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tion decreases less rapidly with x, probably re-
flecting the onset of Ni-Ni interactions.

These data provide strong evidence for the ex-
istence of itinerant electrons with localized mag-
netic moments. Several questions remain unre-
solved: the nature of the magnetic state in a
random solid solution at concentrations lower
than one cobalt in every nearest neighbor on the
average; the absence of an exchange-enhanced
susceptibility; the decrease in pq for 0.95 &n

&1.0; and the unusually large Weiss constant for
solid solutions containing nickel. It appears,
however, that magnetic systems such as the one
described here provide a unique opportunity to

study ferromagnetism unencumbered by the com-
plexities of conventional ferromagnetic metals.
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From the EPR spectra of pairs of Ce + and Nd ions in LaCl3 and LaBr3 it is possible
to isolate contributions to the interaction tensors from high-degree anisotropic superex-
change interaction of the form J+ (1)J 5(2) and Jz (1)J~5(2).

Recently there has been a considerable amount
of theoretical speculation concerning the possi-
bility of anisotropic interactions of high degree
in the angular momentum operators between
ions whose orbital moments are not quenched. ' '
These interactions may arise either from the
electrostatic coupling between the electric multi-
pole moments of the two atoms or from a more
general form of exchange interaction in which
one allows the exchange coupling to depend on
the orbitals involved. With a few notable excep-
tions, ' ' however, there is almost no detailed
experimental information available on such sys-
tems. In this Letter we report new measure-
ments on the interactions between the ground-
state doublets of Ces+ pairs in LaBr, and Nd +

pairs in LaCI, and LaBr„using the technique of
EPR of pairs of coupled ions. In addition, we
present a reanalysis of some previous results
on Ce'+ pairs in LaCl~. ' By making a detailed
comparison of the g tensors and interaction ten-
sors for both the nearest-neighbor (nn) and next-
nearest-neighbor (nnn) pairs in all four systems
it is possible to isolate contributions from super-
exchange terms of the form J+'(1)J '(2) and
Jzf (1)J~5(2). We believe that this is the first ex-

plicit measurement of such high-degree terms.
In addition it is found that there is unambiguous
evidence for electric quadrupole-quadrupole
(EQQ) interaction between the Ce'+ ions, and
that the higher-rank electric multipole interac-
tion (EMI) terms are significantly smaller than
the EQQ.

The total spin Hamiltonian for a pair of identi-
cal Kramers doublets in a magnetic field H is
given by:

X.. = p, H ~ g S.+ p. H. g ~ S.
ij B z B j

+S. K. . S.,

where S; and S& are effective spin-& operators.
Using EPR one can measure the g tensor and the
traceless part A of the tensor K. The compo-
nents of these tensors which we were able to
measure in the experiments, carried out mainly
at 36 Gc/sec and 4.2 K, are summarized in Ta-
ble I. In certain cases, values for the additional
components of K may be deduced by combining
the pair results with the measured bulk proper-
ties of the concentrated material. " In particu-
lar, such an analysis for Ce'+ gives Kz~"""
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Table I. Experimental results for Ce and Nd + in LaC13 and LaBr3. The difference between the pair and single-
ion g values, Dg= g|', pair) —g(single ion) are given, together with the traceless interaction tensors. The nnn tensors
are only determined up to a rotation through an integer multiple of 60 about the z (c) axis. The errors are typical-
ly 3 in the last decimal place quoted.

3+Ce in Nd3 in

~nn

LaC 13

-G.01

+O. 004

-O. 01

+0.003

-0.053

LaC1

-0.053

+O. 022

-0.057

LaBr

-0.057

+0.070

Ann
-0.071

-G. 071

+0.142

-0.10/

-0.109

+0.217

-0.208

-0.208

+0.416

-0.286

-0.286

+0.572

0.00 0.065 +0.01

0.00 G. QQQ

G. QO

0.052 0.005 -0.00$ -0.002 0.001 -0.008 -0.007

+0.01 0.023 -0.009 0.007 0.002 -0.008 G. Olg 0.017

0.00 -0.002 0.002 -0.004 -0.007 0.017 -0.004

A nnn G. 001 0.00 +0 001 -- -0 061 0.103 0.001 -0.03/ 0 074 0.028 -0.042

O. G01 0.00 +0.001 -0.038 0.001 0.067 —0.002 0.028 0.0/4 -0.006

0.00 0.00 -0.003 -0.061 -0.038 +0.002 -0.039 -0.002 -0.170 -0.042 -0.006 -0.168

Ref. 9.
Ref. 8.

