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Diffusionless isothermal omega (DI-ω) transformation, which was recently defined in Phys. Rev. Materials
3, 043604 (2019), is classified into a third category of the ω transformation modes, other than the well-known
isothermal and athermal modes. This work reveals the characteristic features of the DI-ω transformation in the
β-titanium vanadium alloy system, specifically, focusing on variations in the microstructure and mechanical
properties with the proceeding of the DI-ω transformation. After quenching alloys of Ti-15at%V, Ti-21at%V,
and Ti-27at%V down to below room temperature from the β-stable temperature, in addition to the occurrence
of the athermal ω transformation for Ti-15at%V, all of the alloys gradually undergo the DI-ω transformation
upon aging at a temperature as low as 373 K, leading to a moderate increase in the hardness. The degree
of the hardness increase in these alloys can be successfully explained by a local instability concept based on
quenched-in thermal concentration fluctuations. It is also shown that internal friction (Ti-21at%V) diminishes
after the low-temperature aging, which indicates the annihilation of such unstable regions showing a dynamic
collapse of {111}β pairs to form a transient DI-ω phase. Comparison of inelastic x-ray scattering and ultrasound
measurements can see a trail of the DI-ω transformation remaining even in the Ti-27at%V alloy, which has no
obvious athermal omega transformation temperature. Based on the results, the difference between athermal ω

and DI-ω transformations is finally discussed.

DOI: 10.1103/PhysRevMaterials.4.123603

I. INTRODUCTION

Titanium alloys have been indispensable materials for
modern industrial society in that they exhibit superior prop-
erties such as mechanical strength, corrosion resistance, and
biocompatibility. Specifically, β-Ti alloys have received great
attention due to their excellent properties [1–7]. However, it is
known that the hexagonal omega (ω) phase [8], which is brittle
and usually undesired for mechanical applications, is unfor-
tunately formed from the unstable β phase quenched from
high temperatures where the β phase is thermodynamically
stable. Therefore, to harness the superior properties of the β

phase, it is crucial to grasp the nature and control the kinetics
of the ω transformation especially when β-Ti alloys are used
in practical applications.

Many researchers reported significant works on the mecha-
nisms of the ω transformation [9–19]. From a crystallographic
point of view, the ω transformation in β-Ti alloys usually
occurs via the collapse of {111}β plane pairs [10], which is
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often interpreted as the dynamic response to a softening of the
2/3[111]β longitudinal phonon mode, as shown in Fig. 1(a).
This {111}β collapse looks very similar to the shuffling motion
in premartensitic transformations [20–26]. From a thermo-
dynamic point of view, it has been considered that the ω

transformation process falls into either “athermal” or “isother-
mal” modes [10,11]. The athermal ω transformation takes
place via a diffusionless mechanism at temperatures where
atomic diffusion cannot occur, whereas the isothermal ω

transformation proceeds through a diffusion-mediated phase
separation at temperatures (above ∼500 K) where atomic dif-
fusion can take place appreciably [11]. Specifically, the first
mode occurs instantaneously like a martensitic transforma-
tion, while the second mode exhibits an incubation time for
the ω transformation because atomic diffusion is required for
the solute-atom partitioning to form solute-lean regions [11].

Several researchers have, however, pointed out that there
exists a peculiar transformation mode that cannot be clas-
sified into either of the two conventional modes [27–29]; a
diffuse ω structure, which is an incomplete ω structure also
termed “modulated omega” in the de Fontaine paper [10], can
gradually be formed during isothermal aging at around room
temperature (RT), where atomic diffusion is hardly expected
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FIG. 1. Schematic illustration showing (a) the crystallographic relations of the β ↔ ω transformation with the 2/3 {111}β longitudinal
wave, (b) the concentration fluctuation to be considered from the viewpoint of statistical mechanics whose magnitude is dependent on the size
of subsystems in which the concentration is defined, and (c) the various modes in the ω transformation, where Tω shown as the green line is
the athermal ω transformation temperature as a function of the macroscopically averaged concentration of the sample, indicated by a yellow
line in (b). The gray peak corresponds to a concentration distribution for a β-Ti alloy with a higher β-stabilizer concentration.

to occur in the β-Ti alloy systems. This phenomenon was also
observed by one of the present authors [30]. It should be noted
that the diffuse ω structure can be formed even if the aging
temperature (RT) is much above the athermal ω transforma-
tion temperature Tω [10]. and the athermal ω transformation
does not finish in the entire β matrix even when cooled down
to Tω. In fact, the transformation only gradually proceeds upon
further cooling below Tω [10], although there is usually no
large temperature hysteresis found for the β ↔ ω athermal
transformation in systems where this transformation clearly
occurs.

