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Recent educational policies advocate a radical revision of science curricula and pedagogy, to support
interdisciplinary practices, a distinguishing feature of contemporary science. Computational modeling
(CM) is a core methodology of interdisciplinary science, as such models allow intertwining of data and
theoretical perspectives from multiple domains, to address complex problems such as climate change and
pandemics. This integrative nature of CM could support the pedagogical transition to interdisciplinary
science as well. Most approaches to introduce CM in science curricula are based on learning new practices,
such as VPython programming or agent-based modeling. These approaches do not integrate CM with
existing content, media, and teaching practices. To facilitate this integration, we present a more gradualist
design, starting from derivation models in physics. This design was implemented as a set of teacher
professional development modules, and presented to a group of physics teachers interested in introducing
CM to undergraduate students. The analysis of their responses indicates that even this gradual transition to
CM requires teachers to significantly revise their ideas about the nature of physics and physics learning
(their personal epistemologies). We discuss how the teacher professional development modules were
redesigned based on this finding.
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I. INTRODUCTION AND MOTIVATION

Complex real world problems—such as climate change,
pandemics, and green energy—cannot be addressed with-
out interdisciplinary approaches, which are now central
to contemporary science. Novel mathematical modeling
methods based on computing, such as multiscale simula-
tions and machine learning, are critical components of such
interdisciplinary research, as these methods help integrate
data from multiple domains, leading to new predictions and
technologies. These integrative methods are now a key part
of graduate-level learning in science, technology, engineer-
ing, and mathematics (STEM). Extending this trend, there
is now a growing effort globally to introduce computational
modeling (CM) at the undergraduate level, and even high

school [1–4]. For instance, the Next Generation Science
Standards in the United States, which is informed by
cognitive science studies of science and engineering,
includes computational thinking among the set of eight
practices of science and engineering that education needs to
support [5–7]. Similarly, India’s new National Education
Policy 2020 envisions a change towards educational
approaches that focus on interdisciplinarity [8].
Transitioning to a whole new modeling methodology

like CM, and also related science practices, is difficult
for teachers and students. Detailed studies are needed to
understand how they could adapt to this transition, espe-
cially focusing on instructors’ experiences and views
related to CM learning [9–11]. This understanding would
allow the design of smoother transitions from existing
pedagogical practices. To promote a gradual curricular
transition towards computational modeling, and eventually
interdisciplinary STEM practices, we have developed a
teacher professional development (TPD) program rooted in
physics derivations. In this paper, we present the initial
design of this TPD program, and discuss the response of a
select cohort of physics teachers to this gradualist design.
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We then discuss the redesign of the program, based on a
detailed qualitative analysis of their feedback. Our findings
indicate that teachers do not readily accept this transition,
and this resistance is closely related to their ideas about the
nature of physics and physics learning. These ideas are
about the nature of knowledge, and they are usually not
articulated during everyday teaching. However, such per-
sonal epistemologies come to the fore when teachers
encounter curricular designs that incorporate CM, and they
play a critical role in teachers’ receptivity to such designs.
The study reported here took place in a developing

country context. As such, the design of the TPD program
was shaped by some key constraints that are central (though
not unique) to such contexts. One is the dominance of the
traditional lecture method as the standard format of
instruction [12]. More importantly, many students cannot
afford laptops, tablets, and smartphones. Further, instruc-
tion is primarily structured and guided by textbooks, as
they are cheap, widely available, and often the only viable
media format for most students. These constraints, and the
resource-limited design context, suggested that a redesign
of curricula and instruction for CM would require a
gradualist approach—starting from textbook-based teach-
ing and learning, and therefore existing curricular elements.
Such a design approach is under-explored in the CM

case, even though this direction is available in principle.
For instance, other pedagogical models in physics have
taken a gradualist design approach, such as the p-prim
approach advocated by diSessa [13]. In our case, it was the
resource-limited context that required us to consider a
gradualist approach towards CM learning. The constraints
thus worked as a guiding design principle, and also
provided the motivation and premise for this work. More
generally, the very idea of augmenting derivations for
computational modeling—which is the key conceptual
and design contribution of the current work—emerged
from the constraints we faced. This suggests that challeng-
ing learning environments can lead to novel design
approaches, which might turn out to have useful peda-
gogical features in general. (An analogical case is “frugal
design” for resource-limited contexts, a design principle
that has led to innovations such as Paperfuge, a low-cost
hand-operated centrifuge based on the whirligig toy,
developed for African clinics with limited electricity
access. Interestingly, the system also revealed novel rota-
tional mechanics, which is a more general feature that
can potentially support wider applications [14].) At an even
wider level, our gradualist model also illustrates a system-
atic way to implement radical pedgogical changes pro-
moted by new science education policies. This overall
structure is important to keep in mind, as such education
policy changes are necessitated by dramatic transitions in
the method and scope of science. Our approach could thus
provide a model to address education policy changes that
will follow another radical methodological change in

science that is currently ongoing—the transition to machine
learning models.
The present study was guided by the following research

questions: (a) What design requirements or characteristics
of a TPD program would allow teachers to gradually
transition to CM? (b) How can such a program be
operationalized? (c) How do teachers respond to this
proposed transition?
In Sec. II, we briefly review the literature on TPD studies

related to introducing CM in physics, and outline the
theoretical considerations employed. Section III discusses
in detail the three design principles we followed in
developing the TPD program, thereby addressing the first
research question. The operationalization of these design
principles, to develop modules for the teacher workshops,
is discussed in Sec. IV. The design elements of the
workshops, details of the structure and content of the
modules used, and the rationale underlying their develop-
ment, are described in Sec. V. Sections IV and V together
thus answer our second research question. Section VI
describes the pilot implementation of the program with
six practicing teachers, and qualitative analysis of teachers’
responses to the design and the findings of our analysis,
thereby addressing the third research question. Section VII
discusses how the modules were redesigned based on the
study findings. We conclude with some implications of this
redesign, and ongoing and future design research that
extends this work.

II. OVERVIEW OF COMPUTATIONAL
MODELING AND RELATED

PEDAGOGICAL APPROACHES

In our view, mathematical modeling of a physical
phenomenon broadly involves systematically building a
quantitative framework that can (a) enact the behavior of
the system it seeks to predict or control, and (b) support
measurements that can test the model. Note that in this
enactive view, physics models and their constituent repre-
sentations are treated as active (“acting out”) entities. This
view is different from—but includes—the dominant rep-
resentational conception of models, which treats models as
static entities that “stand in” for the world [15]. In the
enactive view, the process of building a model involves
systematically “loading” dynamic aspects of the real world
into a symbolic structure, which can replicate this dynam-
ics, through changes in quantities [16]. To explore different
transformations of the modeled system systematically,
the enactive nature of the final symbolic structure can be
“switched off,” and the components of the model adapted
and manipulated “offline,” as if the model and its elements
are static entities. Calculus-based methods were one of the
first approaches to support such systematic “loading” and
tracking of dynamics, as well as systematic transformations
of model components. These methods have thus histor-
ically driven enactive modeling in physics.
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Computational models also support such symbol-based
enactment of target physical systems, and the tracking of
their evolution in time and space [17]. The major difference
between CM and classical mathematical modeling is that
instead of relying on continuous functions and analytical
procedures, CMs use discrete entities and numerical
computations. The latter is required because of the way
digital computers work—in a step-by-step and repetitive
fashion. This difference however allows for greater flex-
ibility and scope for modeling. In particular, it helps
overcome some of the constraints set by analytical proce-
dures, such as linearity. Also, as CMs allow connecting
partial models together using logical operators, CM can be
used to systematically capture very complex properties.
These include time or phase-dependent modulations (say
chemical reactions that are activated only at some time
points, based on concentration gradients), patchy spatial
features that interact with the system intermittently (say
cloud patterns in a weather model), and feedback loops
across levels. As an example, models of atherosclerosis
requires such interlinking of parts that are themselves
complex and have feedback loops. These parts include
turbulent blood flow in heart valves, the subsequent
mechanotransduction process in endothelial cells, the
resulting biochemical responses that build up plaque in
heart valves, and the further turbulence in blood flow
generated by the plaque buildup.
CM approaches like agent-based modeling (ABM)

allows individual physical entities (like molecules) to be
modeled as autonomous agents, which can then be pro-
grammed to interact, based on simple rules. ABM is used to
understand how the collective behavior of different inter-
acting microlevel entities lead to system-level behavior.
This approach allows integration and enactment of non-
linear aspects at many different levels [18], and modeling
of systems with highly variable individual components.
A significant trade-off in building such complex models is
that they typically capture only specific cases, and gener-
alizations across many cases is difficult. Also, predicting
the state of a system (say a hurricane) at a given time point
(say in 36 hours) cannot be done quickly, as the model
needs to “run” (often for many hours, particularly for
complex systems like the weather), so that the whole model
evolves across states to reach—and enact—that time point.
Such models also require high levels of optimization of
computing resources.
As the above brief outline of CM shows, this approach

can connect together disparate states, and feedback across
many interacting levels, to enact in detail the evolution
of many-layered systems—as a whole—across time. This
rich capacity has led to widespread application of CM in
science, particularly engineering sciences, to support com-
plex interdisciplinary investigations. Given the wide and
novel application possibilities of CM, there have been
many policy efforts to integrate this modeling approach into

