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rf Stabilization of Ballooning Modes in Tokamaks
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The use of radio frequency waves in the ion cyclotron range of frequencies is shown to stabilize bal-
looning modes in tokamaks when the frequency and spatial wave structure are appropriately chosen.
The physics of rf stabilization may provide access to high-g tokamak operation in the second stability re-
gime and may also be useful in the suppression of edge-localized modes in present experiments. Esti-
mates of the required power in the ion cyclotron range of frequencies are given for two examples of rf

stabilization.

PACS numbers: 52.35.Py, 52.35.Mw, 52.55.Fa

Dynamic stabilization is a well established idea in
plasma physics,! but only recently has a practical means
of implementing it been proposed. Recent mirror experi-
ments? have demonstrated that ion cyclotron range of
frequencies (ICRF) waves can stabilize ballooning-
interchange modes at relatively modest power levels.
Subsequent theoretical work3~> showed that the stabili-
zation is due to the ponderomotive force of the applied
waves, modified by sidebands® at the sum and difference
of the ICRF and interchange-mode frequencies.

There are several reasons for examining the physics of
rf stabilization in tokamak geometry. First, there are a
number of planned tokamak experiments with available
ICRF power (for heating) in the megawatt range.
Second, the stability and energy confinement of the
tokamak are sensitive to the edge physics which can be
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Here, §Wmup is the usual energy principle® for a plasma
with isotropic pressure p and displacement & The term
OW s describes the change in potential energy of the
plasma due to work done against the (perturbed) pon-
deromotive force of the applied rf wave, E4=E,
=Y E.€, where the sum is over polarizations (left,
right, and parallel). The first term in §W is the “direct
ponderomotive term” with e, = —&-Ve,, where ¢, are
the elements of the (diagonal) Stix dielectric tensor.’
The second (“sideband force”) term in Eq. (1) is due to
the distortion of the applied rf wave structure,

5’ Eyl 2=E(Z,;4Em+w,,p+Em,uEat—w,,uv

by the plasma motion at the magnetohydrodynamic
(MHD) frequency w, < w, resulting in the generation of
sidebands at w £ w,. The sidebands satisfy a wave equa-
tion driven by the beat current of the applied wave with

strongly affected by ICRF antennas. In particular, bal-
looning modes driven unstable by the toroidal curvature
tend to localize on the outside of the torus where ICRF
antennas can create strongly evanescent waves (with
large ponderomotive forces). Finally, the existence of a
second region of ballooning stability” at high B suggests
the possibility of applying the rf power as a means of ac-
cessing the high-8 regime. It is important to emphasize
that in the limit of no resonant particles the ponderomo-
tive effect is essentially reactive, i.e., no energy transfer
from wave to plasma is required to obtain stabilization of
the plasma. In this case, the rf power required to obtain
stability is set by other sources of dissipation (in the an-
tenna, walls, etc.).

Our starting point is the modified energy principle,*
5W=5WMHD+5W1-{, where

2/16m)E* - Ve, l. (1)
I
the MHD mode, i.e.,
(Cz/coz)VxVxEme:—e-Ew+w’=—},‘-Ve-Ew. (2)

The form of W given in Eq. (1) assumes no wave-
particle resonances, small inverse aspect ratio e=a/R
with €,|E,|*/16x=¢p, and VIE,|>=Vyd| E,|%/3y
where 27y is the poloidal flux. In writing Eq. (2) we
have assumed no perturbation of the antenna current J
by the MHD mode, i.e., Jo+w, =0.

The system of Egs. (1) and (2) (plus the analogous
wave equation for Ew—w,) describes the nonlinear cou-
pling of the applied rf wave to any MHD instability. For
high-mode-number interchange-ballooning modes we let
&=X (k. xb/B)lexp(iS), where k. =V_.S and the eikon-
al function satisfies b-VS =0. The energy W is mini-
mized in the limit S— oo following the standard
analysis'® and making use of an eikonal solution of the
sideband wave equations (2). The result is the balloon-
ing equation at marginal stability,

b-V(k1/B)b VX +(87/B3) (bxk, Vp)(Bxk,-x)X —(1/4B*)(bxk,-V)(E,EX):(bxk, - V)eX
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where x =b- Vb is the curvature and
D,=bxk, e bxk,/ki —Kfc/w?

with K the parallel wave number of the rf wave. The
terms in Eq. (3) represent the magnetic line bending,
pressure-weighted curvature drive, direct ponderomotive
force, and sideband coupling, respectively. The third
term is written in a form valid for arbitrary rf-wave po-
larization, but for economy of presentation the last term
was derived under the assumption that E,=b-E;=0.
(The sideband term is negligible in the limit where
Ey>»E,.) For ICRF waves with o> Q;, the fourth
term is always destabilizing.