To clarify these unsolved problems and to construct a
universal ω transformation theory, we recently explored the
detailed mechanism of the diffusionless isothermal ω (DI-ω)
transformation in the Ti–V alloy system [31]. Figures 1(b)
and 1(c) summarize the fundamental mechanism of the ω

transformation. In β-Ti alloyed with β-stabilizing elements
such as V or Nb, and so on, locally unstable regions poor in
the β-stabilizing elements exist due to quenched-in compo-
sitional fluctuations. Note that this compositional fluctuation
is not an inhomogeneity (failure) unexpectedly introduced
during a sample fabrication process but the thermal equi-
librium fluctuation that inevitably exists even in a single
phase for a statistical reason. As described in the literature
[31–33], the variance (σ 2) of the concentration distribution is
inversely proportional to the volume L3 of each subsystem in
which we define the local concentration, that is, σ 2 ∼ kT/L3,
where k and T are the Boltzmann constant and temperature,
respectively. As shown in Fig. 1(b), since the quenched-in
compositional fluctuation at the nanometer scale is large,
some local regions are inevitably lean in the β-stabilizing
element, and hence, become unstable for the β structure.
Therefore, the DI-ω transformation can locally occur even if
the β-phase matrix seems macroscopically stable above Tω,
as illustrated in the blue curve (blue region) of Fig. 1(c). In
general, phase transitions are regarded as cooperative phe-

nomena, and therefore many researchers tried to understand
the ω transformation in this way. However, although the
softening of the 2/3[111]β longitudinal phonon mode plays
an important role, our previous study [31] showed that this
softening cannot be completely prohibited only by adding
β-stabilizing elements (V or Nb, etc.). The ω transformation is
not a conventional cooperative phenomenon and the local lat-
tice instability [Fig. 1(a)] can inevitably take place in regions
lean in β-stabilizing elements, and the DI-ω transformation
can therefore proceed locally even above Tω, as indicated by
the blue curve in Fig. 1(c).

In the present paper, we intend to clarify the relationship
between mechanical properties and the DI-ω transformation
that is a fluctuation-driven transformation and has not been
previously proposed as a phase transformation mode in Ti
alloys. Specifically, for β-Ti–V alloys, we more deeply inves-
tigate the characteristic features of the DI-ω transformation
in terms of the microstructure evolution and mechanical-
property change accompanying its progress. We show that
these changes can be thoroughly interpreted by using the
concept illustrated in Fig. 1, and characterized by means
of differential scanning calorimetry, hardness measurements,
transmission electron microscopy, submegahertz internal-
friction measurements at low temperatures, and inelastic x-ray
scattering measurements. What we emphasize here is that the
various phenomena including room temperature aging can be
successfully explained and understood based on the present
mechanism.

II. EXPERIMENT

Ti–V alloy ingots were prepared from 99.9wt% purity
Ti and 99.7wt% purity V by an arc-melting with tilt-
casting apparatus. Three kinds of alloy ingots were prepared
by inductively coupled plasma-optical emission spectrom-
etry (ICP-OES, IRIS Advantage DUO, Thermo Fisher
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Scientific Inc., USA) and oxygen elemental analysis (TC-
436, LECO Corp., USA), the chemical compositions of the
ingots were evaluated to be Ti-15.2at%V (called Ti-15at%V),
−21.2at%V and −20.9at%V (Ti-21at%V), and −26.9 at%V
(Ti-27at%V), and the oxygen concentration in the ingots was
in the range of 0.7–1.2 at%. The effects of solute oxygen
atoms are not the scope of the present study. For the interested
reader a detailed report can be found elsewhere [34]; where
we elucidated that solute oxygen atoms retard the DI-ω trans-
formation. Based on previous works [31,35], the athermal ω

transformation temperatures Tω of the respective alloys are
Tω(15V) � RT for Ti-15at%V, Tω(21V) < RT (or Tω(21V)
∼RT) for Ti-21at%V, and Tω(27V) � RT for Ti-27at%V.
All the samples were subjected to solid-solution treatment
at 1073 K for 2 h in a vacuum atmosphere of 10−3 Pa, fol-
lowed by quenching in ice water. All the measurements were
performed soon after (within 12 h) quenching the samples to
minimize unmonitored RT aging effects.

