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Thermal hysteresis is recognized as one of the main drawbacks for cyclical applications of magnetocaloric
and ferromagnetic shape memory materials with first-order transformations. As such, the challenge is to develop
strategies that improve the compatibility between the phases involved in the transitions and study its influence
on thermal hysteresis. With this purpose, we explore the thermal, structural, and magnetic properties of the
Ni2Mn1−xCuxGa0.84Al0.16 Heusler alloys. The alloys present a thermal hysteresis reduction of ∼60% when
the Cu content in the compound varies from x = 0.10 to x = 0.25, with a minimum hysteresis width of 6 K
being achieved. We applied the geometric nonlinear theory of martensite to address the phase compatibility,
quantified by the parameter λ2, the middle eigenvalue of the transformation stretch tensor, and found that the
minimum of hysteresis is associated with a better crystallographic compatibility (λ2 closer to 1) between the
austenite and martensite phases. In addition, we show that the valleylike properties of hysteresis found in
the Ni2Mn1−xCuxGa0.84Al0.16 compounds is present in several other alloys in the literature. These results provide
pathways to understand as well as to master the phase compatibility and ultimately achieve a low thermal
hysteresis in multifunctional Heusler alloys.
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I. INTRODUCTION

Compounds with a magnetic-field-induced first-order tran-
sition are widely studied for future use in technological
devices. Among them, Gd5(Si, Ge)4 [1], MnFeP1−xAsx [2],
La(Fe, Si)13 [3], and Ni2MnQ-based (Q = Ga, In, Sn, Sb)
Heusler alloys [4,5] are promising candidates for applica-
tions in magnetic refrigeration. The latter are also used in
smart actuators, energy harvesting, and robotics applications.
The main phenomena investigated in these materials are the
magnetocaloric effect (MCE) and the ferromagnetic shape
memory effect. The MCE is a temperature change observed
when the magnetic field applied to the sample is varied.
The ferromagnetic shape memory effect is a magnetic-field-
induced deformation that causes strain or stress to the sample.
Both effects play a major role for application purposes. How-
ever, there are some outstanding difficulties, in particular,
how to overcome magnetic and thermal hysteresis. A large
hysteresis prevents the use of low magnetic fields for practical
use [6,7]. In addition, a correlated problem is the sample’s
structural instability when submitted to magnetic/thermal
cycles, which will induce cracks and fatigue inside the ma-
terial if there is a large volume change at the structural
transition [7,8].

Although Ni2MnGa-based alloys are promising for ap-
plications due to giant MCE and large ferromagnetic shape
memory effect, thermal hysteresis is considerable, of the order
of tens of Kelvin, which prevents cyclical applications [9,10].

Usually, these Heusler alloys crystallize in a cubic phase and
present a martensitic transition when cooled. The formation of
a martensitic microstructure and its geometric compatibility
with the higher temperature austenite phase is reported as
a way to understand the hysteresis phenomenon [8]. Com-
position changes as well as external stimuli have been used
previously to decrease the hysteresis [7,11,12].

Both magnetocaloric and ferromagnetic shape memory
applications require the application of a magnetic field. In
addition, a significant magnetization difference between the
structural phases is required for the structural transition to be
triggered by the applied field [13–16]. Some particular com-
positions of Heusler alloys present a simultaneous change of
structural symmetry and magnetic ordering, known as a mag-
netostructural transition (MST) [12,17]. In this case, a high
MCE occurs between the paramagnetic austenite (parent) and
ferromagnetic martensite (lower temperature and symmetry)
phases [17,18]. In contrast, Heusler alloys with a ferromag-
netic austenite phase and an antiferromagnetic martensite
phase give rise to what is known as an inverse MCE [19,12].
For ferromagnetic shape memory effect applications there are
two main mechanisms to generate the required strain/stress:
the martensitic direct-reverse transformation [13,19,20], and
the reorientation of the martensite variants by twin boundary
motion [4,21,22].

The geometric nonlinear theory of martensite addresses the
microstructure of martensite as well as its formation [8,23]. To
this end, it makes use of crystalline symmetries and geometric
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compatibility of the phases involved. Since these subjects are
extremely well correlated to the hysteresis within the trans-
formation, the theory can help us understand the mechanisms
to decrease this undesired property of martensitic transitions.
Basically, the aim is to quantify the geometric compatibil-
ity between the phases and, consequently, achieve a thermal
hysteresis as low as possible. In addition, since hysteresis is
related to dissipated work, the optimized phase compatibility
is also expected to prevent the creation of defects. Hence,
an improvement of the phase compatibility leads to higher
resistance to fractures.

In a few words, the geometric nonlinear theory of marten-
site takes two conditions to search for the minimum of the
hysteresis: (i) det(U ) = λ1λ2λ3 = 1, where U is the transfor-
mation stretch tensor of the transformation; (ii) λ2 = 1, where
λ1, λ2, and λ3 are the eigenvalues of U, in crescent order.
The tensor U is determined by means of the lattice param-
eters of the unit cells from martensite and austenite phases.
If det(U ) = 1, the volume change between the phases under
transformation is zero. Moreover, the λ2 parameter measures
the compatibility of the austenite with a single variant of the
martensite, where the condition λ2 = 1 means that they are
fully compatible. Therefore, by mapping λ2 under composi-
tion changes in an alloy one can determine the concentration
that maximizes the phase compatibility and reach a lower
thermal hysteresis. Earlier studies have applied the geometric
nonlinear theory of martensite to identify compounds with
lower hysteretic behavior [8,23]. Quite recently this approach
was also exploited in studies of Ni-Mn-In Heusler alloys
[24,25].

The Ni2MnGa compound crystallizes in a cubic L21-type
structure, space group Fm-3m, with lattice parameter a =
5.825 Å at room temperature and presents a lower temperature
martensitic structure [26]. It shows a second-order paramag-
netic to ferromagnetic transition at 376 K and a martensitic
transition around 200 K [26]. A small substitution of Ni on
the Mn site leads to a MST with a giant MCE around 333 K
[27]. Previously, it was shown that it is possible to couple the
structural and magnetic transition to achieve a giant MCE in
the Ni2Mn1−xCuxGa alloy as well [28,29]. The replacement
of Mn by Cu yields a MST at 308 K for x = 0.25. In these
alloys, an important parameter associated with achieving a
MST is the number of valence electrons per atom (e/a) [30].
In general, if an element with larger e/a than some precursor
of the Ni2MnGa-based alloy is substituted (without generating
a considerable change in the lattice parameters or hybridiza-
tion), the temperature of the martensitic transition increases
[31]. Furthermore, Mn replacement by nonferromagnetic ele-
ments decreases the magnetic transition temperature because
of the relevant role of the indirect exchange interactions pre-
sented by the 3d electrons of Mn. This is the main mechanism
responsible for the ferromagnetism within the alloy [32]. In
this case, Cu (4s13d [10]) substitution on the Mn (4s23d [5])
site satisfies these requirements due to the larger e/a ratio of
the Cu and nonferromagnetic property of this 3d metal.

