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The crystallization of a Lennard-Jones liquid has been studied with molecular-dynamics
techniques. In particular, the motion of the fcc (100) interface has been measured for a
range of temperatures below the melting point. The crystallization rates are not limited
by the mobility of atoms in the bulk liquid; measurable rates are even observed below the
glass transition temperature. This result suggests the existence of a class of materiels
which is qualitatively different from conventional glass-forming materials.

PACS numbers: 61.50.Cj, 05.20.Dd, 64.70.Dv

The properties of liquids made up of atoms
which interact through a Lennard-Jones (LJ) po-
tential have been studied extensively with molecu-
lar-dynamics methods. ' Recently, the equilibri-
um properties of a LJ crystal-melt interface have
been determined. ' The initial crystallization
kinetics of a slab of supercooled LJ liquid after
contact with a crystal have also been reported. '
In this Letter we report on a study of the steady-
state crystallization rate of a LJ liquid measured
at a series of temperatures below the melting
point.

Most materials for which crystallization rates
from the melt have been measured exhibit ther-
mally activated growth. The temperature depen-
dence of the crystallization rate is described by
an equation similar to the form first proposed by
Wilson and later by Frenkel, '

Here D is the diffusion coefficient in the liquid
and A is the mean free path for this process. It
is assumed that atoms in the adjacent liquid layer
of thickness a impinge on the crystal surface at
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D =Do exp(- Q/kT) (2)

and the LJ liquid is no exception. ' Figure 1
shows our data in reduced units'; note that the
diffusion coefficient at T =0.25 is smaller by
about two orders of magnitude than its value at
T = 0.62. —Equation (1) correctly predicts the
temperature dependence of the crystallization
rate of GeO„ for example, over a 400-degree
temperature range, in which the viscosity chang-
es by five orders of magnitude. ' At large under-
cooling, the bracketed term in Eq. (1) changes
slowly with temperature, so that the temperature
dependence of the growth rate follows that of D,
as has been observed experimentally in many
glass-forming materials.

However, Eq. (1) has never been verified for a
monatomic melt. These melts crystallize so
rapidly that their true growth kinetics have never
been measured experimentally. Turnbu11 and

Bagley, ' on the basis of the general difficulty of
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FIG. 1. Arrhenius plot of the atomic diffusion coeffi-
cent in the Lennard- Jones liquid at zero external pres-
sure.

a rate proportional to D/&'. A factor f, & 1 is in-
cluded to account for the fact that some of these
collisions are ineffective for crystallization; for
example, they may occur far from crystal lattice
binding sites. The transition from crystal to
fluid is represented by the term e "', where
&p is the difference in chemical potential between
the fluid and the crystal.

The diffusion coefficient in the liquid can usual-
ly be represented by the Arrhenius equation

quenching pure metals into the glassy state, have
argued that the crystallization of these melts
should not be thermally activated. The observa-
tions of Huhl and Hilsch, "indicating a transfor-
mation at temperatures as low as 16 K in Pb films
deposited at 4 K, tend to support this view.

Simulations of the steady-state interface mo-
tion were performed by supplying liquid' parti-
cles at a rate approximate1y equal to the crystal-
lization rate. The coordinates of these particles
were derived from a liquid at & =0.6 which was
cool.ed to zero kelvin in 200 time steps' by a ser-
ies of velocity renormalizations. During this
quench, periodic boundary conditions were ap-
plied at the vertical bounding planes and across
planes A and & illustrated in Fig. 2(a). (No inter-
actions with particles above plane & mere includ-
ed. )

Crystallization occurs in the dynamic zone in
Fig. 2(a), which has a square cross section and
periodic boundary conditions at the vertical planes.
The lateral dimensions were chosen to fit a 7
&&7 array of atoms in the fcc (100) face; changes
in the interface temperature were accompanied
by a contraction or expansion to match the new

lattice constant of the LJ crystal at zero pres-
sure.

During a crystallization run the particles in
the quenched liquid are translated with a common
velocity U J. in the vertical direction. Particles
reaching plane & are inserted into the dynamic
region, and they are also introduced at the corre-
sponding position at plane & in the quenched liq-
uid. In this way an inexhaustible source of liquid
particles is provided.

Particles at either end of the dynamic zone are
coupled to a heat bath" at temperature 1' by the
application of random and dissipative forces.
This method has been discussed elsewhere. " A

coupling parameter P =10 for the dissipative force
F, = —P v gave ample equilibration with the heat
bath without drastically affecting the motion of
the particles. (The amplitude of the random force
is proportional to the product PT.) The particles
entering the dynamic zone across plane & are as-
signed initial random velocities with a Maxwellian
distribution relative to the center of mass. During
steady-state crystallization, evolution of the la-
tent heat of the transformation produces a higher
temperature at the interface as indicated in Fig.
2(b).

The growth rates and corresponding interface
temperatures obtained are shown in Fig. 3. They
do not correspond to Eq. (1) which has also been
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FIG. 3. Molecular-dynamics data (open circles) for

the velocity of the crystal-liquid (amorphous) interface
vs interface temperature. The solid curve represents
Eq. (1), and the dashed curve Eq. (4); in both cases

fo = 0,27.
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FIG. 2. (a) Schematic diagram of the crystallization
system. (b) Steady-state temperature distribution in
the dynamic zone with the heat baths set at T = 0.28.

plotted, with measured values for D and ~, and
values of &p calculated from measured internal
energies. " The crystallization is apparently not
thermally activated. Even a very small activation
barrier would reduce the growth rate significantly
at low temperatures.

