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Chaotic Fluctuations and Formation of a Current Filament in n-type GaAs
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A novel nonlinear model is presented for the occurrence of current fluctuations at low temperatures in

extrinsic semiconductors. It is based on impact ionization of shallow impurities and structure-forming
processes leading to a current filament. Numerical investigations reproduce the current-voltage charac-
teristics and reveal regular, quasiperiodic, and frequency-locked spontaneous current oscillations and a
Ruelle-Takens-Newhouse transition to chaos in agreement with experimental observations in n-type
GaAs.

PACS numbers: 72.20.—i, 05.40.+j, 72.70.+m

Autonomous current oscillations and chaotic fluctua-
tions were observed in various high-purity semiconduc-
tors in the course of impurity breakdown at low tempera-
tures. ' Detailed experimental investigations of n-type
GaAs epitaxial layers have shown that the oscillations
and the nonlinearities in the current-voltage characteris-
tics are intimately connected to the. formation of a
current filament" and depend on the strength of an exter-
nal magnetic field. Without a magnetic field only
regular relaxation oscillation s and stable filamentary
current flow in the post-breakdown regime are observed.
Applying a magnetic field significantly changes the tem-
poral structure of oscillations and destabilizes the
current filament. A second oscillatory mode spontane-
ously evolves which, with increasing magnetic-field
strength, generates a sequence of quasiperiodic and
mode-locked states. Finally, a third mode drives the sys-
tem into chaos following a Ruelle- Takens-Newhouse
(RTN) scenario. Several models have been developed to
explain self-sustained oscillatory efects in semiconduc-
tors. ' However, up to now the physical origin of com-
plex current fluctuations formed by diA'erent modes of
oscillations giving rise to chaos by a RTN transition is
not well understood. In fact, to our knowledge no theory
exists which yields a RTN scenario in an extrinsic semi-
conductor.

In this Letter we report on a novel nonlinear model
which for the first time reproduces the dynamical phe-
nomena observed in n-type GaAs epitaxial layers. In
particular, the steady-state properties, the formation of a
current filament, regular oscillations, and quasiperiodic
and mode-locked current fluctuations are simulated as
functions of external electric and magnetic fields in al-
most quantitative agreement with the experimental re-
sults. This model describes the fundamental physical
reasons for a RTN transition to chaos.

Inhomogeneous current distribution in a nonequilibri-
um dynamical state may be described by partial
differential equations which, however, are not practical
to model filament formation. Based on assumptions aris-
ing from the experimentally observed spatial structure of

the current flow in a thin epitaxial layer, the problem
may be reduced to a set of coupled nonlinear ordinary
diflerential equations which can be solved numerically.
The current filament is approximated by five diflerent
zones representing the filament, the filament borders as
transition zones to the high-Ohmic cladding regions, and
the high-Ohmic outside zones themselves. Each zone is
assumed to be homogeneous with the free-electron con-
centration depending only on time. The local kinetics in
each zone is described by generation of free carriers due
to impact ionization of shallow donors out of the ground
state and one representative excited state and recombina-
tion across the excited state. This approach is in accord
with the giant trap theory'' and yields S-type local
current-density-electric-field relations. ' The interac-
tion between the zones is mediated by lateral carrier
diflusion and structure-forming processes, in particular,
pinching of the filamentary current flow. These process-
es act as pressures on the zone interfaces' and yield
dynamical variations of the zone widths and thus the
current through the sample. Applying a magnetic field
perpendicular to the layer and to the current accumu-
lates space charges in the transition zones and generates
a Hall field across the filament. The impact-ionization
probability in the positively and negatively charged tran-
sition zones becomes higher and smaller, respectively.
This is the most important eAect of the magnetic field on
the filamentary current flow which is taken into account
by a corresponding increase and decrease of the driving
electric fields in the borders proportional to the Hall
field.

The rate equations describing the time dependence of
the free-electron concentration n and the occupations of
the donor ground state n~ and the excited state ng are

fl +) nD ++1 nD n++l non Tl po&
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nD =T*nD —X*nD —A )nDn,

where pg is the density of ionized donors which, in the
case of local neutrality, is given by p~ =N~+n, with N~
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the concentration of compensating acceptors. The
impact-ionization probabilities per electron, as functions
of the electric field F, A'~*(E) and A'~(E), are propor-
tional to exp[ —(c/F)'], with a between 1 and 2. '

Single-electron processes taken into account are thermal
excitation (X*) and thermal ionization (A'f) of the ex-
cited state, capture of carriers in the excited state (Tf ),
and relaxation to the ground state (T ). Thermal ion-
ization out of the ground state may be ignored due to the
low temperatures.

