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Measuring the Fermi Surface of Quasi-One-Dimensional Metals
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We have discovered a new type of angular dependent magnetotransport which permits the mea-
surement of the Fermi surface parameters of quasi-one-dimensional metals. Resistance measurements
of (TMTSF)qC104 in the c (least conducting) direction show pronounced resonances when the field

is rotated in the a-c plane near the a axis. At these resonances each electron trajectory across the
warped Fermi surface sheets has an average velocity along c approaching zero. The resonance angles
are determined by the bandwidths and allow us, for example, Co extract tq Fo.r (TMTSF)qC104 in
the anion ordered state, vie measure tg ——0.012 + 0.001 eV.

PACS numbers: 75.30.Fv, 72.15.Gd, 74.70.Kn

The organic superconductors (TMTSF)zX have
demonstrated the rich variety of physical phenom-
ena possible in low-dimensional systems. Under dif-

ferent conditions of pressure, temperature, and mag-
netic field these materials can exhibit superconductiv-
ity, an antiferromagnetic (spin density wave) distor-
tion, a cascade of magnetic field induced spin den-

sity wave transitions, and even the quantum Hall ef-

fect [1,2). These highly anisotropic materials consist
of stacks of TMTSF molecules along the high conduc-
tivity direcCion (a or x). The stacks assemble into
sheets with lower conductivity in the (approximately)
perpendicular (b or y) direction. The sheets are sepa-
rated by an anion layers (X=C10&, PFs, NOs, Re04,
etc.) in the c (or z) direction, forming the least con-

ducting axis. The resulting anisotropy in conductivity
is &o: oy '. o, = (to): (tg): (t,) = 10:10s: 1, where

t; is the tight binding transfer integral in the i di-

rection [1]. The Fermi surface for the nearly one-

dimensional band structure consists of two warped sheets
at k kkF„; (k~) in the k„-k, plane. It is this quasi-

one-dimensional structure that gives these materials their
unique properties.

In this Letter we report resistance measurements along
the least conducting direction (c axis) which exhibit a
striking angular dependence as the magnetic field is tilted
from the a to the c axis. We interpret these resonances
in terms of orbital averaging of the c axis velocity. This
model explains the new phenomena and allows direct
evaluation of band parameters of these materials from
the angular positions of resistance maxima.

An electric Beld causes electrons to redistribute among
the states near the Fermi surface in such a vray that there
is a finite average velocity and current, and therefore a
finite conductivity. In a material with a fiat Fermi surface
(ty=t, =0), the velocity in the z direction is zero for all k
states. The average velocity is zero for any distribution
or occupation of the states, and the conductivity (o) is

zero. If tp and t, are nonmero, there is a nonzero velocity,
v, (k), and in equilibrium the k states are occupied so
that (v, ) = 0. The combined efFect of an electric field

and scattering shifts the momentum so that more k states
with one sign of velocity are occupied than the oCher. The
average velocity and conductivity will then be nonzero.

Quasiclassically, a magnetic field causes electrons to
move over the open orbit sheets so that in efFect each
state on the Fermi surface has the average velocity corre-
sponding to its particular trajectory. When the magnetic
field is at certain angles with respect to the Fermi sheets,
the trajectories are such that the average velocity in the z
direction is zero for aft of the states. Since each electronic
state has zero velocity, any occupation of these states
yields zero average velocity and zero conductivity. These
special angles depend on the shape of the Fermi surface
and particularly on tt, Qualitat. ively, if each orbit oscil-
lates across the Fermi surface with excursion = n27r/c
in the k, direction, then (v, ) = (2t,csin(k, c)) ~ 0.
For long scattering times the actual condition is that
Jn(p„) = 0 where p„= 2tgcB /hv~B, and Jn(p„) is
a Bessel function. For finite scattering times we numer-

ically compute the conductivity and use the resonance
peaks (in good agreement with the equation above) to
measure tg = 0.012 60.001 eV in the anion ordered state
of C104. The numerical results are in qualitative agree-
ment with the complete angular dependence of the mag-
netoresistance (MR). Preliminary measurements of PFs
and C104 at high pressure confirm these results and sup-

port our understanding of the origins of this effect.
There have been other "magic angle" effects (known as

Lebed oscillations [3—7]) observed for fields rotated in the
bcplane (as op-posed to the u-c plane rotation here) that
appear as resistance minima at special angles. The mi-

croscopic explanation for this efFect is still controversial,
but one explanation proposed by Osada [8] also involves

averaging of the velocities along the z direction. However,
Lebed's effect is related to the commensurate motion of