Further considerations are related to cost, as it is desirable
to replace the Ga element by a cheaper one, and for this
additional reason Al is attractive [33]. Aluminium substitution
in Ni2MnGa1−xAlx alloys generates a coexistence of L21-
type (ferromagnetic) and B2-type (antiferromagnetic) cubic

structures in the parent phase, leading predominantly to an-
tiferromagnetism when x > 0.30 [34,35]. The fabrication and
annealing processes also have influence in the alloy’s mag-
netic and structural properties, as well as the ability to achieve
a predominantly ferromagnetic L21-type structure [34]. The
alloys Ni2Mn1−xCuxGa0.9Al0.1 were previously studied [36].
In this family of compounds, the MST occurs around 295 K
for x = 0.20, resulting in a magnetic entropy change of
�SM = −9.5 J/kg K under 0–5 T with a 26% reduction in
cost compared to Ni2Mn1−xCuxGa and with an equivalent
refrigerant capacity.

In this paper, by means of thermal, structural, and mag-
netic measurements in Ni2Mn1−xCuxGa0.84Al0.16 alloys, we
identify a valleylike behavior in the Cu content dependence
of the thermal hysteresis. We demonstrate that this behavior
is present in other Heusler alloys that undergo a magne-
tostructural transition triggered by some composition change.
In addition, we apply the geometric nonlinear theory of
martensite in our material to further investigate the phase
transformation and better understand the evolution of the
phase compatibility as the composition changes. The results
show that, for these Heusler alloys and probably for other
compounds, a specific compositional change leads to a mini-
mum of thermal hysteresis. By constructing a phase diagram,
it is possible to identify the composition with a better relation
of signal output for a given energy loss.

II. EXPERIMENTAL DETAILS

Heusler alloys Ni2Mn1−xCuxGa0.84Al0.16, with x = 0.10,
0.20, 0.25, 0.30, 0.31, 0.35, and 0.45, were fabricated using
conventional arc melting in 99.999% pure argon atmosphere
and metallic elements of purity greater than 99.99%. During
the initial fabrication process, we noticed the Mn loss to be ap-
proximately 3%, and to account for this, subsequent processes
included a 3% Mn excess before the melting to ensure the cor-
rect final stoichiometry. To achieve greater homogenization,
two thermal treatments were applied, in which the samples
were wrapped with tantalum foil and encapsulated in quartz
tubes under a low argon pressure of 0.2 atm. The first thermal
annealing was for 72 h at 1273 K and the second for 24 h at
673 K using a temperature ramp of 3 K/min. The sample was
quenched at room temperature with water at the end of each
annealing process. In order to verify the final composition,
electron dispersive spectroscopy (EDS) measurements were
made in a JEOL 7100FT scanning electron microscope and
an Oxford Nordlys 80 detector. The EDS results are presented
in Table I. The data clearly show the Mn replacement by Cu
in the series. The measured Mn concentration is larger than
the nominal values probably because an excess of Mn was
added initially to overcome losses in the arc melting process.
X-ray powder-diffraction (XPD) data of all samples were
collected on a X’Pert Pro (PANalytical) x-ray diffractometer
using the Bragg-Brentano geometry with 2θ of 0.20° and Cu-
Kα1 radiation of λ = 1.540 56 Å. The crystal structure was
characterized by Le Bail analysis of the XPD data, using the
FULLPROF software suite. The reliability factors of the analysis
are within the range 5.53 � Rp � 9.97 and 4.78 � Rwp �
7.94. Heat flow measurements using a differential scanning
calorimeter (DSC) Q2000 from TA Instruments Inc. were
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TABLE I. EDS results with the actual composition of the different elements in Ni2Mn1−xCuxGa0.84Al0.16 alloys.

EDS Results

Nominal Cu content, x Nominal composition of the alloy Ni (%) Mn (%) Cu (%) Ga (%) Al (%)

0.10 Ni49.7Mn20.9Cu2.7Ga24.8Al1.8 49.4 23.9 2.7 23.9 1.9
0.20 Ni49.5Mn18.5Cu5.4Ga24.7Al1.8 48.5 19.5 5.2 24.4 2.5
0.25 Ni49.5Mn17.4Cu6.7Ga24.7Al1.8 48.2 18.5 6.6 23.9 2.8
0.30 Ni49.4Mn16.2Cu8.0Ga24.6Al1.8 49.4 17.3 8.1 22.8 2.3
0.31 Ni49.3Mn15.9Cu8.3Ga24.6Al1.8 48.4 16.9 8.0 24.0 2.7
0.35 Ni49.3Mn15.0Cu9.3Ga24.6Al1.8 50.7 16.4 9.6 21.6 1.7
0.45 Ni49.1Mn12.6Cu12.0Ga24.5Al1.8 46.9 13.5 12.0 24.4 3.2

performed following a heat/cool/heat procedure at 10 K/min.
Magnetization measurements were made as a function of
temperature and magnetic field with a vibrating sample mag-
netometer (VSM) in the Physical Properties Measurement
System (PPMS) from Quantum Design Inc. The isofield mag-
netization measurements followed zero-field-cooled (ZFC)
and field cooled (FC) processes at 1 K/min. Isothermal
magnetization measurements were performed up to 9 T at
5 mT/sec constant rate. Dilatometry measurements as a func-
tion of temperature and applied magnetic field were made
in the silver based capacitance dilatometer [37], following a
0.2 K/min and 3 mT/sec temperature and magnetic field sweep
rate protocol, respectively.

