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Temperature-Dependent Superradiant Decay of Excitons in Small Aggregates
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We investigate the effect of phonons on the cooperative radiative decay of excitons in small aggre-
gates. Our microscopic analysis establishes the existence of a temperature-dependent coherence size,
provided the exciton dephasing time scale is much shorter than the fluorescence lifetime aft,. We calcu-
late the temperature dependence of rq and use our results to interpret recent photon-echo and fluores-
cence experiments in strongly coupled J-aggregates of cyanine dye molecules.

PACS numbers: 73.20.Dx, 36.40.+d, 42.50.Fx

The optical properties of excitons in geometrically
confined systems have been a subject of intense investi-

gations in recent years. Much of this interest was stimu-
lated by experiments on systems with reduced dimen-

sionality, such as molecular J-aggregates, ' polysi-
lanes, and semiconductor quantum wells and quantum
dots, and the possibility that these materials may exhib-
it enhanced nonlinear susceptibilities. General con-
finement effects include size-dependent spectral shifts in

the absorption and emission spectra, and ultrafast radia-
tive decay rates, which are well documented in both
semiconductor and molecular systems. When the con-
finement dimensions are smaller than an optical wave-

length, these properties are attributed to the k 0 exci-
tonic state; in a molecular aggregate the transition dipole
moment from the ground state to the k 0 exciton scales
as N'1, where N is the aggregate size, leading to a
cooperative (superradiant) radiative decay rate which
scales linearly with N. When phonons are present, and
the k 0 exciton is no longer an eigenstate, the situation
is more complex; intuitively one expects the nuclear
motions to partially or completely destroy the inter-
molecular cooperativity and therefore the superradiant
behavior. The temperature-dependent radiative decay
rate of excitons in pseudoisocyanine bromide (PIC-Br)
J-aggregates was studied by DeBoer and Wiersma, who
showed that the fluorescence lifetime is an increasing
function of temperature, indicating a progressive de-
struction of cooperativity. ' ' Similar conclusions were
drawn by Itoh, Ikehara, and Iwabuchi ' who studied
the fluorescence lifetime of excitons in spherical CuC1
microcrystallites and by Feldmann et al. who studied
the same effect in GaA1As quantum wells.

These observations may be explained in terms of a
temperature-dependent coherence domain, the size of
which is determined by the magnitude of exciton-phonon

scattering. ' ' The radiative decay rate is then propor-
tional to an effective domain size N, tr which is smaller
than N and decreases as the temperature is increased.
Mobius and Kuhn' were first to establish the existence of
coherence domains based on fluorescence-quenching
measurements from acceptor impurities adjacent to a J-
aggregate monolayer. A semiempirical relation for the
variation of N, tt with temperature was derived based on

kinetic arguments, N, q 3000/T(K), which was later
confirmed in fluorescence-lifetime experiments, ' in the
high-temperature regime (T) 20-50 K). Grad, Her-
nandez, and Mukamel have also calculated N, tt using
the Haken-Strobl model, where the effect of phonons is

modeled via a temperature-dependent coherence dephas-

ing rate I . When the dephasing rate is larger than the
radiative decay rate, N, a is reduced to 1, i.e., the inter-
molecular coherence (and therefore superradiance) is

destroyed. However, DeBoer and Wiersma have found

that the low-temperature superradiative lifetime is
40-50 times shorter than the monomer lifetime, even

when the coherence dephasing rate I (as measured by an
accumulated phonon echo) is an order of magnitude
larger than the radiative decay rate. This cannot be ex-
plained with the Haken-Strobl model; a more microscop-
ic theory, which incorporates the details of exciton-
phonon coupling (for acoustic and optical phonons) is

developed in this Letter. For infinite aggregates at
sufficiently high temperatures our theory agrees with the
pioneering work of Mobius and Kuhn. (The present mi-

croscopic treatment is more general, holds over the entire
range of temperatures, and includes finite-size effects
and microscopic details of the exciton-phonon coupling. )

To this end, consider a linear array of N, electronically
coupled two-level systems with periodic boundary condi-
tions. The model Hamiltonian, assuming off-diagonal
exciton-phonon coupling, is