I

electrons across the Fermi surface and is a purely geo-
metrical resonance which measures the lattice parameters

[e.g. , tan 8 (p/q)b/c] rather than the band parameters.
Measurements were made on single crystals grown us-

ing standard electrochemical techniques. The mounted
samples were immersed in liquid He in a cryostat ca-
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pable of cooling to 0.5 K. Fields up to 8 T were gener-
ated using a split coil, horizontal bore superconducting

magnet. The sample could be rotated through 4m sr us-

ing a goniometer above the magnet Dewar and a worm

gear driven sample stage. Four probe resistance measure-

ments were made with a low frequency lock-in. Eight
contacts were made to the sample with 0.001 in A.u wire

and silver paint such that the z and x directions could
be probed simultaneously. Because the C104 ion is not
centrosymmetric there is a transition during which the
iona orientationally order, the unit cell in the b direction
is doubled [9], and the Brillouin zone (BZ) halved. The
C104 sample was cooled slowly through the anion order-

ing transition ((0.008 K/min from 32 to 16 K) to achieve

a relaxed state.
The main experimental result of this Letter is shown

in Fig. 1. The figure shows traces of the c axis resistance
(R«) as the field is rotated in the a-c plane through a
for different magnetic fields at 0.5 K. In the simplest pic-
ture, we expect no MR when the field is parallel to the
current direction, maximum MR when current and field
are perpendicular, and a smooth function between these
limits. At high field we do see a maximum when the
field is along a with the resistance dropping off to a min-
imum when the field is along c. The decrease is abrupt,
though, with most of the decrease occurring in the first
20' of rotation away from a and with a nearly flat an-
gular dependence near c. More surprisingly, when e is
less than some maximum angle we see two large peaks
and a series of smaller peaks that sharpen as the field is
increased and whose angular position is independent of
field. At fields below 2 T, we see minima around 8 = 0
where the sample becomes superconducting. H,2 along

a is much larger than along b or c [10]. Consequently,

if the magnitude of field is below H,z along a, the sam-

ple will become superconducting as it is rotated and the
component along c falls below H,z for that direction.

The Fermi surface (Fig. 2) for these materials consists
of two sheets extended in the k„-k, plane whose k~ values

are close to +k~. There are weak modulations in k„
and k, determined by the transfer integrals t& and t„
respectively. Taking a linear dispersion along z, the band

structure near the Fermi surface is

E(k) = hvt.. (ik i
—k~) —2ti, cos(k„b) —2t, cos(k, c) .

The orbits for the field oriented near a in the a-c plane

are also shown in Fig. 2. When H~~a, there are a few

orbits that close around the maxima and minima of k

(orbit 1'), but most orbits are extended to infinity in k,
(orbit 1). As the field is tilted away from a, the orbits
have large amplitude oscillations in k, and are extended
to infinity in k&. The motion along k& carries the elec-

tron over corrugations in the Fermi surface of amplitude

4ts jhv~ (along k ). For an arbitrary angle, the average
of v, over the path need not be zero. Naively, at an-

gles when the oscillation in k, exactly covers an integer
number of BZs, (v, ) will have equal positive and nega-

tive contributions over the path and will average to zero
(orbits 2,3). At angles greater than those such that the
oscillation in k, can cover one BZ (orbit 3), v, will not
take on all possible values, and it can no longer average
to zero. A rapid decrease of the MR with increasing angle
is expected in this case. This tangent of this maximum

angle (measured from a) is given approximately by the
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FIG. 1. Angular dependence of c axis resistance for rota-

tions in the a-c plane at difFerent fields for (TMTSF)2C104 at
T = 0.5 K. The 2 T and 1 T traces exhibit superconductivity
at smaller angles. Inset is a drawing of a crystal arith axis,
field, and current directions as shorn.