(Ic nnn+If nnn) p p63 + p.pI6 cm I inXX

LaCl~, ' and -0.10+0.02 cm ' in LaBr3." As
we shall see later, the presence of these sizable
terms in Kxx""",~Y&"" is very significant.

Superexchange between two ions has usually
been written

(2)

where Si and Sj are real rather than fictitious
spin operators for electrons i and j associated
with ions 1 and 2, respectively. More generally
one may allow for the orbital dependence of the
exchange integral by describing the interaction
for two ions within a given L, , S,J manifoM with
the Hamiltonian'~'

where l, l' take values from 1 to 7 and l+l' is

even. The Hamiltonian describing the EMP~' or
the virtual phonon exchange (VPE)4~' has the
same form, but l and l' are restricted to values
2, 4, and 6 (for EQQ, I=I'=2). In the present
cases we estimate the VPE to be several orders
of magnitude too small to make significant con-
tributions to either K or g. The magnetic dipole-
dipole interaction can also be expressed in the
same form with l = l' = 1, but in this case the

may be calculated from the known g val-
ues and crystal structure. Although of similar
form, the various interaction mechanisms con-
tribute in different orders of perturbation theory
to the measurable g and K tensors of pairs in
the lowest Kramers doublet of the manifold.
This enables one to isolate the contribution from
certain terms. Terms with odd l, I' (i.e. , mag-
netic dipole-dipole and superexchange) can con-
tribute in first order to K, but those with even l
can contribute only in second and higher orders.
All terms may contribute in second order with
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Table II. Ground-state wave functions expressed in
terms of IZ, M&&.

Ce in LaC13
and LaBr3a

Nd+ in LaC13
and LaBr3b

o.sssI —:,+-'.)+ o.ossI —,', +z&
+o.ottI I, +-',)

o o3sI —,', +-,'&+ o 35&I —,', +2&
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the Zeeman term to g. Such interaction-induced

g shifts must, however, be distinguished from
shifts due to a local distortion of the crystal
field caused by replacing a neighboring La' by
a smaller rare-earth ion.

The wave functions describing the ground Kra-
mers doublet of Ce'+ and Nd'+ in LaC1, (and to a
very good approximation, LaBr, ), necessary for
calculating the first-order matrix elements of

are given in Table II ~ One notable diff er-
ence between the states of Ce'+ and those of Nd'+

in the lowest manifold is that those for Ce'+ are
almost pure I&, M&) while those for Nd'+ are not.
This feature greatly restricts the number of siz-
able matrix elements for Ce'+, and enables us
to draw conclusions about Ce'+ which we cannot
draw about Nd +. We now consider the experi-
mental results in terms of the above interac-
tions.

For Ce'+ the EQQ interaction contributes only
nnn and g nnn From Table I it may be

seen that these are in fact the only two sizable
components of the measured &g so that it ap-
pears quite likely that this mechanism is respon-
sible. The contribution of EQQ in Nds+ is calcu-
lated to be two orders of magnitude smaller, and
thus is negligible. Higher order EMI are expect-
ed to contribute in a general way to g for the
Ce'+ pairs, so that the absence of other compo-
nents in the g tensor indicates that their effect
is negligible. Similarly, the small g shifts ob-
served for the Nd'+ nnn pairs shows that the
higher order EMI are insignificant there as well.
In reality, the Nd +

g shifts almost certainly
arise mainly from a local distortion of the crys-
tal field. The contributions from distortions to
g shifts in Ce'+ are expected to be much smaller
than those for Nd + because of the better fit of
the Ce'+ ion into the lattice; hence they are
most certainly negligible in comparison with the

measured g """and g " ". Finally, simple
order-of-magnitude calculations based on the
measured interaction tensors show that superex-
change could not possibly account for the ob-
served Ce'+ g shifts. Hence this analysis of the

g shifts isolates the EQQ interaction in Ce'+ and

shows that higher degree EMI are negligible in

comparison.
EQQ contributes negligibly to K for Nd'+. For

Ce + it contributes only to Kzz in second order,
since any of the other components of K involve
+~J' 5. Therefore, for both Nd' and Ce'+ it
is necessary to postulate superexchange to ac-
count for the observed K.

