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Observation of banded spherulite in a pure compound by rhythmic growth
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Banded spherulitic growth of crystals is observed in some materials with spherically symmetric growth front
and periodic radial variation of birefringence. This variation of birefringence in quasi-two-dimensional geometry
produces concentric interference color bands when viewed through crossed polarizers. In most materials, the
banded spherulites are found to be formed by radially oriented periodically twisted fibrillar crystallites. Here,
we report the formation of banded spherulites due to the rhythmic growth of concentric crystallite-rich and
crystallite-poor bands for a pure compound consisting of strongly polar rodlike molecules. The compound
exhibits coexistence of untwisted fibrillar crystallites and an amorphous phase in its most stable solid state.
On sufficient supercooling of the sample from its melting point, the banded spherulites are formed with a
periodic variation of composition of untwisted radially aligned fibrillar crystallites and an amorphous solid phase.
We have developed a time-dependent Ginzburg-Landau model to account for the observed banded spherulitic
growth.
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I. INTRODUCTION

The spherulitic growth of solids is a ubiquitous phe-
nomenon exhibited by many different types of materials such
as polymers [1,2], minerals [3–5], elements [6,7], metals [8],
and salts [9–11]. It is also found in biological materials like
coral skeletons [12], kidney stones [13], proteins [14–16], and
urinary sediments [17]. In spherulitic growth, the solid phase
after nucleation grows with a spherical growth front with
continuous orientational symmetry in contrast to the growth
of a crystal having discrete orientational symmetries. The
spherulites were initially named as “circular crystals” for its
circular boundary in quasi-two-dimensional geometry which
changed later to spherulite [18]. In spite of research on it
for over a century, the detailed understanding of the mech-
anism of this abundantly found natural growth phenomenon
is still incomplete [8]. The spherulitic growth morphology is
often associated with the formation of many radially aligned
fibrillar crystallites which branch noncrystallographically for
filling space during the growth [19]. This distinct characteris-
tic of spherulites separates them from the other polycrystalline
aggregates.

For some materials, the spherulitic growth is accompanied
by a series of equidistant concentric bands and is known as
banded spherulite. In quasi-two-dimensional geometry, the
banded spherulite domain appears as a flattened disk with
circular boundary and these bands appear as concentric cir-
cular rings. The polarizing optical microscopic textures of
these spherulites show concentric bands with periodic vari-
ation of interference color. Polymers generally form this kind
of banded spherulite [1,2,8,20]. Some small molecular sys-
tems also produce banded spherulites [21–28]. An organized
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periodic twisting of radially aligned fibrillar crystallites in
the banded spherulitic domain has been observed to gener-
ate a periodic change of effective birefringence along the
radial direction. This undulation in the birefringence gives rise
to concentric bands with periodic variation of colors when
viewed through crossed polarizers. In contrast, some multi-
component blends of materials form banded spherulites by
rhythmic deposition of host and additive materials [29–31].
Even in some of these cases, twist order of fibrils has been
found to contribute to the modulation of effective birefrin-
gence along the radial direction. So the organized twisting of
the fibrillar crystallites is considered to be a primary mecha-
nism for the formation of the banded spherulites.

Besides banded spherulite, the rhythmic growth of ring
banded structures formed on thin films with one free surface
has been reported [32–40]. The periodic height modulation
of the free surface gives rise to the ring banded structure in
these systems. The effective birefringence in these cases may
also vary periodically depending on the periodic orientational
change of lamellar building blocks. The diffusion controlled
growth mechanism produces a rhythmic variation of material
supply near the growth front of the solid phase which leads to
this height modulation. These types of ring banded structures
are found only in thin films and are very different from the
banded spherulites formed in three-dimensional bulk systems
[2].

In this work, we report the formation of banded spherulite
by a pure liquid crystalline compound consisting of relatively
small rodlike molecules. We show that the rhythmic growth of
concentric crystallite-rich and crystallite-poor zones is the un-
derlying mechanism for the formation of banded spherulites
of this compound contrary to the organized twisting of the
fibrillar crystallites. The crystallite-rich zones have higher
density of radially aligned fibrillar nanocrystallites while
crystallite-poor zones are rich in the solid amorphous state
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of the compound. The alternation of these concentric regions
changes the effective birefringence periodically along the ra-
dial direction of the spherulite giving rise to the concentric
interference color bands between crossed polarizers. We also
develop a phase field model to account for the formation of
banded spherulite due to rhythmic growth in our system.