III. RESULTS AND DISCUSSION

A. Heat flow within the transitions

Heat-flow measurements in a differential scanning
calorimeter (DSC) are ideal to study thermal properties of
first-order transitions. Similar to the Ni2Mn1−xCuxGa alloys
[28], in the Ni2Mn1−xCuxGa0.84Al0.16 compounds we observe
an increase of the structural transition temperature when the
Cu concentration is increased, as shown in Fig. 1. The sam-
ple with x = 0.25 exhibits a thermoelastic intermartensitic
transition, sometimes present in other Heusler alloys [38,39].
When the austenitic phase transforms into the martensitic one
and then another structural transformation occurs between
martensitic phases, the structural change is called an inter-
martensitic transition. In general, these transformations in
Ni2MnGa-based materials occur among modulated marten-
sitic structures (5M and 7M), or among modulated and a
nonmodulated tetragonal structures [17,38].

In the results of Fig. 1 several martensitic and austenitic
transformations appear as multiple peaks. For samples with
x = 0.20, 0.25, 0.30, and 0.31, double peaks are observed.
In addition, all the studied materials exhibit satellite peaks,
a characteristic of a multistep transition. When two or three
reproducible peaks are observed in DSC data, previous studies
have attributed this phenomenon to intermediate marten-
sitic phases that appear between the austenite and the final
martensite phase of the transformation [17,38]. In general,
the intermediate martensitic phases of Ni2MnGa-based ma-
terials are the modulated 7M and 5M structures, while the
nonmodulated martensite phase is the more stable one [38].
However, as no intermediate martensite phase was measured

in the diffractograms of our samples we rule this scenario
out as unlikely. Satellite or multiple peaks were previously
observed in scanning calorimetry data taken on NiTi based
shape memory alloys, and associated with microstructural
inhomogeneities due to ageing effects [40,41]. Why the trans-
formations occur in distinct multiple steps instead of a single
broadened calorimetry peak is not entirely clear, although it
is likely related to details of the microstructure [40] and the
first-order character of the transition.

The enthalpy of the transition as a function of Cu content,
calculated from the heat-flow measurements for the first-order
transitions, is presented in the inset of Fig. 1. There is a boost
to the total enthalpy where the value of enthalpy exceeds the
curve of other samples. This behavior is due to the magne-
tostructural coupling in the samples x = 0.30 and x = 0.31.

FIG. 1. Heat-flow measurements for Ni2Mn1−xCuxGa0.84Al0.16,
with x = 0.10, 0.20, 0.25, 0.30, 0.31, and 0.35. Results shown in
arbitrary units for better visualization. IT stands for intermartensitic
transition, MT and AT are martensitic and austenitic transitions,
respectively, where both phases are ferromagnetic, and MT* as
well as AT* are martensitic and austenitic transitions, respectively,
from paramagnetic to ferromagnetic phase. The heat-flow curve for
x = 0.45 was not shown because the transition temperature is close
to 500 K. Inset: Transition enthalpy for the first-order transitions
calculated from the heat-flow measurement, as a function of Cu
content. The dashed line represents the expected enthalpy variation
without a magnetostructural transition.
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FIG. 2. (a) ZFC magnetization curves of
Ni2Mn1−xCuxGa0.84Al0.16, with x = 0.10, 0.20, 0.25, 0.30, 0.35,
and 0.45, and (b) ZFC (open symbols) and FC (closed symbols)
curves for x = 0.25, 0.30, 0.31. The compounds with x = 0.10,
0.20 and x = 0.25 present a magnetic transition in the austenite
phase, while for x = 0.35 and x = 0.45 the magnetic transition
occurs in the martensite phase. In samples with x = 0.30 and 0.31
a magnetostructural transition occurs from the martensite to the
austenite phase.

B. Magnetization

Figure 2(a) shows the zero-field cooled (ZFC) magnetiza-
tion measurements for the alloys with x = 0.20, 0.25, 0.30,
0.31, 0.35, and 0.45, measured with an applied magnetic field
of 20 mT. The samples with Cu concentration x = 0.10, 0.20,
and 0.25 show second-order magnetic transitions between a
paramagnetic and a ferromagnetic phase whereas the lower
temperature transitions are structural transformations. As the
Cu content increases, the structural transition moves up and
the magnetic transition moves down in temperature. Then,
for x = 0.30 and 0.31, the magnetostructural transformation
appears. Now, the transition from a paramagnetic to a ferro-
magnetic phase is controlled by the structural change, thereby
transforming as a first-order transition. In order to better vi-
sualize the magnetostructural transformation, Fig. 2(b) shows
the ZFC and FC magnetization for selected samples, x =
0.25, 0.30, and 0.31. For x = 0.25 the structural transition
takes place around 270 K (ZFC) and 262 K (FC); the magnetic

FIG. 3. Phase diagram of the Ni2Mn1−xCuxGa0.84Al0.16 alloys
plotted as function of the Cu content, x. The regions with austenite
and martensite phase as well as ferromagnetism and paramagnetism
are represented. The regions 1, 2, and 3 represent, respectively, the
occurrence of magnetic transition in the austenite phase, the MST,
and the magnetic transition in the martensite phase.

transition is at much higher temperatures, ≈297 K, with little
hysteresis. In the results for x = 0.30 and 0.31 both structural
and magnetic transitions occur simultaneously. The magnetic
state changes from paramagnetic to ferromagnetic on cooling,
with abrupt steps in the magnetization typical of a first-order
transition, and considerable hysteresis between the ZFC and
FC curves. This abrupt magnetic ordering change coupled
with the structural transition is the cause of the jump in the
enthalpy exhibited in the inset of Fig. 1. On the other hand,
the compositions x = 0.35 and 0.45 [Fig. 2(a)] show only a
second-order magnetic transition. The structural transforma-
tions occur above room temperature, within the paramagnetic
phase.

C. Phase diagram

The phase diagram shown in Fig. 3 was constructed using
heat-flow and magnetization results. From the DSC data, the
mean martensitic and austenitic temperatures were calculated
as (TMS + TMF)/2 and (TAS + TAF)/2, respectively, where the
index S represents the start and F the final temperature of the
transitions. In addition, the Curie point was obtained as the
inflection point of the magnetization data. The values obtained
are shown in Table II. As noticed before, the substitution of
Mn by Cu increases the martensitic transition temperature,
while lowering the magnetic transition temperature. These
substitution effects are mainly due to the larger e/a relation of
the Cu and the partial Mn substitution by a nonferromagnetic
element, respectively, as already discussed.

