-resonance energies and widths
according to the hydrodynamic theory as given by Danos
(1958) from the expression

hk 8EÃZ —
p

I' y'-
E

A M (2E J

where M is the nucleon mass, kR = 2.082 for spherical
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parameters, fitted with the function E = E0(j. —cA '") from which
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nuclei, and R is the (sharp) nuclear radius. This reduces to

(E-)'A 8/3

E = 9.935 X 10 '
XZ 1 —(r/2E )'

for K in MeV, where R = ROA'" and Ro = 1.20 F. For pro-
late deformed nuclei, this relation, using the parameters of
the lower-energy Lorentz line, becomes

(E.)A'IP&
E =9.935X10'

XZ) 1 —(ri/2E i)'

~4 j3

X
(1 + 0.01860p —0.03314e')'

where g and e, the nuclear deformation and eccentricity,
respectively, are defined below. The parameters of the
higher-energy Lorentz line could have been used as well,
with the final term in the formula suitably modified, but in
general the data in the lower-energy hump are more re-
liable because of the smaller positron-bremsstrahlung-yield
subtraction. The values for E are given in column 6 of
Table IV and column 9 of Table V, and are plotted, along
with their statistical uncertainties, versus mass number in
Fig. 44. The values for K for vibrationally deformed nuclei
("V through "7I in Table U, whose assumed equilibrium
shape is spherical) were computed from one-line Lorentz
fits to the data; under these circumstances, these values for
E are only approximate, and were neither assigned error
bars nor used in the fitting procedure to be described below.
(Nevertheless, they agree rather well with the curve fitted
to the other values for K, as can be seen in Fig. 44.) The
value for "'U was computed normally, but could neither
be assigned an error bar nor used for fitting purposes.

It is clear from Fig. 44 that K, as derived in this way, is
not a constant for all nuclei, as was assumed to be the case
some time ago Le.g., see Green (1954)j; rather, it increases
with mass number. Therefore, the values for K (the ones
having assigned error bars) were fitted using the same least-
squares procedure as was used for the Lorentz-curve fitting,
with a function of the form

K = Kp(1 —cA "')
which takes account of the modification of the (volume)
symmetry energy by the nuclear surface (see Herman,

1973b). The asymptotic value ECp then corresponds to the
volume symmetry energy and the quantity cEO to the sur-
face symmetry energy, as appear, for example, in the mass
formula of Myers and Swiatecki (1966, 1969)'. The value
for Ko obtained from this fit is 42.3 MeV, to be compared
with the latest value of 36.5 MeV of Myers and Swiatecki
(Swiatecki, 1973). It is not surprising that these values are
not quite equal, since one does not expect the elementary
hydrodynamic theory to give results even this close. Indeed,
it is remarkable that the simple theory does so well, and a
better representation of the nuclear surface, such as the
inclusion of a diffuse radius Lperhaps along the lines of the
work of Brennan and Werntz (1970)j, might well improve
the results.

Recognizing that this derivation of K results from the
application of an elementary semiclassical theory, let us
nevertheless see where it leads: The value for cKO ——86.6
MeV obtained here, divided by the latest value (Swiatecki,
1973) for the surface energy, 20.0 MeV, yields a new value
for the ratio of the surface symmetry energy to the surface
energy of 4.33. This large value for this ratio favors a close-in
neutron drip line for heavy elements, and hence argues
against the production of superheavy elements by the
r process in supernovae.

In a sense, the nuclear symmetry energy can be considered
to be the fundamental parameter of the giant resonance.
It arises naturally from the hydrodynamic theory, is easily
consistent with the mass formulae, and exhibits no large
fluctuations resulting from shell or deformation effects.
Experimentally it is well determined, with a spread at a
given value for A of about &3 MeV from the average. Con-
sequently, using K as determined from systematics (for
deformed nuclei, the intrinsic quadrupole moment is needed
in order to determine the splitting), the giant-resonance
energies for any nucleus having A & 80 can be predicted
with an accuracy of about 100 keV, which usually is at least
as good as is obtained from a single exper'iment. (The value
assumed for I' is not very important: a 1-MeV change in I'
results in about a 70-keV change in E .)

2. The energy of the giant resonance

The peak energy E has been predicted by collective
models of the giant resonance to be proportional either to
A '" or A "' The A '" dependence (Goldhaber and Teller,
1948) arises from the concept that when displacement of the
neutron and proton fluids occurs, the restoring force is pro-
portional to the density gradient of those Auids. The A
dependence of E (Goldhaber and Teller, 1948; Steinwedel
and Jensen, 1950) is based on the concept that the restoring
force is proportional to the nuclear surface area. Both of
these elementary models employ a sharp cut-off model for
the nuclear surface boundary.

The quantities E A'" and E' A"' are given in columns
7 and 8, respectively, of Table IV for spherical nuclei,
where E is the fitted Lorentz parameter. For deformed
nuclei, the values for E in column 11 of Table V were com-
puted from the Lorentz parameters Z 1 and E 2 as follows:

E = (E i+ 2E,)/3 Lfor prolate nuclei (R~ ( 1)g
E = (2E~i+ E 2)/3 /for oblate nuclei (R~ ) 1)j
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except for the anomalous case of "Mn (R& = 1.08), where
E = (E i+ E ~)/2 was used. Although this is somewhat
arbitrary, and leads to a strange result for i2~1 (where the
two measurements give opposite deformations), it turns out
not to matter very much in the over-all picture since the
uncertainties in these values for deformed nuclei are much
larger than those for spherical nuclei, where a single I orentz
line gives the best 6t to the data. The values for E A'~ and
& A' ' for deformed nuclei are given in columns 12 and 13,
respectively, of Table V.

As can be seen from the tables, the product E A'" in-
creases with mass number, i.e., the A'" power is too strong,
while E A"' decreases with mass number —the A'~' power
is too weak. The 61. values for E resulting from the mea-
surements on monoisotopic or separated-isotope samples
(except for "'U) given in Tables IV and V have been fitted
(again with the same least-squares method as above) in
several ways: (a) with a single power law

with the result that ci = 47.9 MeV and c&
——4.27; (b) with

the combined power relation

E = c3A "'+ c4A

with the result that c3 = 31.2 MeV and c4 ——20.6 MeV; and
(c) with a three-parameter relation, analogous to radio-
activity expressions, that yields the rate of transition from
an A "' power law at low mass numbers into an A
power law at high mass numbers, where the transition rate
is assumed to follow an exponential function

E = c A '"(1 —e ~"0) + c,A "'e "'"'—
with the result that c~ ——77.9 MeV, c6 = 34.5 MeV, and
Ao = 238. Figure 45 shows the values for .E plotted versus
mass number, together with the fitted expressions in (a)
and (c) (the solid and dashed curves, respectively). The
expression in (b), over the mass range of the figure, yields
a result indistinguishable from that in (a) (which is not

surprising, since both contain two arbitrary parameters}.
Error Gags are not shown on the figure, since for most of the
spherical nuclei of Table IV, they are not much larger than
the data points, and it is these that dominate the fit.