physics education. For instance, The American Association
of Physics Teachers has proposed that computational
physics can be considered as a third way of doing physics,
complementing the traditional theoretical and experimental
ways [19,20]. To further the adoption of computational
modeling as part of instruction, the Association has created
new partnerships, such as the Integration of Computation
into Undergraduate Physics [20].
Parallel to such policy-level efforts, many curricular-

level research projects have studied ways to incorporate
computational problem solving as part of introductory
physics courses [11,21–24]. Chonacky and Winch have
proposed a broad set of guidelines and recommendations
to integrate computation into the undergraduate curriculum
[25]. These include treating numerical solution approaches
at par with analytic approaches in physics, introducing
scientific software tools, teaching computing platforms
and important algorithms as part of physics courses, and
illustrating the modeling of complex and interdisciplinary
systems. They also stress the importance of initiating and
acculturating instructors to computational modeling and
thinking, by creating supportive social networks for faculty.
Another initiative to help teachers integrate computational
modeling in their classrooms is “Computational Modeling
in Physics First with Bootstrap” [26]. There have also been
efforts at the high school level to couple computational
thinking and problem solving with modeling [27].
To understand the implementation-level issues related to

new educational approaches, many studies have looked at
teachers’ beliefs, perceptions, and attitudes towards inte-
gration of science, technology, engineering, and mathemat-
ics (widely referred to as STEM integration) in the context
of TPD programs [28–30]. Focusing specifically on the
integration of computing and science, some studies have
investigated computation as a pedagogic tool, while others
have examined computers as a technological artifact. Kong
and Lai developed a framework based on TPACK (tech-
nological pedagogical and content knowledge) for design-
ing teacher professional development programs that
implement computational thinking [31]. Vasconcelos and
Kim report that a program that involved coding related to
scientific modeling had a positive impact on preservice
teachers’ epistemological understanding of scientific mod-
eling and computer science concepts [32]. Langbeheim
et al. found that even a short experience of computational
modeling positively affected teachers’ self efficacy in
integrating CM into physics teaching [9].
A key finding from such studies is that teachers’ positive

beliefs, attitudes and comfort level play a crucial role in
the integration of computers as an instructional tool in
classrooms [33]. In particular, teachers’ ideas about the
nature of physics and physics learning play a critical role in
their receptivity to curricular designs that incorporate
computational modeling. Prior studies have investigated
instructor perceptions, attitudes and self efficacy with
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regard to CM [9–11]. Vieyra and Himmelsbach explored
how secondary teachers went about conceptualizing the
integration of CMwith physics [10]. It was found that some
teachers envisaged the role of CM as facilitating an in-
depth engagement with concepts in physics, while others
considered CM as a means to develop skills that span
multiple disciplines. This study led to a conceptual frame-
work to assess boundary-stretching attitudes among sec-
ondary physics teachers, and how these mental states
indicated the likelihood of integrating CM in their courses.
A related research study investigated the factors affecting
attitudes and self-efficacy of teachers in relation to the
integration of CM in physics at the high school level [9].
Results showed that these mental states were positively
impacted by a workshop that integrated CM with exper-
imental measurements in physics. Similarly, Pawlak et al.,
studied different ways in which computation was perceived
by learning assistants (LAs), while teaching computational
problems as part of an introductory level course in
physics [11]. The authors identified four pedagogical
categories, depending on whether the focus of the LAs
was on (i) programming, (ii) learning physics with com-
putation as a means, (iii) treating computation as a tool for
modeling and problem solving, or (iv) considering com-
putational problems as an opportunity for shifting student
perceptions of learning. Building on these studies, we
developed a set of design principles for our TPD program.
These are discussed in the next section.

III. THE DESIGN PRINCIPLES

The conceptualization and design of our TPD program
was based on the following three central principles.

A. Computational modeling as a vehicle for
interdisciplinary science education

Recent discussions at the interface between philosophy
of science and cognitive science argue that new kinds
of computational modeling lead to new kinds of scientific
discovery practices [7,34–38]. The specific reasons for
this expansion are (i) the ability of computational modeling
to integrate disparate theories and datasets, and (ii) the
new thinking and imagination possibilities enabled by
such integration. This argument is extended by recent
discussions related to the use of agent-based modeling in
science, technology, and mathematics education [39,40].
These analyses suggest that emerging interdisciplinary
discovery practices and computational modeling are
closely intertwined [41].
Parallel to this discussion in philosophy of science and

cognitive or learning sciences, discussions in education
have proposed modeling as a common theme underlying
knowledge construction and sense making in science,
cutting across natural sciences [42–49]. This underlying
common structure (modeling) is currently not obvious to

most science students and teachers, given the way textbooks
package knowledge in a modular fashion, and classroom
practices follow this module-based structure. Further, the
close connections between the building of classical math-
ematical models and computational models are not well
known. Developing an appreciation of modeling as common
to all disciplines, and connecting this underlying structure
to computational modeling, could thus help teachers and
learners move to interdisciplinary thinking.
Integrating these two discussions in the literature

(computational modeling leading to new interdisciplinary
practices and discoveries, modeling as a common theme
underlying sciences), we arrived at computational model-
ing as a natural vehicle for promoting interdisciplinary
science practices, at the K–12 and undergraduate levels.
However, CM can play this role only when it is understood
as an extension of existing modeling practices, rather than
as a novel and purely technical skill.

B. Gradualist approach

Our second design principle sought to augment
existing curricula and teaching practices, particularly by
compensating for their limitations. This approach is in
contrast to models that require science teachers to learn and
teach a new programming language or modeling practice
such as agent-based modeling [18,22,23,39]. Both these
approaches require wide student access to hardware such as
laptops and tablets.
In developing country contexts, where textbooks are

currently the only viable media format (as they are cheap
and widely available), most students cannot afford laptops,
tablets, and smartphones. This constraint suggests that any
redesign of curricula for such resource limited contexts
needs to start from textbook-based teaching and learning. A
pedagogical design driven by this constraint is presented by
Karnam et al., where a simulation-based design (a touch-
based interactive system to learn model-based reasoning
using vectors) is connected to textbooks using QR codes,
thus augmenting the textbook with interactive media [50].
This mixed media structure allowed teachers to smoothly
extend their existing textbook-based teaching practices, to
demonstrate (using their personal phones) the dynamics
embedded in vector operations. Students could then try out
these interactions, either using the teachers’ phone, or
borrowing a phone from someone in their community. This
gradualist design approach allowed even resource-limited
students to enter the simulation world without much
investment, and develop a modeling based understanding
of science. Such design approaches seek to create a
continuum from existing media, content, and classroom
practices. This design allows teachers to smoothly extend
their accumulated experiences and practices, rather than
learn a whole new set from scratch. Given the developing
country context of our design, such a gradualist approach
is a necessary requirement. Note that even in more
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resource-rich contexts, such a gradualist approach would
allow both students and teachers to better understand and
integrate new CM practices.
Applying this requirement to the objective of our work-

shop (enabling teachers to shift to CM), we needed to
develop a method that allowed teachers to smoothly extend
a large part of the content they currently teach, in a way that
allow students to move easily to computational modeling.

C. Participatory design

To develop the content of the workshop, we interviewed
three expert modelers (who were also teachers), based on
their modeling papers, and elicited their core modeling
practices. This understanding of computational modeling
informed our design of the workshop modules. As part of
this process, we also held discussion sessions on philoso-
phy and cognitive science papers examining how discov-
eries emerged through model building in physics. These
discussions helped the modelers understand the process of
model building [15,51]. To extend and apply these ideas,
the modelers also participated in the design of the teaching
modules, as well as the design of teaching simulations that
were developed as part of the workshop. One of the expert
modelers also taught some of the workshop modules.
A second participatory component focused on teachers,

who also contributed to the design. Once the first design
iteration of the modules stabilized, we presented the
modules to a cohort of six teachers interested in including
computational modeling in their teaching. Based on an
analysis of the feedback from four teachers (the other two
only listened), we redesigned the modules. Apart from this
feedback during the initial design, we built new teaching
simulations, based on suggestions by teacher-participants
in the final workshops.

IV. OPERATIONALIZATION OF THE
DESIGN PRINCIPLES

To operationalize these three design considerations in
an integrated fashion, we first did a process analysis of
modeling practices that are present in existing curricula.
Modeling practices are rarely discussed or enacted in
Indian classrooms, particularly in ways that reveal the
many model-building considerations involved in develop-
ing a scientific model. One objective of our analysis was
to identify a candidate practice that could be extended
smoothly to computational modeling, as such a smooth
extension was needed to operationalize our gradualist
design approach.
Based on this analysis and related discussions, we

identified physics derivations as a candidate modeling
practice, as these could be extended towards computational
modeling in ways that build on current teaching practices,
content, and media. Derivations are a core component of
physics instruction in India, and this modeling practice is

learned by all science students [52]. This common structure
thus allowed a smooth extension of existing classroom
and teaching practices, as envisioned by our gradualist
design approach.
However, derivation models are taught as a series of

mathematical steps in Indian classrooms. To extend deri-
vations smoothly towards computational modeling, these
formal steps needed to be systematically unpacked, in two
ways: one, to reveal how derivations are built up from
observations and data from the real world (model building),
and two, to reveal when numerical solutions are needed,
how they work, and how they augment classical modeling
approaches. In the workshop design, these two steps were
implemented using interactive simulations. In the discus-
sion below, we outline some theoretical justifications for
these two steps, based on the following two themes:
Role of model building in derivations.—In this discus-

sion, we present the processes of model building and
model-based reasoning that led to influential derivation
models, such as Maxwell’s equations and the Carnot
engine. These cases illustrate the necessity of model
building while solving open-ended problems.
Numerical solution approaches as boundary-crossing

spaces.—In this discussion, we argue that numerical
solutions are natural extensions of derivation models, made
possible by newer calculation technologies. As discussed in
the brief review of CM in the introduction, CMs allow
modeling of complex interdisciplinary problems—such as
climate change, pandemics, and biomedical solutions—
from a physics perspective, using modeling tools from
physics, such as equations. Numerical solutions thus work
as boundary-crossing spaces.

