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Role of the constriction angle on the clogging by bridging of suspensions of particles
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Confined flows of particles can lead to clogging, and therefore failure, of various fluidic systems across many
applications. As a result, design guidelines need to be developed to ensure that clogging is prevented or at least
delayed. In this Letter, we investigate the influence of the angle of reduction in the cross section of the channel
on the bridging of semidilute and dense non-Brownian suspensions of spherical particles. We observe a decrease
of the clogging probability with the reduction of the constriction angle. This effect is more pronounced for
dense suspensions close to the maximum packing fraction where particles are in contact in contrast to semidilute
suspensions. We rationalize this difference in terms of arch selection. We describe the role of the constriction
angle and the flow profile, providing insights into the distinct behavior of semidilute and dense suspensions.
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Clogging is a major issue in a wide range of systems at
various length and time scales [1–4]. Clogging can happen
when a flowing suspension is geometrically confined, partic-
ularly in the presence of constrictions, and can impair many
applications. Therefore, guidelines to design resilient fluidic
systems that handle suspensions must be carefully established.
Describing clogging is challenging as it might occur through
different mechanisms: sieving [5–8], bridging [9,10], and ag-
gregation [11–14], or a combination thereof [15]. We focus
here on bridging, corresponding to the formation of a stable
arch of several particles at a constriction. The formation of
stable arches arises from particle-particle and particle-wall
interactions that can be quite complex, and the role of the
friction is important, as also observed in the rheology of dense
suspensions [16–19]. More specifically, recent studies have
shown that semidilute and dense suspensions follow a general
behavior for clogging similar to dry grains in silos despite
some important differences (see, e.g., [9,20,21]). For instance,
for nondense suspensions, corresponding to a situation where
the particles are not all in contact, the evolution of the clog-
ging probability follows a stepwise evolution, whereas this
evolution is continuous for dense suspensions [9,10]. More
generally, the role of various parameters on bridging was
investigated and included the constriction width [9,22,23],
particle roughness [24], the effects of fixed grains near the
outlet [25], particle stiffness [26], liquid driving force [27],
as well as active particles [28]. The shape of the particles
also has a strong influence on clogging [29], but we restrict
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ourselves in this Letter to spherical particles. In this case, geo-
metrically, the ratio of the constriction width W to the particle
diameter d is key to determining the probability of clogging
[15]. Experiments with dry grains in a two-dimensional (2D)
hopper suggest that the constriction angle θ could also affect
the clogging probability of suspensions through the selection
of the minimum possible number of particles to form an
arch [30]. An example of the importance of this angle might
be found in additive manufacturing, as recent research has
shown that better design of the nozzle angle can prevent the
clogging of fiber-filled polymer ink in three-dimensional (3D)
printers [31].

For particulate suspensions, a key difference is the role of
hydrodynamics that may affect the formation of clogs [32,33].
Besides, there are some key differences in the clogging of
semidilute and of dense suspensions. Such differences have
been studied through the evolution of the clogging probability
with the particle fraction, revealing fundamental differences
in the clogging of semidilute and dense suspensions [10]. In
the former, the number of particles forming an arch is min-
imized and equals Np = �W/d� + 1, i.e., the minimum size
of an arch spanning the entire constriction. In contrast, dense
suspensions form arches with a variety of numbers of particles
Np � �W/d� + 1. This difference in arch formation leads to a
stepwise evolution of the clogging time with W/d for semidi-
lute suspensions and a continuous monotonic increase of the
clogging time with W/d for dense suspensions [10], similar
to the behavior of dry granular material in 2D and 3D hoppers
[30,34–38]. Since the selection of the number of particles in
the arch is critical in the reduction of the clogging probability
of dry grains in silos [39], it is unclear if tuning the angle of a
constriction of a fluidic system will lead to the same reduction
of clogging probability and therefore if this approach is, at all,
useful for suspensions of particles.