Prior to the investigation of the DI-ω transformation kinet-
ics, we first monitored the kinetics of all the transformations
of these alloys by differential scanning calorimetry (DSC).
Additionally, a laser interferometric dilatometer was used to
detect the isothermal sample expansion/contraction due to
the DI-ω and isothermal ω transformation. After the solid-
solution treatment, the samples were annealed at 373 K in
air for various periods. To investigate the microstructure and
hardness changes over time, transmission electron microscopy
(TEM) observation (JEOL JEM-2000EX TEM operated at
200 kV) and Vickers hardness (VH) measurements (Shimadzu
HMV-G21) were carried out. As for the TEM observation,
thin foils were prepared before and after aging at 373 K for
16 h. Foils with 3 mm in diameter and 200 μm in thick-
ness were machined from the heat-treated alloys, followed
by mechanical grinding, polishing, and dimpling so that the
thickness at the foil center becomes approximately 20 μm.
Then, the foils were subjected to Ar+ ion milling for perfora-
tion in a precision ion polishing system (PIPS II, Gatan, Inc.)
operated at 4.0 kV accelerating voltage, which was step-wise
decreased to 2.0, 1.0, 0.5, 0.2, and 0.1 kV.

Furthermore, we investigated the aging (DI-ω-formation)
effects on the low-temperature internal friction Q−1 in the
Ti-21at%V alloy by using electromagnetic acoustic resonance
(EMAR) measurements. First, the quenched Ti-21at%V alloy
sample in a cylindrical shape was measured upon cooling
from 300 to 4 K, and subsequently, after annealing the same
sample at 373 K for 72 h, a similar cooling experiment was
repeated. The resonance frequency fr and internal friction Q−1

were measured with the free-decay method; the detailed pro-
cedure of the EMAR technique is described in the literature
[36].

In addition, we also determined the sound velocities (lon-
gitudinal elastic constants) along the [111]β axis by EMAR
and inelastic x-ray scattering (IXS) measurements to detect
the relaxation phenomenon in the sample (Ti-27at%V) that
exhibits no athermal ω transformation. Single crystals for the
EMAR and IXS measurements were grown from the master
alloys using a floating-zone method at a crystal growth rate
of 2.5 mm h−1 in Ar atmosphere; the detailed procedure of
preparing single crystals is described in our previous paper
[31]. The IXS experiment was carried out at BL35XU of

SPring-8 [37]. A detector composed of 3 × 4 analyzer arrays
was installed in the spectrometer of BL35XU. We chose the
Si(11 11 11) backscattering setup: the incident x-ray energy
was 21.747 keV and the energy resolution was about 1.5 meV,
slightly depending on the analyzer. In the present work, the
�Q-resolution in the IXS measurements were � �Q ∼ (0.01 0.02
0.02) (r. l. u.). The single crystalline sample was put on the
He-closed cycle cryostat installed in the IXS spectrometer at
BL35XU. Rocking curve widths of (2 2 2) and (1 2 3) in the
sample were less than 0.1 degree, which is smaller than the
�Q-resolution of the IXS measurements.

III. RESULTS AND DISCUSSION

A. Detection of DI-ω mode in differential scanning
calorimetry and laser dilatometry

Figure 2(a) shows the DSC curves obtained for samples
with three different V compositions. By comparing the first
and second scans, a small but obvious peak corresponding to
DI-ω transformation can be observed around 300–500 K in the
first heating scan for the quenched β-Ti alloys. It is interesting
to note that the DI-ω transformation can take place even in the
Ti-27at%V alloy whose Tω is much lower than RT or absent
[31,35]. As shown later (in Fig. 3), since the Ti-15at%V
alloy shows an athermal ω transformation during quenching
from β-phase solid-solution temperature, we have chosen
the Ti-21at%V alloy, which shows no obvious athermal ω

transformation, for the isothermal contraction/dilatation mea-
surement. Figure 2(b) shows the sample contraction obtained
for the Ti-21at%V alloy with aging at various temperatures.
The inset in Fig. 2(b) presents the diffusion distance as a
function of annealing temperature, which is estimated by the
previous diffusion coefficient data for Ti-19at%V by Mudock
et al. [38]. Also based on this, we can judge that atomic diffu-
sion in Ti–V alloys is impractical at temperatures below about
500 K. Actually, as atomic diffusion can appreciably start
to take place above 550 K, substantial phase separation can
be expected above this temperature, so that the conventional
isothermal ω transformation occurs; this temperature region is
very consistent with the previous work reported by Choudhuri
et al. [14]. For all the annealing temperatures an isothermal
contraction is found, which occurs with aging even at 373 K.
It should be noted that this does not necessarily mean that
the atomic volume of the ω phase is smaller than that of the
β phase in the Ti-21at%V alloy. In fact, the negative sign of
the length changes appearing may be understood as a result
of the varying fractions of β-phase matrix that shrinks due
to V enrichment and ω-phase particles that have a very small
positive eigenstrain [39], formed during a more or less strong
decomposition of the alloy. The detailed analysis of the kinet-
ics of the DI-ω and conventional isothermal ω transformations
will be the topic of an upcoming publication.

