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Dark Matter and the Equivalence Principle
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If the dark matter in galaxies and clusters is nonbaryonic, it can interact with additional long-range
fields that are invisible to experimental tests of the equivalence principle. We discuss the astrophysical
and cosmological implications of a long-range force coupled only to the dark matter and find rather tight
constraints on its strength. If the force is repulsive (attractive), the masses of galaxy groups and clusters
(and the mean density of the Universe inferred from them) have been systematically underestimated
(overestimated). Such an interaction also has unusual implications for the growth of large-scale struc-
ture.
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The notion that there may be hidden matter in the
Universe has a long history. In the last century,
anomalies in the orbit of Uranus were ascribed to the
gravitational pull of an unseen planet, leading to the
discovery of Neptune. More recently, the observed Oat
rotation curves of galaxies and the application of the viri-
al theorem to clusters of galaxies have revealed the pres-
ence of large amounts of dark matter, constituting
perhaps 90% of the total mass in these systems [1].
Several lines of argument suggest that much of the dark
matter in galaxies and clusters is not baryonic, while par-
ticle physics models provide a gallery of exotic elementa-
ry particles as dark matter candidates [2,3].

In keeping with the principle of equivalence, it is gen-
erally assumed that the dark matter gravitates like the
visible baryons and leptons, i.e., that it is subject only to
gravitational forces. However, since the existence of dark
matter is inferred solely from its gravitational eAects, and
its nature is otherwise unknown, this assumption is open
to question. Although a new long-range force of gravita-
tional strength coupled to ordinary matter is experimen-
tally ruled out by the spate of recent "fifth-force" experi-
ments [4], there may be an additional long-range interac-
tion which couples fo a quantum number carried ex-
clusively by nonbaryonic matter. Such an additional
force clearly evades laboratory tests of the equivalence
principle. Its eAects would be manifest in systems where
the dark matter is dynamically important, that is, in the
outer regions of galaxies and in clusters. In this Letter,
we investigate the implications of additional long-range
forces acting between nonbaryonic dark matter particles.

Long-range interactions have been proposed in the con-
text of a variety of particle theories. For example, in ex-
tended supergravity models [5], a vector field coupling to
particles of mass m and elective charge —m/mp~ (where
mp~=Gtv 't =1.2X10' GeV is the Planck mass) gives
rise to a repulsive force of gravitational strength. Alter-
natively, ultralight pseudo Nambu-Goldstone bosons with
scalar couplings, called schizons, can arise naturally in
extensions of the standard electroweak model [6]. As a
concrete example, consider the phenomenological schizon
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Thus, on scales r(&m& ', the relative magnitude of the
scalar force is a=G&/Gtv =e mp]/m~f; for e —m~ and

f mp[ it has roughly gravitational strength. In these
models the scalar mass is of order [6] mt, —m~/f, so the
range of the attractive force is astronomical, k=m&
—1-100 kpc or more.

In general, the potential energy of two nonbaryonic
masses M [ and M2 at separation r may be parametrized
by

V(r) = —G (I + ae ' ),M]M2
r

(3)

where the range of the additional interaction is fixed by
the Compton wavelength of the exchanged vector (a & 0)
or scalar (a &0) particle, X=1/m, , The resulting force
is

F(r) = —(G M, M /r )[I +a(1+r/X)exp( —r/X)].

We study constraints on the relative strength a for a
range of wavelengths X. Since there are gravitationally
bound systems of dark matter, we infer that e & —

1 for
X~ 10 kpc.