N —
I JV —

1
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Bt+qBk(bq, +b q, ),

k 0 2 s q 0 s,k, q

where B& (bq, ) denotes the creation operator of a Frenkel exciton (phonon) with wave vector k (q), and s differentiates
"t

between optical and acoustic phonons. The interaction with the electromagnetic field is derived using the superradiant
master equation, ' which predicts that the k=0 exciton undergoes exponential coherence decay with a rate Ny/2,
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with a rate Ny/2, where y is the monomer decay rate.
tp(k) =cop —2Vcos(2+k/N) and Q, (q) are the exciton
and phonon dispersion relations, respectively, where V is

the nearest-neighbor dipole-dipole interaction energy and

Amo is the electronic excited-state energy. The sign of V

depends on the angle the transition dipole moment
makes with the aggregate axis. In J-aggregates V is pos-
itive so that the k =0 state is at the bottom of the band.
In our calculations we assume V is positive.

Reduced equations of motion for the excitonic popula-

tion G(k, t) =(Bq (t. )Bk(t)) are derived starting from the
A

g
A

Heisenberg equation for the operator BI, (t)Bt, (t) and

subsequent higher-order operators. We average operator
quantities and truncate the infinite hierarchy of equa-
tions via a factorization approximation at the second lev-

el of equations, i.e.,

(Bt, +q+q'(t)BI, (t)b q(t—)bq'(t)) =(Bt,"-(t)Bt, (t))nqbq

where it is assumed that the phonon bath remains in

thermal equilibrium, with nq =[exp[h Q(q)/kT] —I]
With these approximations we obtain

dG(k, t ) Nyb—l, pG(k, t) ——g ~
F(k,q) ~

[( I +nq)c os[A +(kq)(t —t')]+nqcos[Q (k,q)(t —t')]]2 2"
dt N q

x exp[ —(Ny/2) [bk p+ Bt,. +q p] (t —t')] G(k, t')dt'
fh (

+ 2 I F(k.q) I (I+nq) cos[Q —(k, q)(t —t')]e xp[
—(Ny/2) [bt, p+bt, +q p](t —t')]G(k+q, t')dt'

91
+—g ~

F(k, q) ~' nq c os[A +( kq)(t —t')]e xp[
—(Ny/2) [bt, p+bt, yq p](t t')]G(k+q, t')dt', (2)

q

where 0+ (k,q)=co(k+q) —to(k) ~ Q(q). We have

solved Eq. (2) numerically for aggregates as large as
N=400, by evaluating the Fourier-Laplace transform of
G(k, t) for a discrete set of frequencies, and transform-
ing back via a fast Fourier transform to obtain the time-
dependent functions G(k, t). The calculations were per-
formed on a Cray supercomputer and both acoustic- and
optical-phonon effects were studied. For a one-
dimensional system with a single molecule per unit cell,
acoustic phonons correspond to intermolecular vibrations
along the chain while the optical phonons correspond to
molecular librations. The dispersion relations are Q,,(q)
=0,, ~

sin(nq/N)
~

and Q,~(q) = Q,~ and the couplings
to excitons are

and

F,,(k,q) -F.„cos[(2nN/)(k+q/2)]

x sin (trq /N ) [ ) sin (trq/N ) ) ]

F,~(k, q) =F,icos[(2tt/N)(k+q/2)]cos(ttq/N),

for acoustic and optical phonons, respectively. F,, and

F,~ are obtained from Eqs. 1.37 and 1.38 in Ref. 9.
The time-dependent fluorescence intensity is equal to

N yG(0, t). When G(O, t) is numerically evaluated, two

types of time scales can be distinguished; long time
scales representing the smooth decay of the average
value of G(O, t), and short time scales which are associat-
ed with the rapid oscillations. We have numerically
verified that the short time scales are of the same order
as the exciton coherence dephasing time (i.e., the inverse
of the absorption linewidth I ). The fluorescence lifetime
is associated with the long time scale, and is the quantity
of physical interest (fast oscillations in the k =0 popula-
tion may not be fully resolved due to several factors in-

cluding a finite instrument response, inhomogeneous

broadening of the exciton frequency, and the aggregate
size distribution). The two time scales are well separat-
ed when the pure exciton dephasing rate I is larger than
the cooperative radiative rate Ny, i.e. , I »Ny. In the
opposite limit I «Ny, the k =0 exciton decays superra-
diantly, faster than any nuclear motion.