II. EXPERIMENT

The commercially available liquid crystalline compound
4′-octyloxy-4-cyanobiphenyl (8OCB) was used with 99% pu-
rity. For spherulitic growth, the sample sandwiched between
two cleaned cover slips in its isotropic phase was cooled to
a desired temperature (T ) below its melting point (Tm) us-
ing a microscope hot stage (Linkam). The banded spherulitic
domains of the sample were generally formed above the super-
cooling �T = (Tm − T ) = 22.5 K. The spherulitic domains
grown in this way were used for polarizing optical micro-
scope (POM) observations and Raman spectroscopic studies.
The spacing between the spherulitic bands was determined
by taking photographs using a digital camera (Canon EOS
80D) attached to the polarizing microscope (Olympus BX50)
followed by analysis of the images using the imageJ software.

The micro-Raman spectroscopic studies of the spherulite
domain were performed using a Raman spectrometer (Jabin-
Yvon T64000) equipped with a nanopositioning stage. An air-
cooled argon laser (Melles Griot) beam of wavelength 514 nm
was used as an excitation source. An objective lens with 50×
magnification and 0.75 numerical aperture was used to focus
the beam on the sample. The Raman spectra of the sample
were recorded from the backscattered light. The theoretically
estimated diameter of the focused spot is less than 1 μm.

The field emission scanning electron microscopy (FESEM)
studies of the spherulite domain were conducted using the
CARL ZEISS (ULTRA PLUS model) system. The banded
spherulites of the sample were formed from its melt on
cleaned ITO-coated glass plates at room temperature. The free
surface of these samples was sputter coated with platinum
[QUORUM (Q150R S)] for FESEM imaging. For the cross-
sectional view of the domain, the spherulites formed on cover
slips were cleaved in the middle and then the cross-sectional
areas were sputter coated with platinum for FESEM imaging.

The fluorescent dye (rhodamine 6G) was mixed with the
8OCB sample at 1:104 wt/wt ratio. The mixture was stirred
for 3 hours above the clearing temperature of 8OCB for
homogeneous mixing. The sample was then sandwiched be-
tween two cover slips and supercooled to room temperature
to form the banded spherulites. The fluorescent images of the
spherulite domain were captured by a confocal microscope
(Leica SP8) equipped with an argon gas laser. The exciting
wavelength was 514 nm.

A DY 1042-Empyrean (PANalytical) x-ray diffractometer
with a PIXcel 3D detector was used to acquire the x-ray
diffraction (XRD) profiles of the sample using Cu Kα ra-
diation of wavelength 1.54 Å. The banded spherulites were
formed on a cleaned cover slip on cooling the sample to
room temperature from its isotropic phase and its formation
was confirmed by POM observation. The sample was then
scraped off this substrate and placed on a silicon plate. The
XRD measurements were performed in the grazing angle of

incidence of the x-ray beam. The silicon plate has a flat XRD
profile which does not interfere with that from the sample.

The temperature variation of the dielectric constant of the
sample was measured using a homemade setup. The detail of
this setup has been discussed elsewhere [41]. A commercially
available liquid crystal cell (INSTEC Inc.) of sample thick-
ness 5 μm and electrode area 5×5 mm2 was used for dielectric
measurement. Prior to filling the sample, the capacitance of
the empty cell was measured. The cell was then filled with
the sample in its isotropic phase by capillary action on a hot
stage. After that, it was supercooled to the lower temperature
to form banded spherulite domains. The formation of the
banded spherulites was confirmed using POM observation of
the sample. A sinusoidal voltage of rms amplitude 0.5 V and
frequency 5641 Hz was used for the dielectric measurements.
The ratio of the capacitance of the filled cell to the empty cell
gives the dielectric constant of the sample.

III. RESULTS AND DISCUSSION

The liquid crystalline compound 4′-octyloxy-4-
cyanobiphenyl abbreviated as 8OCB exhibits a variety of
crystal and liquid crystal phases. The sample shows a melting
transition to the smectic-A phase at 327.6 K on heating from
its most stable crystal phase known as the commercial powder
or CP phase. On further heating, the compound transforms
to the nematic and to the isotropic liquid phase at 340.1 K
and 353.1 K, respectively. The sample exhibits a large
range of supercooling from its smectic-A phase. The banded
spherulitic domains are formed on supercooling the smectic
phase by at least 22.5 K below the melting temperature. The
probability of getting the banded spherulites increases with
higher supercooling.