In this Letter, we investigate the influence of the con-
striction angle θ on the clogging of millifluidic channels by
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FIG. 1. Examples of visualizations for (a) a large constriction
angle (θ = 60o and W/d = 1.7) with a semidilute suspension at φ =
0.19 and (b) a smaller constriction angle (θ = 15o and W/d = 2.7)
with a dense suspension at φ � φm. The particles of diameter d
are flowing from left to right, first in a main channel of width
Wch = 7.8 mm, and then brought to a constriction of width W with a
narrowing part of constant angle θ . Scale bars are 3 mm.

non-Brownian monodisperse suspensions. Due to the fun-
damental difference in clogging of semidilute and dense
suspensions mentioned previously, we consider a moderate
solid fraction where the particles are not all in contact and
a solid fraction where the particles are close to the maximum
packing. This Letter is geometrically bounded by two cases:
a hopper, typical of dry granular flows, with a constriction
angle θ = 90o so that the reduction from the channel to the
constriction is abrupt, and a tapered long channel at small
values of θ when the reduction is smooth. For dry granular
materials, the seminal work of To et al. showed that the angle
of the constriction has little impact on clogging for hoppers
above a critical angle [40]. This result was experimentally
extended and further characterized by López-Rodríguez et al.
[39], and confirmed in other configurations [41,42]. However,
the influence of the constriction angle remains elusive in the
case of suspensions [43]. In the following, we characterize
the clogging probability from hopperlike geometries to gently
tapered channels for both semidilute and dense suspensions in
viscous flows.

The flow and clogging of non-Brownian suspensions are
investigated in 3D-printed millifluidic channels. We can track
and count the particles as well as characterize the appear-
ance and geometry of clogs formed. The millifluidic devices
are made using stereolithography printing methods (Formlabs
Form 3) [10]. The system is quasibidimensional with a height
H � 0.95 mm, minimizing particle overlap. The design of the
system is illustrated in Figs. 1(a) and 1(b) and allows us to
tune the width and the angle of the constriction, respectively
W and θ . The width of the channel upstream of the constric-
tion Wch is kept constant in this Letter. The direction of 3D
printing is selected as parallel to the main axis of the channel,
with the converging area pointing opposite to the direction

of gravity. Using this approach ensures that the roughness
of the wall is similar across the constriction width and angle
considered.

The suspensions consist of non-Brownian spherical
polystyrene particles of diameter d = 581 ± 15 µm
(Dynoseeds from Microbeads) dispersed in a Newtonian
mixture of DI water and polyethylene glycol (PEG, Sigma
Aldrich) at 62%/38% per weight, with a dynamic viscosity
of ηf = 75 mPa s. The density of the interstitial fluid matches
the density of the particles, ρf � ρp � 1.05 g cm−3. The size
of the particles ensures that electrostatic forces are negligible
with respect to contact and hydrodynamic forces and that
clogging occurs only through the formation of an arch at
the constriction. Our experiments are quasibidimensional,
and we define here the surface fraction of particles φ as
the ratio of the projected area of particles to the total area
[10]. Because the ratio of the channel height on the particle
diameter is slightly larger than unity (H/d � 1.6), there
is a small overlap of the particles leading to values of the
maximal packing fraction φm � 0.95 larger than a perfect
two-dimensional situation. We should also emphasize that
since our particles exhibit a small size distribution around
the mean diameter (d = 581 ± 15 µm), no ordering or
crystallization is observed in the tapered area of the channel.
In the following, we investigate the influence of the angle of
the constriction θ on the clogging probability. We consider
both the cases of semidilute (φ ≈ 0.19 and 0.32) and dense
(φ ∼ φm) suspensions. The suspension is injected at a
constant flow rate Q = 1 mL/min leading to particle velocity
of order up ≈ 2.2 mm s−1 upstream of the constriction and a
particle Reynolds number Rep = ρf dup/ηf always smaller
than unity.