Inspection of the values for c3 and c4 in (b) above reveals
that the A '" term accounts for about 40% (and the A
term 60%) of the value for E throughout the mass region
of Fig. 45. This is consistent with the value for Ao in ex-
pression (c) being large (Ao ——238) and is reasonable, in
view of the collective theories; it merely states that for
nuclei in this mass range neither the effect of the density
gradient nor that of the nuclear surface dominates the
restoring force. Moreover, as can be seen from the dashed.
curve in Fig. 45, and better, from the data points them-
selves, the trend of the experimental results is such that
the A '" dependence of E becomes increasingly dominant
for increasing values for A. This too, is eminently reason-
able, since for heavier nuclei, a greater fraction of the
nucleons are located in the interior (rather than on the
surface), so that the effect of the density gradient on the
restoring force gradually becomes more important than the
effect of the nuclear surface.

The harmonic mean energy EH = o.,„,(y, total)/0. i is
another measure of the centroid of the giant-resonance
strength (I.evinger, 1960). Values for the ratio of E to E~
are given in the ninth column of Table IV and the 18th
column of Table V. Insofar as this ratio is unity, the two
methods of estimating the mean energy of the giant reso-
nance agree. One can see from these tables that this is
largely the case. The average value for this ratio for all the
entries in Tables IV and V is 0.98 ~ 0.04, and the distribu-
tion of values is such that the (slightly) larger ones tend to
be associated with nuclei having the larger mass numbers.

3. The width of the giant resonance
The width of the giant resonance has been in one sense the

easiest and in another the hardest feature of the giant reso-
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This procedure amounts to an extrapolation of the total
photon absorption cross section in the giant-resonance region
down to zero Lbelow the (y,m) threshold this gives an esti-
mate of the average photon scattering cross section (see
Axel, 1962)) and up to the meson thresholds, by which point
exchange eRects and di.rect reactions clearly are dominant.
The principal failing of this view is that this procedure
neglects the contributions of other Ei processes, such as T&
strength (T~ ——To + 1), the quasideuteron effect (Lev-
inger, 1960), and E1 "overtones" above the giant resonance
proper, and so underestimates the total E1 strength. But it
is hard to measure the multipolarity of the absorbed radia-
tion, especially at high energies, because of all the competing
and complicating continuum effects which can take place
there. The Lorentz-curve extrapolation at least has the
virtue that it does not include contributions of multi-
polarities other than E1 Lsuch as those resulting from elec-
tric quadrupole absorption (see Sec. lV.F)j.

The area under a Lorentz curve is given by

nance to explain. As has been known for many years
(Nathans and Halpern, 1953; Okamoto, 1958) and can be
seen from Tables IV and V, the giant-resonance width
follows the shell structure of the nucleus; it is small (about
4 to 5 MeV) for closed-shell nuclei, larger for nuclei between
closed shells or vibrationally deformed (soft) nuclei, and
split in two for statically deformed nuclei. But from the
viewpoint of the collective theories, there is no fundamental
explanation for the width other than as a damping term
akin to friction between the two Quids. This situation has
led Danos, Greiner, and others (Danos and Greiner, 1965b)
to assign to it an energy dependence in the form of a power
law

r = ro(&/zo)'

One can ask if a single value for 8 can be applied to all
nuclei, as has been attempted by Carlos et at. (1973).
LDanos and Greiner (1965b) were concerned only with a
single nucleus ('6'Ho), and Huber et al. (1967) found that
the energy dependence which applied to ~"Ho was much too
strong for spherical nuclei. ) But it appears, from Fig. 46,
wherein the widths in Tables IV and V are shown on a log-
log plot versus photon energy, that the use of a simple
power-law dependence of F on E is fruitless or is of use only
in a limited mass region; and that unless one takes into
account shell effects, or the resultant level density in the
giant-resonance region (even granted that one could ignore
direct reactions), one cannot generalize the behavior of the
giant-resonance decay width in this way. Perhaps a more
promising approach is the semiclassical treatment of Dover
et al. (1972), wherein the analogy is drawn between the
photoabsorption cross section and the response of a system
to a weak external electromagnetic probe, resulting in a
damping width for particle —hole excitations owing to colli-
sions between excited particle —hole pairs and the "nuclear
background" (also see Ligensa and Greiner, 1969 and
Mshelia et aL, 1973).
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where the form of a(E) is given in Sec. IV.B. The tenth
column in Table IV gives the areas under the single-line
Lorentz curves (for spherical nuclei) fitted to the total
photoneutron cross sections, in TRK sum-rule units. The
19th column in Table V does the same for deformed nuclei,
where the summed area under the two-line I orentz-curve
6t is (vr/2)(cr iI'i+ 0 ~F~). These values for the extrap-
olated integrated E1 cross section are plotted versus mass
number in Fig. 47. One can see that for nuclei having
A ( 70 the TRK sum rule is not exhausted, but this doubt-
less results from the neglect of the (y,p) cross sections for
these nuclei. For the mass region 70 ( A ( 100, the values
center about one sum-rule unit, with the Saclay values on
the higher side and the Livermore and Illinois values on the
the lower side. Here one expects, from (e,e'p) and (p,y)
data, an enhancement of about 10% or so from the (y,p)
reaction channel, even though most of the (y,p) strength
is centered above 20 MeV in this mass region. For the rest
of the periodic table (A ) 100) the plotted values center
about 1.2 TRK sum-rule units, with the Saclay values
typically about 10% higher than those from Livermore, as
discussed in Sec. III.A. For '"Pr, the General Atomic and
Illinois results are even lower than the Livermore value,
while for 'O'Pb and 'O'Bi the Illinois results are close to the

4. The extrapolated integrated cross section
100 125 150 175 200 225 250

The area beneath a Lorentz-curve fit to the giant reso-
nance for a medium or heavy nucleus gives an estimate of
the total electric dipole absorption strength for the nucleus.