The high-conducting phase formed by a huge concen-
tration of free electrons, constituting the current fila-
ment, can be regarded as a compensated nonequilibrium
plasma with the restriction of immobile positive
charges. ' The pattern of a filamentary current flow
stems from several compensating pressures on the inter-
faces of the zones. ' Diffusion of free carriers due to the
gradient in the concentration at the filament border acts
as a pressure Pd;z —n with a tendency of spreading the
filament width. Another tendency to widen the filament
derives by Ohmic heating of the filament with dissipation
of electric power. This pressure P,„t—nkBT, is propor-
tional to the free-carrier concentration n and the free-
electron temperature T, . ' Pinching, P;„-IF, tending to
shrink the current filament, with IF the current through
the filament, results from self-acting forces on the free
carriers deflecting their trajectories to the center of the
filament. Generally, this tendency of pinching is always
present on drifting carriers. ' However, the current fila-
ment is not pinched off totally because in compensated
n-type semiconductors the remaining ionized positively
charged donors, being fixed in space, will form space-
charge regions at the filament borders giving rise to com-
pensating counteracting electric fields limiting the pinch-
ing. ' This pressure is denoted as P„p-IF here.

The structure-forming tendencies I' and the widths w

of the charged zones are sketched in Fig. 1 in a schemat-
ic drawing of the filament cross section. The five
different zones are characterized by different widths,
different concentrations of free carriers, different occu-
pations of shallow impurities, and, most significant, if a
magnetic field is applied, different local electrical-field
strengths causing different ionization probabilities.

In order to compare the numerical results directly to
those observed, the electric circuitry of the experimental
setup and the dimensions of the sample have to be taken
into account. The series combination of a load resistor
Rl =100 kA and the sample, over which the voltage Vo
is applied, determines the voltage V across the sample
and hence the electric-field strength E. Capacitive
effects and displacement currents in the sample can be
regarded as a capacitance C parallel to the sample. The
time dependence of the electrical field F. is expressed by
E =(IL I~)/CD, where D is the di—stance between the
electrical contacts and IL and I~ denote the current
through Rl and the sample, respectively. The mobility p
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of free electrons is a function of the applied magnetic-
field strength B perpendicular to the current' which can
be estimated as p =po/[1+ (aB) ].

The lateral distribution of free-carrier concentration is
obtained by numerical calculations on five parallel work-
ing computers (INMOS T800), representing the five
different zones in the sample. Each computer solves the
local rate equations with regard to the zone-specific
electric-field strengths. The pressures are calculated and
the free-carrier concentrations of the different zones
are combined to determine the total electric current
pd g n; E; iv;, where the sum runs over the five zones and
d is the thickness of the sample. Then the voltage across
the sample and the local electric fields for the different
zones, taking into account the Hall field, are determined.
Finally, the filament width and the lateral extensions of
the zones are adjusted from the pressure imbalance at
the interfaces. Successive calculation of the above de-
scribed procedure will reveal the temporal behavior in
the current and the spatiotemporal structure of the
current filament.

The simulation was performed with the material pa-
rameters of the sample investigated in the experiment of
Ref. 6. Together with C=9.6 pF, a=17 m /Vs, and
po=4X 10 cm /Vs for the electron mobility at 4.2 K,
the best numerical fit has been obtained with a=2,
impact-ionization coefficients A ~* (~) =4.4X 10 cm /s
and 4'~(~) =2.2X 10 cm /s, and c=1.22 and 2.44
V/cm for the excited and ground states of the donors, re-
spectively. The remaining coefficients are T ~

=4.5
X10 cm /s, T* =4.1X10 s ', A'f =1.17X10 s
and X*=2.34 & 10 s '. The order of magnitude of the
kinetic parameters fits in well with previous investiga-

current
filament

positive negative
filament border

positive negative
high- ohmic cladding zone

FIG. 1. Schematic cross section of a current filament in an
epitaxial semiconductor layer. The structure-forming tenden-
cies P are sketched in the five-zone model. Local electric fields
F. and zone widths ~ are dynamical variables.
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fluctuations. Thus, a RTN transition to chaos can be de-
scribed by this five-zone, three-level model. For higher
currents the pinching tendency dominates over the desta-
bilizing processes, forcing a stable current filament
monotonously increasing in width as a function of the
current.

In summary, an explanation of the temporal structure
of nonlinear current fluctuations in thin extrinsic semi-
conductor layers, the formation and the spatiotemporal
behavior of a current filament, and the overall current-
voltage characteristics can be given by the above de-
scribed model as a function of external control parame-
ters. The essential approach suggested by experimental
results is the division of the sample into five different
spatial zones characterized by local electrical fields.
Structure-forming processes are taken into account by
pressures on the interfaces between the zones derived
from free-carrier concentrations. The number of free
carriers in each zone is determined by standard nonlinear
generation-recombination kinetics.
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