When I »Ny, the coarse-grained average of G(0, t),
which contains only the long time scale, can be directly
evaluated by writing the solution of Eq. (2) in the La-
place space and expanding the self-energy to the first or-
der in the Laplace variable s. We found that the
coarse-grained solution is in excellent agreement with

the average of the complete numerical solution when

I ))Ny, which is assumed in all subsequent calculations.
Since the coarse-grained solution is generally multiex-

ponential, we have defined the fluorescence lifetime rp to
be the time in which a fraction 1

—e ' of the total
fluorescence (or total number of photons) has been emit-
ted. Note that this integral definition is generally un-

equal to the time when the fluorescence decays to I/e of
its initial value. Only when the decay is purely exponen-
tial do the two definitions coincide. The effective
cooperation number N, tt is then defined as N, tr

= (yrp) ', so that in a purely superradiant system

[G(0,t) =exp( —Nyt)] we have N, tt=N In Fig. 1(a).
we show N, q as a function of aggregate size and
acoustic-phonon coupling strength F„., at T=0. For
weak coupling the system is superradiant, N, p=N. Su-
perradiance is destroyed for sufficiently high exciton-
phonon coupling (Ndr=1) because the crude adiabatic
vibronic states are no longer good eigenstates and conse-
quently the oscillator strength is diluted over k&0 exci-
ton states. Alternatively, this eA'ect may be viewed as
the destruction of intermolecular coherence by the zero-
point motion of nuclear vibrations. Coupling to optical
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FIG. 3. N„s.vs Q„lkTfor aggregates of size N =75, 125,

and 150 (bottom to top) calculated with the coarse-grain ap-

proximation (solid curves). F„0.35 V and t)„0.4V. The
circles represent the experimental measurements of Ref. 1(a);
the open circles correspond to the blue site and the solid circles
correspond to the red site.
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low-temperature superradiative decay rate. In Fig. 3 we
show N, tt as a function of inverse temperature. The cir-
cles represent the experimental results [Fig. 5 in Ref.
I (a)] while the solid curves represent our calculations for
various size aggregates with F,~ 0.35V and A,~

=0.4V.
The monomer decay rate for PIC-Br, y=(3.7 nsec)
and the exciton bandwidth, 4V 2400 cm ', were used.
Our results for the blue (red) site agree quite well with
experiment for N 125 (N 75). Larger values for N
and F p also give a satisfactory fit, so that without prior
knowledge of one of these parameters we cannot un-

ambiguously determine the other. However, the thresh-
old temperature is relatively stable over a range of N and
F,~, and this suggests that Q,n= 240 cm ' is the fre-
quency of the optical phonon which is primarily responsi-
ble for the destruction of the intermolecular coherence in
PIC-Br.

We expect the present results to hold also for Wannier
excitons, provided the aggregate size is large compared
with the exciton radius. Feldmann et al. have postulat-
ed a correlation between the absorption width (I ) and
the radiative lifetime in analyzing the temperature
dependence of these quantities for free excitons in quan-
tum wells. Our results support this ansatz since both the
phonon contribution to the linewidth and the radiative
lifetime increase with temperature.

In summary, we have developed a microscopic theory
for the exciton coherence size in small aggregates, valid
over the full temperature range. We have found that it
is possible to have simultaneously a rapid exciton-phonon
scattering rate and a superradiantly enhanced radiative
decay rate. In the Haken-Strobl model, the phonon-

induced coupling between the exciton populations is uni-
form and proportional to I . Therefore, when I )&Ny the
population rapidly becomes uniformly distributed over
all N exciton levels and the superradiance is completely
destroyed (N,s=1). In our model, the phonon-induced
coupling between any two exciton levels depends strongly
on the wave vectors of the states involved. A rapid de-
phasing rate I will create an initial, nonuniform,
temperature-dependent population distribution where
only a subset of the total N levels in k space are
significantly populated. The subsequent multiexponen-
tial decay of the fluorescence may be interpreted in

terms of a time-dependent spatial correlation length,
defined as the Fourier transform of the k-space level dis-
tribution function f(k). In the limit of high tempera-
ture, f(k) is uniform which implies that the spatial
correlation length is restricted to a single molecule,
yielding the monomer radiation rate. When exciton-
phonon coupling is negligible, f(k) is a 8 function and
the correlation length extends over the entire aggregate,
resulting in superradiance.
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