These banded spherulites generally show four black
brushes parallel to the polarizers forming a Maltese cross in
addition to the concentric interference color bands between
crossed polarizers. These color bands arise from the periodic
variation of the effective birefringence in the sample along the
radial direction. Figure 1(a) shows a polarizing optical micro-
scope (POM) texture of a banded spherulite formed between
two cover slips on cooling the sample to room temperature.
The black and white appearance of the interference color
bands in this texture is due to relatively lower thickness of
the sample with phase retardation in the first-order region of
the Levy chart. The dark arms of the Maltese cross remain
invariant on rotating the sample between crossed polarizers.
This implies that the major axis of the effective refractive
index ellipse in the plane perpendicular to the light path
lies parallel or perpendicular to the radial direction of the
spherulitic domain.

The POM studies using a λ plate (530 nm) were performed
to determine the orientation of this major axis. Figure 1(b) is
the POM image after introducing the λ plate in the optical path
of the microscope. The yellow double-headed arrow shows the
orientation of the slow axis of the λ plate with respect to the
orientations of the crossed polarizers. It can be inferred from
the Levy chart that there is effective addition and subtraction
of path differences due to the sample and the λ plate in the blue
and yellow colored regions of the texture, respectively. This
observation clearly indicates that the major axis is oriented
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FIG. 1. Microscopic textures of banded spherulite. The POM textures of banded spherulite of compound 8OCB at room temperature
(a) between crossed polarizers, (b) between crossed polarizers and a λ plate, and (c) with only the polarizer in the optical path. The white
double-headed arrows in (b) indicate the orientations of major refractive index around the seed. (d) The POM texture of a banded spherulite
domain between crossed polarizers for relatively thicker sample at room temperature. The insets show the variation of color in the bands in
three different regions with slightly different sample thickness. (e) The same as in (d) with a red filter introduced in the optical path. The inset
shows the variation of light intensity along the band normal which makes an angle γ with the polarizer. (f) The variation of optical phase
difference along the radial direction of the banded spherulite shown in (e). The FESEM image of (g) the top surface of a banded spherulite
and (h) the cross-sectional view of a banded spherulitic obtained from the cleaved surface showing the bulk structure. (i) The fluorescent
image of a dye-doped banded spherulite at room temperature. The regions marked “A” and “B” represent the concentric crystallite-rich and
crystallite-poor bands, respectively.

parallel to the azimuthal direction of the banded spherulite.
Hence the spherulite observed for this sample is optically
negative [1,8]. The white double-headed arrows in Fig. 1(b)
show the orientation of the major axis around the seed of
this spherulite domain. The spacing between successive bands
is also measured for different values of supercooling of the
sample and compared with the theoretical results discussed
later. The band spacing does not vary appreciably with the
thickness of the sample (see Fig. S1 in the Supplemental
Material [56]) which also agrees with our theoretical model.

Figure 1(c) is the bright-field image of the sample shown in
Fig. 1(a) with only the polarizer in the light path. In this figure,
the bands have low (high) optical contrast where band normal
is parallel (perpendicular) to the polarizer. These observations
indicate that the radial component of refractive index does not
vary appreciably along the radial direction but the strong vari-
ation of the azimuthal component along the radial direction
produces the undulation of the birefringence in the spherulite.

For relatively thicker sample, there are multiple interfer-
ence color rings in a given spherulitic band as shown in
Fig. 1(d). The insets in Fig. 1(d) are the magnified view of
these interference color rings in three regions with slightly
different sample thickness. The variation of phase retardation
in the texture can be measured from the intensity variation
by introducing a red filter in the light path of the POM.
Figure 1(e) is the POM image of the spherulite domain with
a periodic variation of intensity along the radial direction of
the spherulite. The inset in Fig. 1(e) depicts the magnified
view of the marked region of this domain where the band
normal makes an angle γ = 30.5◦ with respect to the polar-
izer. Then the phase retardation can be calculated from the
formula I = I0 sin2(2γ ) sin2(φ/2) + Id , where I0, I , and Id are
the incident, measured, and the dark background intensities
with crossed polarizers, respectively. The phase retardation
φ = 2πd�n/λ, where d is the sample thickness, �n is the
effective linear birefringence of the sample, and λ is the
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wavelength of incident light. Figure 1(f) shows the measured
variation of optical phase retardation along the radial direc-
tion of the spherulite. The variation of sample thickness for
the selected small region shown in the inset of Fig. 1(e) is
negligible and the oscillation of phase retardation across the
bands mainly arises due to the variation of the birefringence
in the sample.

