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Maximizing MeV x-ray dose in relativistic laser-solid interactions
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Bremsstrahlung x rays generated in laser-solid interactions can be used as light sources for high-energy-
density science. We present electron and x-ray spectra from multidimensional kinetic simulations with varying
laser pulse intensity and duration at fixed energy of 200 J. A phenomenological model for the transition from
superponderomotive to ponderomotive temperatures is described, yielding a temperature scaling that depends
on pulse duration and density scale length. The shortest pulses create low-divergence electron beams before
self-generated magnetic fields evolve, yielding 1-5-MeV forward-going x rays containing ~0.5% of the laser

energy.
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The interaction of a high-intensity laser pulse with a solid
target produces a high forward flux of multi-MeV electrons
through a variety of physical mechanisms [1-6]. The “hot”
electrons can produce bremsstrahlung x rays [7,8], which
are of interest for a variety of applications [9-11]. Work
has been devoted to optimizing bremsstrahlung production
and controlling its directionality, including the use of pre-
formed plasmas [5,8,12], advanced nanowires [13,14], and
cone-shaped targets [15,16]. In addition, laser absorption has
been shown to rise with increased laser intensity and oblique
incidence [17,18]. Particle energies greater than predicted by
traditional scaling laws have been observed for long-pulse
lasers [19] and subpicosecond laser pulses coupled with sub-
millimeter near-critical-density foams [20]. Certain schemes
using PW-class laser systems can produce brilliant, colli-
mated multi-MeV photons [21-23]; however, the techniques
discussed herein are scalable to kilojoule laser systems and
generate pointlike x-ray sources that are more ideal for high-
energy-density imaging and industrial radiography.

In this Letter, we present particle-in-cell (PIC) simulation
results on relativistic laser-solid interactions where the laser
pulse amplitude and duration are varied with energy held
constant. Recent computational techniques [24,25] detailed
hereafter are employed that allow for large-scale (hundreds
of micrometers) and long-time (tens of picoseconds) simula-
tions of such interactions. Electron spectra and beam profiles
determined from PIC simulations are used as input for Monte
Carlo simulations to calculate x-ray spectra, and a clear max-
imum in 1-5-MeV x-ray dose is found as a function of laser
intensity.
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All PIC simulations are performed with OSIRIS [26]. The
density rises from near zero to 10n, from x = —27.6 to 0 um
in an exponential profile of the form 10n.¢*/%, where the scale
length Ly is 3 um, and n, is the critical density; the density
remains 10n,. for positive x. We use two-dimensional (2D)
Cartesian simulations where the plasma is 240-um wide in
y and extends to 150 um in x at the right edge with elec-
trons and ions (with a charge-to-mass ratio of e/2m,,, where
e is electron charge and m, is proton mass) initialized at a
temperature of 0.1 keV. Open and thermal boundary condi-
tions are used for fields and particles, respectively, except
for an open particle boundary condition at the left wall. A
diffraction-limited Gaussian laser with spot size, wp, 30 um
is launched from left to right in the X direction with a
focus at the critical surface, where the Rayleigh length is
nw%/k and A is the laser wavelength. Although each PIC
simulation corresponds to a family of cases with identical
normalized parameters, we give physical units correspond-
ing to A =1 um. We vary the amplitude and duration of
the laser, keeping the product a3t constant at 10 ps, where
ap ~ 8.6 x 10719/ (W/cm?2)A (um) is the normalized vec-
tor potential for vacuum intensity Iy, and t is the full
width at half maximum (FWHM) of intensity. The lowest-
and highest-intensity cases have (ap, ) = (0.58, 30 ps) and
(31.6, 0.01 ps), respectively, with energy 200 J for all cases—
an energy achievable by many picosecond-class laser systems.
The laser profile is Gaussian in the transverse direction and is
a polynomial function temporally [27]. Cell sizes are 0.4 ¢/wq
in each direction, where wy is the laser frequency. The time
step is 0.282aw), ! and simulations end 2 ps after the laser
is extinguished. A limited set of simulations is also per-
formed with cells of size 0.2c/wq (ag = 5.77, 20), with a peak
density of 30n, and cell size 0.2c¢/wy (ap = 25), and with
collisions (agp = 25) to ensure that results do not depend on
the resolution and are not subject to relativistic transparency
or collisional effects. Figure 1 shows the electron density,
laser envelope, and forward electron energy flux [defined as
0, = [v(y — )m.c*F (%, p)dp for the plasma distribution
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FIG. 1. Electron density, transverse laser field envelope, and for-
ward electron energy flux for a laser with (ag, ) = (1.83, 3 ps) and
wy of 30 um near when the peak of the laser pulse reaches the critical
surface. Quantities are spatially averaged for visualization.