FIG. 2. The Fermi surface for (TMTSF)gC104. Orbita
1. and 1' (dotted) show the approximate paths for electrons
when the field is parallel to a for closed (1') and open (1)
orbits. Orbits 3 (long dashed) and 2 (short dashed) show

the paths vrhen the angle of the magnetic field is near the
primary maxima and the first secondary maxima of the data,
respectively.
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dk /' v l 15—= e
~

—x B ~, v = —VE(k),dt pc&
(2)

and integrate to get v, (t). If one assumes vF B, » v, B,
then the solution for v, can be obtained analytically as

height of the corrugations in k~ over the length of the BZ
in k„or (4ts/hv~)/(2x/c)

We can make this result more quantitative by calculat-
ing v, and integrating over the electron path. We use the
equations of motion for an electron in a uniform magnetic
field,

8 I I I
I

I I I l
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2t,c .
v, (t) = ' sin[icos(cu&t+ k„pb) + k,pc], (3)

where

2tsc B~
Ave B,

ev~B, b

hc)

k„p, k,p determine the initial positions on the Fermi sur-
face, and b, c are the lattice constants. The average of
(3) over one period (2z/us) can be written as
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FIG. 3. Solid lines are the angular dependence of the cal-

culated p„ for different fields at fixed ~ = 4.3 x 10 '~ s.
These curves use values of tb = 0.012 eV and t, = tq/15. The
broken lines are for the same parameters as the 8 T solid line,
except the dashed line uses t, = tq/7 5and t.he dotted line
uses t, = tb/60

2'
(v, ) oc sin[p cos(8)]d8.

0
(5)

This integral has the same zeros as the Bessel function
Jp (p). In the absence of scattering, the average veloc-
ity of an orbit originating anywhere on the Fermi surface
is zero for the values of p„giving Jp (p„) = 0. By using
these zeros and the angles at which the maximum in resis-
tance occurs, we can measure the value of tb The difF.er-
ence between the condition tan8„= 2tsc/p„hv~ and the
waive condition tan8„= 2tbc/n2zhv~ is that the motion
along k, is a sinusoidal rather than a sawtooth function of
time. As a result the electron remains in certain regions
of its orbit longer than other regions, and the averaging
refiects this. The complete equation for the conductivity
can be expressed using a relaxation time approximation
[ll] as

dk ( Bf&
o,, = ez s~v;(k)v, (k) ~—

4vrs ( E) '

where f is the Fermi function, ~ is the scattering time,
and

6, (k) = —e'/ v, (k(t)).
dt, ~

—00

We assume the scattering time is a constant and perform
the integrations numerically (it is therefore not necessary
to assume that v~B, && v, B~) The results a. re shown
as the solid lines in Fig. 3. The qualitative agreement
with the data is excellent. The resistivity (= 1/o„) at
large angles is nearly independent of angle, and for angles
closer to zero we see a series of peaks. The am.plitude of
these peaks increases as field is increased (at fixed r),
but their angular position is field independent. For an-
gles less than that of the primary peak, the resistivity

falls ofF sharply and displays the secondary maxima and
the peak at 8 = 0. The position of the primary peak as
well as the amplitude of the structures is sensitive to the
value chosen for ts The va. lue of ts determines the special
angle for the maxima, as seen from the geometric argu-
ment earlier. It also determines the magnitude of the y
velocity, which afFects the speed along the path used in
the averaging. From this calculation, we determine that
the best agreement with the data comes from a value
tq = 0.012 eV. This should be 1/2 the room tempera
ture value (because of the anion ordering) and would give
a bandwidth 4ts = 0.096 eV at room temperature. This
is consistent with previous estimates. We can also obtain
some information about t, from this calculation (broken
lines in Fig. 3). These curves show the results when t,
is varied around the assumed value of ts/15; note that
the peak at zero disappears as t, is reduced. When the
field is directly along a there is a small band of closed or-
bits near the extrema of the Fermi surface, and all other
orbits extend to +oo in k, . The closed orbits are more
effective in averaging the velocity to zero than the ex-
tended orbits, resulting in an enhanced resistance. The
enhancement will decrease as the closed orbits are de-

stroyed by rotating the field away from a. The number
of closed orbits is set by the warping of the Fermi surface,
and hence t, . The results of this calculation are consis-
tent with the previously measured value for t, = tg/15
[1]. Although the calculation is in qualitative agreement
with the data, some of the quantitative features are not.
The calculation shows a stronger field dependence for the
peaks than does the data. We have tried incorporating
higher harmonics in kz into the band structure, as well

as adding series and parallel background resistances to
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the results of the calculation. Neither of these solutions
adequately corrected these defects. More complicated
models incorporating a k dependent scattering time or a
mechanism to give small angle scattering may give more
quantitative agreement, but we have not pursued these
possibilities here