The dark matter density is often expressed in terms of
the mass-to-light ratio, Y =(M/L) i, in the V band.
From the observed mean luminosity density [7], ji =1.7
& 10"ALO Mpc, the density parameter can be ex-
pressed as 0 =6&&10 h 'Y/Yo, where the Hubble con-
stant Ho=100h km/sec Mpc. Thus, the critical mass-to-

model with Lagrangian

L = lpt)'pt) tit+m~lplp+ p Bpttt t)

+ (e/f)tttytit —,
'

m,'y—',
where the fermion y of mass m~ —1-10 eV constitutes
the dark matter (0~=1), p is the schizon, and f is a glo-
bal symmetry-breaking scale. In the nonrelativistic limit,
the static potential between two separated fermion
sources with masses M] and Mz is given by
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A repulsive force (a (0) would delude us into believing
that the dark matter density is smaller than it actually is.
For example, a flat universe with Qt„„,= 1 could
masquerade as an open universe with 0;„t & 1, perhaps
reconciling the theoretical prejudice for a flat universe
with the observational indications on scales of groups and
clusters that 0;„[~0.2 —0.3. Although an intriguing pos-
sibility, we show below that the value of a required,
a= —0.75, is inconsistent with cluster observations.

To first approximation, the local group (LG) of galax-
ies can be thought of as a binary system, dominated by
our Galaxy and Andromeda (M31), with a separation
r =700 kpc. The two galaxies are approaching each oth-
er at relative speed v„=119 km/sec. Assuming the orbit
is radial, Eq. (4) implies [7] Y;„&(LG)= (76-130)Yo.
(The range arises from uncertainty in the age of the
Universe. ) Since M31 is expected to have a ratio of dark
to luminous matter and a stellar population similar to
those of the Milky Way, the true mass-to-light ratio of
the local group should at least equal that of our Galaxy,
Y„„,(LG) ~30Yo. From Eq. (5) this implies the upper
bound a ~ 4 for k ~ 1 Mpc.

So far we have assumed that the luminous baryons are
gravitationally enslaved to their dark halos. However, if
a&0 a nontidal, bulk stripping force arises from the fact

light ratio for an 0 =1 universe is Y, =1600AYo. The
observation of stars in the solar neighborhood (presum-
ably bound to the Galaxy) with velocities of 500 km/sec
implies [7] that the total mass-to-light ratio for the Milky
Way is at least YMw 30Yo. This is consistent with
mass-to-light ratios inferred from flat rotation curves in

other spiral galaxies. Dynamical measurements of the
mass within galaxies rely on baryonic tracers (stars or
gas) of the gravitational potential. Since we assume that
the new interaction does not couple to baryons (the ex-
perimental bound [4] on a long-range force between
baryons [8] is a& 510 ), the masses inferred for indivi-
dual galaxies, M;„r(r) —v r/G~, are the true masses, i.e.,

they are independent of a.
In systems of galaxies, however, such as binaries,

groups, and clusters, galaxies themselves are used as test
particles. If the galaxy mass is dominated by nonbaryon-
ic dark matter, one must take into account the additional
force on the dark mass. Consider two galaxies in a
binary system with separation r «A, , radially approaching
each other with speed v„. from Kepler's law

rv„~ GQMjnf 6/v [I +a(1 —F)]M,„„,,

where Mt„„, is the true (luminous plus dark) mass of the
binary system, M;„t is the mass one erroneously infers
without knowledge of the additional force, and
F=Mb/M, „„„is the baryon mass fraction of the system.
Thus,

that the orbital speeds of the baryonic core and the dark
halo of a galaxy (each treated as test particles) ar the
same point in the field of a central mass M (another
galaxy or a cluster) do not coincide. For example, requir-
ing that a typical galactic disk outside the core of the
Coma cluster is bound to its halo leads to the (relatively
weak) constraint ~a~ ~ 100. (In the core of a typical rich
cluster, the outer halos of most galaxies are thought to be
tidally stripped off by the cluster potential [9], while the
halos of galaxies at distances R~ lh ' Mpc from the
cluster center appear to be intact. ) If this bound is sat-
urated, a cluster spiral would be displaced from the
center of its halo, and its rotation curve would be notice-
ably asymmetric.