To test for the presence of an energy barrier
to crystallization, the two heat sinks were put at
0 K. The resultant growth rate is the point with
the lowest interface temperature in Fig. 3. As a
further test, the velocities of all particles were
set. equal to zero and the simulation restarted.
The interface velocity increased to the same rate
as before. Repeated applications of this proce-
dure also failed to stop the interface motion.
This indicates that there are no energy barriers
which can prevent the liquid atoms from reaching
the lattice sites.

The peak in the growth rate corresponds to a
linear velocity of about 80 m/sec for argon (the
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time unit depends on mass), so that these are
extraordinarily high rates compared to those ob-
tained in the laboratory. For comparison, re-
crystallization of silicon following pulsed laser
melting of a surface layer is usually in the range
of a few meters per second. Splat cooling is
usually a few magnitudes slower and normal
crystal-growth rates are again several magni-
tudes slower.

Near 'I', the diffusion coefficient in the liquid
is 1.6&&10 ' cm'/sec. At U =50 m/sec, the inter-
face moves one atomic diameter in o'/u =7.6
&10 "sec. During this time, an atom in the
liquid can move an average distance (Dt)'" = 1.1
&&10 ' cm. At T =T /2, the corresponding dis-
tance is 2.2&&10 ' cm. This means that near the
melting point these atoms can move a significant
distance while the interface is in their vicinity.
But at the lower temperatures, the liquid is near-
ly rigid on this time scale.

We suggest the following explanation of our re-
sults. Molecular-dynamics studies of this inter-
face at the melting point show a smooth transi-
tion between the densities of the two bulk phases.
There is no indication of large voids in this re-
gion, and the mobility of the interfacial atoms is
approximately equal to that in the bulk liquid. '
But enhanced diffusion of atoms at the interface
between two solid phases is well documented.
Grain-boundary diffusion and migration are ob-
served at low temperatures where the bulk diffu-
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sion rate is essentially zero." Molecular-dynam-
ics studies" have demonstrated the presence of
voids and their influence on the atomic mobility
in the interface. Apparently the rigid lattices pre-
vent relaxation to the degree that occurs at the
crystal-melt interface. As the temperature of a
crystal-melt interface is reduced below T, this
interface should develop properties similar to
those of an interface between two solid phases.
The increased viscosity of the liquid and rapid
crystallization prevent complete structural re-
laxation. Indeed, density profiles at low temper-
atures reveal densities in this region —5' lower
than that of the amorphous material. Thus, as
the temperature is reduced, the amount of free
volume available for atomic diffusion actually in-
creases.

At the lowest temperatures studied, the liquid
becomes a rigid glass. Our results imply that
this material is unstable when placed in contact
with a (100) crystal face. We note, however, that
stable configurations of the amorphous-crystal-
line interface can be produced by other initializa-
tion procedures. Abraham, Tsai, and Pound"
performed an instantaneous quench of a crystal-
melt system by the Monte Carlo method. In this
way an interface without a density deficit was fr o-
zen in place, and this configuration proved to be
stable with respect to crystallization during sub-
sequent Monte Carlo events at a low temperature.
Since our intent was to measure steady-state
kinetics, we reduced the temperature in small
increments from 1", and this procedure always
resulted in finite crystallization rates. A reduced
rate was occasionally observed during simula-
tions performed after large changes in the inter-
face temperature. A defect in one crystal layer
near the interface was noted in most of these
cases; one row of atoms was usually displaced by
a distance a/2 parallel to the row. This defect
was not trapped in the bulk crystal, but persisted
in layers near the interface during the crystalliza-
tion of several layers. Although we never ob-
served the interface motion to be stopped by such
defects, we cannot exclude the possibility that
they would prevent growth at very low tempera-
tures.

In the absence of a potential-energy barrier,
the rate at which liquid atoms in the interface ap-
proach the lattice sites is determined by the aver-
age thermal velocity, (3kT/m)"'. They travel a
distance ~, which is, on average, only a fraction
of the interatomic spacing a. Thus, Eq. (1) can

be modified to give

(3)

The dashed curve in Fig. 2 has been plotted with
+ =0.4a, the average distance from the center of
points distributed randomly in a sphere of radius
a, and f, =0.27 was selected to give the best fit.
This expression is in good agreement with the re-
sults of the simulations over the entire tempera-
ture range.

It is usually assumed that the glass-forming
potential of different materials is only a matter
of degree, and that the value of the glass transi-
tion temperature relative to the melting point pro-
vides a good measure of this property. The pres-
ent result implies that there is a class of materi-
als with unstable glassy states, since they crys-
tallize even at very low temperatures when in
contact with crystal. line material. Network glass-
es require bond breaking for crystal. lization; big
molecul. es must be reoriented to crystal. lize;
some mixtures have to be sorted out to crystal-
lize. Each of these requires rearrangement of the
liquid structure, and so there is an activation bar-
rier to crystallization for these materials.
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