Upon further heating in the DSC measurement, the in-
verse transformation from ω to β (endothermic reaction), the
transformation from β to α (exothermic reaction), and one
from α to β phase (slight/broad endothermic reaction) are
observed for all the samples; each peak assignment is based
on previous work [6]. In the first cooling from 1050 K, the
Ti-15at%V alloy shows a segregation reaction of β → α + β1,
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whereas the Ti-21at%V and Ti-27at%V alloys show no such
segregation reaction at the cooling rate as fast as 10 K/min,
which suggests that sufficient atomic diffusion is required
for the α phase formation. Moreover, in the second heating
scan, the DI-ω transformation cannot be observed for all the
samples because the ω phase has already been formed during
the cooling at the rate of 10 K/min in the DSC analysis. In
terms of this, it is suggested that the DI-ω transformation
occurs only in the β phase in the as-quenched state.

B. Microstructural changes before and after aging at 373 K

In the above section, the DSC and laser dilatometry
analyses have shown that the DI-ω transformation can appre-
ciably proceed around 300–400 K. Then, we also investigated
the changes in microstructure and hardness with aging at
373 K; this temperature is much lower than 550 K, above
which atomic diffusion occurs appreciably. Figures 3(a) to
3(f) show the results of the TEM observation for the as-
quenched (after solution treatment) and aged samples (at
373 K for 16 h) of each composition; upper and lower pictures
for each sample are a set of dark-field images and the electron
diffraction patterns taken along the [11̄0]β direction, where
the diffraction spot indicated by the yellow circle was used for
the dark-field imaging. For reference, Fig. 3(g) schematically
illustrates the reciprocal lattices of the β + ω phases when
projected along the [11̄0]β direction; the diffraction spots that
are absent in Fig. 3(g) are due to the multiple diffraction of
electrons, and green and red spots represent the two kinds of
the ω variants.

As is seen in Fig. 3(a), the ω phase is already formed after
quenching the solution-treated Ti-15at%V alloy, which means
that the athermal ω transformation occurs during quenching
and, therefore, Tω of Ti-15at%V is clearly higher than RT.
Comparing Figs. 3(a) and 3(d), despite marginal changes can
be observed in electron diffraction patterns after aging at
373 K for 16 h, the proportion of bright areas in the dark-field
image slightly increases due to aging, indicating the diffuse
ω phase was formed by aging. In contrast, the diffraction

spots attributed to the ω phase can be hardly seen in the
electron diffraction pattern of the quenched Ti-21at%V alloy
[Fig. 3(b)], and accordingly, the dark-field image is substan-
tially homogeneous in the as-quenched state, although faint
diffuse scattering is observed near the diffraction spots of the
ω phase in addition to the diffraction spots corresponding to
the β phase. However, as seen in Fig. 3(e), the diffraction spots
from the ω phase appear in the electron diffraction pattern
after aging at 373 K for 16 h, and the corresponding dark-field
image confirms that the nanometer-scale ω phase is formed
during the aging. These results suggest that the quenched
Ti-21at%V alloy consists mainly of the β phase (but includes
extremely fine diffuse ω phase) and Tω of the Ti-21at%V alloy
is near or slightly higher than RT. Consequently, we judged
that the DI-ω transformation can proceed at 373 K, where
diffusion can hardly occur.

As to the Ti-27at%V alloy, both electron diffraction pat-
terns and dark-field images show that the DI-ω transformation
hardly proceeds at 373 K as is seen from Figs. 3(c) and 3(f).
Nevertheless, the diffuse scattering around the ω-phase spots
is strengthened after aging at 373 K although the diffraction
spots hardly appear in electron diffraction patterns shown in
Fig. 3(f). This means that even in the Ti-27at%V alloy, which
shows no Tω or whose Tω is far below RT, the phase fraction of
the diffuse ω structure slightly increases upon aging at 373 K,
but a long-range order of the ω phase does not form. This fact
is very interesting and is discussed later, together with the IXS
measurement results.

C. Hardness changes with DI-ω transformation

Based on the fact that the DI-ω transformation can proceed
at 373 K, we here address the hardness changes with the
proceeding of the DI-ω transformation at this temperature.
Figure 4(a) shows the aging time dependence of the Vickers
hardness normalized by the Vickers hardness measured imme-
diately after the solid-solution treatment; the initial Vickers
hardness values are shown in the table inset in Fig. 4(a). It
can be seen from the table that the absolute value of Vickers
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hardness of Ti-15at%V is significantly higher than those of
Ti-21at%V and Ti-27at%V. This is because the athermal ω

transformation occurs in Ti-15at%V during quenching, which
is consistent with the TEM observation.