For samples with x = 0.10, 0.20, and 0.25, the magnetic
transition occurs in the austenite phase. For these compo-
sitions, the Cu content dependence of both structural and
magnetic transition temperatures presents a linear behavior.
With x = 0.30 and x = 0.31, a discontinuous magnetic order-
ing change occurs at the structural transition, due to the MST,
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TABLE II. Lattice parameters and middle eigenvalues λ2 of Ni2Mn1−xCuxGa0.84Al0.16 alloys in the cubic to monoclinic and cubic to
tetragonal transformations.

Martensite

Cu (x) Phase transformation a (Å) b (Å) c (Å) β (degree) Austenite a (Å) λ2

0.10 Cubic to monoclinic 4.1872 5.5805 20.8750 90.160 5.6809 1.0388
0.20 Cubic to monoclinic 4.2930 5.7097 20.7054 89.027 5.6656 1.0337
0.25 Cubic to monoclinic 4.2417 5.6791 20.7314 89.402 5.7900 1.0127
0.30 Cubic to tetragonal 3.8735 3.8735 6.4564 90 5.8066 0.9434
0.31 Cubic to tetragonal 3.8517 3.8517 6.4545 90 5.7954 0.9399

and we notice an increase of the slope for the structural trans-
formation temperature. For x � 0.35, this slope rises further.
In addition, in this interval the negative slope of the magnetic
transition is even smaller, now in the martensite phase. By
observing the phase diagram, we note that the alloy presents a
MST from x = 0.28 to x = 0.33.

D. Composition dependence of the hysteresis

In Fig. 4, we show the thermal hysteresis width, �H, as a
function of the Cu content in the alloys. The results were ob-
tained from heat flow, magnetization, and thermal-expansion
measurements (not shown) and were calculated using the tran-
sition temperatures of the phase diagram. The data from these
different techniques are in close agreement. The results show a
minimum in �H as a function of the Cu content. This clearly
distinguishes three different regions: (i) �H decreases when
Cu is added in the alloys up to x = 0.25, which corresponds
to region 1 of the phase diagram, where both martensite and
austenite phases are ferromagnetic at temperatures close to the
structural transition. (ii) For x = 0.30 and x = 0.31, which
corresponds to region 2, the thermal hysteresis increases.
Here, the austenite phase becomes paramagnetic while the
martensite remains ferromagnetic. (iii) For higher Cu com-

FIG. 4. Thermal hysteresis width �H plotted as a function of
the Cu content in Ni2Mn1−xCuxGa0.84Al0.16 alloys. Results obtained
from differential scanning calorimetry (DSC), magnetization, and
dilatometry.

positions, region 3 where both phases are paramagnetic at
temperatures close to the structural transformation, �H still
increases but it tends to stabilize. By comparing the phase
diagram of Fig. 3 and the hysteresis plot of Fig. 4, we conclude
that the composition with a MST and smaller thermal hystere-
sis is close to x = 0.28, with thermal hysteresis around 7.2 K.
The compound with this Cu content is expected to be the best
one among our series of samples in the relation power output
per energy loss and cyclical fatigue at the transformation.

Since the tuning of the thermal hysteresis plays an im-
portant role in the development of materials attractive for
technology, the observed minimum in �H along with a de-
tailed study of the alloy properties can help facilitate further
understanding of how to improve different materials for ap-
plications. In order to address this potential for applications,
we measured cycles of heat flow around the temperature
of the structural transitions for x = 0.25 and 0.30, as seen
in Fig. 5. In terms of reproducibility, the result shows a
better performance for the martensitic transformation of the
sample x = 0.25, while its intermartensitic transition and the
magnetostructural transformation for x = 0.30 present larger
instability. This signals that the smaller the hysteresis the
better is the reproducibility of the transformation and, then,
it points to a correlation of transition reproducibility and
thermal hysteresis width. The geometric nonlinear theory of
martensite explains that lowering thermal hysteresis of the
transformation leads to improved cyclical efficiency, therefore
fewer cracks are observed in under cyclical procedures [23].
The higher reproducibility of the material x = 0.25 seems to
corroborate this statement.

E. X-ray diffraction

We concentrate our x-ray powder-diffraction measure-
ments on x = 0.10, 0.20, 0.25, 0.30, and 0.31 because the
other compositions present a transition temperature above the
instrumental range available in the XRD measuring system.
We are interested in identifying the phases as well as obtaining
the lattice parameters of each phase involved in the first-order
transformation, in order to apply the geometric nonlinear
theory of martensite. Figure 6 presents typical XPD results
on the x = 0.10 sample. Results at 150 K correspond to a
single martensite phase, at 310 K to an austenite phase, and
closer to the transition temperature, at 204 K, both phases
coexist. The figure shows the measured diffractograms, the
calculated refined curves, Bragg positions for each phase, and
the difference between the observed and calculated data.
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FIG. 5. Thermal cycles of heat flow around the (a) martensitic
and (b) intermartensitic transformation for x = 0.25 and around the
(c) MST for 0.30. In each case, 20 cycles where made in order to
study the transformation reproducibility and stability.

Results around room temperature for all the measured sam-
ples (not shown) present a cubic L21, space group Fm−3m,
the same austenitic structure of the Ni2MnGa material [24].
At lower temperatures, the samples with x = 0.10, 0.20,
and 0.25 present a monoclinic martensitic structure, space
group I12/ma, also called 5M (five-layered). In addition, the
sample with x = 0.25 also presents an intermartensitc transi-
tion, as observed in the DSC measurements of Fig. 1. This
compound transforms from cubic L21 to the 5M martensite
phase in the martensitic transition and transforms from 5M
to the nonmodulated L10 tetragonal structure at the inter-
martensitic transformation. On the other hand, for x = 0.30
and 0.31, the material transforms directly from cubic L21

to the nonmodulated L10 tetragonal phase at the marten-
sitic transition. These changes of the martensite phase as a

FIG. 6. X-ray powder-diffraction results, refined curve, differ-
ence between experimental and calculated data, and Bragg positions
for the Ni2Mn1−xCuxGa0.84Al0.16, with x = 0.10. The measurements
carried out at 310 K, corresponding to a pure austenite phase, at
150 K, corresponding to a pure martensite phase, and at 204 K, where
there is a coexistence of both phases.

function of the Cu composition were reported as being related
to the number of valence electrons per atom, e/a. As the
e/a increases, the alloy tends to move away from the cubic-
to-modulated martensitic transformation and evolve into the
cubic-to-nonmodulated transformation [42]. The nonmodu-
lated structure is considered a ground state, since for this
structure an intermartensitic transition is not observed [38].