Mass Number A

FIG. 47. Extrapolated integrated cross sections derived from the
I.orentz parameters in units of 60NZ/A MeV-mb.
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Saclay value and considerably higher than the Livermore
points. The old Saclay result (Axel et a/. , 1966) for "Ho is
closer to the newer Saclay value than to the Liverrnore
result. The average of these integrated cross-section values
for A ) 100, including both measurements for "7I (which
tend to balance each other) but not including the I.ivermore
measurements for "'' ' 'Pb ' Bi, and "'U, is 1.21 ~ 0.11
sum-rule units, which is still considerably below the old
"bremsstrahlung" figure of 1.4 units, even though the pres-
ent values are for an infinite extrapolation. This says that
the giant E1 resonance alone requires an exchange-force
contribution Lor one of a similar nature, e.g. , from velocity-
dependent (or nonlocal) forcesg of about 20% of the TRK
sum rule. Of course, other electric-dipole effects which are
not a part of the giant resonance proper, such as the three
enumerated above, will raise this figure, and thus this
figure should be considered to be a minimum value. Clearly,
total photon absorption and/or photoneutron cross-section
measurements for medium and heavy nuclei for energies
between 30 and 150 MeV which will yield a maximum
(because of the absorption strength for radiation of other
multipolarities) but probably more reasonable value, are
needed.

5. The area ratio and quadrupole moment for
statically deformed nuclei

The hydrodynamic model of the giant resonance, as ap-
plied to deformed nuclei (Okamoto, 1956; Danos, 1958;
Okamoto, 1958), makes two major predictions which lend
themselves particularly to experimental scrutiny: (a) that
the giant resonance is split into two components for spher-
oidal nuclei, corresponding to dipole vibrations along the
major and minor axes of the spheroid of the two interpene-

trating Auids made up of the neutrons and protons in the
nucleus; and (b) that the strengths of these two components
have the simple ratio of 1:2, corresponding to the number
of degrees of freedom for these vibrations. The first condi-
tion gives a prescription for the nuclear shape parameters
(for prolate nuclei) through the relation

E 2/E i = 0.911'+ 0.089,

where the deformation parameter q is the ratio of the major
axis b to the minor axis a. The nuclear eccentricity e is given
by c = (b2 —a')/R2, where R is the radius of a sphere of
equal volume; for a prolate spheroid, R' = a'b. The intrinsic
quadrupole moment Qo for the nucleus then can be obtained
from the expression

Qo
——-'ZR'(YJ' —1)rJ "' =—-'ZR'6

and R = BOA"'. It should be pointed out that while the
Coulomb-excitation method for obtaining quadrupole
moments depends upon the transition probabiHty B(E2)
according to the relation

QO2 = (16ir/5)B(E2)

(for even-even nuclei) and hence gives only the magnitude
of Qo, the photonuclear method gives its sign as well. Of
course, both of these methods for computing Qo are model
dependent.

The second condition above predicts that the ratio of the
area under the lower-energy component of the giant reso-
nance to that under the higher-energy component be ~ for
prolate and 2 for oblate nuclei. Values for this area ratio

R~ = amiI'i/0'm~I',

derived from the Lorentz parameters are given in column
10 of Table V. The values for R~ for the vibrationally de-
formed nuclei (the first nine entries in Table V) are not very
meaningful, since the static equilibrium shape of these
nuclei is spherical (or nearly so), and a different theoretical
approach must be employed (see Sec. IV.D). In fact, since
these nuclei certainly do not have low-lying rotational
spectra, one can presume that the only reason their giant
resonances are fitted better with two Lorentz lines than
with one is that more arbitrary parameters are available.
The values for the fissionable nuclei (with the exception of
23'U) suffer from the variety of experimental uncertainties
mentioned above. Those for the statically deformed rare-
earth nuclei, however, constitute a set of information which
provides an important test for the hydrodynamic model,
namely, the test of the prediction that E& for all these pro-
late nuclei should equal ~. These values for R~, together
with their statistical uncertainties, are plotted versus neu-
tron number in the upper part of Fig. 48. It can be seen that
the prediction R~ ——0.5 is verified only for the most de-
formed nuclei '5'Tb, '6OGd, and '65Ho, in the middle of the
deformed rare-earth region (the data for '"Nd are not suffi-
ciently good to give a definitive value for R~, as can be seen
from its large statistical uncertainty).

The values for the eccentricity e for the statically de-
formed nuclei are given in column 14 of Table V. These
quantities, since they depend only upon the resonance
energies, are determined with great precision, usually around
2 to 4'%%uz. Therefore, the largest uncertainty by far in the
determination of Qo is that in the value used for Ro, since
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Eo is known currently for these nuclei, from electron-scat-
tering experiments or otherwise, to no better than 5% and
also appears as the square in the expression for Qo. There-
fore, the value used for E0 for these nuclei, given in column
15 of Table V, was determined from a comparison of the
best values for Qo from Coulomb-excitation and mu-mesic
x-ray experiments in the literature, given in column 17 of
Table V, with the photonuclear results. )The "literature"
results are taken from the compilation of Lobner et a/. (1970),
but have been reevaluated for the nuclei listed here, since
the results of the evaluation given in Lobner et 0/. were
deemed to be unsatisfactory. j Since it was observed that
the photonuclear results for the fissionable nuclei required
appreciably smaller values for Ro in order to bring them into
agreement with the literature values, the statically deformed
nuclei were split into two groups as can be seen in the table.
Then the best values for Ro were found to be 1.25 F for the
rare-earth nuclei and 1.15 F for the fissionable nuclei. The
final values for Qo, using the values for e from column 14
and these values for Ro, given in column 15, are given in
column 16 of Table V and are plotted versus neutron num-
ber in the bottom part of Fig. 48. The error bars are those
resulting from statistical uncertainties only (that is, un-
certainties in e), and do not include possible errors in Ro.
One can see from Fig. 48 that the dependence upon X of
R~ and of Qo are similar; this suggests that the virtues of the
hydrodynamic theory for deformed nuclei diminish pro-
portionate/y as the nucleus becomes less deformed.
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D. Application of the data to other collective
theories of the giant resonance

More sophisticated than the elementary hydrodynamic
theory of the giant resonance are the theories that include
the coupling of quadrupole (surface) oscillations to the
main dipole (volume) vibrations of the nucleus. These in-
clude the early theory of Kerman and Quang (1964), the
dynamic collective theory of Danos and Greiner (1964a),
and its extensions (Danos and Greiner, 1965b; Drechsel
et al. , 1967; Huber et a/. , 1967; Arenhovel and Greiner,
1968; Rezwani et a/. , 1972b), and others (Le Tourneux,
1965; Semenko, 1965). Although the Kerman —Quang
theory, which relates the parameters of the giant resonance
of a nucleus to its ground-state vibrational character, has
been reexamined recently (Berman, 1973a; Faul and Ber-
man, 1974), only the much more extensively pursued dy-
namic collective model approach will be discussed here.