A stronger constraint on a arises by considering the in-
tracluster gas distribution [10]. From x-ray surface
brightness observations, most clusters are well fitted by
the density profile ps.„,(r) =pp[l+ (r/r, ) l, with
[11] pI =0.6-0.8. For isothermal gas in hydrostatic
equilibrium in the potential well of a spherical cluster
with spatially constant, isotropic, one-dimensional veloc-
ity dispersion a„ the gas density satisfies [12] ps„. ,(r)
~p,~„,(r) ', where

ps cx pftlp/kTgas ~

2 (6)

Here, p d(r) is the (luminous plus dark) cluster density,

p is the gas mean molecular weight in amu, and m~ is the
proton mass. The observed surface density profile for
galaxies in a cluster is generally well fitted by a King
model, with ps„. ~

ee [1+(r/r, . ) ] . We thus expect
P, =Pg if galaxies trace the cluster mass. However, ob-
servations of the x-ray spectral temperatures and the
galaxy velocity dispersion of a number of clusters imply
[13] P, =1.2=2', this difference is known as the P
discrepancy. Since most cluster galaxies retain their dark
halos (and therefore orbit the cluster as dark matter par-
ticles), if a~0, then P, =P, ( =p) [1+a(I —F)] '. Thus,
the discrepancy would be resolved if a=1. However, the
"p problem" is most likely a reflection of the simplified
assumptions used above [10] (e.g. , the gas may not be
isothermal, galaxies may not faithfully trace the mass,
the galaxy velocity dispersion may be anisotropic and/or
a function of radius, and the King model may be a poor
fit at large radii) rather than a signal of new physics. In-
stead, we can use the factor of 2 agreement between the
two determinations of p to place constraints on a; given
the observational and theoretical uncertainties, we esti-
mate the conservative bound —0.5~a~2. An indepen-
dent bound comes from the giant luminous arcs, high red-
shift galaxies gravitationally lensed by foreground clus-
ters [14]. From the observed lensing geometry, one can
estimate the true cluster mass interior to the radius of the
arc (since photons do not couple to the new force) [15].
Comparison with the inferred virial mass in the case of
Abell 370 yields a similar bound to that above.

Cosmology is the final arena where the eAects of an ad-

2927



VOLUME 67, NUMBER 21 PHYSICAL REVIEW LETTERS 18 NovEMBER 1991

ditional dark matter interaction would be played out.
Despite the form of Eq. (3), the gravitational constant
G~ is not replaced by a function of a in the Einstein
equations for a homogeneous and isotropic universe. This
is most easily seen by considering the scalar field example
of Eq. (1). The homogeneous field P=&(t) leads to only
two eff'ects: a cosmological density of coherent scalar
particles, p&(t), which behaves like nonrelativistic matter,
and a time-dependent mass for the dark fermions. For

f& mp~ and temperatures T ~ m~ both effects have negli-
gible impact on the density of the Universe [16]. Conse-
quently, we can assume that the standard cosmology is

unaltered by the additional interaction.
The new force will, however, dramatically aAect the

growth of inhomogeneities. Consider the fractional den-
sity perturbations in the nonbaryonic component, A(x)
=[p,h(x) —(p,s)]/(p, h). We focus on small-amplitude
fluctuations inside the horizon, so we can apply linear
perturbation theory in the Newtonian approximation.
The dark matter obeys the usual perturbed fluid equation
[17],except that it is augmented by the additional poten-
tial p, which satisfies

V„p —m, ,pa =4naG~(p„q)ha (7)

where the gradient is taken with respect to the comoving
coordinate x and a is the cosmic scale factor. For a spa-
tially liat, matter-dominated universe (0 = Qs+ Q„h =1),
the Fourier transform of the perturbation amplitude
satisfies

5k+ 'hk-
3t

2 Q

Aback

+ 1+ nb~k
3t I+(m, ,/k )

~ 4 2
~k + bk (I1b~k + +nb~k )

3t 3t2 (9)

Since Q„b» Ab, the approximate solution for short-
wavelength modes (k~ && m, , ) is hk ~ t~, where

p = ——,
' [1+ (25+24a) '~ ]. As expected, the perturba-

tion growth rate is enhanced for an attractive interaction
(a & 0) and retarded by a repulsive force relative to the
usual 5 t ~ beh—avior. For standard gravity (a =0) the
asymptotic growing mode satisfies 6'=A, so the baryonic
fluctuations track the dark matter. However, for a&0,
the asymptotic ratio 8/4 is a function b(a, Qs), which is
larger (smaller) than unity for a repulsive (attractive) in-
teraction. Thus the additional force automatically gen-
erates a scale-dependent bias (or antibias) between the
dark matter and the light.