F. Phase compatibility

In order to obtain the phase compatibility in the sam-
ples, we applied the geometric nonlinear theory of martensite
[8,23], using the XRD refined data. Crystallographic compati-
bility is quantified by the parameter λ2, the middle eigenvalue
of the transformation stretch. The monoclinic II lattice has a
unique twofold axis along an edge of the original cubic lattice,
so the variants are also called “cube-edge” variants [43]. The
number of variants for this structure is 12, therefore there
are 12 transformation stretch tensors. Given the difficulty to
find detailed information about these stretch tensors and their
respective eigenvalues in the literature, we believe it might be
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useful to present them here:
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⎠, U10 =

⎛
⎝−

ρ −σ 0
σ τ 0
0 0 β

⎞
⎠,

U11 =
⎛
⎝

τ σ 0
σ ρ 0
0 0 β

⎞
⎠, U12 =

⎛
⎝

τ −σ 0
−σ ρ 0
0 0 β

⎞
⎠,

where

ρ = α2 + γ 2 + 2αγ (sinθ + cosθ )

2
√

α2 + γ 2 + 2αγ sinθ
,

σ = α2 − γ 2

2
√

α2 + γ 2 + 2αγ sinθ
,

τ = α2 + γ 2 + 2αγ (sinθ − cosθ )

2
√

α2 + γ 2 + 2αγ sinθ
,

and

β = b

a0
, α =

√
2a

a0
, γ =

√
2c

na0
, with n = 5.

In a cubic to tetragonal transformation there are 3 variants
and the transformation stretch tensors are

U1 =
⎛
⎝

β 0 0
0 α 0
0 0 α

⎞
⎠, U2 =

⎛
⎝

α 0 0
0 β 0
0 0 α

⎞
⎠,

U3 =
⎛
⎝

α 0 0
0 α 0
0 0 β

⎞
⎠,

where

α =
√

2a

a0
and β = c

a0
.

With the expression of the transformation stretch tensor Ui

of the cubic to monoclinic and cubic to tetragonal transforma-
tions, and the cell parameters obtained from the XRD data, we
obtain the middle eigenvalues, λ2, as displayed in Table II. In
Fig. 7 we plot the values of the thermal hysteresis (see Fig. 4)
as a function of the obtained λ2 for each composition studied.
These results clearly show that a lower thermal hysteresis is
obtained for materials with values of λ2 closer to 1, which is

FIG. 7. Thermal hysteresis, obtained from DSC measurements,
as a function of the middle eigenvalue λ2.

consistent to the theory and previous investigations [8,23,44].
In addition, we demonstrate that Cu substitution on the Mn
site in Ni(Mn,Cu)GaAl improves the crystallographic com-
patibility, while keeping a monoclinic transformation, which
yields a minimum of hysteresis of the transition at x ∼ 0.25.
With higher Cu content, where the alloy presents a cubic to
tetragonal transition, both thermal hysteresis increases and λ2

grows beyond 1. Therefore, the thermal hysteresis behavior
shown in Fig. 4 can be unambiguously attributed to the ma-
nipulation of the structural phase compatibility, promoted by
a compositional substitution within the alloys.

G. Valley of thermal hysteresis in the literature

We used the previously defined transition temperatures
TMS, TMF, TAS, and TAF of some Heusler alloys reported
in the literature to obtain their thermal hysteresis as a
function of the Mn substitution. We analyzed previously pub-
lished data on seven well-known alloys: the full Heusler
alloys Ni2Mn1−xCuxGa [Fig. 8(a), Ref. [45]], Ni2+xMn1−xGa
[Fig. 8(b), Refs. [27] and [46]], and Ni2Mn1−xCrxGa
[Fig. 8(c), Ref. [31]], as well as the half Heusler al-
loys with different substitutions: NiMn1−xInx [Fig. 8(d),
Ref. [5]], NiMn1−xAlx [Fig. 8(e), Ref. [47]], and NiMn1−xSnx

[Fig. 8(f), Ref. [48]], which are NiMn1−xQx-based al-
loys with Q = In, Al, or Sn, respectively, and the full
Heusler Ni50.5Mn25−xFexGa24.5 (Table I, Ref. [49]), a qua-
ternary Ni2MnGa-based alloy with Mn replacement by
ferromagnetic Fe.

As observed in the different plots of Fig. 8, except for the
Ni2Mn1−xFexGa, all other Heusler alloys show a minimum
point in the composition dependence of the thermal hystere-
sis, which confirms that the scope of our results, related to
the minimum of the thermal hysteresis, is broader than the
specific alloy studied here. In the case of Ni2Mn1−xFexGa,
the thermal hysteresis increases linearly with the Fe content.
However, this alloy is the only one listed in which the sub-
stitution does not converge to a magnetostructural transition
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FIG. 8. Thermal hysteresis obtained from the literature for dif-
ferent materials.

at some temperature, i.e., this substitution only further sepa-
rates the martensitic and magnetic transition temperatures. Mn
replacement by Fe decreases the martensitic transition temper-
ature (around 200 K for x = 0) and increases the magnetic one
(around 376 K for x = 0). In all the other listed alloys, one
specific characteristic repeats: while replacing Mn for some
other element, the thermal hysteresis decreases before the
concentration with MST and there is an increase of the ther-
mal hysteresis when the substitution reaches the compositions
with MST. This valleylike behavior provides a mechanism to
estimate the best composition to achieve maximum efficiency
in each alloy, by knowledge of its structural/magnetic phase
diagram.

The minimum in the thermal hysteresis width for different
materials occurs in a certain substitution interval whenever
both structural phases are ferromagnetic or paramagnetic.
Therefore, we cannot determine which type of magnetic or-
dering is best for structural phase compatibility. Nevertheless,
on average, the minimum of �H is smaller for the full
Heusler alloys, which present transitions between ferromag-
netic phases. Conversely, it is clear that the thermal hysteresis

increases when the phases present different types of magnetic
ordering. Since the hysteresis is due to the energy barrier
related to the nucleation and growth process, by improving the
geometric and magnetic compatibility between the phases the
thermal hysteresis decreases. This is important if the Heuslers
are to be considered viable for application. Reducing thermal
hysteresis increases the energy savings in cyclical applications
as well as minimizes fatigue due to crack formation during
cycles of transformation [8].