A. Role of model building in derivations

Physics derivations taught in classrooms are the final
products of extensive model building by scientists
[15,51,53]. However, derivations are often taught in
physics classrooms as lengthy chains of mathematical
operations, without any mention of the extended model-
building processes that allowed scientists to arrive at these
formal systems. These building processes include analogi-
cal thinking and building of spatial models, as well as
complex reasoning based on both these elements (model-
based reasoning). For instance, Maxwell’s equations are
taught in classrooms as a series of mathematical operations
starting from other basic equations, even though Maxwell
arrived at the equations of electromagnetism through a
series of complex reasoning processes, based on analogy,
model building, and model-based reasoning [51,53].
Interestingly, these reasoning processes are outlined in
detail in Maxwell’s notebooks, but they are not part of
his final mathematical model.
Pickering discusses a similar “vanishing act” in exper-

imental physics, where final interpretative accounts (similar
to the final mathematical model) are constructed [54].
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These accounts minimize the role played by specific
experimental and instrumental setups, and their perfor-
mances, in generating phenomena such as the Hall effect,
which “can only be embodied in such devices.” According
to Pickering, “representational chains in science visibly
terminate in machines and instruments,” which means
experimental results could be understood as tied to—and
thus specific to—the “machinic” (i.e., experimental and
instrumental) setups, and not applicable to the real world.
The interpretative accounts, constructed after an experi-
mental result is obtained, help overcome this lack of ready
correspondence between the experimental system and the
real world. In this view, the final account, which helps
“vanish” the instrumental setup, is required in all exper-
imental science, to support the claim that the results, while
based on the specific experimental model system, corre-
spond to aspects of the real world.
In the case of theoretical models such as Maxwell’s

equations, the components that vanish are the extensive
analogical, model building, and reasoning operations,
which the scientist developed to arrive at the model.
Following Pickering’s reasoning, this vanishing process
is a required step—to make the claim that entities in the
theoretical model correspond to actual aspects of the
phenomena in the world, and not just to elements of
the modeler’s imagination (such as the vortices and idle
wheels imagined by Maxwell while developing the model
of electromagnetism). Interestingly, this view also accounts
for the preference for analytical, closed form, solutions to
equations, as their general nature supports the argument
for a tighter correspondence relation between the model
and the world. In this view, the process of “wiping”
cognitive and material processes involved in model build-
ing, and constructing an overarching—and often purely
mathematical—final account of theoretical models, is a
core component of science practice.
As the derivations taught in classrooms only use the

final “wiped” (and succinct) mathematical rendition of the
model, learners are not able to see the way scientists
develop this complex argument structure, to support model-
world correspondence. Learners thus do not understand and
appreciate this core practice, which leads to the “achieve-
ment of correspondence” [7]. Apart from this lack of
understanding of model building, the exclusive use of
succinct final models also leads to learners understanding
derivations as just a set of mathematical procedures, whose
relationship to actual phenomena in the world is not clear.
This limited view of derivation models significantly

limits learners’ ability to build on and extend their under-
standing from the study of derived models, particularly to
open-ended problems. Studies show that students cannot
solve open-ended problems even after solving two thou-
sand word problems based on the derived model [55]. This
is because open-ended problems, especially interdiscipli-
nary problems, require high levels of model-building,

where the student needs to build up systematic relationships
between real-world structures and mathematical structures,
in ways that lead to the world being “loaded” into
mathematics [16]. Solving open-ended problems also
requires generating new structures in the imagination,
and using these imagined structures to build mathematical
models. This means learners need to understand the ways in
which scientists integrate imagination and reasoning proc-
esses (such as analogy and model building) with math-
ematical reasoning.
The above analysis suggests that to use derivations as a

stepping stone to CM, the model-building “moves” in
derivations, and the way these are integrated—and even-
tually subsumed—by mathematics, need to be made
explicit. This is because the current purely mathematical
understanding of derivations does not extend well to
solving open-ended problems, which require analogical
thinking and model-building processes. Since these cog-
nitive processes are key to the “loading” of the real world
into mathematical models, the same processes are deployed
while building computational models, particularly when
solving complex interdisciplinary problems.
The curricular focus on the final formal model, which

presents modeling as starting and ending with mathematics,
implicitly follows currently dominant science and philoso-
phy of science discussions, which mostly do not consider
the role of model-building and reasoning processes in
the development of theoretical models. To address this
pedagogical issue, we have developed interactive derivation
systems that make explicit the process of model building.
As an illustrative example, consider the system we devel-
oped for the derivation of the wave equation [56]. The
derivation is presented as a process of systematically
loading features of reality—particularly dynamics—into
mathematics, through a series of modeling moves such as
idealization, discretization, etc.

B. Numerical solution approaches
as boundary-crossing spaces

A major component of the mathematical approach to
learning derivation models is the development of analytical
(closed-form) solutions to equations. This approach to
solving equations is overemphasized in current teaching
practices, even though (i) numerical solution approaches
are possible in all the derivation cases discussed in the
textbooks, and (ii) most contemporary modeling practices
are based on numerical solutions. As discussed above, this
(curricular and disciplinary) preference could be based on
the generality of closed-form solutions, which better sup-
port model-world correspondence claims. Apart from this
reason, it is possible that analytical (closed-form) solutions
were emphasized by classical first-principles-based
approaches because of a purely practical problem—the
manual calculation of hundreds of numerical steps using
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paper and pencil, and finding the hidden patterns in the
resulting numbers was very difficult and cumbersome [57].
New computational technologies opened up the pos-

sibility of performing such complex and extended math-
ematical operations very quickly. This, in turn, allowed
building of complex numerical models that could approxi-
mate the complexities of the real world. In the classroom,
the emphasis on analytical solutions to equations blocks
students from accessing this rich modeling space opened
up by computers. To address this issue, when teaching
derivation models, numerical solution approaches to solv-
ing their equations could also be taught, along with
analytical solutions when available. Such a dual structure
would bring the derivation modeling practice closer to
CM, and also contemporary science practices. This dual
approach would also emphasize the continuity between
analytical and numerical solutions.
Interestingly, numerical solution approaches also work as

a key boundary-crossing space for developing interdiscipli-
nary science practices. This is because numerical solution
approaches allow different types of rules to be connected
together, using logical operators. This structure is conducive
to interconnecting theory and data from different levels
(physical, chemical, biological, behavioral, etc.), and

multiple disciplines, thus overcoming analysis constraints
imposed by existing disciplinary perspectives, such as
closed-form solutions. Computational modeling thus opens
up new kinds of model-based reasoning, particularly suited
to interdisciplinary problems [7,36]. This boundary-crossing
feature makes numerical approaches a natural vehicle for the
transition to interdisciplinary science education.
These two themes (role of model building in derivations,

numerical approaches as boundary-crossing spaces) pro-
vided us with a good starting point to extend the practice
of derivation modeling to computational modeling.
Specifically, we decided to develop modules that made
explicit the model-building moves embedded in derivation
models, and also clearly showed the way the derivation
process “loads” reality into mathematical symbols. Second,
we decided to develop modules that showed how equations
resulting from derivation models could be solved numeri-
cally, using software like Wolfram Alpha. Finally, we
also decided to develop a series of “bridge” simulations,
which allowed participants to (i) understand the continuity
between derivation models and computational models, and
(ii) follow the numerical solution process in a step-by-step
way. Figure 1 provides an outline of the design of our TPD
program.

National Education Policy-2020
Seeks to promote

-Interdisciplinary thinking
-Computational modeling 

Modeling as a vehicle
-to achieve these objectives 

-through an integrative and process-centered 
pedagogy Process analysis of 

modeling practices

Computational models

bridge simulations 

Teacher
Professional Development 

Program
For model building and model-based reasoning  

Workshop for groups 
 of practicing teachers

Teacher workshop
 modules development

Reconfigures existing content, 
to support model building 

Augmenting students’ abilities 
to integrate disciplines

FIG. 1. A schematic of the design of our teacher professional development program and an outline of the key stages, components, and
processes involved in this design.
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C. Sequencing the transition

As computational modeling is a vast domain, and learning
CM is a difficult process, we sequenced the workshop design
in the following way. First, we decided to develop a
sequence of 3 workshops: the first design, reported here,
seeks to extend derivation modeling to computational
modeling. This part can cater even to those who have access
only to textbooks, as these modules rely only minimally
on access to computers and laptops. The second workshop
will focus on editing of code (to manipulate many types of
existing computational models) and arrive at specific results.
After this second TPD phase, which would help familiarize
teachers with coding, the final workshop would involve
actually building computational models.
Apart from this sequencing, we also decided to design

a later session for data modeling approaches, such as
machine learning, as these models are more complex,
and have a different argument structure from standard
simulation models. We plan to introduce this data-driven
approach only after the three workshops focused on
structure-based computational models. Figure 2 below
outlines the design sequence. The next section outlines
some of the key design elements of our teacher professional
development program, centered around derivations.