It is clearly seen that the values of Vickers hardness in-
crease with aging at 373 K for all the samples. The increase
in Vickers hardness due to aging at 373 K where no diffusion
occurs [as shown in Fig. 2(c)] is considered to be the same
phenomenon as the RT-aging effect [31]. Although the Ti-
15at%V alloy undergoes the athermal ω transformation during
the quenching treatment (as shown in Fig. 3), the increase ratio
of the hardness is larger as the V composition is lower; the
Vickers hardness increases after aging for 472 h by about 20%
for Ti-15at%V, about 7% for Ti-21at%V, and about 1% for
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a little bit narrower at 373 K because Cω(373 K) is shifted toward the
left side.

Ti-27at%V. Thus, it deserves notice that the Vickers hardness
increases even after the occurrence of the athermal ω transfor-
mation (in Ti-15at%V).

To understand this intriguing phenomenon, we try to grasp
the mechanism of the hardness increase after aging at 373 K
(which is slightly higher than RT but sufficiently low to pre-
vent substantial atomic diffusion of Ti and V). Figure 4(b)
shows the schematic illustration for the concentration distri-
bution of the β-stabilizing (V) element. The red dashed line
indicates the V composition Cω(RT), the alloy of which ex-
hibits Tω = RT. Since the Ti-15at%V alloy exhibits Tω higher
than RT, the median of its concentration distribution is lower
than Cω(RT), whereas the median values for the other alloys
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(21 and 27at%V) are surely higher than Cω(RT) [therefore,
these medians must be higher than Cω(373 K)]. Although
Cω(RT) is actually higher than Cω(373K) since Cω(RT) is
close to Cω(373 K) according to the literature [35], in what
follows, we simply use Cω for these compositions.

As illustrated in Fig. 1, the V-poor local regions in the β

matrix can transform to the ω phase, that is, such regions
having compositions below Cω would have a possibility to
undergo the athermal transformation during quenching. Most
of the β-phase matrix that satisfies the above compositional
condition is considered to undergo the transformation, but
there would exist some untransformed regions not only above
but also even below Cω. We claim that such regions can
play a significant role in the DI-ω transformation. The large
increase in hardness of Ti-15at%V shown in Fig. 4(a) can
be well interpreted as the above explanation (a large rectan-
gular region means a large volume fraction). Even though
the athermal transformation already occurs in this alloy, the
DI-ω can proceed with low-temperature aging, so that the
hardness gradually increases to a significant extent. In the
case of Ti-21at%V, although there exist some regions that
can transform to ω since the median is higher than Cω, the
athermal transformation hardly occurs as a whole. However,
the quenched β matrix in the Ti-21at%V sample has the po-
tential to undergo the ω transformation; therefore, the DI-ω
mode can be observed. In contrast, there are very few regions
below Cω in Ti-27at%V. Based on a statistical interpretation,
we can successfully understand the change in the mechanical
properties when the quenched Ti–V alloys with different V
compositions are aged at low temperatures.

D. Mechanical relaxation in the submegahertz frequency range

The elementary process of the ω transformation, i.e., the
dynamic {111}β collapse, can be detected as a mechanical
relaxation by the internal friction (IF) measurement at low
temperatures. Since the activation energy of the {111}β col-
lapse is shown to be about 220 meV [40] or 140–180 meV
[31], the IF measurement in the submegahertz frequency
range must be conducted at low temperatures. Here, the
present measurement aims to investigate whether the internal
friction is indeed attributed to the dynamic {111}β collapse or
not. Figure 5(a) shows the change in the resonance frequency
fr (of the sample) and internal friction Q−1 in the Ti-21at%V
alloy during the heating process after quenching from 1073 K
and during the cooling/heating processes after aging at 373 K
for 72 h. Since the elastic constants are approximately propor-
tional to f 2

r , they increase with decreasing temperature below
300 K (but this behavior depends on the kind of the elastic
constants). It deserves to note that the inflection point (�M
effect) clearly appears around 180 K, which does not follow
the well-established Varshni equation [41]. This is because
there exists a certain kind of mechanical relaxation responding
to the periodic strain in the submegahertz frequency range.