The dynamic collective treatment of the giant resonance
results in the sharing of the dipole strength among several
states which arise from terms in the nuclear Hamiltonian
which specifically describe the coupling between the dipole
vibrations on the one hand and the vibrational and rota-
tional degrees of freedom of the nucleus on the other. These
states appear as "satellites" to the main giant-resonance
state(s) for stig spherical and statically deformed nuclei,
although they are more distinctive for the softer vibrational
nuclei. Like the elementary hydrodynamic theory, however,
this model says nothing about the widths (which charac-
terize the damping of the giant-resonance states into the
nuclear continuum) of the ~arious peaks. Consequently,
the question of intermediate structure in the giant resonance
of medium and heavy vibrationally or statically deformed
nuclei is ambiguous theoretically, and has been the sub3ect
of much controversy (see Huber et a/. , 1967; Spicer, 1969).
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FIG. 49. Total photoneutron cross sections for (a) "~sn, (b) ' Sn, and
(c) "4Sn (from Fig. 25), fitted with dipole strengths and locations cal-
culated using the dynamic collective model (Arenhovel and Greiner,
1969) and shown in the figures as the vertical lines.

For example, earlier reported gross structure for 7'As
(Fielder e/ a/. , 1965) and '4'Pr (Cook e/ a/. , 1966; Cannington
et a/. , 1968), which indicated an apparent width of about
1.5 MeV for these states, were superseded by the better
data presented in Sec. III.A. Also, the best fit to the dy-
namic-collective-model calculations (Arenhovel and Greiner,
1969) for the three tin isotopes shown in Fig. 49 requires
such large values for the widths of the peaks (also see
Bergere e/ a/. , 1973) that the result is practically indis-
tinguishable from the single-line Lorentz curves of Fig. 25;
and the results of the most modern (Rezwani e/ a/. , 1972a)
such calculations, for the five neodymium isotopes shown
in Fig. 50, are no better than the Lorentz fits of Fig. 27.
Experiments which can link the giant resonance with surface-
oscillations more directly are those that detect photons
which populate vibrational levels, like the photon-scattering
measurements of Arenhovel and Maison L(1970); also see
Hayward e/ c/. (1973), described in Sec. III.B).
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dipole vibrations along the nuclear symmetry axis, and (b) 0.&, as-
sociated with vibrations perpendicular to this axis, derived from the
data of Fig. 38. The solid curves are those derived from the elementary
hydrodynamic model; the dashed one are calculated using the dynamic
collective model (from Kelly et' a/. , 1969).

150~~

and vibrational, and to the detailed shape parameters of its
potential-energy surface (Rezwani et a/. , 1972b; also see
Danos, 1973); and it succeeds very well indeed in fitting all
these data simultaneously.

I
I I
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FIG. 50. Total photoneutron cross sections for the even neodymium
isotopes (from Fig. 27), together with dipole strengths and locations
(shown in the figures as vertical dashed lines) calculated with the
modern version of the dynamic collective model which is fitted to the
low-energy spectrum of excited states for these nuclei (from Rezwani
et al. , 1972a).

The great value of the dynamic collective model rests in
the fact that it relates the giant-resonance properties of a
nucleus to its spectrum of low-lying excited states, rotational

An extension of the dynamic collective model which
couples each of the basic particle —hole states to the surface
vibrations has been applied to i2C, "Si, and "Ni (Drechsel
eC u/. , 1967). This "collective-correlations" model intro-
duces more structure than the simple particle —hole treat-
ments, in better agreement with the data. The agreement
is especially good for "C, particularly in the high-energy
()24 Mev )region (also see Mshelia and Barrett, 1973).

Another giant-resonance measurement that tests the
collective theories, including the dynamic collective model,
is that of Kelly et al. (1969) on polarized '6'Ho (Sec. III.B).
From the data presented in Fig. 38 and the measured
nuclear alignment, Kelly et al. deduced the intrinsic cross
sections 0.

f 1 and o g for photoexcitation of the ' Ho nucleus
by radiation polarized parallel and perpendicular, respec-
tively, to its nuclear symmetry axis. These intrinsic cross
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{A-2)+2n
------- ---f „„(72nj

o (y, 2e)

~ (y, total)

&y—&thr (y,2)

p(U)E„dE„

Ep—Ethg (y, n) —b,

p(U)E„dE„,

energy a few Mev above the (y,e) threshold in the nucleus
h ing one neutron less than the target nucleus can beaving

~ ~

fdetermined, , together with the effect on the level density o
shell and pairing forces in the nucleus, from the formula

{A-1j+I
Residual Nucleus

E,„(v,nj

where the excitation energy U = E~ —E,h, (y,n) —E„—6
(see the energy-level diagram of Fig. 52), 6 is the correction
resulting from shell and pairing effects, p is the density of
states, and it is assumed that the inverse neutron-capture
cross section is constant.

sections are shown in Fig. 51, together with the predictions
of the collective theories. The asymmetry parameter A& for
the giant resonance given by the expression

iant resonance
I ~„(~,total) —~, (~,total)

~

dE

was measured to be only 0.74 ~ 0.13 as large as that pre-
dicted by either the elementary hydrodynamic theory or the
d namic collective model. The reason that neither collec-ynamic c
tive theory can accommodate this result is that both are
based upon the sum rule which requires 0.;„t to be the same
for dipole absorption along each of the three intrinsic axes.
LThat 10% to 20% of the absorption cross section does not
depend upon orientation had been found earlier in the
photon-scattering measurement of Fuller and Hayward
(1962b).j This result, as well as the departure from simple
I.orentzian shape of the intrinsic cross sections, suggests

lsome coupling between the two major dipole vibrationa
modes and/or an appreciable amount of underlying direct
photoneutron emission. Neither of these possibilities is
allowed for in the collective theories, but a measurement of
photoneutron spectra from an aligned target could differ-
entiate between them.

