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FIG. 2. Free induction decays for spinning and
nonspinning samples of Teflon and their Fourier trans-
form. The curves are corrected for instrumental
nonlinearities.
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Measurements of neutron inelastic scattering
by a classical liquid provide access to the details
of the atomic motions in the liquid, by way of
time-dependent correlation functions introduced
by Van Hove.! The author has discussed some
features of these correlation functions in con-
nection with a series of experiments? on the iso-
topic pair-light water which scatters incoherently,
and heavy water which scatters coherently. These
functions have also been discussed by Vineyard.3
The partial differential neutron scattering cross
sections are Fourier transforms over space and
time of the time-dependent correlations,* and
essentially are functions only of neutron energy
transfer and momentum transfer, i.e., of w
=hn-Y(E, -E’) and Q =Kk, -k’, where E,, E’, k,, k'
are, respectively, the ingoing and outgoing neu-
tron energies and wave vectors. The coherent
cross sections are determined by the pair cor-
relation function, which classically is “the prob-
ability that, given an atom at position zero at time
zero, any atom is at position I at time £.” The
incoherent cross sections are determined by the
self-correlation function, which classically is
“the probability that, given an atom at position
zero at time zero, the same atom is at position
rat time ¢.”

The experiments? led to the conclusion that the
qualitative behavior of the cross sections is
largely determined by the asymptotic behavior
of the correlation functions at very small times
and at large times. Because the correlation func-
tions for any system (solid, liquid, or gas) change
very rapidly at small times, the scattering con-
tains an inelastic component which, for a classi-
cal system at a given large @, is almost inde-~
pendent of the state of the system, being deter-
mined by the temperature and by the mass of the
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atoms. At long times, in a nondiffusing solid, the
correlation functions become independent of time
and hence the scattering contains an elastic com-
ponent, which is the Fourier transform of the
time-independent structure. For coherent scat-
tering this elastic component consists of Bragg
peaks whose intensity is modulated by the Debye-
Waller form-factor of the (Gaussian) “thermal
cloud” of an individual atom. For incoherent
scattering the intensity of the elastic component
is everywhere proportional to the Debye-Waller
form factor. In liquid water it was found that a
quasi-elastic component of the scattering exists,
which for coherent scattering is correlated with
the liquid diffraction peak thus showing inter-
ference effects,? and which for incoherent scat-
tering has intensity proportional tc a somewhat
non-Gaussian form factor. These facts were
interpreted as showing that in a liquid, as ina
solid, a “thermal cloud” is quickly set up, the

process of setting it up generating the inelastic
component of the scattering, but that in a liquid
the “thermal cloud” is non-Gaussian. There-
after the cloud changes only slowly by diffusive
processes, the changes in time being reflected
in the small energy transfers which actually
occur in the quasi-elastic component. The de-
tails of these energy transfers, as functions of
@, give information on the way diffusion occurs.
The measurements could not be reconciled with
the simple models of diffusion by large jumps
only (activation diffusion), or of diffusion by
small motions only (continuous diffusion).

With the resolution available for the earlier
experiments, the energy broadening of the quasi-
elastic component, from which the above deduc-
tions on the nature of the diffusive motions in
liquids were made, was just barely detectable in
the most interesting region of . Measurements
have now been made at much higher resclution
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FIG. 1. The wavelength distributions of 4. 15A neutrons scattered through angles ¢=80° and

36°, by light and heavy water at several temperatures.

Q= (471/7p)sin(¢ /2).

Similar meas-

urements on H,O ice, which give the resolution function, are also shown. The mean peak of
the diffraction pattern for D,0 occurs at about Qy=1.95 (see reference 2).

288



VoLUME 2, NUMBER 7

PHYSICAL REVIEW LETTERS

AprIL 1, 1959

with the new rotating crystal spectrometer (at
the NRX reactor), briefly described elsewhere.®
Neutrons of incident wavelength 4.15 A were scat-
tered from fairly thin (~0.3 mean free path) spec-
imens of light and heavy water at angles of 80°
and 36°, and the times of flight of scattered neu-
trons with energies near the initial energy were
measured in a 30-channel timesorter. By cor-
recting for counter sensitivity and for frame
overlap,® the distributions in wavelength shown
in Fig. 1 were obtained. The resolution function,
obtained from similar measurements on ice, is
also shown. The curves represent the quasi-
elastic component superposed on the central part
of the inelastic component. The inelastic com-
ponent for H,O was taken to be the shape of a
mass-18 gas distribution, fitted on the wings; for
D,O it was simply drawn in as a straight line.
For this region of @ the inelastic component is
a very weak function of the temperature.

The shape of the distribution-in-energy of the

quasi-elastic component is expected? to be approx-

imately that of a Lorentz function [W? + (Fw)?]™,
where W is the half-width at half maximum of the
distribution. After correction for resolution’

the spectra of Fig. 1 are consistent within the
errors with Lorentz functions. On the approxi-
mation of small motions?® (equivalent to Vineyard’s
Gaussian approximation®), the width W=Q?2Dyg,
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FIG. 2. Values of W/Q,¥log scale) plotted against
the inverse temperature. The dashed line represents
the nuclear magnetic resonance measurements of the
diffusion coefficient by Simpson and Carr.

where D s lis the coefficient of self diffusion for
small motions. In Fig. 2 the measured values
of W/@? are compared with values of the coef-
ficient of self diffusion of water, as measured
using nuclear magnetic resonance by Simpson
and Carr,® and using tracer methods by Graupner
and Winter.? Other tracer measurements by
Wang, Robinson, and Edelman!® have given still
larger values for D. Despite the large errors in
the neutron measurements and disagreements in
the self -diffusion measurements, it seems clear
that the approximation of small motions?3 is not
adequate and that a variety of diffusive motions
must occur.
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