The activation energy �E{111} of the dynamic {111}β col-
lapse is evaluated by analyzing the Q−1(T ) curve of the
Ti-21at%V alloy using the Debye function

Q−1 = �
ωrτ0 exp (�E{111}/kT )

1 + [ωrτ0 exp (�E{111}/kT )]2 , (1)
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FIG. 5. (a) Resonance frequency and internal friction as a func-
tion of temperature in the submegahertz frequency range. The
intensity of the internal friction (IF) after annealing at 373 K dras-
tically decreases compared to that before annealing, substantiating
that the IF peak is attributed to the activation process of the dynamic
ω transformation. (b) Schematic illustration of the nucleation and
growth of the athermal ω phase stemming from the DI-ω particles.

where � is the relaxation strength, ωr(=2π fr) the angular
frequency, and τ0 the time constant according to literature
[40], τ0 = 2.2 × 10−14 s. As indicated by our previous paper
[31], such a broad IF profile cannot be correctly reproduced
by the Debye function. Therefore, under the condition that
ωrτ = ωrτ0 exp (�E{111}/kTp) = 1 holds at the peak position,
we deduce only the activation energy �E{111} by using the
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following equation:

�E{111} = −kTp ln(ωrτ0). (2)

From this peak analysis, we obtained the activation energy
�E{111} as small as 0.21–0.23 eV for both as-quenched and
aged samples, being in substantial agreement with the pre-
vious reports [31,40]. Although the activation energies for
the two samples are almost unchanged, the IF peak intensity
decreases drastically after aging at 373 K for 72 h (as seen
from Figs. 3 and 4, quite some amount of the DI-ω phase
is considered to be already formed after this aging). This
indicates that the elementary process of the ω transformation
is closely related to the IF peak, that is, the regions at which
the DI-ω transformation has already been completed cannot
contribute to the internal friction. Taking into account the
previous studies [40,42,43], it is concluded that the present
IF peak is attributed to the elementary process, that is, the
“dynamic {111}β collapse” of the ω transformation.

Furthermore, it is interesting to note that the two curves of
fr before and after aging merge into the same values at low
temperatures; note that the same sample was used for the two
measurements. Figure 5(b) illustrates its mechanism, in which
the blue and green regions represent the DI-ω and athermal
ω phases, respectively, in the β phase matrix (yellow). The
athermal ω phase can be formed during the cooling process
from the DI-ω regions, and reversely transform to the β phase
during the heating process, as inferred from the virtually
equal temperature dependence of the resonant frequency and
internal friction for the cooling and heating processes after
aging [Fig. 5(a)]. This is a very important implication in that
the athermal ω transformation stems from a local unstable
β region at which the DI-ω mode can proceed above Tω. It
is considered that the reason why the DI-ω phase cannot re-
versely transform to the β phase around RT∼373 K would be
that a certain stabilization/modification of the ω/β interface
occurs with some defects. In the case of the Ti-27at%V alloy,
as shown in the Supplementary Information of our previous
paper [31], the IF peak can be observed in a similar temper-
ature range, but unlike Ti-21at%V, the resonant frequencies
of as-quenched and postaged samples do not merge into one
curve for Ti-27at%V because the alloy does not exhibit an
obvious athermal ω transformation at any temperature.

E. Inelastic x-ray scattering/ultrasound measurements for
Ti-27at%V alloy showing no athermal ω transformation

In the Ti-27at%V alloy, in which the athermal ω transfor-
mation is not expected to occur, no microstructural effect is
additionally influencing the temperature dependence of the
elasticity. Therefore, it should be possible to investigate the
elementary process of the ω transformation within the Ti-
27at%V alloy. We investigate whether or not a certain kind
of relaxation can be observed in the terahertz frequency range
by using the IXS measurement and compared the results to
the submegahertz ultrasound (US) measurement. Specifically,
we focus on how the [111] longitudinal elastic constant as a
function of temperature differs depending on the measurement
frequency range.

Dynamic structure factors S( �Q + d �Q, ω) at �Q = (2, 2, 2)
and d �Q = (−0.05,−0.05,−0.05) measured at 80 and 150 K

are shown in Fig. 6(a); as clearly seen by the red dashed line,
the excitation energy measured at 80 K is larger than that at
150 K. To obtain the excitation energy at each �Q position, the
present IXS data were fitted to the damped harmonic oscillator
model [44]

S( �Q, ω)

S( �Q)
= A0

	0

	2
0 + ω2

+ AQ


2
Q	Q

(
ω2 − 
2

Q

)2 + ω2	2
Q

, (3)

where A0 and AQ are the relative intensities, 	0 and 	Q are
associated with the sound attenuation, and 
Q is the char-
acteristic acoustic frequency. In practice, we included the
detailed-balance term and convolved it in the instrumental
resolution function. The sound velocity of the longitudinal
wave along the [111]β axis, V[111] = 
Q/| �Q|, was obtained
by linearly fitting the excitation energy values at the two
opposite arm positions: d �Q = (±0.05, ±0.05, ±0.05). The
longitudinal elastic constant along the [111]β axis was derived
by C[111] = ρV 2

[111] with the sound velocity and mass density
(ρ = 4846.5 kg/m3).