IV. CONCLUSIONS

Thermal, structural, and magnetic properties of
Ni2Mn1−xCuxGa0.84Al0.16 Heusler alloys were studied. As
Mn is replaced by Cu, the martensitic transition temperature
rises while the magnetic transition temperature decreases.
A valleylike behavior in the Cu content dependence of the
thermal hysteresis was identified and for this material the
minimum in �H was found to occur at the Cu content
x = 0.25. The geometric nonlinear theory of martensite was
applied to the structural data and provided invaluable insight.
The valleylike behavior of the hysteresis coincides with
a region of the phase diagram where the parameter λ2 is
closer to 1. In addition, a comprehensive analysis of results
previously published in the literature on the full Heusler
alloys Ni2Mn1−xCuxGa, Ni2+xMn1−xGa, Ni2Mn1−xCrxGa
as well as the half Heusler alloys NiMn1−xInx, NiMn1−xAlx

and NiMn1−xInx reveals that all compounds also show
a minimum of the thermal hysteresis width when Mn is
replaced by different ions. Understanding and tuning the
thermal hysteresis width is a pressing issue if magnetocaloric
and shape memory Heusler alloys are to be employed in
future applications. In this context, our work establishes a
gateway for compositional engineering and exploitation of
Heusler and half Heusler with minimum fatigue and minimum
thermal hysteresis.

ACKNOWLEDGMENTS

A.A.M. was supported by a graduate grant from the Brazil-
ian agency CAPES (Coordenação de Aperfeiçoamento de
Pessoal de Nível Superior). L.G. and A.M.G. were sup-
ported by CNPq (Conselho Nacional de Desenvolvimento
Científico e Tecnológico) Projects No. 305021/2017-6 and
No. 424688/2018-2. L.G. acknowledges financial support
from FAPERJ (Fundação Carlos Chagas Filho de Amparo
a Pesquisa do Estado do Rio de Janeiro), Projects No.
E-26/202.820/2018 and No. E-26/010.101136/2018. H.G.
and R.D.J. acknowledge the support of NSF (Grant No.
DMREF-1629026), ONR (Grant No. N00014-18-1-2766),
and a Vannevar Bush Faculty Fellowship. L.F.C was supported
by UK EPSRC Project No. EP/P511109/1 and Innovate UK
FlexMag Project No. 105541 or 32645.

[1] A. O. Pecharsky, K. A. Gschneidner Jr., and V. K.
Pecharsky, The giant magnetocaloric effect of optimally pre-
pared Gd5Si2Ge2, J. Appl. Phys. 93, 4722 (2003).

[2] O. Tegus, E. Brück, K. H. J. Buschow, and F. R. de
Boer, Transition-metal-based magnetic refrigerants for room-
temperature applications, Nature (London) 415, 150 (2002).

114403-8

https://doi.org/10.1063/1.1558210
https://doi.org/10.1038/415150a


EXPERIMENTALLY CORRELATING THERMAL … PHYSICAL REVIEW MATERIALS 4, 114403 (2020)

[3] A. Fujita, S. Fujieda, Y. Hasegawa, and K. Fukamichi, Itinerant-
electron metamagnetic transition and large magnetocaloric
effects in La(FexSi1−x )13 compounds and their hydrides, Phys.
Rev. B 67, 104416 (2003).

[4] A. Sozinov, A. A. Likhachev, N. Lanska, and K. Ullakko,
Giant magnetic-field-induced strain in NiMnGa seven-layered
martensitic phase, Appl. Phys. Lett. 80, 1746 (2002).

[5] Y. Sutou, Y. Imano, N. Koeda, T. Omori, R. Kainuma, K. Ishida,
and K. Oikawa, Magnetic and martensitic transformations of
NiMnX (X = In,Sn,Sb) ferromagnetic shape memory alloys,
Appl. Phys. Lett. 85, 4358 (2004).

[6] T. Krenke, S. Aksoy, E. Duman, M. Acet, X. Moya, L. Mañosa,
and A. Planes, Hysteresis effects in the magnetic-field-induced
reverse martensitic transition in magnetic shape-memory alloys,
J. Appl. Phys. 108, 043914 (2010).

[7] O. Gutfleisch, T. Gottschall, M. Fries, D. Benke, I. Radulov,
K.P. Skokov, H. Wende, M. Gruner, M. Acet, P. Entel, and M.
Farle, Mastering hysteresis in magnetocaloric materials, Philos.
Trans. R. Soc. London, Ser. A 374, 20150308 (2016).

[8] R. Zarnetta, R. Takahashi, M. L. Young, A. Savan, Y. Furuya,
S. Thienhaus, B. Maaß, M. Rahim, J. Frenzel, H. Brunken,
Y.S. Chu, V. Srivastava, R.D. James, I. Takeuchi, G. Eggeler,
and A. Ludwig, Identification of Quaternary Shape Memory
Alloys with Near-Zero Thermal Hysteresis and Unprecedented
Functional Stability, Adv. Func. Mater. 20, 1917 (2010).

[9] L. F. Cohen, Contributions to hysteresis in magnetocaloric ma-
terials, Phys. Status Solidi B 255, 1700317 (2017).

[10] P. J. Shamberger and F. S. Ohuchi, Hysteresis of the marten-
sitic phase transition in magnetocaloric-effect Ni-Mn-Sn alloys,
Phys. Rev. B 79, 144407 (2009).

[11] V. Srivastava, X. Chen, and R. D. James, Hysteresis and
unusual magnetic properties in the singular Heusler alloy
Ni45Co5Mn40Sn10, Appl. Phys. Lett. 97, 014101 (2010).

[12] J. Liu, T. Gottschall, K. P. Skokov, J. D. Moore, and O.
Gutfleisch, Giant magnetocaloric effect driven by structural
transitions, Nat. Mater. 11, 620 (2012).

[13] H. E. Karaca, I. Karaman, B. Basaran, Y. Ren, Y. I.
Chumlyakov, and H. J. Maier, Magnetic field-induced phase
transformation in nimncoin magnetic shape-memory alloys -
new actuation mechanism with large work output, Adv. Func.
Mater. 19, 983 (2009).

