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This neutron-scattering study deals with the behavior of the order parameters M„ I(H, T)
and M«(H, T) in CsMnBr3 ~ 2D&O. The data provide a first direct test of the extended-
scaling theory near the bicritical point of a spin-flop system.

The (H, T) phase diagram for an antiferromag-
net with weak orthorhombic spin anisotropy con-
tains a bicritical point, ' where two distinct types
of critical behavior are simultaneously present,
namely an ordering of the magnetic moments pa-
rallel to the easy axis in the antiferromagnetic
(AF) phase, as well as an ordering perpendicular
to it in the spin-flop (SF) phase. As the bicritical
point is approached along either of the two criti-
cal lines separating the AF and SF phases from
the paramagnetic (P) phase, an abrupt crossover
is expected from Ising-like critical behavior
(number of relevant spin components n = 1) to XY-
like bicritical behavior (n =2).' The crossover
can be described by a scaling theory first intro-
duced by Riedel and Wegner' and subsequently de-
veloped further by a so-called extended-sealing
hypothesis. 4 On the basis of this hypothesis,
which may be formulated~ 4 as the postulate that
the Gibbs free energy and its derivatives are gen-
eralized homogeneous functions, the shape of the
phase boundaries can also be predicted.

In the last few years, experimental studies on
a number of spin-flop systems have been under-
taken to verify the extended-scaling hypothesis
and its implications. However, the results so far
do not extend further than an accurate determina-
tion of the shape of the phase boundaries and a
comparison of these data with the theoretical pre-
dictions. ' ' Here we shall report the results of
an extensive scaling analysis of the variation of
the order parameters in the AF and SF phases,
i.e. , the components of the staggered magnetiza-
tion parallel (M„) and perpendicular (Mu ) to the
easy axis, respectively, near the bicritical point
in CsMnBr, 2D,O (CMB). To our knowledge such
a direct experimental verification of the extended-
scaling hypothesis for spin-flop systems has not
been reported earlier.

CMB is a pseudo-one-dimensional (d = 1) Heis-
enberg antiferromagnet. ' ' The crystal struc-
ture is orthorhombic with space group Pcca. Be-
low TN= 6.30 K the symmetry of the AF ordering
is described by the magnetic space group Pc'c'a'. "
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sealing axes g =0 and t =0 close to the paramag-
netic phase boundaries implies that K+' ' (x) and
K ' (x) must display the following asymptotic
behavior:

10-

II, " (x) x'"~, fo.x--;
K ' (x) = const, for x -0;
II, ' (x) ~(x —1)s, for x-1,

(3a)

(Sb)

(Sc)

T, =5.255(10) K, K, =26.55(3) kOe,

y =1.20(3), w =6.63(45)x10' kOe',

P ~ =0.34(2) .
(4)

The estimated accuracy of these values is indi-
cated between parentheses in units of the least
significant digit. Earlier estimates for the first
four values, obtained from the shape of the ex-
perimentally determined critical phase bounda-
ries alone, "are in good agreement with this set.
In Fig. 2 the experimental data, scaled as II, ' (x)

where P is the usual critical exponent.
In testing the above scaling relation, one can

proceed in two mays. In the first approach one
may vary all the parameters contained in the re-
lation and process the experimental data accord-
ing to (2) in order to find the optimum set of pa-
rameters which produce the expected data col-
lapsing. In that case, one deliberately chooses
to make no use of other available information.
In our case the location and direction of the opti-
mum scaling axes g and t, the crossover expo-
nent p, and the constant are coupled through
the experimentally known shape of the critical
phase boundaries g, = + (& i ~, as we have shown
in an earlier article. " Thus a change in, for in-
stance, the location of the bicritical point (H„T,),
i.e., the origin of the (g, t) coordinate system, en-
tails a different set of p and~ values in order to
retain the best description of the phase bounda-
ries shown in Fig. 1(b). The directions of the g
and I axes are hardly sensitive for such changes,
as they are fully determined by the symmetry of
the phase diagram. So, as a second method one
may insert this relation between the parameters
as a boundary condition and process the scaling
data accordingly. In our testing procedure we
have used both methods. Although it is difficult
to quantify the criteria used in judging the data
collapsing in the plots, me may state that the re-
sults obtained in both mays are essentially the
same. The parameter set which gives the best
results is

2-
1st

0.5-

1st

10 10 10 10 10 10
X- Xc

=M~' (g, t)/itis~ with use of the parameter set
(4), are presented as a function of x -x„with x,
=1 for%+ andx, =0 for %..