function F] for a simulation with (ag, ) = (1.83, 3 ps). The
plasma density sharply increases near the laser axis, and the
laser is observed to penetrate slightly into the overdense re-
gion where the electron energy flux is greatest.

To make such long-time simulations possible, we employ
some unique PIC techniques. Electrons (ions) are simulated
with 64 (16) particles per cell, but in order to avoid nu-
merical stopping of energetic particles from the enhanced
wakes of macroparticles [24], fast electrons (y > 1.5) are split
into 64 smaller particles. To prevent hot-electron refluxing
from simulation boundaries, extended particle absorbers [25]
are employed over the regions |y| > 110 and x > 130 um to
gradually stop energetic particles without unphysically large
electric-field growth. Low-energy particles with small charge
in the absorbing regions are later combined to reduce com-
putational load. The left vacuum boundary in x is located so
as to be causally separated from the vacuum-plasma interface
(varied based on simulation time). Last, to avoid numerical
grid heating and to further reduce the enhanced wakes, we use
cubic particle shapes.

The Monte Carlo simulation package GEANT4 [28] is used
to compute the energy and number of bremsstrahlung x
rays generated by the high-energy electrons from the PIC
simulations. The GEANT4 code is capable of simulating the
bremsstrahlung radiation from individual particles, although it
neglects self-consistent electromagnetic fields and other col-
lective effects. First, the forward-going high-energy electron
spectra (i.e., electrons with positive v,’s) are extracted from
OSIRIS every 200 time steps over the region 50-57.5 um in
x, and the approximate electron source size and divergence
angle are estimated. Although these electrons follow nearly
straight-line trajectories from the plasma interface to this re-
gion within OSIRIS, in reality bremsstrahlung emission will
begin immediately within the target. Thus, we then inject an
electron beam with the measured source characteristics (i.e.,
spectrum, size, and angle at the plasma interface) directly
into 500 um of tungsten using GEANT4, with hundreds of
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FIG. 2. Time-integrated electron and resulting photon spectra
for two simulations at identical laser pulse energy (laser intensity,
FWHM, and electron temperature labeled in units of 10'® W/cm?,
picoseconds, and MeV, respectively). The inset shows the stopping
power (collisional, radiative, and total) of tungsten as a function of
electron energy.

equisized energy bins between 0.2-100 MeV. Finally, the
X-ray spectra are time integrated as a function of emitted
angle and weighted according to the corresponding electron
dose.

Figure 2 shows the cumulative forward-going OSIRIS elec-
tron spectra for two simulations. The inset shows the stopping
power of tungsten as a function of electron energy. Dashed-dot
lines show the resulting x-ray spectra computed from GEANT4
and collected over all angles. Although the low-intensity
(blue) simulation in Fig. 2 gives nearly twice the number of
1-5-MeV electrons as the high-intensity (orange) simulation,
the large stopping power of many-MeV electrons results in
more x rays of all energies for the high-intensity simulation
with a higher electron temperature.