We first performed the experiments with a semidilute sus-
pension at φ = 0.19 for constriction angles 2.5o � θ � 90o.
Similar to previous studies for semidilute suspensions [9,10],
the present experiments show that the number of particles
flowing through the constriction before clogging is character-
ized by an exponential distribution, p(s) ∝ e−s. In addition,
using the mean number of escapees 〈s〉, the experimental
data for all constriction angles collapse on a master curve,
as reported in Fig. 2(a). This observation is expected since
the clogging process is stochastic and can thus be described
by a geometric law [40]. Similarly, a dense suspension at
φ ∼ φm also exhibits a similar behavior once rescaled by 〈s〉
[Fig. 2(b)]. We thereafter rely on 〈s〉 to characterize the system
while varying the different parameters, and in particular, the
constriction angle.

We show in Figs. 2(c) and 2(d) the evolution of 〈s〉 for a
semidilute and a dense suspension, respectively, as a function
of the constriction angle θ . Due to the significant experimental
time to clog a constriction at low volume fractions, we used in
Fig. 2(b) a constriction size of W/d = 1.7, whereas we were
able to consider W/d = 2.7 for the dense case. The behav-
iors observed appear qualitatively similar with a substantial
increase of 〈s〉 at small constriction angles and an almost
constant value of 〈s〉 for angle larger than θ = 10o–20o. How-
ever, the relative increase of 〈s〉 seems more limited for the
semidilute suspension than for the dense suspension. We no-
tice that both in the semidilute and dense cases, a plateau value
for 〈s〉/〈s〉0 is observed for θ � 30o. We will discuss in the
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FIG. 2. Probability density function P(s/〈s〉) of the normalized
number of particles escaping the constriction s/〈s〉 before clogging
for (a) φ = 19% with a constriction width W/d = 1.7 and (b) φ =
φm with a constriction width W/d = 2.7. Evolution of the average
number of particles flowing through the constriction 〈s〉 as a function
of the constriction angle θ for (c) φ = 19% and W/d = 1.7 and (d)
φ = φm with W/d = 2.7. The color bar on the right indicates the
angle of the constriction and the dashed line is the plateau value at
large constriction angles (θ � 30o).

following the reasons for the divergence of 〈s〉/〈s〉0 at smaller
constriction angles.

To characterize more quantitatively the relative influence
of the constriction angle in the semidilute and the dense case,
we rescale the mean number of escapees, 〈s〉, by the plateau
value observed for θ � 30o, later referred to as 〈s〉0 and shown
by the horizontal dotted line in Figs. 2(c) and 2(d).

Figure 3 shows that reducing the constriction angle has
indeed a stronger relative effect for dense suspensions where
particles are more in contact. In our system, for an angle of
θ = 5o, the millifluidic channel can take as long as seven times
the time it would take for a dense suspension to clog at a larger
constriction angle. The role of the volume fraction φ and the
increase in 〈s〉/〈s〉0 at small constriction angle can be better
seen in the inset of Fig. 3. In all cases, the experimental results
suggest that 〈s〉/〈s〉0 ∝ (sin θ )α where α < 0 depends on the
experimental condition. This scaling law observation comes
from the fact that the reaction of the particles with the solid
surface is proportional to sin θ . In particular, for semidilute
suspension and a small constriction W/d = 1.7 we observe
that for both φ = 0.19 and 0.32, |α| < 1 (|α| = 0.5 ± 0.1).
However, for dense suspensions (φ ∼ φm) the exponent is
larger, |α| = 1.1 ± 0.3, and seems similar for the two dimen-
sionless constriction widths W/d considered here, although
the data suggest that for W/d = 1.7 the coefficient is closer
to |α| = 0.9 and for W/d = 2.7 it is closer to |α| = 1.2.
This observation suggests that reducing the angle of the