In addition to the apparent data collapsing in
Fig. 2, there is a striking symmetry between the
M& and~ data, as expected for an n =2 spin-
flop system. The data are plotted on a double-
logarithmic scale in order to display the asymp-
totic behavior in the critical and bicritical re-
gions. The predicted behavior (3) appears to be
satisfied indeed. Although the difference between
the asymptotic slopes is only small, even the
crossover from the critical behavior (Sc) to the
bicritical (Sa) is observed, as is shown by the
straight lines in the plot. Least-squares fits of
the single-power laws (Sa) to the data with x -x,
- 30 yield the slopes (p,/p) J. =0.281(4) and (p, /y) ii

=0.285(3) for S}I and 3}I, respectively. Of
course, these results may not be considered as
independent estimates for p,/p, since the expo-
nents p, and p separately have been used in the

FIG. 2. Optimum collapsing of 5000M„I and I«
data points, scaled according to {2}to yield the scaling
functions '~ and//~, which both consist of two branches,
viz. gg. for t)0 and for t(0. x =1 for//+ and x =0
for//, . The parameter set (4) has been used. Solid
lines represent the asymptotic behavior (3a} and (3c}.
The shaded edges enclose the 25% crossover regions.
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scaling procedure. However, these values dem-
onstrate that the asymptotic behavior for x -
is described correctly by the exponent P,/p =0.34/
1.20 =0.283, in agreement with (Sa). Least-
squares fits of (Sc) to the data of II, ' with x -x,
~ 1.4 yield the exponents P ~~

=0.321(4) and P &

=0.326(6). These values are completely consis-
tent with the values P ~~

= 0.321(6) and P & =0.326(7),
which were determined in an independent way
from the same data set." With the asymptotic
slopes indicated by &, and n„one can define 25%
crossover regions as those regions where the lo-
cal slope deviates more than ~&, —o, ,(/4 from eith-
er o., or n, . These 25% crossover regions, cen-
tered aroundx -x,= 5 for + andx -x,= 0.7 for
5R, are indicated both in Fig. 2 and in Fig. 1(b)~

The values (4) of the bicritical exponents p and
P, obtained from the scaling procedure are in
good agreement with the theoretical predictions
for an n =2 spin-flop system, viz. p =1.175(15)
(Ref. 4) and P, =0.346(1), being the P value for a
d =3 XI' system. " The values for P ~~

and p~ may
be compared with the theoretical predictions for
ad =3 Ising system, viz. P =0.311(7), an average
value obtained from series expansions, "or P
=0.325(1), the most recent estimate from & ex-
pansions. " Especially the latter estimate com-
pares very well with the experimental results.

A final comment is needed with regard to the ac-
curate alignment of the magnetic field along the
easy axis, which according to Rohrer and Gerber'
is essential for a correct determination of bicri-
tical exponents. In the present experiment the
misalignment angle of H in the b c(easy-in-ter-
mediate) plane (g= 0.5) exceeds the critical angle

g,(T =0)= 0.08', which corresponds to the maxi-
mum width of the first-order spin-flop "shelf. "'
One may wonder why this misalignment does not
affect the results of the present analysis, where-
as it has a pronounced influence on the observed
variation of M& and M& close to the spin-flop
transition" and on the shape of the phase dia-
gram. " In our opinion, this difference is related
to the fact that in the logarithmic presentation of
~ in Fig. 2, the asymptotic bicritical behavior
close to the t =0 axis is emphasized, which ap-
pears to be hardly sensitive to g. In contrast,

also the alternative scaling function K ' (t/~gP ~)
-=M„' /j g) ' ~ can be constructed, in which the
behavior close to the g =0 axis is stressed. Al-
though again good data collapsing is found with
the same parameter set (4), the expected asymp-
totic behavior of K for g= 0 is not observed. A
more extensive report of the experiment and
analyses will be published elsewhere.

We are grateful to Dr. M. E. Fisher for his
comments.
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