
VOLUME 58, NUMBER 5 PHYSICAL REVIEW LETTERS 2 FEBRUARY 1987

Chaos and Dynamics on 0.5-300-ps Time Scales in Vibrationally Excited Acetylene:
Fourier Transform of Stimulated-Emission Pumping Spectrum

J. P. Pique, ~' Y. Chen, R. W. Field, and J. L. Kinsey
Department of Chemistry and George Harrison Spectroscopy Laboratory, Itfassachusetts Institute of Technoiogy,

Cambridge, Massachusetts 02139
(Received 27 October 1986)

A recently proposed technique based on the Fourier transform of the spectrum is applied to the
stimulated-emission pumping spectrum of acetylene at —26 500 cm above the vibrational ground
state. Correlations on two different time scales (—3 and —45 ps) were found from analysis of low-

resolution (0.3 cm ') and high-resolution (0.05 cm ') spectra, respectively. Additional structure pro-
duced dynamic information on a wider (0.5-300 ps) time scale. The results show that acetylene at
26 500 cm ' is in the transition from the regular to the chaotic regime.

PACS numbers: 33.40.Ta, 05.45.+b, 33.70.Jg

Molecular spectroscopy allows access to large numbers
of energy levels, whose statistical properties are useful in

testing theories of "quantum chaos. "' Berry and Tabor
have shown that a classically regular system gives eigen-
values randomly located with respect to each other in the
semiclassical limit. In a chaotic regime, however, adja-
cent eigenvalues repel each other to produce a more rigid
spectrum. This eA'ect can be exhibited either in terms
of short-range correlations (e.g. , nearest-neighbor distri-
butions) or longer-range correlations. Double-resonance
spectroscopy, with its capability of presorting spectra,
provides a particularly good experimental opportunity
for the study of correlations among the locations of
eigenstates. Until now there have been only two experi-
ments showing rigidity in the statistics of level placement
in a molecule: The erst evidence came from a stimu-
lated-emission pumping (SEP) spectrum of very high vi-

brational levels (at —27 900 cm ') of the ground elec-
tronic state of acetylene (C2H2); the second came from
a singlet-triplet (S&-T&) anticrossing spectrum of methy-
glyoxal.

Important questions are the spectroscopic signatures
of a dynamically chaotic system and their implications
with respect to the physical properties of the system.
The pioneering work in this area was done by nuclear
physicists, who proposed a variety of indices for describ-
ing short- and long-range correlations in nuclear spectra
obtained by low-energy neutron scattering. These in-
clude the nearest-neighbor distribution and the Z and
A3 functions. These diagnostics rely on a "stick" spec-
trum of the levels being analyzed. Such procedures are
susceptible to error due to finite resolving power (which
might fail to reveal small separations between adjacent
levels) and a finite signal-to-noise ratio (which might
cause weak features to be overlooked). Methods free of
these difficulties are desirable.

A recently proposed new technique based on the
Fourier transform (FT) of the spectrum provides a par-
tial solution to these problems. Because the FT shows

long-range correlations among levels, it is relatively in-
sensitive to resolution. The linearity of the FT also
reduces sensitivity of the result to missed weak features.
In this Letter, we apply this technique to show the ex-
istence of correlations on two different time scales (3 and
45 psec) in a very-high-quality SEP spectrum of acet-
ylene at -26500 cm ' above the vibrational ground
state. We propose a tentative model for this. These re-
sults substantiate the existence of and approximately lo-
cate the region of transition to chaos in the ground state
of C2H2.

When a spectrum is produced by a double-resonance
scheme as are the SEP spectra reported here, the power
of the FT diagnostic lies in a very physical fact. In an
SEP experiment the "pump" laser prepares a well-
behaved initial state

~
+) in an electronically excited

state. This state is projected as a coherent superposition
(wave packet) of stationary eigenstates of the ground
state by the "dump" laser (which dumps population into
the target level):

and
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where HG is the ground-state Hamiltonian and
~
n) one

of its eigenstates. According to Heller and Pechukas,
the square of the modulus of the Fourier transform
(SMFT) of the spectrum I(to) directly gives the survival
probability of the initial state, P(t):
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~
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This dynamic quantity can provide a test for chaos or
regularity in experimental spectra, and it could also be
useful for treating quantum or semiclassical model sys-
tems. A comparison between P(t) as calculated above
from I(ro) and as calculated from ~%'(t)) obtained by
(quantum or semiclassical) solution of the time-depend-
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( d b 7) f the autocorrelation of the spectrum I co .Spectral correlations appear na yturall in the FT denote y o e au
i a inde endent of each other, the following resultthe position, width, an in ensi y o'd h, d t ty of a line are assumed to be statistica y in epen en o