E. Statistical parameters

Although the photon absorption process, even for a
medium or heavy nucleus, is a one-body effect, that is, the
photon excites a single nucleon into a higher shell-model
orbit such a nucleus does not often deexcite by direct)

nucleon emission or even by precompound decay. Rather,
the decay of the giant resonance for medium and heavy
nuclei is dominated by statistical processes in the sense of
the compound-nucleus picture of Bohr. This allows one to
extract statistical parameters of the nucleus from an analysis
of the decay products of the giant resonance. In particular,
when measurements of the average photoneutron energy
exist, the nuclear level density in the range of excitation

Target Nucleus

FIG. 52. Schematic diagram of the various energies encountereu 1n the
formulae for nuclear level-density calculations.

The functional form of p has been given by Ericson
(1960) as

p ~ U 'expL2(aU)'"j

and by Blatt and Weisskopf (1952) as

p ~ expI 2(aU)'~'j,

where a is the nuclear level density parameter. A param-
eter search was carried out for a and 6, using the same least-
squares 6tting technique as de6ned in Sec. IU.B, for the
ratio 0.(y, 2e)/0 (p, total) in the photon energy range between
the (y,2e) threshold and the point where the scatter and
uncertainty in the data dictate that the fit to this cross-
section ratio could not be improved further. This procedure
gives a family of curves corresponding to pairs of values for
a and 6, all of which have approximately the same values
for X'. In order to choose the correct pair, the average neu-
tron energy E„of the erst neutron emitted from the target
nucleus was computed for each fit, according to the formula

4'p—&thr (V,~)—~

p(U)E„'dE

E,—~th. (~,~)—~

r (U)E-dE-
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FIG. 53. Measured ratio of the double to the total photoneutron cross
section for '5'Eu. The solid line is derived using the Ericson formula for
the nuclear density of states and is evaluated for a level-density param-
eter a = 5.4 Me& and a shell-plus-pairing energy 6 = 1.0 MeV
(from Herman et al. , 1969b).
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events (from Berman et al. , 1969b).

shell properties, respectively, of the residual (target-minus-
one-neutron) nucleus, to which the tabulated statistical
parameters apply. The fourth and 6fth columns of Table
VI give the values for u obtained with the Ericson and the
81att and Weiskopf formulae, respectively, for the density
of states, and the sixth and seventh columns give the re-
spective values for A.

There seems to be no particular trend in the values for a
given in Table VI, although they do lie in the range expected
from other kinds of determinations, such as inelastic neutron
scattering. (It should be noted that the range of excitation
energy to which these values for a applies brackets the
region between the energies sampled with slow neutrons
and with 14-MeV neutrons. ) The values for 6, however,
seem to be independent of the specific functional form for
the density of states, so that this can be taken to be a rea-
sonable determination of the shell-and-pairing-effect energy
for the nuclei measured.

The correct pair of values for u and 6 now was chosen by
comparing these calculated E„with the measured E„ from
the ring-ratio data (see Sec. II.A), at the point where the
latter are most reliable, i.e., at the peak. of the giant
resonance.

An example is shown in Fig. 53, where the ratio o-(y, 2e)j
a(y, total) for '"Eu is plotted versus photon energy. The
solid curve is the theoretical fit when the Ericson formula
for the density of states is used. The values for a and 3
give the value for E„= 1.4 MeV for the photon energy
E~ = E 1 = 12.3 MeV, in agreement with the ring-ratio
value for E„at that photon energy, as can be seen from the
ring-ratio data for '~3Eu shown in Fig. 54.

This analysis was carried out for each nudeus for which
ring-ratio data were available, and the results are listed in
Table VI. The second and third columns give the pairing and

Of course, justi6cation for the above analysis depends
upon the fact that most of the giant-resonance decays are
statistical in nature; that is, that most often, when a
medium or heavy nucleus is excited into its giant resonance,
it lives a long time ())10 "sec), forms a compound nucleus
in which the excitation energy is shared by all the nucleons,
and then subsequently decays by the evaporation of one or
more neutrons. However, not all the giant-resonance decays
follow this "resonance-compound" pattern; the (y, 1e) cross
sections do not always fall to zero within a few MeV of the
(y,2e) threshold. More importantly, there is some experi-
mental evidence from photoneutron-spectrum measure-
ments (Bertozzi, 1958; Mutchler, 1966; Kuchnir et al. ,
1967; Calarco, 1969; Young, 1972) that for medium and
heavy nuclei as many as 25%, but more typically 10% to
15% of the giant-resonance decays are nonstatistical. These
manifest themselves as an excess of high-energy photo-
neutrons over the fraction expected from a Maxwellian

TABLE VI. Nuclear level-density parameter a and shell-plus-pairing parameter h.

Nucleus Pair type Closed shell
aE

(MeV ') (MeV ') (Mev)
~w

(MeV) Reference

74As
88+
89Zr
90Z r
91Zr
93Zr
106Ag
"4In
115Sn
'"Sn
'"Sn
118Sn
119Sn
'"Sn
"2Cs
137Ba
152EU
158Tba
159G.d
"4Ho
180Tab
185@7

Odd —odd
Odd —odd
Odd A
Even —even
Odd A
Odd A
Odd —odd
Odd —odd
OcId A
Even —even
Ocld A
Even —even
Odd A
Odd A
Odd —odd
Odd A
Odd —odd
Odd —odd
Odd A
Odd —odd
Odd —odd
Odd A

50 neutrons

50 protons
50 protons
50 protons
50 protons
50 protons
50 protons

7.2
7.4
5. 1
8. 1

10.0
7.6
6.9
7.0

10.3
8.3
8.2

10.5
6. 1
8.8
6.9
5.3
5.4

(-13)
8.8
6. 1

( 16)
7.9

3.2
3.7
1.9
4.0
4.0
1.6
2.9
2.5
4.5
2.7
2.6
6.7
1.5
3.3
2.4
1.4
1.8

(~8)
3.7
2.0

(~10)
2.3

0.9
1.0
1.5
4.8
1.9
3.1
2.0
2.9
2. 7
5.0
2. 7
5.0
2.6

9
2.3
1.8
1.0
~0
0.7
1.6

2.5

1.3
1.2
1.6
5.0
2.8
3.9
2.2
3.0
3.0
5.8
3.0
5.0
3.2
2.0
2.5
2.2
1.1

1.0
1.7

2.6

Berman
Herman
Berman
8erman
Herman
Berman
Berman
Fultz et
Fultz et
Fultz et
Fultz et
Fultz et
Fultz et
Fultz et
Berman
8erman
8erman
Berm an
8erman
Berman
8erman
8erman

et al. , 1969a
et al. , 1967
et ul. , 1967
et al. , 1967
et al. , 1967
et al. , 1967
et al. , 1969a
al. , 1969
al. , 1969.
al. , 1969
al. , 1969
ul. , 1969
al. , 1969
al. , 1969
et al. , 1969a
et al. , 1970c
et al. , 1969b
et al. , 1969b
et al. , 1969b
et al. , 1969b
et al. , 1969b
et al. , 1969b