Figure 6(b) compares the longitudinal elastic constants
along the [111]β axis obtained from the IXS and US mea-
surements. Both the IXS and US elasticity decreases with
decreasing temperature until around 100–150 K, being a re-
versal of the common trend of crystal lattices, which indicates
that the unstable β matrix tries to undergo the ω transforma-
tion even though it has no Tω. Below around 100–150 K, both
the IXS and US elasticity tends to increase with decreasing
temperature. It should be noted that the IXS elasticity steeply
increases with decreasing temperature whereas the US elas-
ticity increases moderately.

First, we discuss the origin of the increase in the elasticity
with decreasing temperature. There are two possible reasons
for the stiffening: (i) the diminishing of the anharmonic effect
due to the decreased contribution of the higher-order terms
of the potential at low temperatures as is usually observed
in conventional crystal lattices (hereafter, called the “inverse
anharmonic effect”) and (ii) the so-called �M effect that
emerges when the external frequency becomes high compared
to that of the relaxation process (the elementary dynamics of
the β ↔ ω transformation become frozen). Figure 6(c) shows
the characteristic frequency ( f = 1/τ ) for the relaxation pro-
cess with representative activation energies of 0.1, 0.2, and
0.3 eV as a function of temperature. In reality, the activation
energy will have a wider variation due to the compositional
fluctuation at the nanometer scale. As seen in Fig. 6(c), the
THz (IXS) frequency is higher than the characteristic fre-
quency over the whole temperature range investigated. Thus,
the IXS measurement will yield the instantaneous elasticity,
which is independent of external frequencies and, hence, the
substance-specific temperature dependence of elasticity be-
comes available. Therefore, the �M effect cannot rationalize
the temperature dependence of the IXS elasticity, and the
inverse anharmonic effect can exclusively be attributed to the
stiffening with decreasing temperature. On the other hand,
since the MHz (ultrasound) frequency crosses the character-
istic frequency band, the US measurement yields a transient
elasticity from relaxed to unrelaxed upon cooling. Tak-
ing into consideration the compositional fluctuation, the US
waves will still experience local soft regions (relaxed) at low
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FIG. 6. Inelastic x-ray scattering (IXS) measurement for Ti-27at%V at low temperatures. (a) The dynamic structure factors obtained at 150
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temperatures. Therefore, the increase in the US elasticity with
decreasing temperature is partly due to the �M effect, and
also partly due to the inverse anharmonic effect. Nevertheless,
it seems curious that only marginal increase in the US elas-
ticity is experimentally observed despite the dual stiffening
effects.

Then, we discuss why the stiffening in the US elasticity
appears to such a slight degree in terms of the concept of
elastic inhomogeneity, which one of the authors advocated to
comprehend the relationship between elasticity and fragility
in metallic glasses [45]. Within the β matrix, some local
regions, which attempt to transform to ω, remain soft due
to the instability of the β lattice while other local regions of
less instability, which cannot undergo the elementary β ↔ ω

motion, become stiffer due to the inverse anharmonic effect.
Thus, there exists an elastic inhomogeneity at the nanometer
scale at low temperatures due to the concentration fluctuation
with keeping the lattice coherence (i.e., full lattice continuity).
In view of the wavelength, the coherence lengths for the IXS
and US measurements will be a few nm and mm, respectively.
This difference in the coherence length would render the per-
ceptibility for the local stiffening in different ways; the US
waves preferentially experience the softer regions considering
a series model of the elastic continuum, resulting in the less
pronounced increase in the elastic constant at low tempera-
tures, whereas the IXS efficiently detects the local stiffening
due to the inverse anharmonic effect at low temperatures.

IV. WHAT IS THE DIFFERENCE BETWEEN THE
WELL-ESTABLISHED ω MODES AND DIFFUSIONLESS

ISOTHERMAL ω MODE?

First, we discuss the difference between the conventional
isothermal ω mode and the DI-ω mode. The conventional
isothermal ω mode occurs via diffusion-mediated phase sep-
aration by which solute-lean regions are produced. During
the phase separation process, the solute concentration of the

solute-lean regions becomes lower than Cω so that the omega
phase is formed in these regions. The conventional isothermal
ω mode exhibits an incubation period due to the diffusion-
mediated phase separation. In contrast to the conventional
isothermal ω mode, no diffusion process is required for the
DI-ω mode. In the DI-ω mode, local solute-lean β regions
that inevitably exist for statistical reasons are unstable and can
transform into a temporary ω structure even if the whole β

matrix is stable on average. The DI-ω mode also exhibits an
incubation period because it requires some sort of nucleation
process in order to form a permanent ω phase.