V. FROM TEXTBOOK DRIVEN DERIVATIONS TO
MODELING: TEACHER WORKSHOP AND THE

DEVELOPMENT OF MODULES

A. Design elements of the workshop for teachers

Based on the focus on computational modeling and the
gradualist approach, as well as discussions with expert
modelers and teachers, we developed the following three
design elements to implement the teacher workshops.

1. Reconceptualization of derivations
as mathematical model building

Popular derivations at the higher secondary and under-
graduate level were analyzed, to unpack and highlight the
core model-building decisions, moves, and practices that
went into their construction. This analysis led to a schema
that illustrated how a physical phenomenon or a process
gets turned into a mathematical model, through a series
of interconnected steps. These steps embed, and keep
“alive,” the dynamic process in the world that the enactive
final model seeks to replicate. This understanding could
help teachers reconceptualize derivations as mathematical
model building, and thereby achieve a wider perspective on
modeling, which can cover most derivations.

2. Bridge simulations

A set of teaching simulation systems were designed to
help teachers integrate derivation models with computa-
tional models. These publicly available systems turn

textbook-based derivation models into fully manipulable
interactive systems, interconnecting physical phenomena
(such as oscillation), their equations, and their graphs [61].
One of the systems illustrates the way analytical solutions
make way for numerical ones, as the complexity of the
modeled phenomena increases from a simple harmonic
oscillator to a piecewise oscillator. Textbooks that embed
these simulations using QR codes would allow students to
smoothly move from reading to actively manipulation (and
enaction) of different types of formal systems, with many
levels of complexity of oscillation. This process would
allow learners to appreciate the dynamic nature of formal
models, and also the continuity between equation models
and CMs. These systems would also help learners integrate
the multiple representations used in science learning and
discovery, in a coherent way.

3. An integrative pedagogical framework

To extend derivation models smoothly towards computa-
tional models, we developed a new teaching narrative that
connected: the model-building analysis of derivations,
bridge simulations, and modeling tasks. This narrative
allowed teachers to extend these elements to CM. The
narrative was based on a standard textbook topic (oscil-
lation), and captured the systematic evolution of math-
ematical model building, moving from simple derivation
systems (solved analytically) to complex systems (analyti-
cal solution not possible).
Netlogo simulations, of problems like virus transmis-

sion, were introduced at the end, to show the new modeling
possibilities opened up by CM, and also to illustrate how
such simulations build on equations. These systems also
illustrated the real-world and societal relevance of compu-
tational modeling and thinking, and highlighted the way
such models help understand complex contemporary prob-
lems in an integrated way.
The next subsection discusses in detail the way we

developed the TPD modules, to meet the learning objec-
tives of the workshop.

B. The design and development of the modules

The design of the modules was informed by insights
obtained from an extensive reading (review) of the liter-
ature related to modeling. This included papers from
science education research, philosophy of science, and
cognitive science [15,16,42–46,48,51,53]. As discussed
above, the modules were structured around derivations,
to meet the dual requirement of (i) centering the discussion
around modeling moves, and (ii) developing a design that
extended existing teaching practices to CM.

1. Module 1: Introduction to the objectives of NEP 2020

This module introduced teachers to key goals and
objectives of the National Education Policy (NEP) 2020,
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namely transitioning to interdisciplinary thinking and
computational modeling [8]. The importance of these
objectives—particularly to advance research at the cutting
edge of scientific frontiers, and their significance in
tackling complex societal problems like climate change,

pandemics etc.—were emphasized. The module high-
lighted one of the key aims of the workshop—to reenvision
physics education with an emphasis on modeling. It then
laid down a road-map, based on: recasting the pedagogy of
derivations as an activity in mathematical modeling, and

FIG. 2. Outline of the projected design sequence of the workshop for teachers.
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connecting derivations to other novel approaches to model
building, like simulations and computational thinking. The
close connections between computational and interdisci-
plinary thinking was discussed.
To capture and sustain the attention of practicing

teachers, laying out the road map to a new curriculum
was not enough. In addition, we needed to highlight
how the workshop would benefit their day-to-day physics
teaching. Taking this aspect into account, the module
addressed how the new perspective on derivation (provided
by the workshop) would help students organize physics
knowledge in a more structured fashion. Understanding
derivation as an activity in mathematical modeling would
provide a unifying theme, which could help students
understand most derivations as following a common
model-building structure.

2. Module 2: Derivation and problem solving
as mathematical modeling activities—

A practitioner’s perspective

The new perspective on derivations we have developed,
where they are understood as an activity in mathematical
modeling, emerged from discussions in philosophy of
science and cognitive science. However the teacher par-
ticipants in the workshop would have no background in
these disciplines. To initiate the modeling discussion in a
way that is aligned to teachers’ day-to-day practice and
discourse, we introduced the approach using the context of
a familiar textbook problem—a bullet fired from a heli-
copter; students needed to calculate the time (t) at which the
bullet will hit a target on the ground—initial velocity (u) of
the bullet and vertical height (s) of the helicopter from the
ground is given. The conventional approach to solving
this problem is by invoking the equation s ¼ utþ 1

2
at2

and plugging in numbers that are given. A critique of this
approach was the first discussion point of the module,
which was led by a teacher who is also a modeler. The
teacher stated a modified, and relatively open ended version
of the problem, which did not specify the initial velocity of
the bullet and height of the helicopter. He then asked the
audience to state all the possible factors that could affect the
motion of the bullet, and then listed them. The suggested
factors included gravity, air resistance, weather, influence
from the helicopter fan, the possibility of the bullet losing
mass, among others. Multiple models and associated
differential equations were constructed, by including and
omitting the above mentioned factors. For example, one
model considered air resistance, gravity, and variation of
mass of the bullet, while another excluded all the three
factors. By discussing multiple models like these, he
illustrated that the problem can be tackled in different
ways (depending on the precision and accuracy needed),
and highlighted related trade-offs. The module sought to
provide a general sense of what it means to build a model of
a phenomena, and the role of judicious decisions on what to

include, omit, etc., in the model. The discussion made it
clear that the typical model involving the equation s ¼
utþ 1

2
at2 discussed in textbooks has no special status, and

it is just one possible way to build a model, out of many.
Another key issue highlighted was the idealization trade-

off, where getting an equation that is analytically solvable
becomes very unlikely as problems become more complex,
especially when they required moving closer to the real
world. The modeler also illustrated the wide applicability of
numerical methods, and the limited application of analyti-
cal solutions. The availability of easy-to-use mathematical
packages to solve equations (like WolframAlpha) was also
highlighted. The emphasis on the wider applicability of
numerical methods sought to dislodge the (commonly
perceived) sacrosanct nature of analytical solutions, and
thereby pave the way for computational approaches.

3. Module 3: Deconstruction of the derivation process
from a modeling perspective

This module sought to provide a detailed account of the
key steps involved in the process of building a mathemati-
cal model of a physical phenomenon. The process of
derivation was deconstructed, to show the following 4
general steps: Physical phenomena→ Structural diagram or
schematic → Geometrical model → Algebraic model (see
Fig. 3). The clear and tight connections between these steps
were shown clearly, highlighting how they together form a
funneling process, leading up to the succinct final equation.
The derivation of the equation of motion of a simple
pendulum was used as the context to illustrate this process.
Towards the end of the module, the same process was
shown in the case of motion of an object on an inclined
plane, to emphasize that the four-step structure underlies
not just the pendulum derivation, but many other deriva-
tions as well. The details involved in the 4 steps are
discussed below, using the simple pendulum as an example:
Physical phenomena: There are innumerable physical

situations around us involving oscillation, such as the ones
illustrated in panel 1 of Fig. 3. The interesting movement or
change properties underlying them, such as periodicity and
isochronism, are the starting points of a characterization
of the real-world phenomena, which leads up to the model.
These properties are the referents for the variables in the
equation, which is obtained eventually. Once the final
equation is built, it can be considered as capable of acting
out the dynamical (movement or change) features of the
physical phenomena (which the equation is also considered
to “represent,” when the equation is treated as a static entity
on paper).
Structural diagram or schematic: Moving from the

physical phenomena to a schematic is the first major
transition in our characterization. The schematic serves
as a stand-in for the multitude of oscillating phenomena
in the real world. This generalization develops through
the methodology of idealization, leading to the schematic.
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The module discusses two key features of the schematic:
(i) the way it dissociates and decouples the system’s
behavior from specific contexts as well as context-specific
physical and perceptual experiences and related patterns,
and (ii) the way it reveals and brings together previously
obscured and scattered information about different systems,
in a salient and common form. This process makes this
information available for new cognitive operations, and
novel manipulations.
Geometric model: In this step, the schematic is