' Original data from Bramblett et al. , 1964, reanalyzed in Berman et al. , 1969b.
Original data from Bramblett et al. , 1963, reanalyzed in Berman et al. , 1969b.
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isospin of either Ts ——T&or Ts+ 1 = T&. The E1 strength
is apportioned between these two excitation modes roughly
according to the ratio Ts:1 (Fallieros et a/. , 1965; Fallieros
and Goulard, 1970), so that the T& mode becomes relatively
stronger with increasing Tp and hence with increasing mass
number. Thus the T& mode usually is thought of as the
"normal" giant resonance. The simple theories (Fallieros
et a/. , 1965; Morinaga, 1965) also predict a splitting in ex-
citation energy between the two modes roughly proportional
to Ts + 1, with the higher isospin T& mode lying higher in
energy (Fallieros et a/. , 1965; Akyuz and Fallieros, 1971;
Fallieros, 1973; Paul, 1973). The empirical result given by
Paul (1973), for instance, is

hE = E& —E& —(55+ 15 MeV)(Ts+ 1)/A.

FIG. 55. The measured ratio o;„t(y,2n)/0;„t, (y, total) plotted versus
neutron number, where the integrations are carried out over the energy
region from the (g,2n) threshold to the point 6 MeV above it,

distribution. The Livermore results on (y,e) cross sections
above the (y,2e) thresholds for most cases admit of a non-
statistical component of the order of 10%; the Saclay
results typically favor a somewhat larger component.

A way of delineating the mass dependence of the non-
statistical component is illustrated in Fig. 55. Here the
quantity fo(y, 2m)dE/fa(y, total)dE, where the limits of
integration are from the (p, 2e) threshold to 6 MeV above
it, is plotted versus neutron number X, for all nuclei having
A & 70 for which this information is available. This re-
moves, for practical purposes, the strong shell dependence
of this ratio (as shown in Fig. 43) by eliminating the effect
of the energy difference between the giant-resonance peak
and the (y, 2n) threshold. On this plot, a large value for the
integrated cross-section ratio indicates a small nonstatistical
component, and vice versa. It can be seen that none of the
values is less than 0.3, which probably sets an upper limit
of about 20% for the nonstatistical fraction, and only three
are greater than 0.6, which must correspond to something
&10%. This illustrates the point that for nuclei having
A & 70, at least, there probably is only slight, if any, mass
dependenc~ of the nonstatistical decay component of the
giant resonance.

Thus, for heavy nuclei, the T& "giant resonance" has very
little strength, and what little strength it has is found at
energies well above the main part of the giant resonance.
For nuclei having A & 100, however, the T& strength is
found just a few MeV above the main (T&) giant resonance,
and is of the order of about 10% to 20% of that of the T&
strength.

Most of our knowledge of the photoexcitation of T&
states comes from (p,yp) and (e,e'p) measurements, since,
in the absence of mixing into underlying or nearby T& states,
neutron decay of T& states to low-lying states in the residual
nucleus is forbidden by isospin conservation, whereas proton
decay is not. (This 6eld has been summarized recently by
Paul (1973).) However, for some nuclei, whether resulting
from mixing into T& states and/or from neutron decay to
Ts + —', excited states in the residual nucleus (whose ground
state has isospin Ts ——,'), T& effects have been seen in
photoneutron reactions. Indeed, the photoneutron cross-
section measurements for "Zr provided the erst experi-
mental evidence (Berman et a/. , 1967) for the existence of
this effect in medium or heavy nuclei, in the form of excess
strength in the 20- to 23-MeV region, above the I-orentz-
curve fit to the (T&) giant resonance (see Fig. 24). Figure
56 shows the total photoneutron cross section for this
nucleus, together with the ssY(p, ys) cross section, which
selectively populates T& states in "Zr. Similar excess

F. Structure above the giant resonance
200

I

90
30

Although this survey is not concerned primarily with
effects which usually manifest themselves outside the main
giant-resonance region, some of the data presented do in
fact bear upon these subjects, and a brief discussion of two
of them, namely, isospin effects and quadrupole effects,
will be given here.

Magnetic dipole photon absorption, which occurs at
energies well below the main giant resonance, has been seen
in other kinds of photonuclear measurements, notably in
threshold photoneutron experiments (Bowman et a/. , 1970;
Jackson, 1973) and in inelastic electron scattering (Fagg,
1973). The data surveyed here do not bear strongly upon
this subject.

1. Isospin splitting and mixing

160— n)j

120—
E

~~
80—

CrO

0
40—

0 f (v, n) (r,pn)f f (r, 2n)
I s I I I

12 16 20 24

Photon Energy- IeV

—18
E

~~—12
4P

28

For a nucleus having X —Z = 2Tp Q 0 the dipole
selection rule permits photoexcitation of states having an

FIG. 56. Comparison of the (y,n) and (y,p0) cross sections for 9 Zr,
showing that the high-energy structure in the two cross-section curves
occurs at the same excitation energies (from HasinoG et al. , 1973).

Rev. Mod. Phys. , Vol. 47, No. 3, July 1S75



B. L. Berman and S. C. Fultz: Measurements of the giant dipole resonance

lQ 12 14 16 18 20
'

22 24
(a)

100—

so—
CI

CP

CrO
60—

26 28 30 32 34
I

cr (y, , n ) t cr(y, . p)
l. LL and Tohokll-
LLL and Moscow—

1

Theory: Tanaka

300—

E

I 200

I
i

I
)

I
i

I
i

I
)

I
J

I
(

I
)

I

100

t
20 t—

0 QO 7 ltlx

120
(h)

10Q—

SQ—

C7 60—

60N.
cf(y, n ) + o(y, p)

LLL and Tohoku
——-- LLL and Moscow

+1
Theory: Rowe

20—

120 '
i

'
I

'
I

'
I T

(c)

100—

80—
R

60—
CP
4P

40—
CA

I
'

I
'

I
'

I

o(y, n.)+o(y, p)
LLL and Tohoku
LLL and Moscow

eory: lhivopistsev,
et al

20— [ iI it li
I( '

III II III tt liIt III III& I

10 12 14 16 18 20 22 24 26 28 30 32 34
Photon Energy - MeV

strength, sometimes appearing in clumps, can be seen above
the giant resonance for many of the nuclei discussed in Sec.
III.A, and this isospin effect is a plausible explanation for
much of it. However, there is no conclusive proof that this
is the case, and in many cases the quadrupole giant reso-
nance (see below) is predicted to lie in the same energy
region, as is the case for the tin isotopes (see Fuitz et al. ,
1969).