φ = 0.19
φ = 0.32

FIG. 3. Evolution of the rescaled average number of particles
flowing through the constriction before clogging 〈s〉/〈s〉0 as a func-
tion of the angle of the constriction for semidilute and dense
suspensions. Inset: Divergence of 〈s〉/〈s〉0 in the limit of small
angles θ .

constriction is more efficient in delaying clogging for concen-
trated suspensions with particles almost always in contact. In
addition, in the dense case, even if the start of the divergence
appears roughly at θ = 22.5o for both W/d = 1.7 and 2.7, the
divergence seems to be slightly faster for W/d = 2.7 likely
due to a stronger mechanism of arch selection.

Although their focus was more on the evolution of clogging
with W/d rather than the angle, we can consider the experi-
mental data of López-Rodríguez et al. [39] for some values of
W/d (see Supplemental Material [44]). In their experiments,
an effect of the angle seems to appear as early as θ = 300

(note that the definition of the angle of the constriction is
different, and we adapted their data to our notation). In ad-
dition, the increase of 〈s〉/〈s〉0 when reducing the constriction
angle is even more pronounced. A fit to their data suggests
that 〈s〉/〈s〉0 ∝ (sin θ )α still apply. However, the value ob-
tained from their experiments at a similar W/d as our dense
suspension is |α| � 2.6, which is significantly larger than the
one observed for dense suspensions. Moreover, in their data
the value of |α| varies based on �W/d� (see Supplemental
Material [44]). Such an effect was less significant for dense
suspensions, likely due to limitations in our range of �W/d�.
The difference in this divergence may be due to the difference
in roughness and the lubrication between particles in our
cases.

To rationalize the difference in exponent for 〈s〉/〈s〉0 ∝
(sin θ )α in the semidilute and dense cases, we analyzed the
arches formed for all experiments, and in particular the num-
ber of particles that constitute them. We report in Figs. 4(a)
and 4(b) the evolution of the percentage of arches made of Np

particles for φ = 0.19 and φm, respectively. We observe that
for semidilute suspensions, the number of particles constitut-
ing an arch for W/d = 1.7 remains equal to �W/d� + 1 = 2
irrespective of the constriction angles. In contrast, Fig. 4(b)
illustrates that for φ ∼ φm, a range of arch sizes is possible
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FIG. 4. Relative percentage of clogging arches with Np particles
when varying the angle of the constriction of width W/d = 1.7 for
(a) φ = 0.19 and (b) φ ∼ φm. The color code indicates the number
of particles in the arches. (c) Evolution of the average number of
particles 〈Np〉 in the clogging arches in the same two cases.

when the constriction angle is large, approximately θ � 45o.
Arches composed of Np = 2 particles occur frequently, some-
times even more so than the minimum possible size of Np =
2. However, as the constriction angle θ decreases, a trend
emerges where only one arch size, equivalent to �W/d� + 1 =
2, is observed, as can be seen for instance for θ = 7.5o here.
This shift is further evident in Fig. 4(c) when directly com-
paring the evolution of the average arch sizes for φ = 0.19
and φ ∼ φm. We observe a reduction of arch size along with
the reduction of the constriction angle for dense suspensions,
with less stable arch configurations available for clogging.
This result is also valid for larger W/d with dense suspensions
(see Supplemental Material [44]). The present observation is
in agreement with the one reported for granular flows [39,40].

As a result, since the reduction in arch size is not possible
for semidilute suspensions as the arch size is already mini-
mized, the effect of decreasing the constriction angle is less
pronounced for semidilute suspensions. This is the main cause
behind the distinct divergent behavior of semidilute and dense
suspensions. Yet, even without this selection mechanism, the
mechanical stability of the arches decreases when decreasing
the angle, leading to less stable arches and thus an increase
in 〈s〉.