embedded in a coordinate grid. The structure and compo-
nents of the schematic are chosen in such a way that it can
be easily subsumed under existing mathematical concepts
and variables. The causal factors affecting the motion of the
pendulum bob are then identified and ordered as primary
and secondary factors. Gravity, tension are considered as
primary, and viscous force, buoyancy, friction among
secondary factors, as the latter could be excluded in a
simpler model. The coordinate grid facilitates the repre-
sentation and manipulation of the causal factors in terms
of vectors. Once all the details of the system are made
available in the geometric model, then the transition to the
fourth and final step becomes possible.
Algebraic model: Newton’s second law plays a crucial

role in the transition from geometrical model to algebraic
model, as the details of the geometric pendulum system
are fed into the differential equation that follows from the
second law. The resulting equation is rearranged to form the
differential equation for the motion of the simple pendu-
lum. Since the equation is not easily solvable, the small

angle approximation is invoked, to facilitate an analytic
solution. The module discusses the ubiquitous role of such
approximations in physics derivations, and the limitations
imposed by them on the solutions.
After explaining this four-step characterization of deri-

vations, the module compares and contrasts a pedagogy
based on the four-step process with the traditional approach
of teaching derivations. In the traditional approach, teach-
ing of derivations emphasizes the mathematical procedures
and manipulations involved, focusing on a specific content
topic. Derivations are presented as straightforward appli-
cations of theory, rather than as building processes involv-
ing complex judgements. In such a mathematics-centered
approach, what is valued is the formal knowledge elements,
such as pieces that are carried over from previous deriva-
tions. These act as problem solution templates, but only
when the given problem is structured similarly to previous
derivations (i.e., not open-ended). In our approach, what is
valued is the imagination and building processes, which
are not specific to a content topic. These processes involve
understanding the four-step process elements, and using
them to model any given problem, including open-ended
problems, across different content topics.
The mathematics-centered framing shapes current teach-

ing approaches in India, as the emphasis is on working with
and using topic-specific formal models (in mechanics,
optics, etc.), which are treated as templates for solving
well-structured problems. This leads to the whole peda-
gogical approach being focused on well-structured prob-
lems, and organized in a highly modular and additive

FIG. 3. Four general steps underlying many derivations in physics. The derivation of the equation of motion of a simple pendulum
(analyzed in the lab frame) is deconstructed along the four steps, as an illustrative example.
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fashion. In contrast, we advocate teaching derivations
using a building approach, which can scaffold the solving
of open-ended problems, across topics. We emphasize the
internal logic of building a derivation, showing how this
process follows a funneling structure, from the physical
world to a symbol-based structure (equation). This funnel-
ing process involves key transformations, such as ideali-
zation, approximation etc., as illustrated by the four-step
model. This is a more grounded approach, where the
learner can start with data or questions, and when faced
with the problem of predicting or explaining the behavior
of an unknown system, try to solve it by engaging in the
process of model building. This process may invoke
existing theories if available, or it may require coming
up with a model from the data, to eventually arrive at a
generalization. We believe this characterization allows
students to appreciate the role of imagination in modeling,
the different modeling decisions that are taken, and the
deep structure underlying the different reasoning practices
involved in scientific modeling. The focus on building also
helps learners become active participants in the derivation
modeling process.
Module 3 ends with a bridging simulation (see Fig. 4)

that allows manipulating the schematic, equation, and a
graph of a simple pendulum. Interacting with this system
facilitates two learning objectives: (a) Understanding the
coherence relation between the three different representa-
tions of the pendulum, and the way they are interconnected;
(b) understanding the dynamic nature of the equation
and the graph, and how they “act out” the behavior of
the pendulum. Teachers are introduced to these learning
objectives of the bridge simulation. They are then asked to

manipulate the system and try out different system states
and scenarios.

4. Module 4: On the limitations of analytical solutions
and the generality of numerical methods

This module builds on some of the threads introduced
in module 2, particularly to expand ideas related to the
generality and wider applicability of numerical methods.
The point that analytical solutions cannot be found for most
real-world problems is emphasized [12]. Different aspects
of the thinking underlying numerical methods are high-
lighted using examples. These are then contrasted with
analytical methods for solving equations. For example, the
solution to a quadratic equation obtained for the bullet
problem is solved under the pretense of not knowing the
quadratic formula. Different values of time are inserted in
the equation, to approach the value of the solution. The idea
that the process can be halted or continued, depending
on the desired accuracy, is emphasized. The module then
unpacks the logic underlying more complex forms of
numerical solutions, such as Newton’s method. The dis-
cussion focuses on the following reasoning features
related to analytical solutions and numerical methods:
(a) Analytical mode involves algebraic thinking and sym-
bol manipulation, while numerical solutions involve think-
ing in terms of numbers and computation of numbers.
(b) The output of an analytical solution is a function, while
the output for numerical methods is a discrete set of
numbers, obtained sequentially. Functions can be thought
of as one way to organize these numbers as a general
pattern, and graphs, visualization, etc., are other ways.

FIG. 4. A snapshot of the bridge simulation based on the simple pendulum (for access, see, Pendulum Ref. [61]). The schematic and
the equation can be manipulated interactively, and the simultaneous changes in the graph can be observed.
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This module leverages the close connection between
computational modeling and numerical methods, to create
a segue into computational thinking, starting from deriva-
tions. It emphasizes the point that the lack of analytical
solutions does not limit our ability to solve problems,
particularly given computational tools like Mathematica,
which allow one to numerically solve complex equations
quickly. This feature makes it possible to build models that
tackle complex and open-ended problems close to the real
world. The pedagogical emphasis is that teachers should
focus on helping students to systematically formulate a
problem, by engaging in the process of mathematical model
building, rather than investing time disproportionately on the
less crucial issue of finding analytical solutions to equations.

5. Module 5: Modeling oscillators—From simple
harmonic to piecewise oscillator

This final module recaps the key arguments from the
other modules. The module starts with modeling the
oscillation of a spring, along the four-step characterization
discussed in module 3. The discussion shows how the
4-step framework holds even when the complexity
increases from the simple case to the one involving
damping, and then an external driving force. An additional
layer of complexity is then brought in, by turning the spring
system into a piece-wise oscillator, by adding a second
spring. The equation for the piecewise oscillator is not
analytically solvable, and leads to discussion of numerical
methods. A bridge simulation software we have developed,
capturing the three-tier spring system (with damping,

external force, extra spring) is then introduced (see
Fig. 5). Teachers are asked to work with this system, to
generate scenarios. The software can be used in three ways:
(i) as an interactive tool to visualize and understand the
complex set of graphs generated by different combinations
of the variables of the spring system (ii) to help students
appreciate the interconnected relations between the differ-
ent representations of the spring system (schematic, equa-
tions, and graphs), and also the dynamic nature of
equations, and (iii) to understand in detail the calculation
process involved in numerical solutions. This process is
presented in a different tab in the system.
The module also discusses the nature of the code

underlying the software for the spring system, emphasizing
the fact that it is based on a numerical solution. The
connection between numerical methods and computational
models is thus once again emphasized. This context is then
leveraged, to briefly discuss and demonstrate a Netlogo
simulation on virus transmission, showing how equations
are augmented with space-time parameters, to model real-
world virus transmission scenarios. The module ends by
outlining the possibility of creating many such pedagogical
transitions from physics derivations to interdisciplinary
models, similar to the virus transmission model. The
intermediary role played by the transition from analytical
methods to numerical solutions, which then segues into
computational modeling and thinking, is highlighted. The
enabling role played by the bridge simulations, particularly
to help students understand the relationship between
derivation models, numerical solutions, and computational
models, is also discussed.

FIG. 5. A snapshot of the bridge simulation based on the spring-oscillator system (to access the system, please see piecewise
oscillator [61]). The parameters can be manipulated interactively, to study the motion of damped, forced, and piecewise oscillators.
The simulation has a tab that illustrates in detail the processes involved in the numerical solutions of differential equations.
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VI. PILOT IMPLEMENTATION
AND ANALYSIS OF DATA

A. Objectives and framework

The modules 1–5 discussed in Sec. V. B were presented
to a group of 6 undergraduate physics teachers. Their
academic interests spanned nanomaterials, polymers, and
quantum physics. The objective was to seek their opinion
and feedback on the modules, as practicing teachers. We
invited ten teachers with known active interest in improving
physics education. Out of these ten, six teachers responded,
who constitute our sample. Five of the teachers had a
Ph.D. in physics, and one teacher had a master’s degree in
physics. They had teaching experience in the range of
5–20 years. Four teachers taught in regional colleges
(similar to community colleges in the U.S., primarily
focusing on teaching) while the other two taught in a
university, engaging in both teaching and research. Because
of COVID restrictions, meetings were conducted online.
We met each week for around 2 h, for 4 consecutive weeks.
These meetings were recorded and later transcribed for
analysis. The objective of the data analysis was to sys-
tematically capture the opinions expressed by the teachers
(though N ¼ 6, only 4 actively participated in the dis-
cussion), and the way these opinions changed over time, in
response to the researchers’ proposed design and related
discussion. Specifically, we wanted to capture and char-
acterize the dynamic interplay between the proposed
design, researchers’ views, and teachers’ opinions, in a
way that could provide actionable directions for the
redesign of the workshop modules. Towards this end, we
decided to adopt a qualitative approach to the analysis of
the transcribed data (see Table II in the Appendix).
The first part of the analysis involved a thorough reading

of the data transcripts. Since the purpose of the discussions
with teachers was to seek feedback on the design of a novel
pedagogical approach, we focused on the utterances that
dealt with teachers’ ideas about teaching and the nature of
physics. These were found to be complex, due in large part
to the deep entanglement between two kinds of teachers’
views: about physics teaching and learning, and the nature
of (physics) knowledge and knowing (excerpt 1B in
Table III, in the Appendix exemplifies this). As a change
in the latter was part of the workshop design (through the
focus on numerical solutions and CM), the data analysis
could not treat teacher feedback as fixed views about a
specific topic (e.g., computational modeling) or module.
We had to consider the teachers’ comments as part of a
meaning-making process. In this view, meaning is not
fully predetermined, or fixed in the minds of the discussants
before or during the interactions. Instead, meaning is con-
sidered as embedded within the sociocultural environment
and related interactions [62,63]. Meaning is considered co-
created, through agreements, contestations, and negotia-
tions between the discussants (see Fig. 6).