Aggregate data from our sequence of PIC simulations
are shown in Fig. 3. In (a), we show the amplitude A
and electron temperature 7x of exponential fits performed
over 3-30 MeV. The generation of energetic electrons is a
complicated process that has been described by many dif-
fering scaling laws and analyses [29]. Rather than compare
to this Letter, we also show the ponderomotive temperature
scaling [2,30] as a reference point, which goes as Tpong =
mec?(x/1+ ao2 /2 — 1) for a linearly polarized laser. The pon-
deromotive scaling indicates that T scales with the laser field
for ap > 1; this corresponds to the work performed on an
electron after it moves a single laser wavelength, which is
more characteristic of the high-intensity laser pulses. How-
ever, at low intensity (long duration), the plasma expands,
and electrons in the low-density region can repeatedly and
stochastically interact with the incident and reflected laser
pulses over a long distance, generating electrons with tem-
peratures and energies much larger than the ponderomotive
potential [31-35].

Insight into how electron spectra are generated and how
they scale with intensity can be found by looking at the tracks
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FIG. 3. (a) Scaling of hot electron temperature with laser in-
tensity at constant energy. The A and 7p values result from an
exponential fit Ae~E/T¢ to the simulated cumulative forward electron
spectra, where E is energy. The inset shows the farthest distance
tracked particles extend away from the constant-density region as
a function of their final energy within in the target for a single
simulation, colored by absolute angle from the x axis in the target.
(b) Electron dose (normalized to the largest value), fraction of the
laser energy absorbed E,us and plasma scale length Lg after half
of the laser pulse duration. (¢) X-ray dose as a function of intensity
with the same normalization as in (b), collected within a forward
cone of 20° aperture (blue/orange) and at all angles (green/red).
X-ray counts over all energies are scaled by 1/3 for visibility. Also
shown is the fraction of laser energy contained in the forward cone
of 1-5-MeV X rays.

of individual electrons. The inset to Fig. 3(a) shows the dis-
tribution of the farthest distance 1500 tracked electrons travel
into the low-density region as a function of their final energy
after being accelerated into the target for the simulation with
(ap, T) = (5.77, 300 fs). On this scale, the initial density ramp
begins at —27.6)1 and becomes constant at OX, although the
constant-density shelf is pushed into the target a distance of
8\ near the laser axis late in the simulation. For a given
energy, there is a distribution of distances that electrons have

penetrated into the low-density region, leading to an electron
temperature Tg. However, to obtain an energy of NTpyq, an
electron must interact with the laser for, at least, a distance
of N1 as seen by the dashed line with a slope of negative
unity. Electrons are colored by the angle of their trajectory
with respect to the x axis when propagating through the target.
Although no trend in angular distribution is observed with
distance traveled into the low-density plasma, we see that
more energetic electrons have, on average, a lower divergence.
We will discuss this shortly.

To better predict electron temperature based on the laser
and plasma conditions, we argue that the temperature should
depend on both the laser duration v and the average scale
length of the simulated plasma Lg. Under the assumptions
that the plasma density upramp is purely exponential (of the
form /s in the negative x half-space) and that an electron
a distance d away from the critical interface can attain a
maximum energy of Ey.x = %Tpond [as shown in the Fig. 3(a)
inset], we show in Appendix A that the electron temperature
scales as

T 1 1 - Bn A mectay [T |
ot = (ED " ZTpond> CBREREN W
where T is the laser period and L = Max[%, 1]. The param-
eter Ep gives the magnitude of energy diffusion during the
acceleration process (i.e., electrons gain a spread of energies
up to Epnax over one laser cycle); it is constant with laser
energy and emerges from lim;z, o Thot = Ep. The value of
Ep can be estimated either via Eq. (1) or as the maximum elec-
tron temperature observed from simulations with increasingly
large ap at constant laser energy (see Appendix A), e.g., the
temperature at the highest intensity in Fig. 3(a). In both cases,
the value is close to Ep =~ 10 MeV for our parameters. We set
L > 1 so that the temperature approaches Tpo,g for very short
scale lengths [1,36,37].