This technique can be used to measure the differ
ent Fermi surfaces of quasi-one-dimensional compounds.
Preliminary measurements of PFs and C104 at high pres-
sure show similar effects but with values of tg approxi-
mately 2 times larger than in this experiment. Pressure
suppresses the anion ordering in C104 [2, 12), and PFs is
centrosymmetric and does not undergo an anion order-
ing transition. The reduced bandwidth measured here
is consistent with the anion ordered state of the crystal.
There is another family of organic superconductors based
on BEDT-TTF (or ET) [13). (ET)zKHg(SCN)4 has a
Fermi surface consisting of a pair of 1D warped sheets
in the k„-k, plane as well as warped cylinders extending
along k, [14). There have been observations of anomalous
angular magneto-oscillatory phenomena at low temper-
ature that appear to depend only on the component of
the field in a plane perpendicular to the 1D sheets [15,
16]. This experimental geometry is analogous to that de-
scribed here, and it is suggestive that the efFects may be
related to the resonance phenomenon discussed above.

A closely related efFect to this work is found in the
Yamaji [17—20) resonances in closed orbit, quasi-two-
dimensional compounds (also based on ET). In a tilted
field the electron follows an elliptical orbit around the
warped cylindrical Fermi surface. At special angles de-
termined by the zeros of Bessel functions, the z velocity
averages to zero. The mean diameter of the 2D cylin-
der can be measured in this way. Mathematically, the
effects are similar because they involve sinusoidal aver-
aging of the velocity along the narrow tight binding bands
in the least conducting direction. We have introduced a
new method for gaining quantitative information about
the Fermi surface parameters of a quasi-one-dimensional
metal. Using this novel angular MR resonance efFect, we
have measured values for tg in anion ordered C104. This

efFect makes possible detailed studies of phenomena re-
lated to the dimensionality and transverse bandwidths of
low-dimensional systems where transition temperatures
and difFerent phases are often controlled by pressure, an-
ion ordering, and magnetic fields.

This research was supported by NSF under DMR92-
16155.

' Present address: ATILT Bell Laboratories, Murray Hill,
N J 07974.

[1] For a review, see T. Isiguro and K. Yamaji, Organic Su-
percondactors (Springer-Verlag, Berlin, 1990).

[2] W. Kang, S.T Hannahs, and P.M. Chaikin, Phys. Rev.
Lett. 70, 3091 (1993).

[3] A.G. Lebed, JETP Lett. 4$, 174 (1986).
[4] A.G. Lebed and P. Bak, Phys. Rev. Lett. 8$, 1315 (1989).
[5] T. Osada et aL, Phys. Rev. Lett. 88, 1525 (1991).
[6] M.J. Naughton et al. , Phys. Rev. Lett. 87, 3712 (1991).
[7] W. Kang, S.T. Hannahs, and P.M. Chaikin, Phys. Rev.

Lett. 69, 2827 (1992).
[8] T. Osada, S. Kagoshima, and N. Miura, Phys. Rev. B

48, 1812 (1992).
[9] J.P. Pouget et al. , Phys. Rev. B 27, 5203 (1983).

[10] P.M. Chaikin, M. Choi, and R.L. Greene, J.Magn. Magn.
Mater. $1—$4, 1268 (1983).

[11] N.W. Ashcroft and N. D. Mermin, Solid State Physics
(W.B. Saunders Co. , Philadelphia, 1976), p. 259.

[12) G.M. Danner, W. Kang, and P.M. Chaikin, in Frontiers
in High Magnetic Fields, Conference Proceedings of the
Todai Symposium 1993 (to be published).

[13] See, for example, Proceedings of the International Con
fersnce on Synthetic Metals [Syn. Met. 55 57 (19—93)].

[14] T. Mori and H. Inokuchi, in Physics and Chemistry
of Organic Sspercondnctors, edited by G. Saito and S.
Kagoshsima (Springer, Heidelberg, 1990), p. 204.

[15] T. Osada et al. , Phys. Rev. B 41, 5428 (1990).
[16] M.V. Kartsovnik, J. Phys. I (France) 2, 223 (1992).
[17] K. Yamaji, J. Phys. Soc. Jpn. 58, 1520 (1989).
[18] R. Yagi et al , J. Phys. .Soc. Jpn. 59, 3069 (1990).
[19] M.V. Kartsovnik et al. , JETP Lett. 48, 541 (1989).
[20] K. Kajita et al. , Solid State Commun. 70, 1189 (1989).

3717