In our case, the meaning was constructed by the
participants (teachers) in real-time, as they assimilated
the content of the discussion into their existing knowledge
structures and experiences, and also while they attempted
to articulate their responses to the ongoing discussion.
In parallel, researchers’ interpretation of participants’
responses to the pedagogic modules was based on their
own intellectual and experiential repertoires. In this analy-
sis approach, participants and researchers were equal
contributors to the meaning-making process. Note that
we use “participants” and “teachers” interchangeably in the
context of this data analysis.
To understand the detailed nature of this dynamic

process, and how it could inform the redesign, we decided
to study the dynamics of the discussants’ epistemological
framing of the modules, and the pedagogical approach
therein [67]. Consequently, we decided to base our ana-
lytical framework on a theory of personal epistemology
(the views that an individual holds about the nature of
knowledge and knowing). After a review of some of the
accounts of this construct, we settled on the cognitive
resources framework of personal epistemologies (PE) by
Hammer and Elby [65,66,68,69]. This framework was
chosen because it allowed us to capture and characterize
the context-induced variability in participants’ reasoning,
about the nature and content of their disciplinary knowl-
edge. Further, it allowed an integration of participants’
views about pedagogy and personal epistemology [70]. As
these features were well-aligned with the properties of the
dataset and the redesign objective, the PE framework was
judged the most appropriate for our analysis.
Also, from a methodological standpoint, we found the

following 3 assumptions of the framework quite useful:
• Personal epistemologies inform and motivate all of
knowing and reasoning.

• Personal epistemologies function as context-sensitive
cognitive resources.

Researchers' Frame 
 

Teachers' Frame

FIG. 6. An initial (pre-analysis) schematic representation of the
dynamics of the meaning making process. Further analysis was
conducted to reveal the specific dynamics of the meaning-making
process, and to determine its implications for the redesign of the
modules.
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• Personal epistemologies combine to enact epistemic
framing, which manifests as stable beliefs and/or
theories about an event, object, or phenomenon.

We used these assumptions to develop 3 key analysis
questions:

• What must be presumed about pedagogical practices
and science cognition, to account for the teachers’
stance towards teaching derivations as mathematical
modeling?

• How do personal epistemologies influence the inter-
pretation of the proposed modules?

• What are the implications of researchers’ and partic-
ipants’ (epistemologically informed) interpretations
of the proposed modules, particularly for module
redesign?

Based on these questions, we devised an incremental
approach, to systematically address the questions (see
Fig. 7 for an overview of the method). See Table II in
the Appendix for the steps of the method and their
rationale.
As the design project was highly interdisciplinary,

different aspects of the project (theories of modeling,
numerical solutions, interactive simulations, workshop
narrative, data collection, data analysis, etc.) were led by
different researchers, with interests and abilities related to
these components. The analysis component was led by a
researcher with significant experience in qualitative analy-
sis. As every member of the team did not have this
expertise, consensus on the analysis procedures and cat-
egories were achieved through this researcher meeting with

the two PIs every week, to discuss and develop agreement
on the codes, the process by which they were arrived at, and
the analysis logic in general. This process ensured a broad
interrater agreement about the analysis. Apart from this
discussion process, we also used qualitative measures to
ensure coding reliability and overall rigor of the analysis.
The specific approach used, and the rationale for its
adoption, is provided in Part C of the Supplemental
Material [71] on data analysis.

B. Findings and discussion

We first determined which aspects of the modules the
researchers and teachers agreed and disagreed on. As
illustrated in Fig. 8, the discussants appeared to have a
shared understanding of the problem (the dismal state of
undergraduate physics education in the country) and its
causes (poor conceptual understanding and problem-
solving skills). However they seemed to have conflicting
opinions about the mechanism for pedagogic change.
Specifically, while the researchers proposed to restructure
the teaching of derivations to support mathematical mod-
eling and model-building skills, the participants believed
that the mathematical modeling was better linked to tradi-
tional textbook problem solving.
We then sought to determine how the discussants were

differently interpreting the contents of the conversation.
For this, using an open coding framework, we identified
numerous repetitive key terms and concepts within the
transcript. Assigning each of these terms a unique label,

01 02 03 04 05 06

Determining the contents of 
the discussion: 

Re-coded the data to determine 
the main topics encountered in 
the discourse between the 
researchers and the participants.

Building epistemic frames from 
epistemic resources: 

Determined whether the epistemic 
resources identified in step 3 showed 
patterned activation (consistent with 
Hammer & Elby’s framework, 2002, 
2010). 

Collected data by 
recording a virtual 
feedback session 
on the proposed 

pedagogic 
approach 

[See section ‘the 
design of the 
modules’ for 
details on the 

modules presented]

Data Transcription: 
Transcribed all audio 

data, including 
conversational 

elements in 
Malayalam, 

verbatim. All 
identifying 

information was 
excluded from 
consideration.

Determining the implications 
of reframing of the proposed 
modules on their redesign: 
Studied epistemological shifts in 
the narratives of the researchers 
and the participants, and their 
implications for the redesign

Opinion and perception 
mapping:

Coded the data using Wright et. 
al.’s stage model of intervention 
development, to delineate: aspects 
of the proposed approach that the 
participants and the researchers 
agreed upon, from those that were 
contested.

Data Collection: 

Determining the epistemic 
resources: 

Conducted a comparative analy-
sis of the participants’ and 
researchers’ excerpts to: a) deter-
mine variations in their under-
standing of the topics identified in 
step 2, and b) identify any/all 
epistemic resources that were 
activated in their respective narra-
tives. 

Determining the framing of 
the proposed modules: 

Studied how the epistemic 
frames identified in  step 4 
impacted the parties’ 
sense-making of the modules

Redesigned
 Modules

Data processing
Output

FIG. 7. Overview of the steps involved in our data analysis.
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we generated 11 distinct codes. These included problems,
models, derivations, physics laws, problem solving,
abstraction, idealization, de-idealization, perceived nature
of physics knowledge, focus of preferred pedagogical
approach, and assumptions about science learners.
Conceptually similar codes were then clustered into 3
broader categories, namely, discourse objects, processes,
and science learning, as shown in Fig. 9. A description of
the clusters appears in the caption of the figure.
Next, using the procedures defined in Fig. 10, we

identified the connotative and interpretive variations in
the narratives of the researchers and the participants,
corresponding to the codes (or topics) within a specific
cluster [72,73]. The variations so identified were then used
to infer the epistemic resources—the fine-grained knowl-
edge elements that characterize participants’ views about
knowledge and learning—underlying the narratives. In this
paper we focus on the analysis of just the following 4
codes: problems, derivations, abstraction, and assumptions
about science learners (see Fig. 9). This is for two reasons.
First, for identifying the patterned activation of epistemic
resources, the differences in the responses of the two
participant groups were more salient with these codes than
others. Second, as they contributed to the final objective of
the analysis, which was to provide a clear direction to the

redesign of the workshop, based on participants’ narratives.
These codes highlighted patterns that were actionable.
Analyses related to the remaining 7 codes have been
uploaded as Supplemental Material [71] related to data
analysis (see part A for details).