[14] A. D. Bozhko, A. N. Vasil’ev, V. V. Khovailo, V. D.
Buchel’nikov, I. E. Dikshtein, S. M. Seletskii, and V.
G. Shavrov. Phase transitions in the ferromagnetic alloys
Ni2+xMn1−xGa, JETP Lett. 67, 227 (1998).

[15] E. Liu, W. Wang, L. Feng, W. Zhu, G. Li, J. Chen, H. Zhang,
G. Wu, C. Jiang, H. Xu, and F. Boer, Stable magnetostructural
coupling with tunable magnetoresponsive effects in hexagonal
ferromagnets, Nat. Commun. 3, 873 (2012).

[16] D. A. Filippov, V. V. Khovailo, V. V. Koledov, E. P.
Krasnoperov, R. Z. Levitin, V. G. Shavrov, and T. Takagi, The
magnetic field influence on magnetostructural phase transition
in Ni2.19Mn0.81Ga, J. Magn. Magn. Mater. 258–259, 507 (2003).

[17] Z. Li, K. Xu, Y. Zhang, C. Tao, D. Zheng, and C. Jing, Two suc-
cessive magneto-structural transformations and their relation to
enhanced magnetocaloric effect for Ni55.8Mn18.1Ga26.1 Heusler
alloy, Sci. Rep. 5, 15143 (2015).

[18] I. Babita, M. M. Raja, R. Gopalan, V. Chandrasekaran, and S.
Ram, Phase transformation and magnetic properties in Ni-Mn-
Ga Heusler alloys, J. Alloys Compd. 432, 23 (2007).

[19] R. Kainuma, Y. Imano, W. Ito, Y. Sutou, H. Morito, S. Okamoto,
O. Kitakami, K. Oikawa, A. Fujita, T. Kanomata, and K. Ishida,
Magnetic-field-induced shape recovery by reverse phase trans-
formation, Nature (London) 439, 957 (2006).

[20] A. A. Mendonça, J. F. Jurado, S. J. Stuard, L. E. L. Silva, G.
G. Eslava, L. F. Cohen, L. Ghivelder, and A. M. Gomes, Giant
magnetic-field-induced strain in Ni2MnGa-based polycrystal, J.
Alloys Compd. 738, 509 (2018).

[21] K. Bhattacharya and R. D. James, The material is the machine,
Science 307, 53 (2005).

[22] R. C. O’Handley, S. J. Murray, M. Marioni, H. Nembach, and
S. M. Allen, Phenomenology of giant magnetic-field-induced
strain in ferromagnetic shape-memory materials, J. Appl. Phys.
87, 4712 (2000).

[23] J. Cui, Y. S. Chu, O. O. Famodu, Y. Furuy, J. Hattrick-Simpers,
R. D. James, A. Ludwig, S. Thienhaus, M. Wittig, Z. Zhang,
and I. Takeuchi, Combinatorial search of thermoelastic shape-
memory alloys with extremely small hysteresis width, Nat.
Mater. 5, 286 (2006).

[24] P. Devi, C. S. Mejia, M. G. Zavareh, K. K. Dubey, P. Kushwaha,
Y. Skourski, C. Felser, M. Nicklas, and S. Singh, Improved
magnetostructural and magnetocaloric reversibility in magnetic
Ni-Mn-In shape-memory Heusler alloy by optimizing the geo-
metric compatibility condition, Phys. Rev. Mater. 3, 062401(R)
(2019).

[25] K. K. Dubey, P. Devi, A. K. Singh, and S. Singh, Im-
proved crystallographic compatibility and magnetocaloric re-
versibility in Pt substituted Ni2Mn1.4In0.6 magnetic shape
memory Heusler alloy, J. Magn. Magn. Mater. 507, 166818
(2020).

[26] P. J. Webster, K. R. A. Ziebeck, S. L. Town, and M. S. Peak,
Magnetic order and phase transformation in Ni2MnGa, Philos.
Mag. B 49, 295 (1984).

[27] A. A. Cherechukin, T. Takagi, M. Matsumoto, and V. D.
Buchelnikov, Magnetocaloric effect in Ni2+xMn1−xGa Heusler
alloys, Phys. Lett. A 326, 146 (2004).

[28] S. Stadler, M. Khan, J. Mitchell, N. Ali, A.M. Gomes, I.
Dubenko, A. Y. Takeuchi, and A. P. Guimarães, Magnetocaloric
properties of Ni2Mn1−xCuxGa, Appl. Phys. Lett. 88, 192511
(2006).

[29] V. Sokolovskiy, V. Buchelnikov, K. Skokov, O. Gutfleisch, D.
Karpenkov, Yu. Koshkid’ko, H. Miki, I. Dubenko, N. Ali, S.
Stadler, and V. Khovaylo, Magnetocaloric and magnetic prop-
erties of Ni2Mn1−xCuxGa Heusler alloys: An insight from the
direct measurements and ab initio and Monte Carlo calcula-
tions, J. Appl. Phys. 114, 183913 (2013).

[30] V. A. Chernenko, Compositional instability of β-phase in Ni-
Mn-Ga alloys, Scr. Mater. 40, 523 (1999).

[31] M. Khan, J. Brock, and I. Sugerman, Anomalous trans-
port properties of Ni2Mn1−xCrxGa Heusler alloys at the
martensite-austenite phase transition, Phys. Rev. B 93, 054419
(2016).

[32] E. Sasioglu, L. M. Sandratskii, and P. Bruno, Role of conduc-
tion electrons in mediating exchange interactions in Mn-based
Heusler alloys, Phys. Rev. B 77, 064417 (2008).

[33] Source: https://www.sigmaaldrich.com/.
[34] H. Ishikawa, R. Y. Umetsu, K. Kobayashi, A. Fujita, R.

Kainuma, and K. Ishida, Atomic ordering and magnetic proper-
ties in Ni2Mn(GaxAl1−x ) heusler alloys, Acta Mater. 56, 4789
(2008).