The field emission scanning electron microscopy (FESEM)
studies of the banded spherulite domain showed concentric
bands with same periodicity as found in POM studies. The
high-resolution FESEM texture of the spherulitic domain
revealed that it consists of numerous fibrillar nanocrystal-
lites embedded in an amorphous phase. The bands in the
spherulite arise from the periodic growth of crystallite-rich
and crystallite-poor concentric zones as shown in Fig. 1(g).
Similar repetitive structure was also found in the FESEM
texture of the bisected cross-sectional surface area of the
sample [Fig. 1(h)] showing its bulk nature (also see Fig. S2
in the Supplemental Material [56]). The FESEM textures of
the sample revealed that the crystallite-rich zones (marked as
“A”) have high density of fibrillar crystallites aligned along
the radial direction while crystallite-poor zones (marked as
“B”) are rich in solid amorphous state of the compound. The
crystallites have length similar to the periodicity of the bands
while the width varies from 100 nm to 300 nm.

Some polymers and a few small molecular systems exhibit
concentric color banded spherulites [1,2,8,20–25] in which
organized twisting of fibrillar units along their long axis has
been observed as the mechanism of the band formation. In
some small molecular systems, a periodic variation of orien-
tation of individual crystallites has been reported to produce
concentric color bands [42,43]. But in our sample, neither
twist nor periodic change of orientation of fibrillar crystallites
is found. The FESEM studies depict that the rhythmic growth
of concentric crystallite-rich and crystallite-poor zones pro-
duces the banded spherulite of 8OCB. The periodic change in
birefringence along the radial direction due to these concentric
zones gives rise to the interference color bands observed be-
tween crossed polarizers. The crystallite-poor regions possess
least birefringence due to their predominant amorphous nature
while the crystallite-rich zones have larger birefringence due
to the presence of a large number of radially aligned crystal-
lites.

A fluorescent image of the banded spherulite domain [see
Fig. 1(i)] was obtained by doping the sample with a fluo-
rescent dye (rhodamine 6G). It shows a periodic variation of
dye concentration along the radial direction of the spherulite
domain. The crystallite-rich zones are found to have higher
concentration of dye molecules compared to the crystallite-
poor zones which makes these zones brighter and darker,
respectively, in the fluorescent image. The dynamic advection
of the dye molecules during the growth of crystallite-rich and
crystallite-poor zones perhaps can explain their distribution in
the banded spherulite of the sample. The molecular density
is higher in crystallite-rich zones compared to crystallite-poor
regions. Thus the growth of a crystallite-rich band produces
a diffusive current which advects the dye molecules from the
leading edge of the growth front that gives rise to the higher
density of the dye molecules in this band. The depletion of
molecular density promotes the formation of crystallite-poor

FIG. 2. Indicatrix ellipsoid in banded spherulite. The schematic
representation of the variation of optical indicatrix along the radial
direction of the banded spherulite of the compound 8OCB. The
(a) top and (b) side views showing the uniaxial oblate indicatrix with
radially oriented optic axes.

zones with lower density of the dye molecules. The repetition
of these processes leads to the formation of banded spherulite
in this sample.

Figure 2 shows the schematic representation of the varia-
tion in the refractive index ellipsoid along the radial direction
of the banded spherulite. The FESEM studies revealed that
the elliptical or rectangular cross sections of radially aligned
fibrillar crystallites are oriented randomly in the banded
spherulite giving rise to a uniaxial structure about the radial
direction (see Fig. S3 in the Supplemental Material [56]).
The POM studies showed that the azimuthal component of
the refractive index is larger than the radial component in the
spherulite. Hence, the banded spherulite of 8OCB possesses a
uniaxial oblate indicatrix with a radially oriented optic axis as
shown in Fig. 2. The radial component of the refractive index
does not vary appreciably along the radial direction but the
periodic variation of the transverse component gives rise to
the modulation in the birefringence of the sample as observed
in Fig. 1(c).