1. Connotative variations in the use of the terms
“problems” and “derivations” (cluster 1)

Consider the following excerpt from researcher S1,
while explaining the problem with current pedagogical
practices:
A helicopter is flying at a height of 1500m and a bullet is

fired from the helicopter [initial velocity not given]. When
will the bullet hit the target on the ground? This is the
problem. It may or may not be very precisely defined, but
this is actually, you know, the kind of problem you will
encounter when you close the textbook. [So] in retrospect,
we know what equation to be used, what derivations to be
used. But if you for a moment forget that and take these
problems, just as problems then you see that they are quite
complicated. Now why, because in each of them you have
to make judgments on what should be known and what
should I measure so that I can get the time the bullet
reaches on the ground. So you have to make judgments for

FIG. 8. An overview of teacher participants’ and researchers’ conflicting and accordant opinions about the modules.
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yourself and this is a very hard part because then you are
like a practitioner.
S1 employed the adverb “just as” to establish a sense of

equivalency between physics (word) problems and deriva-
tions. On the other hand see how participant or teacher H
used the connector “even though” in the following excerpt
to maintain a distinction between the two:
Instead of transferring this derivation of an equation into

modeling, are we actually doing, are we actually aiming to
do this process of problem solving into modeling? Because
in the presentation by, I think researcher S1, even though
he started with the equation s ¼ utþ 1

2
at2, it’s not the

derivation of that equation that he has modeled here.
I think so. What he has modeled is how to approach a
problem. How to dissect a problem into different parts,
how to do modeling on that problem.
This example indicates that the discussants differed in

how they configured the relationship between problems and
derivations. Perceived relationships between disciplinary
constructs (e.g., problems and derivations) are considered
to influence perceptions about the level of coherence
between disciplinary concepts and ideas [74]. In this view,
since participant H distinguished problems from deriva-
tions, there is a low perceived level of coherence between
these disciplinary constructs. Alternatively, when the rela-
tionship between the constructs of a discipline is perceived
as being integrated and osmotic, as was the case with

researcher S1, a high level of coherence between discipli-
nary constructs and ideas is perceived (see level I themes in
Table III in the Appendix). Consistent with Hammer and
Elby’s framework, we have attributed these difference to
“differences in personal epistemologies pertaining to the
content of physics knowledge” [65,66]. Further details of
this analysis, including the full excerpts, can be found in
Table III in the Appendix.

2. Connotative variations in the use of the term
“abstraction” (cluster 2)

Analyses similar to the one just discussed were done to
characterize connotative variations in the use of the term
abstraction. For instance, participant H emphasizes abstrac-
tion in the context of end-of-textbook problem solving.
He subscribes to a lower level of engagement with the
abstraction process, and views physics knowledge structure
as a collection of distinct facts or pieces of information
(see Table IV in the Appendix for details). Alternatively,
researcher M emphasizes practicing abstraction in the
context of mathematically modeling derivations. He sub-
scribes to a higher level of engagement with the abstraction
process, and conceives physics knowledge as having a
mechanism-like structure (see level I themes in Table V in
the Appendix). Consistent with the cognitive resources
framework of personal epistemologies, we attribute these

FIG. 9. A taxonomy of the codes developed using an inductive approach to data coding. As is evident from the diagram, we labeled
our first cluster “discourse objects.” Here, we define discourse objects as operative procedures that embed within them psychological
processes such as inference, deduction, categorization, generalization, learning, and decision-making. Next, we labeled our second
cluster “processes.” By processes, we mean any mental or cognitive function that is involved in the acquisition, use, interpretation,
manipulation, and transformation of knowledge. Finally, we labeled our third cluster “science learning.” The codes contained within this
cluster conveyed beliefs and assumptions about science teaching and learning.
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differences to “differences in personal epistemologies
pertaining to the structure of physics knowledge” [65,66].
Further details of this analysis, including full excerpts, can
be found in Table IV in the Appendix.

3. Interpretive variations in assumptions made
by researchers and participants
about science learners (cluster 3)

We then comparatively analyzed participants’ and
researchers’ excerpts to understand differences in their
assumptions about science learning. In Table V in the
Appendix, assumptions about science learners appear to
mark one such point of distinction. Specifically, while
teacher or participant A considers physics knowledge
structure to be independent of the learner’s self, researcher
M considers it to be intertwined with the learner’s self.
Similarly, other differences were observed in the subjects’
assumptions about the nature of physics knowledge (for-
malist vs intuitive), as well as in the focus of their proposed
pedagogic interventions (promoting mastery over learnt
content vs teaching disciplinary methodologies). See
Table V in the Appendix for further details of the analysis,
including full excerpts.
The next step in the analysis examined whether there was

a pattern to the activation of epistemic resources (ER)

identified within the discussants’ narratives. Consistent
with the cognitive resources framework, we assessed
whether the ERs were locally coherent and mutually
reinforcing within the discussants’ narratives [65,66].
Theoretically, coherent epistemic resources are defined
as those that have a higher degree of correspondence
between them, and continuous resources as those that
mutually reinforce each other’s activation. To determine
whether the epistemic resources demonstrated any of these
characteristics, we recoded and reorganized participants’
and researchers’ excerpts in accordance with the procedures
described in step 4, Table II in the Appendix. Table I
presents the major findings from these analyses.
The analysis presented in Table I revealed that research-

ers and teacher participants differed in how they framed
mathematical modeling as a pedagogical activity. These
differences were identified from the variations observed in
the activated epistemic resources (ER) across the parties’
narratives, as well as the influence these resources exerted
on one another. For instance, consider the participants’ ER
that “the content of physics knowledge constitutes distinct
pieces of facts and information contained within derivations
and problems.” This ER functioned as a precursor to their
other ER, that “physics knowledge is cumulative and
universal.” Similarly, in the case of researchers, their ER,

FIG. 10. Overview of coding procedures used to study connotative and interpretive variations in discussants’ use of technical terms or
concepts.
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that the “content of physics knowledge constitutes con-
ceptual and mathematical knowledge elements,” served as a
cue for activating their other ER, that “physics knowledge
is contextual and holistic in nature.” The stances the
participants and the researchers adopted towards physics
knowledge also appeared to co-activate the learning oppor-
tunities they envisioned for their students. The pedagogical
approach described in the following excerpt by teacher
participant H provides an example:
My suggestion is that we introduce a problem before the

students and see how we can dissect the problem, as
researcher S1 presented. Maybe every problem can be
approached in that manner. How it can be dissected, how
can we take it to the bare minimum like theoretical
minimum and all because the philosophy of physics is
that, going to the bare minimum? So, how can we take it to
the bare minimum? What all we require to solve it to the
bare minimum? What all data we do not have, in the
problem of firing the gun from the helicopter, what all data
we require, when it is said that firing is done from the
helicopter, we need the height, initial velocity. Such details
may be extracted from students through discussion,
already, the physics they know.
In this view, teachers are required to play an active role in

reducing or decomposing physics word problems to smaller
problems or elements. The students, on the other hand, are
required to engage in higher-order thinking skills needed to
decompose such complex, but concept or topic-centric,
problems. Thus, the proposed pedagogical approach seems
to be framed such that it retains its focus on developing
students’ mastery over textbook content. In contrast, in the
researchers’ proposal, students are required to engage with
the different stages of modeling, in order to arrive at an
understanding of a physical phenomenon. The following
excerpt from researcher M provides an illustrative example:
In our modeling approach therefore, what we advocate

is that we should emphasize imagination...we have a
physical system, we have a physical reality and we have
to model this. So, how do we move from the physical reality
to a schemata? What are the idealizations that are
required? What is the imagination, what is the mental
simulation of the phenomenon that we require? So we
consider the learner, the student, as an imagining and
thinking agent and we walk through the key practices
involved like how we move from physical phenomenon to a
schematic, what is the role that idealization is doing, then
okay after idealization we do what and the general picture
of the modeling is given to students so that they are able to
see derivation as a building process, or they are able to
think through all the steps.
In this view as well, the pedagogical approach is

concerned with teaching physics content as given in text-
books, but it seeks to do this by teaching the characteristics
underlying the modeling of a phenomenon in physics.
Taken together, these patterns indicate that the parties’

epistemic resources did not function in isolation. Instead,
they reinforced each other, within the researchers’ and the
participants’ respective narratives.
As a result of the extended interactions, the discussants’

initial frames got modified dynamically, and a reframing
was achieved. Figure 11 schematically shows how the
frames of researchers and teachers interacted and informed
each other as the discussion unfolded. Tables V and VI in
the Supplemental Material [71] exemplify the framing-
reframing process.

VII. REDESIGNING THE MODULES—DESIGN 2

As discussed above, the detailed qualitative analysis of
teachers’ responses to the modules revealed the activation
of different epistemic resources, and personal epistemolo-
gies that were different from the ones the researchers used
to develop the workshop design. Broadly, this analysis
revealed that while the teachers agreed with the need for a
redesign, their responses to the design were very different
from what was expected by the designers. It is worth noting
here that this broad finding does not directly lead to design
guidelines that help redesign the modules.
Arriving at actionable design guidelines from these

identified differences required another analysis step, where
the differences needed to be integrated, from a design
perspective. This step required an analysis where broader
structures—such as the overall design, and also the feasible
design pathways—were kept in mind. One overall objec-
tive of this design-centered analysis was to develop guide-
lines for an integrated redesign approach, rather than many
particular design changes based on different aspects of
teacher comments. In particular, it was felt that if the
differences between researchers’ and teachers’ personal
epistemologies could be integrated as a specific “stance”
taken by teachers during the discussion, a redesign could
broadly seek to address this position.
This type of integration, driven by specific design

objectives, is common in design analyses. Importantly,
this type of integration is not based entirely on clustering
methods used in standard qualitative approaches. Instead,
they include a creative element, and follow clustering
methods that embed design considerations, such as design
objectives, feasibility, affective patterns, and user agency.
An illustrative example is the method used by graphic
design groups to develop candidate logos, say for an
organization, based on the firm’s type of work. The
designers would first generate, as a collective, many labels,
terms and drawings, through free association with the firm
and its work, in a large external “mood board.” This serves
as a reference point that converges the group’s initial
spontaneous impressions, and also potential design direc-
tions. These graphic and word elements are then clustered
through a more deliberative process, using “affinity map-
ping.” This collective process reveals points of design
intervention, which are developed into candidate logos.
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Our design analysis followed a somewhat similar
approach, where the key nature of the teachers’ feedback
(the differences in personal epistemologies), and design
parameters (such as the overall nature of our design, and
feasible redesign directions) were brought together. For
this, we started by identifying the differences between
teachers’ and researchers’ positions, as indicated by
excerpts in cluster 1 (Connotative variations in the use
of the terms problems and derivations), cluster 2 (con-
notative variations in the use of the term abstraction), and
cluster 3 (interpretive variations in assumptions made by
researchers and participants about science learners). We
then sought to cluster these differences under a common
rubric, keeping in mind the nature of the design and feasible
design pathways, to identify points of intervention. This
discussion indicated an integrated “teacher stance” (on the
ideal way to develop physics expertise), as a candidate
design guideline (described below).
(i) Teacher stance 1.—A textbook-based epistemology