In order to illustrate the basic concepts, we adopt the
“standard” model equilibrium”'! in which the inverse
aspect ratio ¢ is small, the flux surfaces are shifted cir-
cles, and the plasma g (=8xp/B?) is small but has a
finite gradient localized radially in a thin layer. Equa-
tion (3) then takes the form

(d/d) fdX/do+gX =0, (4)
f=14+A2%

g =al(Asinf+cos6) — ay,

A=s5(0—10y) — a(sin@ —sinby),

where s=rq'/q, ¢ =rB,/RB,, a=—Rq’f’', B, and B,
are the toroidal and poloidal components of the magnetic
field, and primes denote d/dr. Here, 0 is the extended
poloidal coordinate'® and 6, must be chosen to yield the
most unstable mode. The effect of the rf terms in Eq.
(4) is given by
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(5)
where we let de,/dr =€,dInN/dr, and T, represents a
term of the order (¢,]E,|)? whose exact form depends
on the choice of rf wave. Although a, is not necessarily
positive since €,(w,K)d | E, | */dr carries a sign, we will
show that in two different applications the rf parameters
(w,K), and hence the radial wave structure, can be
chosen to obtain stability.
One can recast Eq. (4) into the canonical form
dX/d6e*=Vv(6) X, where X =/f X and

V(6)=[(s —acosf) 2+ f(a;;— acos®) /[

The condition ¥ > 0 for all 8 yields the sufficient stabili-
ty condition a;f= a. This gives the threshold estimate

Eq=Ca'?R™'N ~¥B2 (6)

where we assumed that B=a/R and Ly=(dIn|E|?/
dr) 7! scales like the appropriate skin depth, c/w; for
E . and ¢/wpe for E|. Here the constant is C=2.1x10'?
V em”* kG 72 for E, and 7.4%10'° V. ecm™* kG 72 for

E\, respectively.

In Fig. 1, we plot the marginal-stability boundaries
corresponding to the numerical solution of Eq. (4) with
ar as a parameter. This procedure is strictly valid when
Ly<Ly=(dInN/dr) ~' so that the sideband term is
negligible. We observe that the effect of increasing the
ponderomotive force (a,¢) is to increase both the first and
second stability regions. Also note that for a fixed ¢
profile (so that the maximum value of s is fixed), there is
a critical value of a,f which provides stability for all a.
Within the context of the s-a model, it is possible to pro-
vide access from the first to the second stability regime
by means of rf stabilization, after which the rf could be
turned off. The scaling of Eq. (6) suggests that the en-
trance to second stability should be made at low B.

We now turn to two specific examples of rf stabiliza-
tion. First, motivated by the rf stabilization results in
mirrors,? we consider the case of fast-wave eigenmodes.
We solve the wave equation for the applied wave
E,(r)<expl—i(m8+Kz)] in a cylindrical plasma
model neglecting £, and compute the direct ponderomo-
tive and sideband contributions to a,(r,0). The result of
a number of computer runs varying the rf parameters
and the density profile is that a,¢ is stabilizing for o > Q;
when the density gradient is localized to the plasma
edge. For a given rf eigenmode, Eq. (4) is solved on
each field line to determine the global stability properties
of the specified equilibrium.

The resulting stability diagram is shown in Fig. 2 for
the profiles q(r)=1+(g, —1)(r/a)? N(r)/No=p(r)/
Bo=1—1(r/a)® (where a is the plasma radius), and the
parameters m=1, w/Q;=1.3, No=1x10'3 ¢cm 73, B=5
kG, and several values of E = (fdrr|E|%/ [ drr)
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FIG. 1. Marginal stability curves in the plane of shear (s)

and pressure gradient (a) for fixed values of the ponderomotive
force term (a;r). Curves shown are for the most unstable 6.
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FIG. 2. Global marginal-stability curves in the plane of
average toroidal B over inverse aspect ratio vs edge g for fixed
amplitudes of the fast-wave eigenmode, E;ms. Curves shown
are for the most unstable 6.

We find that E.,s=1.7 kV/cm is sufficient to increase
the first stability region substantially while fields on the
order of 3.4 kV/cm provide access to the high-8 operat-
ing regime. Detailed results'? show that the global sta-
bility boundaries are sensitive to profile shapes and that
inclusion of E is required to stabilize the last flux sur-
faces 0.98 <r/a <1.00 where the E, sidebands are
large. The present analysis assumes that the fast-wave
frequency can be chosen to avoid all plasma resonances
and thereby attain large-amplitude toroidal eigenmodes.
Thus, the spatial variation of B (and hence of the cyclo-
tron resonances) from the inside to the outside of the
torus restricts this particular application to small-¢ de-
vices.