Second, we discuss the difference between the athermal
ω and DI-ω modes. In our opinion, the most crucial differ-
ence between them is whether the ω transformation occurs
at the median or tail of the concentration distribution of the
β-stabilizing element in Fig. 1(b). The athermal ω transforma-
tion occurs when the temperature goes below Tω. Then, what
determines Tω? This is an important question for understand-
ing the fundamentals of ω transformation in β-Ti alloys. The
athermal transformation usually occurs reversibly around Tω

with little temperature hysteresis. These characteristics look
like a second-order transition, but the transition proceeds via
a nucleation and growth process. Therefore, Tω is interpreted
as a temperature where most (e.g., half) of the β matrix (re-
gions below the median in the concentration distribution) can
begin to transform to the ω phase. In the present concept, the
threshold value 50% is used for the definition of Tω.

The key to understanding these peculiar features of the
ω transformation could be a temperature dependence of the
interfacial energy between the ω and β phases. As suggested
previously in the paper by Tane et al. [31], the nucleation
of the ω phase is controlled by this interfacial energy. As
pointed out here, the elementary motion takes place with a
very small activation energy of the order 100–200 meV, so this
process cannot substantially be a controlling factor of the ω

transformation even at low temperatures. Therefore, the cru-
cial factor controlling the phenomenon is assumed to be the
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nucleation activation energy �W ∗. It should be noted here
that the activation energy for the ω-nucleation is fundamen-
tally different from that of the {111}β collapse. In both the
diffusionless isothermal and the athermal ω transformations,
the transformation rate is dominated by the product of the
probabilities of two activation processes: a dynamic collapse
of {111}β pairs forming a temporary ω structure (as discussed
in the present work), and a nucleation process forming a per-
manent ω phase [31]. As mentioned above, the first activation
energy is of the order 100–200 meV, so that the dynamic
collapse of {111}β readily occurs even at RT. In the nucleation
process, the interfacial energy γ between the β and ω phases
plays a crucial role to dominate the nucleation rate because the
nucleation barrier �W ∗ is given by �W ∗ ∼ γ 3/�μ2, where
�μ is the free energy difference between the ω and β phases.
Since the elasticity of the β phase is significantly softened
around Tω [7], the nucleation of the ω phase in the athermal
transformation becomes much easier. In contrast, the nucle-
ation in solute-lean local regions in the DI-ω transformation
requires relatively high activation energy since most of the
β regions are still thermodynamically and elastically stable.
The kinetics of the DI-ω transformation is governed mainly
by such a high activation energy of the nucleation process.
Therefore, although the elemental process of ω transformation
itself can frequently occur above around 150 K, the DSC
peak corresponding to the DI-ω starts to appear only above
350–400 K at the fast scan speed of 10 K/min as shown
in Fig. 2(a). On the other hand, the conventional isothermal
ω transformation begins to occur at around 573 K, which
obscures the tail of the DI-ω peak at the high-temperature
side. Thus, the peak width of the DI-ω transformation appears
relatively narrow in the DSC curves.

V. CONCLUSION

We explored various characteristic features of the diffu-
sionless isothermal ω transformation (DI-ω) based on the
mechanism proposed in our previous paper [31]. Through this
work, we reached the following conclusions.

(1) The DI-ω transformation can be detected by a DSC
measurement, which shows that the DI-ω transformation is an
exothermic reaction, at temperatures where substantial atomic
diffusion cannot occur.

(2) The mechanical hardening due to the DI-ω transfor-
mation can be interpreted by the concept of the concentration
distribution of the β-stabilizing element.

(3) When the median value in the concentration dis-
tribution crosses the Tω curve, which is the athermal ω

transformation temperature as a function of the macroscopi-
cally averaged concentration, most of the matrix can undergo
an athermal ω transformation.

(4) The present submegahertz internal-friction measure-
ments show that the elasticity of the aged sample equals that
of the quenched sample at low temperatures, even though the
values of the former are obviously higher than those of the
latter at room temperature. This suggests that the athermal ω is
likely formed around the regions where the DI-ω can proceed
even above the athermal ω transformation temperature Tω.

(5) By comparing the IXS and US elasticity, it is evident
that the elastic softening occurs even for the β-stabilized Ti
alloys (for example, in the Ti-27at%V alloy). After com-
pletely freezing the elementary motion of the {111}β collapse,
an elastic stiffening occurs due to the inverse anharmonic
effect with decreasing temperature, which is more effectively
detected by the IXS measurement.

(6) The difference between the athermal and diffusionless
isothermal modes manifests itself in the elastic softening of
the β matrix. Namely, when the matrix elasticity has softened
enough at a low temperature (that is equal to Tω), the athermal
ω transformation can occur easily in most of the β matrix,
whereas the DI-ω mode gradually proceeds via a nucleation
process with a relatively high ω/β interfacial energy.
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