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THEORY OF THE INTERACTION OF IONS AND QUANTIZED VORTICES IN ROTATING HELIUM II *
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(Received 4 December 1964)

Careri, McCormick, and Scaramuzzi' have
shown that negative ions are absorbed in stead-
ily rotating helium II when propagated perpen-
dicular to the axis of rotation. No effect was
reported for positive ions. Further experiments
by Tanner, Springett, and Donnelly2 have shown
that the current is absorbed according to the
equation

I =Ioexp(-2Qmgh 'y),

where Q is the angular velocity of the contain-
er, m is the mass of the helium atom, y is the
distance along the direction of the electric field,
and g is a capture diameter of order 10 cm.
g has been observed to decrease with increas-
ing field h, and to increase with increasing
temperature to about 1.6 K, where it drops
rapidly to a small value.

What force is responsible for the attraction
between ions and vortices'? The rotating super-
fluid in a vortex gives rise to a radial pressure
gradient given by dp/dr =psus'/r This p.res-
sure gradient acting on a small object of vol-
ume V gives rise to a force directed toward
the core of the vortex which, on applying the
quantization restriction to the circulation, is
of magnitude

2 kT
eh

where Q = psV(h/m)'/2kI' is the square of the
length at which the force (2) dominates thermal
fluctuations and kI'/e8 is the characteristic
length for diffusion of ions in an electric field.
The dimensionless parameter x = Q/r' and

-l/2 x
y(x) =x e [Ei(x)-Ei(&)j, (4)

= 100 p» . ' Then the ions may be consider ed
L

as Brownian particles in equilibrium with the
quasiparticle excitations in the helium and mov-

ing in the combined electric and vortex fields.
The problem breaks up into two parts: the cal-
culation of the capture cross section 0 and the
calculation of the escape probability P. We
follow here the review article by Chandrasek-
har. '

Solving the steady-state Smoluchowski equa-
tion [cf. Chandrasekhar, ' equation (420)] first
in the presence of the electric field, then in
the presence of the vortex term (2), we find

we can match the incoming probability density
and flux to the absorbed probability density
and flux at a radius which satisfies the rela-
tion

p V(&i/m)'x
S

Let us consider, for purposes of a concrete
example, that the positive and negative ions
have radii 6.3 A and 12.1 A, and equal masses

(2) where Ei(x) is the exponential integral. The
cross section is taken to be o =2(Q/x)"', where
x is the value satisfying (3) at the temperature
and field of interest. The results of calcula-
tions of 0 for positive and negative ions are
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mobilities of Reif and Meyer' have been used
for each ion species.

The effective cross section may now be com-
puted as ge, where t is some characteris-
tic time (such as the length of the collector
divided by the velocity of the ions in the vor-
tex lines). For t = i sec, the positive-ion cross
section will be cut off rapidly at -0.85'K and

the negative-ion cross section at -1.8'K as
shown by the dashed lines in Fig. 1(a). Thus,
in experiments above 1'K, we should expect
to see only negative-ion trapping, and the cross
section should rise to -1.8'K and drop off rap-
idly. This is in qualitative accord with our
observations described above. Below 0.8 K,
we should find positive and negative ions trapped
with almost equal probability. While such an
experiment has yet to be done with rotating
helium II, support for this conclusion comes
from the vortex-ring experiments of Hayfield
and Reif, ' who found approximately equal quan-
tities of each sign of ion trapped in vortex rings.
The trapping probability on creating vortex
rings should be very large indeed because the
vortex is presumably created as a sort of quan-
tum mechanical "wake" behind the accelerat-
ing ion; hence there is no relative velocity be-
tween the ion and the ring and 0- ~.

The mean lifetime of an ion trapped in a vor-
tex will be P sec. Some measurements com-
municated to the author by Douglass7 are in
remarkable agreement with the calculations
considering the uncertainties in the properties
of the ions. The mean life should be sensitive
to changes in electric field and, if one grants
the "bubble model" of the negative ion, to
changes in pressure.

Above the cutoff temperature, the vortex lines
still constitute centers for ion scattering caused
by the absorption and prompt emission of ions.

This contribution to the mobility is of order

This effect is normally too small to be observed
unless 0 is made large by a space-charge-lim-
ited beam. This has been done by Modena,
Savoia, and Scaramuzzi, who show experimen-
ta1. evidence that pQ is a constant which is only
weakly temperature dependent.
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cussions with Professor Q. Wentzel, Profes-
sor S. Chandrasekhar, and Professor P. H.
Roberts.
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