The x-ray diffraction (XRD) studies were performed to
identify the crystal structure of the banded spherulite do-
main. The XRD profile [Fig. 3(a)] of the banded spherulite
is identical to that of the commercial powder or CP crys-
tal phase of 8OCB. We have recently shown that the CP
crystal phase is composed of fibrillar nanocrystallites of the
compound embedded in its own amorphous solid state [41].
All the peaks observed in the XRD profile are associated
with the monoclinic crystal structure of the nanocrystallites.
The amorphous component shows only a broad hump from
11 nm−1 to 21 nm−1 in this XRD profile. Thus the XRD
studies indicate that the banded spherulite of the compound
has similar composition as its CP crystal phase.

The spatially resolved variation in the compositions of
the sample in the banded spherulitic domain was probed by
micro-Raman spectroscopy. The stretching vibration peak at
2235 cm−1 of the nitrile (CN) bond of 8OCB molecules was
used to examine the compositions of the spherulite along its
band normal direction. This Raman peak is reported to be
quite sensitive to the molecular environment around the CN
bond of this molecule [44]. It is asymmetric in the spherulite
domain and can be fitted with two closely spaced peaks (see
Fig. S4 in the Supplemental Material [56]). The fitted intense
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FIG. 3. Two phase coexistence from XRD, Raman, and dielectric profile. (a) The XRD profile of the banded spherulite of the compound
8OCB. (b) The variation of intensity ratio of the Raman peaks associated with the CN group of the molecules at few consecutive crystallite-rich
and crystallite-poor bands along radial direction of the banded spherulite where r0 is an initial point of measurement. (c) The variation of
dielectric constant of the banded spherulite with temperature during heating of the sample. The inset highlights the step change in dielectric
constant at 318.1 K.

peak positioned at 2235 cm−1 arises from the nanocrystal-
lites of the banded spherulite and the less intense shoulder
peak positioned at 2226 cm−1 originates from the amorphous
component [41]. The ratio of the intensities of these peaks ob-
tained in the crystallite-rich and crystallite-poor zones along
the radial direction of the banded spherulite is shown in
Fig. 3(b). The higher and lower values of this intensity ratio at
crystallite-rich and crystal-poor zones, respectively, indicate
the periodic variation of the compositions along the radial
direction of the banded spherulite.

The temperature variation of dielectric constant of the
banded spherulite sample during heating it from room tem-
perature is shown in Fig. 3(c). A sudden change of slope in
the dielectric profile [see inset in Fig. 3(c)] was observed at
318.1 K indicating a transformation in the sample. But no
change in the POM textures of the banded spherulites was
found at this temperature. We attribute it to the softening of
the amorphous component of the sample. On heating, the
bands started to become blurred irreversibly at 321.1 K and
the texture transformed completely to nonbanded spherulite
at 325.1 K. The FESEM studies of this nonbanded spherulite
revealed that the lengths of the radially aligned fibrillar crys-
tallites were increased and their distribution was uniform
along the radial direction giving rise to the nonbanded texture
(see Fig. S5 in the Supplemental Material [56]). Thus the
amorphous component after softening gradually transforms to
the crystallites and smectic phase on heating which accounts
for the observed increase in dielectric constant with increasing
temperature before complete melting of the sample to the
smectic phase at 327.6 K [41].

Theoretical model

In the last few decades, a few theoretical models based
on coherent twisting of fibrils have been introduced to ac-
count for banded spherulite. The twisting can occur in a
system due to multiple causes such as surface stress mismatch
[2,20], isochiral screw dislocation [45,46], autodeformation
[8], self-induced concentration or mechanical fields on growth
kinetics [47], and topological defects [48]. Some phase field
models have also been developed to understand the growth of

nonbanded and banded spherulite with twist [49,50]. How-
ever, the experimental observations on banded spherulite of
8OCB show no twist in its fibrillar nanocrystallites as dis-
cussed earlier. Hence, the above models are not suitable for
the description of banded spherulite in this system.

Armed with our experimental results, a time-dependent
Ginzburg-Landau (TDGL) model C is developed to account
for the rhythmic growth of the banded spherulitic domain
observed in our system. This model has been successfully
applied in various physical growth phenomena in different
systems [51,52]. Kyu et al. simulated a ring banded structure
using this model and emphasized rhythmic growth assisted
banded spherulite formation in polymer blends [53,54]. The
model describes the dynamics of a system using a conserved
and a nonconserved order parameter. Our experimental studies
have clearly established that the growth of alternating con-
centric crystallite-rich and crystallite-poor zones gives rise to
the banded spherulites of 8OCB. Therefore, we define the
conserved order parameter φ = (ρ − ρ0)/ρ0 which describes
the local deviation of density in these zones from the average
density ρ0 of the smectic phase. In addition, the noncon-
served order parameter ψ = (ρnc − ρa)/ρ0 describes the local
composition, where ρnc/ρ0 and ρa/ρ0 are the fractional densi-
ties of molecules in the nanocrystalline and amorphous solid
phase, respectively. The smectic phase with ψ = 0 undergoes
a first-order transition to the spherulitic domain with ψ �= 0.

