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Using a generalized Goldhaber-Teller model of the giant multipole resonance in 160,
we have evaluated radiative pion-capture rates from 1s and 2p orbits, leading to vari-
ous multipole isospin states in !N, and obtained the corresponding y spectra. The sub-
sequent neutron emission was considered on the basis of Wigner’s R-matrix theory.
Whereas in 1s capture, the spectra are dominated by the dipole resonances, in the 2p
capture there is an even stronger contribution from the 2% and 3% quadrupole states.

The total radiative capture rate compares favorably with experiment.

On the basis of approximate SU(4) symmetry
of light nuclei one expects® collective excita-
tions of these nuclei with selection rules (for
A=2Z=2N=4n) AS=1, AT =0 (spin resonance);
AS=0, AT=1, AT,=+1,0 (isospin resonance);
and AS=1, AT=1, AT,=%1,0 (spin-isospin
resonance). The best-known member of this
multiplet is the familiar AT,=0 isospin res-
onance or giant dipole state seen in photonu-
clear reactions.? It has been pointed out®*
that the radiative pion-capture process

T +N(4,Z) -y +N*4, Z-1) (1)

should be an even better means than the cap-
ture of muons® for studying the AT,=-1 ana-
log to the giant resonance state (both dipole

and quadrupole) of the capturing nucleus: One
may perform a measurement of the photon spec-
trum,®” or else the photon may be used as a
coincidence signal for a time-of-flight ener-

gy determination® of the neutrons®s° emitted

in the subsequent decay

N¥A, Z-1) =NA-1, Z~1) +n. )
But whereas muon capture contains both Fer-

mi and Gamow-Teller matrix elements, pion
capture depends on Gamow-Teller ~type tran-

sitions only,®* and hence will excite spin-iso-
spin resonances without exciting the isospin
resonance. In this way the two capture process-
es complement each other. A further signif-
icant difference arises from the fact that mu-
ons are captured from the 1s Bohr orbit, pi-
ons mostly from higher orbits,* and it turns
out that nuclear quadrupole spin-isospin oscil-
lations (1%, 2%, 3% states), which play a minor
role in 1s capture,? give very large contribu-
tions in 2p radiative pion capture.®%® A dem-
onstration in this way of their existence would
be of very great interest.

The calculation of the rates of Reaction (1)
has been carried out for ®O on the basis of
the generalized Goldhaber-Teller model, fol-
lowing our previous procedure.'®'* The cor-
responding giant resonance levels of 0 and
N are given in Fig. 1 of Ref. 12; the quadru-
pole levels in this figure were based on a cal-
culation of Spicer and Eisenberg'® using the
particle-hole model.

The capture rate of process (1) from a 0%,
T=0, S=0 state to a definite final state (J, M)
is given by*

—(le-MP), 3)

where

(18- M19)= [akL 1M1 7 G - €exp(—ik - T )g (¥ )100)F,
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with e?=47/137, f2/47=0.08, k =photon momentum, % =m;-wy (ws=excitation energy of *N measured
from the '°O ground state), €=photon polarization vector, and ¢, =pion wave function. As before,!?
the matrix element is expressed by the transition density of the operator 7'=g, given by the Gold-
haber-Teller model. Only the spin-isospin mode (7'=1,L,S=1) of the collective nuclear vibrations
contributes, corresponding to the states J"=1% (for L =0, monopole), 0~,17,2~ (L =1, dipole), 1%,
2%, 3% (quadrupole), etc. After summing over M and over photon polarizations and, for the 2p state,
averaging over its orientation, we find

Y - N 1] *
Ge-mP=ic, Pu/e’nd g noiLowonoiLor LT, L
L T Ix I
x{o,,,~II" '£%510, 10150)(270, 10 170)WIJ1; Li)W(AI'J1; Lj)}, (4)
J
with [
J=(2J+1)V2, F0)=1; eg.,
- vz 1(fm 21 4
CO (ZTT/VrmS)(A/me) , 1011 = _8_ﬂ<€a_n5.> 7 E};[ksF(k)]’ )
C1 =27r(A/3me)”2,
with a; =137/Zm,, and f, =exp(-7/a,)=0.84
Cy= (ZW/Vrms)(zA/5me)1/2, (5) representing the deviation of ¢ from its point-
charge value. Table I shows the individual cap-
A =mass number =16, m =proton mass, and ture rates in the third column. They add up

to the total radiative capture rates Aig=5.1
x10" sec™?, Agp=1.1 x10™ gec™!. We divide
these by the total 1s and 2p pion absorption
rates taken from Ericson'® and weight the two

L o . branching ratios by the probabilities of s- and
I =f Rnx(r)]l(kr)"L e y)d" (L=1,2), (8) e o P
0

IMO = j; anA(r)jl(kr)l%;[rspo(r) lar,

d p-state capture given by Eisenberg and Kess-
ler," to obtain the branching ratio of radiative
where @7 =Ry, (r)Yy #(1"), po(7) =nuclear ground- capture to all pion absorption processes, Ry,
state density. In our application to %0 we con- =1.5%. This is of the right order of the exper-
sider only 1s and 2p capture (\=0,1) and L <2. imental value, Rexpt~1%, quoted by Anderson
The integrals (6) may be expressed by deriv- and Eisenberg.*
atives of the ground-state form factor F(k&) with The rates x g of Table I, together with the

Table I. Radiative pion capture rates to spin-isospin giant resonance states in ¥0, photon energies, neutron de-
cay energies, branching ratios, and decay widths.

