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The results of a more thorough treatment
of the data presented here will be published
later along with data on other sources obtained
during these flights and a later flight on 27 June
1967.

We are very grateful to the staff of the Na-
tional Center for Atmospheric Research sta-
tion at Palestine, Texas, for their hospitali-
ty and their successful conduct of the balloon
flight operations. Philip Morrison and Allen
Womack helped to improve the clarity of this
paper.
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REGGE CUTS IMPLY VANISHING TOTAL CROSS SECTIONS
OR ESSENTIALLY CONSTANT DIFFRACTION PEAKS*

J.-L. Gervaist and F. J. Yndurdini
Department of Physics, New York University, New York, New York
(Received 30 November 1967)

It is shown that the infinite sequence of Regge cuts previously found in perturbation
theory leads to high-energy behavior of scattering amplitudes with a power of the ener-
gy that is independent of the momentum transfer whenever the total cross sections are

asymptotically constant.

It seems now well established that repeated
exchange of Regge poles generates cuts in the
complex angular-momentum plane.! If the in-
tercept of the Pomeranchuk trajectory is strict-
ly equal to 1, then exchange of several Pomer-
anchuk poles and a given trajectory «(f) leads
to an infinite number of branch points that in
general accumulate? for any ¢ <0, at «(0). Up
to now the current opinion seemed to be that
nothing could be said about the corresponding
contribution to the high-energy behavior. Nev-
ertheless, we are going to show that, if one
takes all the cuts into account, then, and for
any ! <0, the scattering amplitude 7'(s, f) behaves

asymptotically like s@(0)(Ins)B{). .., i.e., with
a power that is independent of ¢, irrespective
of whatever the value of the jumps over the cuts
may be. For definiteness, we will present the
explicit analysis for the case when «(f) is the
Pomeranchuk trajectory itself, and later on
comment on other cases.

(1) Pomeranchuk trajectory.— Here, the ex-
change of » Pomeranchuk poles gives a cut with

a branch point located at

ac(n)(t)=nozp(t/n2)—n+ 1. (1)

Since we assume, as usual, that ap(0)=1,

it is then clear that for any 7 <0 one has?®

lim o ®
c

n =+

)= aP(0)= 1. (2)

Accordingly, the contribution of such cuts to
the scattering amplitude in the s channel is,
at high energy, of the form

fil/deSth(l) ET(S’ t); (3)

where g4(7) is essentially proportional to the
product of the signature factor times the sum
of the jumps across the cuts. We remark that
by virtue of (2), g4(!) cannot vanish identical-
ly in any interval 1>7>1-6,, 0,+0 fixed, for
any £ <0. The desired result will be proved
rigorously from formula (3) by reducing the
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problem to the following theorem on Laplace
transforms (Doetsch?):
Theorem.—If

po)= [Caye ™ o(y),
@ (v) bounded at y =0, and if

lim supln |[¥(x)|/x=-v, ©v>0

X = 0

b

then ¢(y) vanishes identically if y <v. The
theorem is proved by using the inverse Laplace
transform, and applying suitable majorizations,
to show that whenever y <v,

Favemn=o.

In our case, the integral in (3) may be reduced
to a Laplace transform by defining x =Ins and
making the change of variables y =1-/, so that5

T(s,0)=s [“dye ™ g, (1-). @

Since the integral in (4) is clearly bounded,

it follows that lim sup[ln|7|/lns] exists and
is <1. On the other hand, applying the theo-
rem, and since g(1-y) does not vanish iden-
tically in a neighborhood of y =1, we get that
the 1lim sup has to be =1. Therefore, we have
proved that

In|T(s,t?)

lim sup Tns I 1

, t<0. (5)
Let us suppose that 7'(s, ) behaves, for large
s, as®

) y(t)

POums)’®..; ()

76,0~ D ns

then, from (5) we obtain at once that a,(#)=1,
if £<0, QED.

The preceding analysis shows that the width
of the diffraction peak, for elastic scattering,
may at most change as Inlns for sufficiently
large energy. Of course, this is much slow-
er than the logarithmic behavior one expects
from a naive Regge-pole analysis. In fact,
what happens is that the “effective” trajecto-
ry is flat at negative values of 7.

However, for #>0 the picture is quite differ-
ent since the pole always lies above the branch
points [cf. Eq. (1)]; accordingly, the essential-
ly constant diffraction peak we obtain does not
lead to a Gribov paradox.”

As far as the experimental situation is con-
cerned, a constant diffraction peak at high en-
ergy seems to be consistent with elastic-scat-
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tering data. In particular, 7N is nonshrinking;
on the other hand, NN is shrinking while NN
is antishrinking, so that since the asymptot-
ic differential cross sections should be equal
for these two processes,® one may believe that
they tend to the same constant limit.

(2) General case.— The analysis is quite sim-
ilar to the previous one, and one gets the same
result, i.e., that the corresponding scattering
amplitude behaves like

76,0 ~f s Oms)?P..., 1<0, @

where « is the dominant Regge trajectory.

It is interesting to remark that this gives
a new type of connection between high energy
in one channel and low energy in the crossed
channel, namely that the behavior is given by
the intercept of the exchanged trajectory.