In the case of semidilute suspensions, fluid flow may af-
fect the clogging dynamics and stability of the arches. We
report the trajectory of the particles in Fig. 5(a) for θ = 7.5o

and Fig. 5(b) for θ = 60o. The trajectories of the particles
follow qualitatively the fluid streamlines, but particles have
a slightly lower velocity due to the vertical confinement.
Since incoming particles will impact on arches just after their
formation occurring at different locations depending on the
angle, we consider in Fig. 5(c) the average distance between
the position of a clog (defined at the most upstream edge
of the arch) and the constriction, 〈lclog〉. As expected 〈lclog〉
increases when decreasing θ since the clogs form earlier in
the channel. We can then compare in Fig. 5(d) the veloc-
ity of particles when entering in contact with a clog and at
the constriction for different angles. Both velocities keep a
similar value regardless of the constriction angle. While this

FIG. 5. Example of streamlines and velocity amplitude (color
bar) for W/d = 1.7, φ = 0.19, and (a) θ = 7.5o and (b) θ = 60o.
Scale bars are 2 mm. (c) Average distance between the position of
a clog and the constriction as a function of the constriction angle.
(d) Velocities of the particles when crossing the constriction at its
narrowest part xconstri and at the average position of clogs 〈xclog〉 as
a function of the constriction angle θ for φ = 0.19. The horizontal
dashed line is the velocity of the fluid computed with the imposed
flow rate.

observation was expected at the constriction, it is also the
case at the average position of clogs as this location moves
further away from the constriction when decreasing the angle
[Fig. 5(c)]. As a result, stable arches are created, on aver-
age, at the part of the constriction with the same velocity.
Therefore, we do not expect arch destabilization due to the
impact of particles to be more important at small constriction
angles for viscous flows. Another main difference between
low and large angles is the dispersion of the streamlines.
As particles arrive in the tapered part of the channels, the
more confined environment will lead to more interaction
and more rearrangements before the constriction. Such ef-
fects might lead to a smoother flow rate of particles through
the constriction and, thus, to fewer variations in the local
solid fraction directly upstream of the constriction. Nonethe-
less, our experiments seem to suggest that hydrodynamics
do not appear to play the main role in the decrease of the
clogging probability as it is mostly governed by particle-
channel interactions, at least for small enough constrictions,
W/d < 2 here.

In conclusion, our Letter characterized the role of the
constriction angle on the bridging of semidilute and dense
suspensions. The angle of constriction has little to no impact
when θ � 20o. This value angle is likely to depend on the
frictional interactions and is similar to dry grains. Our results
revealed that, while the divergence at low angles for both
semidilute and dense suspensions scales as (sin θ )α (α < 0),
the latter is far more sensitive to it. This key difference comes
from the fact that the average number of particles in an arch
is correlated to the constriction angle for dense suspension.
Decreasing θ in this case eliminates the possibility of forming
arches with more than Np = �W/d� + 1 particles due to geo-
metrical constraints, as reported for dry grains in silos [39] and
thus reduces significantly the clogging probability. The role of
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θ is less important for semidilute suspensions since arches are
already formed with the minimal number of particles Np =
�W/d� + 1 regardless of θ . The smaller divergence observed
is due to the mechanical stability of the arch, an effect that is
present in both cases. Our experimental approach limited the
range of solid fractions that we were able to consider, but it
would be interesting to study the power law of the divergence
at small constriction angles for solid fractions close to, but
smaller than, the maximum packing fraction. Finally, while
hydrodynamics may play a role in the clogging of semidilute
suspensions, it does not seem to be the main mechanism for

the reduction of the clogging probability when reducing the
constriction angle in our experiments. Numerical simulations
that would allow computing the drag force on the parti-
cles and the particle-particle and particle-wall interactions
could help decipher more accurately the contribution of both
mechanisms [45].

This material is based upon work supported by the Na-
tional Science Foundation under National Science Foundation
(NSF) Faculty Early Career Development (CAREER) Pro-
gram CBET Award No. 1944844.
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