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Active nematics represent a range of dense active matter systems which can engender spontaneous flows
and self-propelled topological defects. Two-dimensional (2D) active nematic theory and simulation have
been successful in explaining many quasi-2D experiments in which self-propelled +1/2 defects are
observed to move along their symmetry axis. However, many active liquid crystals are essentially chiral
nematic, but their twist mode becomes irrelevant under the 2D assumption. Here, we use theory and
simulation to examine a three-dimensional active chiral nematic confined to a thin film, thus forming a
quasi-2D system. We predict that the self-propelled +1/2 disclination in a curved thin film can break its
mirror symmetry by moving circularly. Our prediction is confirmed by hydrodynamic simulations of thin
spherical-shell and thin cylindrical-shell systems. In the spherical-shell confinement, the four emerged
+1/2 disclinations exhibit rich dynamics as a function of activity and chirality. As such, we have proposed
a new symmetry-breaking scenario in which self-propelled defects in quasi-2D active nematics can acquire
an active angular velocity, greatly enriching their dynamics for finer control and emerging applications.
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Introduction.—Active matter encompasses a variety of
far-from-equilibrium systems, in which individual constitu-
ents can persistently perform mechanical work, giving rise
to collective behaviors that cannot occur in equilibrium
systems [1-3]. As a paradigmatic active matter system,
active liquid crystals (LCs) refer to LC systems that
comprise autonomously moving units [4]. Examples
include dense suspensions of cytoskeletal filaments and
the corresponding motor proteins [5,6], dense bacteria
suspensions [7], eukaryotic cells [8,9], or vibrating rods
[10]. Active LCs can also be formed from doping active
units into a passive LC, such as swimming bacteria
dispersed in low-toxic lyotropic chromonic LCs [11] and
microtubule-kinesin mixture dispersed in a colloidal LC
[12]. Recent interests in active LCs are motivated by their
potential applications in therapeutic delivery, photonic
devices, and autonomous materials systems [4]. In active
LCs, the collective motion of its active units can lead to the
nucleation and self-propulsion of topological defects and
spontaneous hydrodynamic flows. These emergent phe-
nomena have been explained by theory and simulations
[13-18]. Take two-dimensional (2D) active nematic as an
example: Its cometlike +1/2 defect breaking head-tail
symmetry tends to self-propel along its symmetry axis;
whereas the trefoil-like —1/2 defect does not self-propel
[15]. The moving direction of the +1/2 defect, whether
from head to tail or from tail to head, can indicate the nature
of the active stress as either contractile or extensile [15].
Recent research interest in active LCs has shifted from 2D
to three-dimensional (3D) systems [12,19-22]. In the 3D
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system, topological defects are more complex and dynamic
than 2D point defects, making them more challenging to
elucidate and control [23].

The success of 2D models in elucidating many active-
nematic phenomena is based on the assumption that the
underlying quasi-2D nematic confined to a thin cell or an
oil-water interface is achiral [24]. However, many active
LC units, such as actin filaments and microtubules, are
chiral and can form a cholesteric (chiral nematic) phase at
high concentrations [25]. In chiral nematics, neighboring
molecules twist with respect to each other [26], resulting in
periodic mesoscopic structures. In the existing theory and
simulation efforts, the chirality of active nematics is often
neglected. This achiral assumption is valid if the active LC
system can be regarded as 2D, because the twist mode
associated with chirality is intrinsically a 3D effect and
becomes irrelevant in 2D.