The power requirement for fast-wave stabilization can

be estimated from P=wW/Q, where W is the stored rf
energy and Q is the rf quality factor. Estimating o = Q;
and

W= Qra)2rR)L e, | E .| %167

with L=c/w, and €, =(w,;/Q;)? and employing the
sufficient condition a;f=a to estimate the required
E ., we obtain the scaling PQ=(64 MW cm ~'kG ™!
keV ") aBT. For the parameters a =40 cm, B=5 kG,
and T=3 keV (appropriate for a high-B experiment)
this estimate gives PQ~4x10* MW, compared with
PQ~10%-10° MW in present tokamaks.

As a second example, and one that is more relevant to
present experiments, we consider edge plasma stabiliza-
tion using the evanescent near field of an ICRF antenna.
For this purpose, it is preferable to use an rf wave with a
large E, component, such as that produced by ion
Bernstein-wave couplers.!> The ponderomotive force in
this case is enhanced because of both the large parallel
conductivity [| ¢ | =(wpe/w)?> e, |1 and the shorter
radial scale length (Ls<c/wp;). Furthermore, because
|Ly] > | L| the destabilizing sidebands are negligible.
By Eq. (5), the direct ponderomotive term is stabilizing
when | E;|? decays into the plasma. Although the sta-
bilizing effect is confined to a narrow layer of thickness
L, 1t is possible that this is sufficient to improve particle
and energy confinement by stabilizing edge-localized
modes, particularly in H-mode operation of divertor
tokamaks. '4

From Fig. 1 and Eq. (6) we find that “high-n" bal-
looning stability is easily obtained for reasonable fields
E\, where n is the toroidal MHD mode number. For the
more interesting intermediate-n modes such that 1 <~/n
<a/L, the ballooning eigenfunction has the usual
a/~/n radial scale length'® in the region r < r., where r.
denotes the location of the rf-stabilized layer, i.e.,
ai(r.)=1. In the rf layer r > r., the dominant terms in
SW are the ponderomotive force and the radial line
bending term. The approximate intermediate-n balloon-
ing equation

b V(é, V)b VX +(1/4B2)(bxk, - Ve) (bxk, V| E; | D)X =0 (7

can be solved by separation of variables on the assumption of an exponential decay of E| in the plasma. The solution'2
shows that X decays rapidly for r > r. to avoid the stabilizing ponderomotive contribution if a;~ (a/L.ng,)?, giving a
quiescent layer at the plasma surface. Using this estimate and the definition of a.f, one obtains the following scaling for
the required E:

E,=[(1.4%105V ecm4 kG ~2)/ng212xR/L4)"*(a/R)LY*N.” B2, (8)

where N, is the edge density and we assumed L;==c/wp, and a single antenna of length L. [In Eq. (8), the factor
(27R/L.4)"? due to toroidal averaging is valid when the MHD parallel wavelength is much larger than 2zR, i.e., when
go>> 1.1 For the case @ =40 cm, R =140 cm, B=10 kG, N, =2x10'> cm ~* (edge), Ly =10 cm, g, =S5, and L4 =60
cm, we find that £, = 200 V/cm would be sufficient to exclude n» > 8 modes from the edge plasma.

The near-field value of E on the plasma surface can be related to the current /4 of a model field-aligned antenna lo-
cated at r =r4, and the power dissipation computed from P=R, 1}, where R, is the antenna loading resistance. Tak-
ing w = Q; we obtain the scaling

P=(28x10"*MWcm?V ™! o ' kG2)g?R.E}B 2 ©)
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where the dimensionless factor g is determined by the
antenna-plasma coupling.'® Using the illustrative values
L4=60 cm, Ry =2 Q, and g=3, Eqgs. (8) and (9) give
the estimate P = 134 MW/n? so that n > 8 modes could
be suppressed with about 2 MW power. A self-
consistent numerical solution of the full wave equation
for E, to be reported elsewhere'? indicates that a quies-
cent layer of about a centimeter in thickness is achiev-
able for the parameters used here when w lies above the
Alfvén frequency at the plasma edge.

Two examples of ICRF ponderomotive effects in
tokamaks have been presented. Other applications, e.g.,
control of kink modes and equilibrium modifications, are
under study. Independent investigations'® of rf stabiliza-
tion in tokamaks have also recently been drawn to our
attention.
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