The scale temperature from Eq. (1) with Ep = 10 MeV
and Lg taken from Fig. 3(b) is shown to give good agreement
with the simulated temperature data in Fig. 3(a). Additional
simulations are performed with laser energy E; varied by a
factor of 3 and with initial density scale length L, varied by
a factor of 10 as pictured by the hollow symbols in Fig. 3(a),
and reasonable agreement is also observed [Eq. (1) is used to
estimate Ep].

In Fig. 3(b), we report the time-integrated forward-going
electron dose for three energy ranges (normalized to the
largest value shown), along with the fraction of the laser
energy absorbed by forward-going electrons and the plasma
scale length after half of the laser pulse duration. The
dose of 1-5-MeV electrons is largest for the low-intensity
laser pulses, whereas the number of >5-MeV electrons
steadily increases with intensity. However, we observe that
the total energy absorbed into hot electrons from the laser
remains close to 60% for all but the lowest-intensity cases.
The near-constant absorption poses the question of how to
best maximize x-ray production given the observed electron
doses.

From the simulated electron spectra and beam profiles,
we then compute the observed x-ray spectra using GEANT4
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as described previously. In Fig. 3(c), we plot the x-ray dose
collected both inside a forward cone of 20° aperture as well
as over all angles. The x-ray dose in the energy range of 1-5
MeV is shown alongside the dose over all energies, and the
latter is scaled by 1/3 for visibility. For context, computing
the x-ray spectra using only the amplitude and temperature
fits shown in Fig. 3(a) reproduces the 1-5-MeV x-ray dose
to 1% accuracy for most cases. As mentioned previously,
a higher-resolution simulation performed with gy = 25 and
peak density 30n, exhibited a change of less than 3% in the
1-5-MeV x-ray dose, which gives confidence in the chosen
simulation parameters. The forward-going x-ray dose very
closely follows the >5-MeV electron dose shown in Fig. 3(b),
peaking somewhere between 10%° and 10> W/cm?. The 1-5-
MeV x-ray dose peaks near 5 x 10?° W/cm?, demonstrating
that high-energy (>5-MeV) electrons are desirable for pro-
ducing few-MeV x rays. For the best case, the total energy
contained in the forward-going 1-5-MeV x rays is 0.45% of
the laser energy, and 1.3% of the laser energy is contained
in forward-going x rays of >1-MeV energy; the total photon
number is more than 10'2.

The electron-beam divergence is relatively constant with
laser intensity, although it drops by roughly a factor of 2
at the highest intensity (see Appendix B). Both the electron
and the x-ray angular distributions are shown in Fig. 4(a) for
two cases with, and the higher-intensity case exhibits a much
narrower spread in angle. We observe in Fig. 4(b) that for
the case with (ag, ) = (25, 16 fs), a self-generated magnetic
field forms at the plasma interface due to the electron tempera-
ture anisotropy [38—42], which, in turn, increases the electron
divergence angle. The simulated growth time for modes with
ky > 0.06k, ~ 125 um™" is "' ~ 4.3 fs, or T ~ 0.04w),
and the most unstable wave numbers are in the range of
0.05k, < ky < 0.25k,. These dynamics are confirmed with
three-dimensional (3D), uniform, and periodic simulations
using the early-time electron distribution as detailed in the
Appendix C. In Fig. 4, we show (c)—(e) the transverse Fourier
transform of the magnetic field that is time integrated over one
laser period, (f)—(h) the same magnetic field in real space, and
(i)—(k) the forward electron energy flux at three different times
for the (ag, ) = (25, 16 fs) case, where t; is the time when
the first energetic electron bunch nears the constant-density
interface. Two planar groups of electrons are observed at the
right edge of (k), which correlate to the first two spikes in %
in (b); these electrons are emitted before the magnetic fields
form, and as such have a much smaller divergence angle than
the rest of the electrons. Thus, for laser pulses with duration on
the order of the self-generated magnetic-field growth time, the
electron divergence can be lower, resulting in more forward-
going X rays.