For Nd'+ superexchange terms of all odd
ranks in X» contribute to each element of K in
first order, so that it is not possible to separate
them out. For Ce'+ pairs, on the other hand, be-
cause of the fact that the ground doublet is al-
most pure I 2, +2), it is possible to make an un-

ambiguous deduction: We can isolate terms of
fifth rank in the interaction. The argument may
be outlined as follows. Terms of first and third
rank contribute mainly to the Kzz alone, via the
components 8~~ '. They can only contribute to
the other terms in K, via components with m or
m'=+1, through the small admixtures of the

I 2, +-,') states, and totally unreasonable values of
the exchange interaction energy would be neces-
sary to account for the measured values of these
terms. That this is so may be seen by consider-
ing Kxx" "as an example. To explain the ob-
served value of -0.083 cm ' in LaCI, we would
require a matrix element of the term 8~~

' ' of
-5 cm ', and this is at least 20 times the magni-
tude expected from an extreme extrapolation to
our case from the measured mean single-elec-
tron exchange matrix element determined from
Gd'+ pair measurements. ' Furthermore the
Nd'+ pair results indicate no such anomalously
large terms. We therefore see that the presence
of large Exx and K&& terms, and the off-diagonal
nnn K-tensor components, can only be due to the
presence of fifth-rank exchange interaction terms
which can couple states with &MJ=+5 directly.
There will no doubt be lower rank terms also
present, but we cannot isolate these. The only
term in Xy2 contributing directly to K» and Kyy
is 0,+'(J,)O, '(&,), whereas the K and &
terms must arise through terms of the form
~)f'(~1)o5 '(~2)

We conclude, therefore, that the observed
terms in ~ """ ~ "" g """ and gxx t gg s xz JZ
for Ce pairs in LaC13 and LaBre are clear and
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unambiguous evidence for sizable high- (fifth-)
rank superexchange terms as predicted theoreti-
cally by Levy, and Elliott and Thorpe. It is ap-
parent that such terms are by no means unique
to the Ce3+ ion and must be anticipated in most
situations where the magnetic moment contains
an appreciable orbital contribution.
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New photoemission studies of the optical density of states of nickel and oopper are
reported. In contrast to other earlier measurements, both Ni and Cu have a sharp max-
imum at the top of the d band. The d-band optical density of states of Ni and Cu are con-
sistent with a simple rigid-band model: The exchange splitting of Ni is estimated as
6Eex 0 4+0.2 eV.

Previous photoemission studies' ' of the opti-
cal density of states of Ni have found an anoma-
lously strong peak at 4.5 eV below the Fermi
level EF. The observation of this strong peak is
contrary to all one-electron band calculations
(which are becoming increasingly successful in

explaining numerous properties'~' of Ni). The
conclusion was that a rigid-band model was not
valid for the d-band optical density of states of
Ni and Cu.

We report new photoemission results for Ni
and Cu which differ from those previously pub-
lished. """The most striking results of the
new measurements are (l) the observation of a
sharp maximum in the density of states at the

top of the filled d band for both metals (for Ni at
EF and for Cu -2 eV below EF) and (2) a large
reduction in the amplitude of the above-men-
tionecf 4.5 eV peak in ¹i. We find good agree-
ment between our d-band optical density of states
of Ni and Cu using a simple rigid band model
with an exchange splitting of 0.4+0.2 eV for Ni.
In contrast to previous photoemission results,
we find general agreement with one-electron
band calculations. In particular, we observe
good agreement between the optical density of
states of Ni and the one-electron band calcula-
tions of Hodges, Ehrenreich, and Lang, ' who de-
termined an exchange splitting of 0.37 eV at EF.
The previously reported' ' anomalous peak 4.5
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