On large scales, kp «m, , „we retrieve the standard re-
sult h, —t for the growth rate. This introduces a
feature in the transfer function T(k) =6k (ro)/hk (r; ),

=0,
where k~ ~a ' is the physical wave number of the per-
turbation. The fractional perturbation in the baryonic
component, 6, obeys

which relates the perturbation amplitude today (to) to
the amplitude when it was generated (t;). There is stan-
dard growth on large scales, but enhanced (retarded)
growth on small scales for positive (negative) a. If the
present spectrum is normalized in the usual way (e.g. , by
the second moment, J3, of the mass-correlation function
at r = IOh ' Mpc), this leads to less (more) relative
power on large scales for an attractive (repulsive) force.
The reduced power on large scales for a &0 effectively
excludes a scenario based on cold dark matter with initial
adiabatic Harrison-Zel dovich fluctuations and an attrac-
tive long-range interaction with X & 100 kpc. A detailed
discussion of the implications for large-scale structure
formation, peculiar velocity flows, and the microwave
background anisotropy will be given elsewhere [18].

A final bound on e results from considering the
response of dark halos to dissipational baryonic infall in
the early stages of galaxy formation. For a collisionless
dark matter particle in a circular orbit in a protogalaxy,
conservation of angular momentum implies a relation be-
tween its initial radius r; (before baryonic infall) and its
final radius r, after the baryons have cooled and collapsed
into a disk [19], r;/r =f(r/l)F+ I —F. The initial frac-
tion of dissipational baryonic mass in the protogalaxy is
given by F=M&/M; the function f(r/I) is determined
completely by the disk scale length l and the ratio of the
core radius to the outer radius of the initial mass distribu-
tion (assumed to be a truncated isothermal sphere). The
resulting rotation curve is relatively flat and continuous
from the baryon-dominated core to the dark-matter-
dominated halo only if F lies in the range [19] 0.05
(F(0.2. If a~0, this constraint is replaced by an

identical bound on the parameter F=F/[I+a(1 —F)].
Now, if all the initial baryons are dissipational, then
F=b Ah/[I+ Oq(b —1)], where b(a, Qq) is the linear
bias parameter, mentioned above. Using the big-bang
nucleosynthesis constraint, 0.01 & Ab & 0.2, and the rota-
tion curve bound on F, we find the constraint
—0.8 (a & 1.3. If e is outside this range, spiral rotation
curves would be sharply rising or steeply falling or nearly
flat.

We have touched upon only a few of the many interest-
ing phenomena which arise if the dark matter vio1ates the
principle of equivalence in the sense of interacting with
"hidden" long-range forces. From the mass-to-light ra-
tios in galaxies and binaries, the gas distribution in clus-
ters, and the relaxation of dark halos due to baryonic in-
fall, we conclude that the relative strength of such an in-
teraction must satisfy —0.5 ~a ~ 1.3 if its range k~ a
few hundred kpc. Even so, such an interaction can alter
the apparent density of dark matter and profoundly
change the spectrum and amplitude of large-scale density
fluctuations.

We thank D. Eichler, R. Flores, C. Hill, N. Kaiser, E.
Kolb, T. Piran, 3. Primack, D. Schramm, A. Stebbins,
and W. Zurek for useful conversations. Parts of this

2928



VOLUME 67, NUMBER 21 PHYSICAL REVIEW LETTERS 18 NOVEMBER 1991

work were completed at the 1991 Aspen Center for Phys-
ics summer workshop. This work was supported in part
by the DOE and by NASA Grant No. NAGW-1340 at
Ver milab.

Note added. —After this work was completed, a report
by Kawasaki et al. [20] appeared, proposing that such a
force would allow 10-eV neutrinos to cluster in dwarf
galaxies, contrary to the usual phase-space constraints;
however, their required value of a-10 is strongly ruled
out by our results.
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