is obtained for a set of levels which belong to the same symmetry species:
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N is the number of lines in the spectrum, EA (r) is the
FT of the envelope of the portion of spectrum analyzed,
L r, I ) is the FT of the normalized line shape of indivi-
dual lines o wi( f 'dth I ) y is an integrated line intensity,

b k ts (. . . ) indicate an average over all theand the rac ets . . . i

anal zed. The firstfeatures contained in the spectrum analyze . e rs
(fast) component is proportional at i =

q
' =0 to the s uare of

t e num er o ih ber of lines and decays like the SMFT of the en-
ve ope E.I A . The second (slow) component is propor iona
at t =0 to N and decays like the SMFT of the line s ape

the SMFT of theL. The central quantity is b2, this is the
hta" which de-cluster function V2 introduced by Mehta,

scribes the strict second-order correlations between the
locations of two levels. If the level positions are correlat-
ed, b2 in uces a, b d "correlation hole" which appears just
following the decay of the fast component. A mathemat-
ical analogy can e mal b made between the correlations in en-

ofergy among spec ra inet 1 lines and the spatial correlations o
l theatoms in a liquid or solid. According to this analogy, t e

uantit b2(t) plays '.he role of the "structure factor" in
light-scattering theory. We expect b2 to containtain infor-
mation about interaction matrix elements. '

G(r) reflects the distributions in line intensity y and
linewidth I . It is defined by

27250 cm . n isI th energy region, a low-resolution
0.3 cm ') SEP spectrum of C2H2 is composed of broad

features, "clumps, with a e
'

y p,e " " nsit of —0.6/cm
cm[Fig. 1(a)]. The high-resolution spectrum (0.05 cm

[Fig. 1(b)] reveals the presence of a finer structure with
a density pf o — cmf —8/cm '. The clump structure has the
appearance o an in ef ntensity modulation of this dense set
of lines. The fact that p, and pf are close, respectively,

ssthe density of Franck-Condon "bright levels and theto e e
total density of states of a given symmetry calcucalculated
crude y y a iree cb d t ount in an anharmonic-norma -mo e

ofpicture sugges s at th t each clump corresponds to one o
the bright levels, i.e., to a zero-order promoting basis
function carrying oscillator strength. The fine structure
corresponds to the mixing of the much more numerous
basis functions corresponding to dark levels into t e sin-

LLJ

Z'.

G (r ) —= (y ) (L (t, I ) )2/(y 2)(L 2(t, I ) ). (s)

For a Lorentzian line shape G(t =0) =(y J= ) =! )'(r)'/( ')(r').
G(t) is related to Heller's F parameter. Since G ~ 1, it
attenuates the amplitude of the correlation hole. It is
also interesting o nt' t note that the ratio between t e ast
componen ant d the asymptotic value [when b2 r =0 of
the slow component is NG. This allows a va ue o o
be extracted from the spectrum, provided that a value of
N is obtained by a counting of the number of features in
the spectrum.

The experimental results that we report here come
from a very clean SEP spectrum of C2H2 which is com-

osed of, at most, two sets of levels. The details wi e
presented in a forthcoming paper.

'
y,r. ' Briefl, with use of

a g(1) pump transition, a single level of the 2 'A„state
d h J'=1 K'=1, and two quanta of vibra-

tion in the trans bend mode (v3). The-only possi i ities
for the dump transition are Q(1) and P(2 lines con-
nected, respective y, o1 to I"=0 and I"=2 levels of pro-
foundly diff'erent vibrational character. The possible in-
determinancy e weeb tween an SEP (downward) or an up-

13ward transition has also been resolved definitively.
F 1 shows a very short part of the large anigure s

high-quality SEP spectrum recorded between 25 85 an
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FIG. l. (a) Part of a low-resolution 0.3 cmcm ') C2H2 SEP
spectrum atp ~5 850-27 250 cm ' of vibrational energy in the

CCte (A''Z+). The density of "clumps isground electronic state
—0.6/cm ', resulting in —850 recorded clumps. b Part o a
high-reso ution
range modulation in intensity is due to the clump s ru

—IThe density of lines is —8/cm
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FIG. 2. (a) Slow component of the smoothed SMFT of the
clump spectrum from 25 850 to 27 250 cm '. The value of t,
gives co g 60 cm for the correlation in the positions of the
centers of clumps. The value of t is ——,

'
t~, where t~ p, /c.