of physics: Teachers’ conception of physics appears to
privilege problem solving as the central way to develop
expertise. Derivations are considered as providing template
results and knowledge elements for solving textbook
problems. We term this stance “text-book based” because
it follows the structure of standard textbooks, where the
procedural approach that is characteristic of analytical

solutions is valued. Textbooks present these solutions in
a privileged manner, emphasizing the generality of the
solutions obtained.
Apart from this stance, which was developed by the

design-driven analysis of teachers’ utterances reported
above, a second stance (“within-classroom stance“) was
inferred from a set of teacher comments on classroom
logistics and time management. As these comments were
focused on operational issues, and not conceptual aspects of
the design, we are not reporting these in detail in this paper.
(ii) Teacher stance 2.—Within-classroom stance of the

teachers: Teachers’ primary commitments and concerns
were focused around the way the proposed modules
required them to redesign their classroom teaching, and
the utility and implementability of the proposed modules to
develop such a redesign. Larger goals emphasized by the
researchers, such as educational transformation and cur-
ricular revision, were not treated as central concerns.
Based on this design-focused characterization, our effort

to redesign the modules focused on reducing the tension
between our design approach and these stances of teachers.
Broadly, the redesign sought to emphasize convergence
points, and then build on them, to address the above
stances. In this direction, the following three major features
were developed and incorporated into the modules during
the redesign.

Great control over content;
passive teaching; not aligned
with contemporary scientific
practices Passive engagement with

content
Active engagement with
content

Student-focused practices; active
teaching strategies; well aligned with
contemporary scientific practices

Knowledge is equated to
acquisition of facts, concepts;
mastery over learnt content 

Identifying concepts and equations to be
used; memorizing steps of an equation, etc.

Knowledge is considered as an act of
construction of models,scientific
practice & disciplinary identity

Learning to think like modelers;
studying & formalizing real-life
phenomena as quantifiable patterns 

Solving textbook
problems as modeling

(teachers' frame )

Modeling as a process
of loading reality into

equations
(researchers' frame)

FIG. 11. The two circular structures capture the teachers’ and researchers’ epistemological frames in an integrated way—textbook
problem solving as modeling, and modeling as a process of loading reality into equations, respectively. The spirals signify stability and
local coherence in the activation of their respective epistemic resources. Note that this integration is driven by design considerations, and
does not follow directly from the qualitative analysis results.
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A. Bridging the gap between derivation
and problem solving

We designed the modules by considering derivations and
problem solving as related activities, both involving math-
ematical modeling at its core. However, the analysis of
teacher discussion around the modules revealed that this
similarity between the two was not reflected in the teachers
discourse. This indicates that they still perceived these
activities as distinct, and considered our emphasis to be
centered around derivations.
To highlight the point that both derivations and problem

solving are two manifestations of mathematical modeling,
we modified the narrative. Particularly, this idea was made
more explicit in module 2, which discussed mathematical
modeling using a problem involving context (calculation of
time taken by a bullet to hit the ground, when fired from a
helicopter). A new activity was introduced, wherein teach-
ers would model the oscillation of a pendulum in a viscous
medium. This task was carefully worded and framed, in
such a way that the traditional distinction between deriva-
tion and problem solving was blurred. Specifically, the task
could be equally perceived as deriving the equation of
motion of a pendulum oscillating in a viscous medium, or
as solving a problem that involved tweaking the simple
pendulum derivation.
In addition, we developed two more tasks based on a

similar framing and narrative (blurring the distinction
between derivation and problem solving), where the under-
lying modeling aspect was emphasized. These two tasks
required teachers to engage in modeling: (i) the oscillation
of a string fixed at both ends (ii) variation of temperature
(in space and time) in an isolated hot rod.

B. Bridging analytical and numerical solutions

Given the textbook emphasis on analytical methods, our
narrative on numerical solutions was perceived by teachers
as (i) highlighting the deficits of analytical methods, and
(ii) as a call to adopt new computational tools.
In the redesign, we sought to highlight the role of

numerical methods in enriching physics, rather than the
role of computation in physics. The importance of numeri-
cal methods in solving physics problems closer to the
real world—such as pendulum oscillating in a viscous
medium, variation of the temperature on a hot rod, etc.—
was highlighted. We also added a segment where teachers
could walk through the way equations are solved numeri-
cally, using Matlab. A related refinement is a new segment
in the oscillating spring simulation, which shows the
difference equations generated to solve the differential
equation, and the way the values of the parameters are
computed step by step, starting from the initial condition.
A graphical representation of the computed values is
displayed simultaneously alongside.
Apart from these changes, the Netlogo simulation

module (on virus transmission) was also redesigned, to

emphasize the role of equations in modeling this problem,
and the way numerical solutions help augment the problem
space that can be modeled. This section explains how the
equations are extended to incorporate computational meth-
ods, thus segueing into simulations.

C. Facilitate the within-classroom stance of teachers

To help teachers embed the perspective gained from the
workshop modules within their classroom teaching, we
included more readily implementable resources, including
new simulations. In addition to the bridge simulations
(simple pendulum, spring oscillator) described earlier, we
developed a system that turned the 4-step characterization of
modeling (described in module 3) into an interactive learn-
ware. The system is based on the derivation of the equation
of motion of a string fixed at both ends, starting from real-
world phenomena such as a guitar and a bridge. The system
allows teachers and students to move through the key
modeling steps and moves in the derivation, turning the
real-world phenomenon into a mathematical equation.
To further enable a more classroom-centric stance, we

also redesigned the presentation structure of the workshop,
from the “preaching model” we started off with (which
predominantly involved module presentations based on
slides) to a more interactive structure, where we did a set
of modeling activities with teachers. Also, a discussion
session was added at the end of each module, highlighting
how the modeling points illustrated by the module could be
embedded within existing teaching patterns. These dis-
cussions also helped strengthen the interleaving of the key
take-home points, which were spread across the modules in
the first design.

VIII. CONCLUDING REMARKS
AND FUTURE DIRECTIONS

The redesigned modules were used to conduct a series of
6 workshops for undergraduate physics teachers in one of
the states (Kerala) in India. There were 18–20 participants
in each workshop (total around 110 teachers, nearly 10% of
UG physics teachers in the state). Insights from each
workshop were used to structure the subsequent workshop.
The goal was to help teachers approach derivations and
problem solving from a modeling perspective, an integra-
tion that can subsume a large section of the content they
currently teach. This perspective can then be extended
to CM.
As shown in Fig. 12, uncovering the modeling elements

within each existing content module (in textbooks) and
then building on them is central to our gradualist design.
This approach smoothly extends the current modular
organization of content, in a way that the logical complex-
ity (rather than content complexity) goes up systematically.
Once students are sufficiently familiar with elements of
CM through this gradual structure, a natural progression
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towards computational modeling and interdisciplinary
thinking could be developed.
In the next step, we plan to include modules on editing

existing computational models, to a subset of teachers who
have attended the current workshops. The existing work
and available resources based on VPython programming
will be helpful in this stage [22–24]. Interested teachers
from this subset will then be given training to build models
from scratch. Our eventual goal is to provide a full-length
pilot implementation of a proof-of-concept seed design,
illustrating a scalable TPD program that facilitates the
transition to CM. While the conceptual and theoretical
framework of the current design is developed in the context
of physics, it can be extended to other sciences, by
leveraging the practice of building models that underlie
these disciplines. This structure would extend the emerging
consensus in philosophy of science, cognitive science, and
science education, that modeling is a quintessential practice
that cuts across sciences.
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APPENDIX: DETAILS OF DATA ANALYSIS

Table II gives the rationale and details of the key steps
involved in the qualitative analysis of our data. The
analysis generated codes which were then clustered into
broader categories. Tables III, IV and V provide full
excerpts and details of the connotative and interpretive
variations in the narratives of the researchers and the
participants. These correspond to the four codes dis-
cussed in the paper.

FIG. 12. Students are taught topics like mechanics, optics, thermodynamics, etc., as sequential modules, before moving to advanced
topics like quantum mechanics (trajectory shown at the bottom of the figure). Introducing computational modeling (top right) in the
senior undergraduate years introduces a whole set of new and unfamiliar practice elements, which makes physics difficult for most
students. A dominant approach at this level is to teach CM using-agent based modeling (in green), which is disconnected from the core
physics courses, and thus lacks pedagogical continuity and coherence. This problem is mitigated in our approach (the diagonal ovals),
based on bridge simulations and numerical solutions as boundary crossing spaces. This structure creates a smoother transition.
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