For nuclei having A ( 70 the sltuatlon ls fal IHore com-
plicated. This is partly because To is smaller than for heavier
nuclei, so that the relative T& strength is larger and the
energy splitting is smaller. But more important than this is
the fact that in these lighter nuclei the giant resonance is
itself fragmented and shell effects play a major role. As a
result, isospin mixing effects are so strong that one wonders

FIG, 57. The total photon absorption cross section for 60Ni, obtained
by summing the photoneutron and photoproton cross sections, com-
pared with the theoretical predictions of (a) Tanaka (1971};(b} Rowe;
(Ngo-Trong and Rowe, 1971; Rowe, 1973), and (c) Zhivopistsev and
Shitikova (Zhivopistsev et al. , 1972; Zhivopistsev and Shitikova, 1973).
The summed theoretical strengths are not normalized to the data
(adapted from FIIltz et a/. , 1973c).

whether isospin itself is a very fruitful concept here; its
conservation. law is one that is more honored in the breach
than in the observance. A case in point is that for Ni, whose
total photon absorption cross section {obtained from sum-
ming the photoneutron cross section of Fig. 19(a) and the
photoproton cross section measured using bremsstrahlung
by Ishkhanov et al. (1970) or by means of the (e,e'p) reaction
by Shoda el al. L(1973); Miyase el aL, (1973)j) is shown in
Fig. 57, together with the predictions of three theoretical
calculations. LA simiiar comparison is given in Fuitz el al.
(1973c) for ' Ni as well, where the (y,p) reaction channel
dominates over the (y,e).j The theories predict, and the
data show, that the situation is so complex that the simple
concept of isospin splitting of the giant resonance, which
seems to work well for heavier nuclei, cannot be applied in
the mass region around A = 60, except in some average
sense, wherein one refers to the centroids of the T& and T&
strength distributions.

300 I I I

250—

150

100—

5QE

0
~~ 300

g 250—

200—

100—

50—

0 I I I I I I I

6 8 10 12 14 16 18 20 22 24 26 28 30 32

Photon Energy - Me V

FIG. 59. The total photoneutron cross sections for (a} '"Sn and (b)
"'Sn (Fig. 25). The solid curves are calculated with the dynamic
collective model, and include the E2 giant resonance; the dashed curves
result from E1 photon absorption only (from Urbas and Greiner, 1970)
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FIG. 58. The total photoneutron cross section for '"Tb (Livermore).
The solid curve is calculated with the dynamic collective model, and
includes the E2 giant resonance; the dashed curve results from E1
photon absorption only (from Ligensa and Greiner, 1967}.
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For the special case of "0, where the isospin mixing in
the giant resonance is small )see Hanna (1973) for a, recent
review of isospin mixing in the giant resonance, particularly
for light nuclei), the measurements of Caldwell et a/. (1967a,
1967b) give the value of 0.08 for the average isospin-mixing
amplitude ratio.

For the special case of the mass 13 nuclei, Measday et aI.
(1965) have argued that the i3N(y, po) cross section is com-
posed mainly of T( strength while the "C(y,p) cross section
is mainly T) Lthe i3C(p, n) cross section contains both iso-
spin components j; that the T~ ——~3 component is the
stronger (as expected); and that the energy splitting is of
the order of 6 to 8 Mev (as expected).

For the special case of "Mg, the fact that the two clumps
of strength below 19 MeV and from 19 to 23 MeV seen in
Fig. 16(a) are characterized predominantly by different
isospin was shown in a photoneutron time-of-flight mea-
surement using bremsstrahlung by AVu et a/ (1970.b; see also
Fultz et a/. , 1971).

2. Electric quadrupole absorption

It has long been speculated that absorption of E2 radia-
tion plays a role both above and below the giant dipole
resonance, but since the expected magnitude of this eRect
was at least an order of magnitude smaller than dipole
absorption, it has been hard to observe experimentally.
Now it appears that E2 absorption has been seen below the
giant resonance in medium and heavy nuclei by inelastic
scattering of electrons and charged hadrons (Buskirk et a/. ,
1972; Torizuka et a/. , 1972; Lewis, 1973), and above the
giant resonance in some of the data, presented here. )In light
nuclei, E2 strength has been seen in many reaction channels,
notably in measurements of (p,y) angular distributions (see
Suffert, 1973) and in (y,m) and (p,y) polarization measure-
ments (Firk, 1970; Glavish, 1973)j.

Since the effective charge for E2 absorption for protons
is much larger than for neutrons in medium and heavy
nuclei, and since proton emission is inhibited by the Cou-
lomb barrier for modest proton energies, the low-energy E2
eRects would be very hard to observe in experiments with
real photons. But for higher excitation energies, especially
energies above the (y,pe) thresholds, this no longer is
true, and one can expect quadrupole effects in the photo-
neutron cross sections at about 1.6 times the energy of the
giant dipole resonance, where the E2 absorption is predicted
to be centered (Danos and Greiner, 1964b). This situation
clearly prevails for the deformed rare-earth nuclei, where
T& eRects should be small and prominent high-energy
structure is seen in several cross sections, particularly those
for "Tb "Gd, and ' Ho. A calculation of this giant
quadrupole resonance has been made within the' framework
of the dynamic collective theory by Ligensa et a/. (1966;
Ligensa and Greiner, 1967) and has been applied by them
to the cases of '59Th and "5Ho. The results for "9Tb are
shown in Fig. 58, where the quadrupole eRect is included
in the calculated solid line. One can see that the energy
and strength of the effect agree rather well with the ex-
perimental data; and since the widths of the individual
peaks are arbitrary in the theory, allowing them to vary
for the five quadrupole states (which correspond to the five

values for the spherical harmonics I'~,) could produce better
agreement still.