In conclusion, we have studied the generation of MeV x
rays from intense laser-solid interactions using a combina-
tion of large-scale, two-dimensional OSIRIS PIC and GEANT4
Monte Carlo simulations. Keeping the laser pulse energy con-
stant at 200 J for a 30-um spot size, we find that the optimal
forward dose of 1-5-MeV x rays results from a laser intensity
near 5 x 10 W/cm? and duration of 25 fs, yielding more
than 10'> photons that contain 0.45% of the laser energy
(1.3% of laser energy in >1-MeV x rays). A scaling of the
energetic electron temperature based on phenomenological
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FIG. 4. (a) Electron and x-ray angles of emission for two
cases of laser intensity. For the (ag, T) = (25, 16-fs) case we then
show (b) average emission angle for >1-MeV electrons (|0]),
flux of electron beam charge ‘fj—?, and amplitude of the transverse
Fourier transform of the magnetic field |B,| for modes with |k,| >
1.25 um™~'. In (c)—(k), we show |B.|, B., and the forward electron
energy flux Q, for three different times, where 7, is the time when the
first energetic electron bunch nears the constant-density interface.

arguments is given in Eq. (1) and includes a dependence
on laser duration and density scale length. The formation of
self-generated magnetic fields near the critical-density surface
over only a few laser periods increases the electron-beam di-
vergence, leading to decreased forward-going x-ray emission
for all but the shortest of pulses. Simulation results for a wide
range of laser pulse parameters show that for fixed laser en-
ergy, high-intensity (and short-duration) laser pulses generally
produce more few-MeV x rays than do low-intensity pulses
due to the formation of electron beams with high temperature
and low divergence.
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APPENDIX A: PHENOMENOLOGICAL ARGUMENT
FOR THE ELECTRON TEMPERATURE SCALING

To derive an expression for the electron temperature, we
assume that the plasma density upramp over the duration of
the laser-solid interaction can be approximated as n.e*/’s,
where n, is the critical density (located at x = 0 in this case),
Lg is an average or typical scale length, and the low-density
plasma is located in the x < 0 half-space. We also assume
that an electron will gain a maximum energy of Tpog from
interacting with a single cycle of the laser, i.e., that an electron
initially located at position x can be accelerated to the critical
surface with a maximum final energy of E.x(x) = %Tpond.
Finally, we assume that the probability of the actual energy
gain of such an electron decreases exponentially as a function
of energy. Our position-energy distribution function then takes
the form

P(x,E) = Ae"" F/EPH (B [x] — E), (A1)
where A is a normalization constant, E is the electron energy,
Ep is some scale energy that dictates the efficiency of the
energy conversion process, and H(E) is the Heaviside step
function. We can integrate away position to obtain the tem-
perature distribution function, or

0
P(E) = / derX/LsE/EDH(i—'TPOHd—E>

—00

= ALge E 0 T 5o (A2)
The scale temperature T is then observed to be
B (=) (A3)
ot = ED l_lTPond ’

where L = Max[%, 1]. We define L to have a minimum value
of 1 because we desire that the scale temperature approach
Trona for plasmas with very short scale lengths (i.e., less than
a laser wavelength).

In the limit that LTpeng — 00, we have that Ty — Ep.
Thus, Ep can be thought of as an upper limit for the attain-
able temperature of a given problem with a very large scale
length or very intense laser pulse. However, this upper limit
could depend on the laser spot size and duration or plasma
temperature. One way to obtain this value in practice would
be to simulate a laser-solid problem of interest, but with the
laser pulse compressed to a very short duration (with equal
energy).