In general, (7) gives also essentially nonshrink-
ing diffraction peaks. Experimentally, how-
ever, shrinking has been observed in N7 charge
exchange.® In fact, because of the small vari-
ation of Ins in the available energy range, one
can still fit the data with formula (7); for in-
stance, the usual fit to determine the p trajec-
tory,

Inldo/dt| _
1n(3/30) - ap(t)y (8)
is replaced by
Inldo/dt| _ Inln(s/s,)
/s %O PO TG ®

Taking as a typical number s,=1 GeV, one gets
that the coefficient of 8(¢) in (9) only varies
from 0.4 to 0.5 in the energy range 5-25 GeV,
so that B(¢) simply gives the slope of the “ef-
fective” trajectory. Of course, what happens
in this case is that one is only at intermediate
energy.

(3) Discussion.— A way out of the situation
just described would be to assume that the Pom-
eranchuk intercept is not exactly 1, but rath-
er that®'® ap(0)=1-¢, €#0; then the branch
points no longer accumulate at a(0), but rath-
er give an effective twisted trajectory, aegs(f),
that decreases as ¢ separates from 0 along neg-
ative values. In this case, one obtains again
a behavior similar to the Regge-pole type for
the diffraction peak, i.e., in Ins. However,
the total cross section will tend to zero at in-
finity like a power 1/s€ of the energy. We re-
fer to the work of Srivastava? for a detailed
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analysis of this situation.

A last remark is that there is always the prob-
ability that the cuts discussed in Ref. 1 do not
really appear in the scattering amplitudes,
since they are obtained by considering partic-
ular terms in a perturbation expansion. How-
ever, according to Mandelstam,! this is very
unlikely.

We are indebted to Professor N. N. Khuri
and Professor A. Martin for illuminating dis-
cussions, and to Professor B. Zumino for his
kind hospitality at the Physics Department of
New York University, where this work was
performed.

Note added in proof.—The result proved in
this article was stated by Gribov.!! We thank
Professor A. Martin for bringing this fact to
our attention.

*Research supported in part by the National Science
Foundation.

ftNational Science Foundation Fellow, on leave of ab-
sence from Laboratoire de Physique Théorique et
Hautes Energies, Orsay, France,

fAddress from January 1968: Theoretical Studies
Division, CERN, Geneva 23, Switzerland.

ID. Amati, A. Stanghellini, and S. Fubini, Nuovo Ci-
mento 26, 896 (1962); D. Amati, M. Cini, and A. Stang-
hellini, Nuovo Cimento 30, 193 (1963); S. Mandelstam,
Nuovo Cimento 30, 1127, 1148 (1963); V. N. Gribov,

I. Ya. Pomeranchuk, and K. A. Ter-Martirosian, Phys.
Rev. 139, B184 (1965); J. C. Polkinghorne, J. Math.
Phys. 6, 1960 (1965).

%Y. Srivastava, Phys. Rev. Letters 19, 47 (1967).

30f course, we assume that o/ (0) is not infinite. In
fact, one believes for theoretical reasons that a(f) is
even analytic at #=0. On the other hand, an infinite

value of o/ (0) is ruled out since it contradicts the ex~
perimental shape of the diffraction peak. The assump-
tion that o/ (0) # © is essential to obtain our result. In
particular, it is amusing to remark that if, e.g., one
would have ap(t)= 1—(—)~ Y2 for ¢ < 0, then all branch
points would be superimposed on the pole, viz., aln)(¢)
=ap(t), and the standard Regge-pole picture is “re-
stored.”

‘G. Doetsch, Handbuch der Laplace Transformation
(Birkhauser Verlag, Basel, Switzerland, 1950), Vol. 1,
p. 482, Theorem 4,

SWe take the upper limit to be . This is trivially
possible by defining, e.g., g;(1)=0 if I <—3.

®As shown in J.-L. Gervais and F. J. Yndursin,
“New Criterion for Non-Oscillating High Energy Be-
haviour” (to be published), the same results will also
be true under the much more general hypothesis that

. ImT(us,t)
lim ————-
Im7T(s,t)

§—~

exists if # is near 1. This assumption amounts to re-
quiring that the relative importance of possible oscilla-
tions decreases as s =, and suffices to insure that

lim In| 7(s,#)| /Ins

§—+x

exists. To our knowledge it is the most general con-
dition that allows us to obtain asymptotic results.

V. N. Gribov, Nucl. Phys. 22, 249 (1961).

8. Van Hove, Phys. Letters 5, 252 (1963), and 7, 76
(1963); A. A. Logunov, Nguyen Van Hieu, and I. T.
Todorov, Ann. Phys. (N.Y.) 31, 203 (1965). See also
Gervais and Yndurdin, Ref. 6.

%See, e.g., G. Hohler et al., Phys, Letters 20, 79
(1966).

10N, cabibbo, L. Horwitz, J. J. J. Kokkedee, and
Y. Neeman, Nuovo Cimento 454, 275 (1966).

iy, N. Gribov, in Proceedings of the Twelfth Interna-
tional Conference on High Energy Physics, Dubna,
1964 (Atomizdat., Moscow, USSR, 1966).

SUBTRACTIONS IN A DISPERSIVE APPROACH TO INTERNAL SYMMETRY BREAKING
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It is shown how the subtractions, in a dispersive approach to SU(3) and SU(2) breaking,
reproduce the results of the tadpole model, under the assumption of certain widely used

forms for the medium-strong interaction.

We wish to re-evaluate, within the light of
recent theoretical developments, the results
obtained by field-theoretical models of SU(3)
breaking such as the w-¢ mixing model,* the
tadpole model,? and the “fifth interaction.”®
We will show their basic similarities and re-

derive many of their results in what we believe
to be a physically sounder fashion; in partic-
ular, the intramultiplet relations and the con-
nection between SU(2) and SU(3) breaking of
the tadpole model will be shown to arise in

a natural manner.
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