. Ground-state decay £~ state decay
.Spm-. w A (1s) A (29) k E Branching ratio E Branching ratio I’
isospin J J J n n exp
state  (MeV) (10% sec—) (10! sec™!) (MeV) (MeV) (%) (MeV) (%) (MeV)
m 1t 26.5 5.96 6.54 113.5 13.6 0 7.3 100 5
ao— 22.5 0 5.31 117.5 9.6 2 3.3 98 1.5
1~ 22.0 13.61 8.28 118.0 9.1 30 2.8 70 1.5
2~ 17.5 17.88 23.2 122.5 4.6 100 soo eee 1.0
g1 291 1.00 7.27 110.9  16.1 4 9.8 96 2.0
2t 28.1 5.34 23.9 111.9 15.2 6 8.9 94 2.0
3t 20.5 7.40 34.5 119.5 7.6 ~100 1.3 ~0 2.0
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FIG. 1. Photon spectra from radiative pion capture
in 180 from 1s and 2p orbits, leading to the spin-iso-
spin giant resonance states of 1N (arbitrary units).
Broken lines are the quadrupole resonances.

experimental widths Loyt Of the last column
(obtained from photon absorption? and from
electron scattering'), were used to obtain the
photon spectra of Fig. 1. The contributions

of the isospin states, present in muon capture,’?

are absent here. As stated before, in the p-
state capture (which is quite dominant over
s-state capture!! for '°0), there is a very large
contribution from the quadrupole states (bro-
ken lines); in 1s and muon capture,'? this con-
tribution is quite small. The same features
also appear in the neutron spectra of Fig. 2
(obtained from the remaining columns of Ta-
ble I) for the subsequent decay BN* — 15y (%)
+n; one sees that here, a large number of ~8-
MeV neutrons should be emitted due to the 2p
capture and quadrupole dominance, whereas
the muon-capture'? neutrons should be main-
ly ~5 MeV. A 6.3-MeV de-excitation y ray
following the excited-state neutron decays of
6% (Fig. 2) may perhaps be observable also,
just as in the case of photoexcitation of the
giant resonances.”

A qualitative agreement of the calculated
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FIG. 2. Neutron spectra from the decay of the spin-
isospin giant resonance states in 1®N excited by radia-
tive pion capture in 180 (arbitrary units). Decay to
ground state and third excited state of 1°N is indicated.

with the measured photon spectra®” (for nuclei
other than %0, however) is evident. The shape
of the latter was shown’ to be describable by
a direct-reaction mechanism in conjunction
with the Fermi-gas model. This model, how-
ever, turns out to predict much too low rates'®
for the process, whereas the rates from the
giant resonance mechanism come out correct-
ly,®* as evidenced above. The similarity of
the yields for selected nuclei up to **Cu sug-
gest that the spin-isospin analog of the isospin
resonance occurs throughout the periodic table.
We wish to thank Professor B. MacDonald
(Virginia Polytechnic Institute) for suggesting
to us our investigation of this problem.
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DOES CHARGE OBEY A SUPERSELECTION RULE?
William B. Rolnick
Department of Physics, Wayne State University, Detroit, Michigan
(Received 7 August 1967)

It has been suggested! that one can test a
supposed superselection rule by allowing a
particle to interact with two parts of a system
under the following circumstances. The inci-
dent particle and the other system as a whole
may be eigenstates of the additively conserved
quantum number in question (charge is consid-
ered in Ref. 1). However, if the two parts of
the system are not individually eigenstates of
the quantum number the particle will not be
either, when it is in the region between the
two parts (after interacting with one part).

The combination of system plus particle will
still be an eigenstate of the quantum number
(with the same eigenvalue).

I wish to point out that only if the two parts
of the system can be separated from one an-
other can we speak of interaction with one part,
and only if the particle can be separated from
both parts (after the first interaction), so that
there is no mutual interaction, can we consid-
er the particle as an isolated system which
is not an eigenstate of the quantum number in
question. For an operator obeys a superselec-
tion rule if and only if the states, of pure iso-
lated systems, in our physical Hilbert space
are all eigenstates of that operator. We must
know that there is no superselection rule be-
fore we can proceed with the experiment, for
if there were a superselection rule such a (non-
interacting) separation would be impossible,
i.e., the construction of the apparatus precludes

the superselection rule.

One can prove that angular momentum can-
not obey a superselection rule without using
the arguments presented in Ref. 1 (which, I
claim, have not proved it). Consider J,. If
there exists an eigenstate of J, with eigenval-
ue m, namely lm), we write

lem)=mlm>. (1)

Rotational invariance implies that there exists
a state |m)’ such that

JZ’lm>'=m1m>', (2)

where J,’ is the angular-momentum operator
in the (arbitrarily chosen) z’ direction. But

(it is well known for angular momentum that)
Im)’ is an eigenstate of J, only if J,’ and J,

commute, therefore since

[v,,7,"1#0 )

when the z’ and z directions are not parallel,
we find

lem>'¢ const |m)’. (29
Furthermore, Eq. (3) implies that
JZ'1m># const | m). 2’
Now consider the symmetry of isospin. If
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