Another way to estimate Ep is by relating it to the elec-
tron energy spread due to interaction with the laser. Over
one laser wavelength, the laser can provide a kick K to the
momentum p of a given electron with amplitude Ap = K =
Trond/c. However, the change in momentum could be less
than this or in a direction that opposes the electron motion.
Thus, we expect a distribution of electron energies due to the
stochastic acceleration process. The quasilinear approxima-
tion to the diffusion coefficient in momentum space D for
an integrable system receiving periodic kicks of amplitude
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FIG. 5. Beam parameters at the source and spot size evaluated
at 500 um for the hot electrons with respect to laser intensity,

where o (x) = gg4/1 + (x/B*)2. The inset shows example fitted
beam parameters.

K is D~ K?/4 =T} ,/4c*, and the resulting momentum
distribution function f(p, n) after n kicks is [43]
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For values of ag > 1, we have that Tpona &~ m.c’ag/ V2, and
that £ ~ |p|c. Thus, to find the energy spread, we seek to

calculate (E) = (|p|)c, where angle brackets denote a time
average. Integrating Eq. (A4) to find the average momentum
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FIG. 6. (a) Approximation to the electron momentum distribu-
tion for the case with (ag, ) = (25, 16 fs), just before the magnetic
fields begin to develop. The inset shows the same data on a linear
scale. (b) Growth of the self-generated magnetic fields for simula-
tions of a periodic box in 2D and 3D, respectively.
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yields (|p|) = «/2nD/m or that

E _<E)—T /' n Nmeczao T
D = = 1Pond o 2\/; TO’

where we have used n = 7 /T with 7 as the laser pulse dura-
tion and 7j as the laser period.

(AS5)

APPENDIX B: ELECTRON-BEAM CHARACTERIZATION

To accurately determine the x-ray production using such a
large variety of pulse amplitudes, we must first characterize
any differences in the angular spread of the electron beam. To
accomplish this, we track a 10-um slice of electrons gener-
ated from the peak of each laser pulse as it travels through
and spreads into the target from O to 130 um. Fitting the
forward energy flux near the vacuum interface to a Gaussian
profile in the transverse direction (¢=>"/2%), we compute the
initial beam width 0. Assuming a beam evolution of o (x) =
00/ 1 + (x/B*)?, we then make a fit for 8* using the energy
flux as a function of x. Although such a fit is most useful when
the incoming energy is carried by a well-defined beam with
low-energy spread and high energy, it still provides a useful
characterization for the beam. We show the parameter fits in
Fig. 5 along with the spot size evaluated at 500 um, o500 um-
The electron beam becomes significantly less divergent for the

high-intensity short-duration laser pulses, which is favorable
for forward x-ray emission.

APPENDIX C: SELF-GENERATED MAGNETIC FIELDS
DUE TO ELECTRON TEMPERATURE ANISOTROPY

The self-generated magnetic fields we observe are due to
an electron temperature anisotropy as high-energy electrons
propagate into the target [38—40]. Other works have explored
the dependence of these fields on laser and plasma parame-
ters [41,42]. Here, to confirm the magnetic-field generation
mechanism, we initialize a plasma in a periodic box with fixed
ions and an electron momentum distribution similar to that
found in the full-scale simulation with (ag, ) = (25, 16 fs)
just before the magnetic fields begin to develop. The distri-
bution is shown in Fig. 6(a), and the overall distribution is
separable in p, and p,. We use cell sizes of 0.4c/wy. In
Fig. 6(b), we plot the spatially integrated absolute value of
the magnetic field |B,| as a function of time for the 2D and
3D cases. The results are nearly identical when using mobile
ions, and simulations with finer resolution show a similar
transverse structure in the saturated state. The growth times
in each case are comparable to that observed in the full-
scale simulation I'"! = 4.3 fs, indicating that the observed
self-generated magnetic fields are indeed produced from the
momentum anisotropy.
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