Using these order parameters, the free energy density of
the system in its smectic phase can be written as

f = A

2
φ2 + 1

2
kφ|∇φ|2

+ W

[
α(T )

2
ψ2 − 1 + α(T )

3
ψ3 + 1

4
ψ4

]

+ 1

2
kψ |∇ψ |2 − γφψ. (1)

The first two terms in Eq. (1) represent the free energy
associated with the order parameter φ of the sample. We
assume that φ is noncritical across the transition to the
spherulitic state and only the terms up to the quadratic or-
der are retained. The third and fourth terms represent the
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FIG. 4. Effect of supercooling on banded spherulite. (a) The variation of σ with the wave vector q for different values of α. The modes
in the wave vector range 0 < q < qmax are unstable. (b) The variation of qmax and qc as a function of α. (c) Comparison between experiment,
linear stability analysis, and simulation results for the variation of band spacing with supercooling �T . The values of the parameters used for
the theoretical model are γ /A = 0.242, W/A = 0.1, ξφ = 0.04 μm, ξψ = 3.16ξφ , λD = 1.41ξφ .

free energy associated with the order parameter ψ describing
the first-order phase transition from the smectic phase to the
spherulitic state. Here, 0 � α(T ) = (T − Tc)/(Tm − Tc) � 1
is the temperature-dependent parameter driving this first-order
transition and Tm, Tc are the melting temperature and super-
cooling limit of the smectic phase, respectively. The last term
in Eq. (1) is the lowest-order coupling between these order
parameters.

Using this free energy expansion, the dimensionless form
of the TDGL equations for the system can be written as

∂φ

∂t
= ∇2

[
φ − γ

A
ψ − ε∇2φ

]
, (2)

ε
∂ψ

∂t
= − ξ 2

φ

λ2
D

[
ψ (ψ − 1)(ψ − α) − γ

W
φ − ε

ξ 2
ψ

ξ 2
φ

∇2ψ

]
,

(3)

where ε = ( γ 2

WA − α) is a dimensionless parameter and ξφ =√
kφ

A , ξψ =
√

kψ

W and λD =
√

A�φ

�ψW have the dimension of

length. Here �φ and �ψ are two dynamical coefficients of the
system. The detail derivation of these equations is given in the
Supplemental Material [56].

The linear stability analysis (LSA) of Eq. (2) and Eq. (3)
was performed to investigate the growth of banded spherulite
on quenching the system from the higher-temperature smec-
tic phase. The TDGL equations were linearized with re-
spect to small perturbations φ(�r, t ) = δφ0eσ t ei �q·�r , ψ (�r, t ) =
δψ0eσ t ei �q·�r about the smectic phase (φ = 0, ψ = 0). The re-
sulting eigenvalue equations (see Supplemental Material [56])
determine the stability of the smectic phase with respect to
these perturbative modes for different values of the control
parameter α. The modes with negative real part of σ decay
to zero and are therefore stable while the modes with positive
real part of σ grow with time and are unstable.

Figure 4(a) shows the variation of σ with the wave vector
q for different values of α. As can be seen from Fig. 4(a), σ

is positive for modes with wave vector q lying between zero
and qmax and these unstable modes give rise to the formation
of banded spherulite in this system. Among these unstable
modes, σ has the highest positive value for q = qc and this
most unstable mode will be dominant during the growth of

the banded spherulite. Figure 4(b) shows the variation of qmax

and qc with the parameter α obtained from LSA. Though qc

varies strongly with α, the qmax does not vary appreciably
with it. The wavelength corresponding to this dominant mode
calculated from the LSA is compared with the experimentally
measured band spacing of the banded spherulite as shown in
Fig. 4(c) for different values of supercooling (�T = Tm − T ).
The theoretical result agrees well with the experimental data
confirming the general validity of this model.