t /t~ is a measure of the chaotic fraction of phase space (see
text). (b) Slow component of the averaged SMFT of several
parts of the high-resolution spectrum. The value of t, gives
co«nse 3cm '. The —value of t~„ is ——,

'
t~, where t~ pf/c.

gle bright level, as in the theory of "radiationless transi-
tions. "

The SMFT of the spectrum is reported in Fig. 2. To
generalize Eq. (4) we used an analogy with the theory of
light scattering ' for a two-component mixture and
defined three structure factors: b2, b$, b'z corres pondi ng,

respectively, to clump-clump and fine-structure- fine-
structure correlations, and an interference term between
the two structures. This interference term can be a ma-
jor problem for the interpretation of light-scattering ex-
periments. However, it is easy to cancel its eff'ect in our
case because we performed the experiment in direct en-
ergy space. EA'ectively, measurements at low-resolution
cancel the fine structure and consequently the interfer-
ence term. Alternatively, FT of a part of the spectrum
with a small number of clumps cancels the effect of b2
and bj. Thus b$ and be2 may be separately determined,
free of contamination by b j. Averaging the FT of
several individual clumps improves the statistics.

The important result is shown in Figs. 2(a) and 2(b),
which show "correlation holes" corresponding to the
clump structure and fine structure. The correlation

recovery times t~«are well separated (t~„—3 psec for
the clump and t~„—45 psec for the fine structure).
There is a close similarity between those two FT and the
diAraction picture of an amorphous solid. ' After the
characteristic correlation hole, systematic recurrences
appear. These remain stable when we take the Fourier
transform of different parts of the spectrum (provided
that the segments are not taken to be too short). The
first term in Eq. (4) contributes a maximum proportional
to % at the time origin, which decays in time because of
the finite length of spectrum analyzed. This decay
occurs within the first few channels of the FT spectrum
and cannot be discerned in Fig. 2. At a longer time, in-
side the correlation hole, there is a minimum whose loca-
tion t, gives a measure of the interaction range of the
level correlations:

rorange (ctr )
—1

co „g,-60 cm ' for the clump structure and Q) g 3
cm ' for the fine structure.

The initial recovery from the correlation hole does not
occur at t~„=fp as for a Gaussian orthogonal ensemble
or Wigner distribution, but at ——,

'
t~ (tq=p/c, where

p =p, or pf ). A hole with t~« = t~ would indicate the
absence of any good quantum numbers except energy,
angular momentum, and parity. A hole with t~„& tp
suggests the presence of several (—6) "symmetry
species" of some additional good or approximately good
quantum numbers. Thus, the experimental results show
that -26 500 cm is an intermediate energy, within
the transition from the regular regime to the chaotic one.
The FT of spectra near 27 900 cm ' suggests fully
chaotic dynamics at only —1400 cm ' higher energy.
The position of the rebound from the correlation is a
direct measure of the chaotic fraction of phase space.
Taking into account the fact that we may have access to
two sets of levels [Q(1) and P(2) lines] the fraction of
phase space calculated from our spectra is about 34%.

The existence of correlations in both clump and fine-
structure spectra allo~s us to postulate that the Hamil-
tonian of the system may be written as

H =Ho+ V'+ V".

The observation of bright levels shows the existence of a
good basis for the zero-order Hamiltonian. In our mod-
el, V' mixes the bright levels among themselves and V"
mixes bright and dark levels. The strengths of p, (V' )
and p/(V" ) are such that the clump and the fine struc-
tures are both "chaotic. " Because the ratio p, /pf is
about 0.08, V' must be much larger than V". V' could
be something like the lowest-order terms of a Fermi in-
teraction and V" the higher-order terms. Because of the
complexity of the spectrum, we are not presently able to
ascertain the nature of V' and V". However, we are try-
ing to extract some information about the moments of V'
and V" from the shape of the FT. Such a measure will
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provide a very interesting connection with a calculation
on the correlation properties of eigenvalues of a random
matrix, which predicts that the nearest-neighbor distri-
bution is governed by the mean value of the modulus of
oA -diagonal elements. '

Instead of characterizing the degree of chaos with a
single number, we have shown that the FT technique
provides a real dynamic diagnostic with multiple infor-
mation. We are able to access times in the range
0.5-300 psec. The only limits are the length of the spec-
trum undergoing FT analysis on the one hand, and the
resolution of the lasers and the density of lines in the
spectrum on the other. The existence of correlations at
two time scales and the discovery of the position of the
transition to chaos in the ground state of C2H2 are of
fundamental interest and lead us to believe that C2H2
will provide the most complete and detailed information
about quantum chaos in a real molecular system.
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