114403-9

https://doi.org/10.1103/PhysRevB.67.104416
https://doi.org/10.1063/1.1458075
https://doi.org/10.1063/1.1808879
https://doi.org/10.1063/1.3466770
https://doi.org/10.1098/rsta.2015.0308
https://doi.org/10.1002/adfm.200902336
https://doi.org/10.1002/pssb.201700317
https://doi.org/10.1103/PhysRevB.79.144407
https://doi.org/10.1063/1.3456562
https://doi.org/10.1038/nmat3334
https://doi.org/10.1002/adfm.200801322
https://doi.org/10.1134/1.567655
https://doi.org/10.1038/ncomms1868
https://doi.org/10.1016/S0304-8853(02)01126-5
https://doi.org/10.1038/srep15143
https://doi.org/10.1016/j.jallcom.2006.06.003
https://doi.org/10.1038/nature04493
https://doi.org/10.1016/j.jallcom.2017.12.197
https://doi.org/10.1126/science.1100892
https://doi.org/10.1063/1.373136
https://doi.org/10.1038/nmat1593
https://doi.org/10.1103/PhysRevMaterials.3.062401
https://doi.org/10.1016/j.jmmm.2020.166818
https://doi.org/10.1080/13642817408246515
https://doi.org/10.1016/j.physleta.2004.03.072
https://doi.org/10.1063/1.2202751
https://doi.org/10.1063/1.4826366
https://doi.org/10.1016/S1359-6462(98)00494-1
https://doi.org/10.1103/PhysRevB.93.054419
https://doi.org/10.1103/PhysRevB.77.064417
https://www.sigmaaldrich.com/
https://doi.org/10.1016/j.actamat.2008.05.034


A. A. MENDONÇA et al. PHYSICAL REVIEW MATERIALS 4, 114403 (2020)

[35] M. Acet, E. Duman, E. F. Wassermann, L. Mañosa, and A.
Planes, Coexisting ferro- and antiferromagnetism in Ni2MnAl
heusler alloys, J. Appl. Phys. 92, 3867 (2002).

[36] C. S. Mejía, A. M. Gomes, and L. A. S. de Oliveira, A less
expensive NiMnGa based Heusler alloy for magnetic refrigera-
tion, J. Appl. Phys. 111, 07A923 (2012).

[37] M. Rotter, H. Muller, E. Gratz, M. Doerr, and M. Loewenhaupt,
A miniature capacitance dilatometer for thermal expan-
sion and magnetostriction, Rev. Sci. Instrum. 69, 2742
(1998).

[38] A. Çakr, L. Righi, F. Albertini, M. Acet, M. Farle, and
S. Aktürk, Extended investigation of intermartensitic transi-
tions in Ni-Mn-Ga magnetic shape memory alloys: A detailed
phase diagram determination, J. Appl. Phys. 114, 183912
(2013).

[39] C. S. Mejía and A. M. Gomes, Martensitic and intermarten-
sitic transitions in Ni50Mn20Cu5Ga21Al4 Heusler alloy, J. Alloys
Compd. 586, 718, (2014).

[40] J. K. Allafi, X. Ren, and G. Eggeler, The mechanism of mul-
tistage martensitic transformations in aged Ni-rich NiTi shape
memory alloys, Acta Mater. 50, 793 (2002).

[41] M. C. Carroll, Ch. Somsen, and G. Eggeler, Multiple-step
martensitic transformations in Ni-rich NiTi shape memory al-
loys, Scr. Mater. 50, 187 (2004).

[42] N. Lanska, O. Soderberg, A. Sozinov, Y. Ge, K. Ullakko, and V.
K. Lindroos, Composition and temperature dependence of the
crystal structure of Ni–Mn–Ga alloys. J. Appl. Phys. 95, 8074
(2004).

[43] R. D. James and K. F. Hane, Martensitic transformations and
shape-memory materials, Acta Mater. 48, 197 (2000).

[44] Y. Song, X. Chen, V. Dabade, T. W. Shield, and R. D. James,
Enhanced reversibility and unusual microstructure of a phase-
transforming material, Nature (London) 502, 85 (2013).

[45] M. Kataoka, K. Endo, N. Kudo, T. Kanomata, H. Nishihara,
T. Shishido, R. Y. Umetsu, M. Nagasako, and R. Kainuma,
Martensitic transition, ferromagnetic transition, and their inter-
play in the shape memory alloys Ni2Mn1−xCuxGa, Phys. Rev.
B 82, 214423 (2010).

[46] V. V. Khovailo, V. Novosad, T. Takagi, D. A. Filippov, R. Z.
Levitin, and A. N. Vasil’ev, Magnetic properties and magne-
tostructural phase transitions in Ni2+xMn1−xGa shape memory
alloys, Phys. Rev. B 70, 174413 (2004).

[47] E. S. Belosludtseva, N. N. Kuranova, N. I. Kourov, V. G.
Pushin, V. Y. Stukalov, and A. N. Uksusnikov, Effect of alu-
minum alloying on the structure, the phase composition, and the
thermoelastic martensitic transformations in ternary Ni-Mn-Al
alloys, Tech. Phys. 60, 1000 (2015).

[48] T. Krenke, M. Acet, E. F. Wassermann, X. Moya, L. Mañosa,
and A. Planes, Martensitic transitions and the nature of
ferromagnetism in the austenitic and martensitic states of
Ni−Mn−Sn alloys, Phys. Rev. B 72, 014412 (2005).

[49] Z. H. Liu, M. Zhang, W. Q. Wang, W. H. Wang, J. L. Chen,
G. H. Wu, F. B. Meng, H. Y. Liu, B. D. Liu, J. P. Qu, and Y.
X. Li, Magnetic properties and martensitic transformation in
quaternary Heusler alloy of NiMnFeGa, J. Appl. Phys. 92, 5006
(2002).

114403-10

https://doi.org/10.1063/1.1504498
https://doi.org/10.1063/1.3675064
https://doi.org/10.1063/1.1149009
https://doi.org/10.1063/1.4831667
https://doi.org/10.1016/j.jallcom.2013.09.204
https://doi.org/10.1016/S1359-6454(01)00385-8
https://doi.org/10.1016/j.scriptamat.2003.09.020
https://doi.org/10.1063/1.1748860
https://doi.org/10.1016/S1359-6454(99)00295-5
https://doi.org/10.1038/nature12532
https://doi.org/10.1103/PhysRevB.82.214423
https://doi.org/10.1103/PhysRevB.70.174413
https://doi.org/10.1134/S1063784215070075
https://doi.org/10.1103/PhysRevB.72.014412
https://doi.org/10.1063/1.1511293