For spherical nuclei, the collective theories also predict
E2 strength centered at 1.6 E . Unfortunately, for many
nuclei this range of energies overlaps the region of the strong
T) dipole states. A case in point is that of the tin isotopes
(Fultz et a/. , 1969), where the structure above the giant
resonance (Fig. 25) could owe its origin to either or both
effects. In fact, Urbas and Greiner (1970) achieved excellent
its to the data for "' '"Sn of Fultz g] al. using the dynamic
collective model to calculate both the dipole and quadrupole
contributions to the cross sections. The results of this
calculation are shown in Fig. 59. The goodness of these
its implies that this is a promising approach, and more
experimental and theoretical effort along these lines is
called for. For the photoneutron channel in particular,
however, much Armer evidence than the above is needed,
and measurements both of photoneutron angular dis-
tributions and of the evolution of the shape of the "E2
giant resonance" through a series of transitional nuclei
Lsuch as the neodymium isotopes, as has been done for the
El giant resonance by the Saclay group (Carlos et a/. , 1971)$
should be performed (Greiner, 1973).

V. SUMMARY

Various experimental methods for obtaining monoener-
getic photon beams were described, and the apparatus and
techniques employed at Livermore and Saclay for mea-
suring photoneutron cross sections with monoenergetic
photons from the annihilation in fight of fast positrons were
analyzed in detail. Sample giant-resonance data obtained
over the course of more than a decade with monoenergetic
photons were plotted in a uniform format and compared.
The data for individual nuclei were discussed. For the most
part, the data taken at the various laboratories were found
to agree quite well with each other; this. situation certainly
is far better than. that which had prevailed previously for
photonuclear cross-section measurements performed with
the use of continuous bremsstrahlung radiation sources. In
addition to the main body of photoneutron cross-section
data, a number of specialized experiments which bear on
theories of the giant resonance were described as well.

The properties of the giant resonance which could be
determined from this body of data were enumerated, tabu-
lated, plotted, and compared with theoretical predictions.
Some quantities, namely, the integrated cross sections,
could be derived directly from the data. The TRK sum
rule was found to be exhausted by the total photoneutron
cross section integrated up to about twice the mean energy
of the giant resonance. The erst moment of the integrated
cross section was found to be roughly proportional to A4",
with a proportionality constant of about 0.19. The second
moment of the integrated cross section, which is propor-
tional to the nuclear polarizability, was found to be specified
rather well by the Migdal sum rule. The ratio of the inte-
grated cross section for multiple neutron emission to the
integrated total photoneutron cross section was found to be
a sensitive indicator of nuclear shell effects.

Lorentz curves were fitted to all the giant-resonance data
for medium and heavy nuclei in a self-consistent manner,
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and comments on individual nuclei were offered. Deformed
nuclei were fitted with two non-interfering Lorentz curves.
The parameters of these Lorentz-curve fits to the data
were tabulated, as were several nuclear quantities derived
from them. The nuclear symmetry energy was found to
increase appreciably with mass number, and was fitted with
a functional form which accounts for both volume and
surface contributions. The energy of the peak of the giant
resonance was found to have a mass dependence midway
between the A '~' and 3 '~' predictions of the semiclassical
collective theories, showing that neither volume nor surface
effects dominate the restoring force in the mass region
51 & A & 238. The width of the giant resonance was found
to be hard to describe by a simple power of the resonance
energy. The area under the Lorentz curves fitted to the data
extrapolated to infinite energy was found to exhaust about
1.2 TRK sum-rule units, showing that the contribution
from meson exchange forces to the giant-resonance absorp-
tion strength was rather smaller than had been believed
previously. The hydrodynamic theory of the giant resonance
was shown to give an excellent prescription for determining
the eccentricity, and hence the intrinsic quadrupole moment,
of statically deformed nuclei from the splitting of the giant
resonance; however, the ratio of the areas under the two
peaks departs from the predicted value of 0.5 for (prolate)
nuclei which are not strongly deformed.

A number of other topics were discussed as well, insofar
as they are related to the data surveyed here. Collective
theories which couple quadrupole surface oscillations of the
nucleus to the dipole vibrational modes were applied to the
data —particularly the dynamic collective model of Danos,
Greiner, and collaborators for spherical, deformed, vibra-
tional, and transitional nuclei. The location and strength of
electric quadrupole absorption also can be calculated from
the dynamic collective theory, and was shown to fit very
well the high-energy structure observed in the cross sections
for certain nuclei. Nuclear level-density parameters and
shell-and-pairing energies were extracted from the ratio of
partial photoneutron cross sections above the (y, 2n) thres-
holds and the fraction of nonstatistical decay products of
the giant resonance was estimated. Finally, isospin splitting
and mixing effects in the giant-resonance data were noted,
and it was seen that for the nickel isotopes at least, both
theory and experiment exhibited a very complex structure.

Vl. PERSPECTIVE

Owing largely to the development and exploitation of
monoenergetic photon beams, it now can be said that, by
and large, the systematic properties of the giant E1 reso-
nance have been determined well, although there remain a
number of outstanding problems that call for further study,
particularly among the light nuclei (where it is often the
case that each nucleus presents its own unique features of
interest). This being the case, it now is appropriate to focus
attention on the other collective modes of the nucleus, which
manifest themselves through the absorption of electro-
magnetic radiation of other multipolarities. These other
modes usually are excited more readily by electron and
hadron scattering, where larger linear and angular momenta
can be transferred to the nucleus and fo'r which as a con-
sequence the usual electromagnetic selection rules are modi-
fied (for example, EO transitions can be induced). Neverthe-

less, measurements with real photons, because of their very
specificity, have played and will continue to play an im-
portant role. A few such measurements have been presented
here, particularly of the isovector E2 resonance above the
giant E'1 resonance, and others, notably of the giant M1
resonance below the giant B1 resonance, are in the literature.

In addition to the study of the collective modes of the
nucleus which has constituted the core of photonuclear
physics, a number of other topics can be studied effectively
with monoenergetic photon beams at or near giant-resonance
energies, among them nuclea, r spectroscopy (as well as
reaction mechanisms), especially in the continuum region
for light nuclei. In particular, a considerably expanded
effort is called for in photon scattering and in the measure-
ment of the angular distribution and polarization of photo-
ejected particles. More effort is needed in the too-neglected
field of photofission as well. Finally, a number of applications
have grown out of the photonuclear Geld, including those to
astrophysics, nuclear reactor technology, and biology and
medicine; and these applied fields certainly will continue
to need more of the kind of fundamental information which
monoenergetic-photon studies can provide.
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