A general analytical method of finding solutions of the
coupled nonlinear TDGL equations given by Eqs. (2) and (3)
is not known. These equations were solved numerically under
no flux boundary condition using a finite difference method in
two dimension. The numerical solutions of the order parame-
ters φ and ψ for a banded spherulite growing from a seed at
the center are shown in Fig. 5(a) and Fig. 5(b), respectively
(also see Fig. S6 in the Supplemental Material [56]). The
formation of the ring banded structure is clearly observed
as found experimentally. Figure 5(c) shows the graphical
profiles of the order parameters along a radial direction of
the spherulite. The order parameters vary periodically and
in phase along the radial direction during the growth of the
spherulite. This in-phase variation of the order parameters
arises due to their bilinear coupling with γ > 0 in Eq. (1).

The physical mechanism of the formation of banded
spherulite from the numerical solution of the TDGL model
can be understood as follows. In these numerical computa-
tions, a banded spherulite grows from an initial nanocrystallite
seed on sufficient supercooling of the smectic phase. As the
nanocrystallites have higher density compared to the amor-
phous state, the growth of this nanocrystallite-rich domain
leads to decrease in density around it due to the depletion
of the molecules arising from the conservation of φ. When
the density decreases sufficiently, the bilinear coupling be-
tween the order parameters φ and ψ promotes the formation
of a crystallite-poor domain around the previously formed
crystallite-rich domain. The growth of this crystallite-poor
band in turn increases the density around its periphery and
the same bilinear coupling leads to the nucleation of an-
other nanocrystallite-rich band. The growth continues with the
formation of alternating crystallite-rich and crystallite-poor
bands in a periodic manner along the radial direction of the
spherulite as indicated in Fig. 5. The radius of the numerically
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FIG. 5. Simulated banded spherulite domain. The color-coded representation of the order parameters (a) φ and (b) ψ of a banded spherulite
obtained from the numerical solution of the TDGL equations at �T = 39.5 K. The model parameters used are γ /A = 0.242, W/A = 0.1,
ζφ = 0.04 μm, ζψ = 3.16ζφ , λD = 1.41ζφ , time step size dt = 0.01, and spatial step size dx = dy = 1.0. (c) The graphical profiles of φ and
ψ along a radial axis of the simulated banded spherulite.

simulated banded spherulite grows with time in a rhythmic
fashion as shown in the Supplemental Material [56], Fig. S7.

The spacing between two successive bands of the
spherulite was also calculated from the numerical results
for different values of supercooling �T . The numerically
computed band spacing as a function of supercooling agrees
very well with the experimental data as shown in Fig. 4(c).
This figure also shows that the experimentally measured band
spacing of the spherulite tends to diverge on approaching
�T ∼ 22.5 K from above. Below this supercooling, only the
formation of nonbanded spherulites was observed experimen-
tally. Both the LSA and numerical results account for this
divergence of band spacing. This divergence arises from a
singularity of the TDGL equations for the parameter ε in
Eqs. (2) and (3) being zero. Therefore, the order parameter
ψ is determined by the equation ψ (ψ − 1)(ψ − α) = γ

W φ

and only the order parameter φ controls the dynamics of the
system. A comparison between the computed and experimen-
tally measured growth velocities of banded spherulite gives
the translational diffusion constant (A�φ) of the molecules
as 10−11 m2/sec which agrees with the earlier reported data
on 8OCB [55]. The consistency of the numerical results was
also checked on solving the TDGL equations using the finite
element method (FEniCS python package) (see Fig. S8 in the
Supplemental Material [56]). However, the numerical solu-
tions of these nonlinear equations show that the ring banded

pattern under certain conditions becomes unstable leading to
the breaking of the spherical symmetry of the growth pattern.
The details on these numerical results will be published else-
where.

IV. SUMMARY

We have studied the banded spherulitic growth of the solid
phase of a pure liquid crystalline compound from its melt.
The compound exhibits coexistence of fibrillar nanocrystal-
lites and an amorphous phase in its most stable solid state at
room temperature. The banded spherulites are formed due to
the rhythmic generation of crystallite-rich and crystallite-poor
concentric zones on supercooling the smectic phase of the
compound. This produces the modulation in birefringence
which gives rise to the interference color bands observed be-
tween crossed polarizers. A theoretical model using the time-
dependent Ginzburg-Landau theory is developed to account
for the observed banded spherulitic growth in this compound
which agrees well with the experimental observations.
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