In this work, we examine the validity of the above achiral
assumption by studying a thin-film 3D active chiral
nematic, in which the nematic directors in each plane of
the film remain 2D and twist along the normal direction.
We first study flat films and find that +1/2 defects also
self-propel along their average orientation but at a slower
speed compared to those in active achiral nematics. In a
curved film, however, we theoretically predict that +1/2
defects can break their mirror symmetry by experiencing an
additional transverse force, causing their circular motion.
We further use hydrodynamic simulation to demonstrate
this symmetry-breaking motion of defects by considering a
thin spherical-shell active nematic, in which four +1/2
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FIG. 1. Defect dynamics in a flat thin-film nematic. (a) Initially,

a pair of £1/2 disclinations (gray rods) are separated in the x
direction. Gray grains illustrate the twisting of the director along
the pitch direction. The director fields (short lines) in the top,
middle, and bottom layers are shown on the right. The position
and orientation of the winding in the midlayer (boxed) are used
to represent the position and orientation of the disclination.
(b) Defect positions as a function of time during annihilation for a
passive nematic. (c) Defect positions as a function of time in an
active nematic. (d) Kymograph of the defects in active chiral
nematic. Inset: side view of the two defects. 7= 1000 in
simulation units.

defects move collectively. By varying the active stress
(activity) and chirality parameter, we uncover a rich defect
dynamics diagram, in which the defects move circularly in
closed trajectories represented by triangles, squares, or
other polygons. Consistent with our theory, these +1/2
defects exhibit counterclockwise (clockwise) rotation in
right- (left-)handed chiral nematics. Such chiral motion of
+1/2 defects is also found in thin cylindrical-shell active
nematic systems, further confirming our prediction.
Results.—We first examine defect dynamics in a flat thin
film using a well-developed hybrid lattice Boltzmann
method [13,27-29] (see Supplemental Material, Sec. I
[30]). Specifically, we prepare a pair of 4-1/2 disclinations
in a thin simulation box, which is periodic in both the x and
y directions but confined by two narrowly spaced z walls,
which impose a degenerate planar anchoring to a right-
handed chiral nematic with the pitch axis pointing along the
z direction [Fig. 1(a)]. We choose the ratio of pitch to box
thickness to be p/L, =6 to approximate a thin film.
Because the director n twists along the z direction, the
winding of the disclinations also rotates from the bottom to
the top layer by 2zL_/p = n/3 [Fig. 1(a)]. Therefore, the
system can be regarded as an ensemble of many 2D nematic
layers, each of which corresponds to a different relative
orientation of two point defects [Fig. 1(a)] [60,61]. In this
thin-film system, there is a slight out-of-plane component
for n in bend-dominated regions near defects (see
Supplemental Material, Fig. S1 [30]). By analyzing the

Frank elastic energy, we find that the nonzero n, can help
release the bend energy and is, thus, favored by the system
(see Supplemental Material, Sec. II [30]).

We next analyze defect dynamics in the above system
[Fig. 1(a)]. Since the +1/2 defect initially points toward the
—1/2 defect, the pair will gradually approach each other
and eventually annihilate under the combined influence of
extensile active stress and elastic attractive force. By
tracking the positions and orientations of the windings
of the two defects on the midlayer z = L, /2, we find that
their speeds are always slower in chiral nematic than in
achiral nematic [Figs. 1(b) and 1(c)]. The out-of-plane
component of the director is responsible for the weakened
elastic attractive force between the two defects in chiral
nematics (see Supplemental Material, Fig. S1 [30]). The
variation of the defect winding is responsible for the
weakened hydrodynamic flow and active force that help
accelerate the +1/2 defect. In the above system, the +1/2
defect remains moving straight along its orientation on the
midlayer, showing no angular velocity.

We proceed to consider active defect dynamics in a
curved thin film. This is motivated by the fact that the active
force for a 2D active nematic is a function of surface
curvature. To demonstrate, we consider an isolated +1/2
defect located at the north pole of a spherical surface of
radius r. Similar to planar surfaces, we can write out the
director field near the core as n = [cos(¢/2)]0 +
[sin(¢/2)]¢ with € and ¢ being the polar and azimuthal
angle, respectively. By calculating the local active force per
area V- (nn), we find it scales as 1/r (see Supplemental
Material, Sec. III [30]). Therefore, the effective active force
F acting on the defect scales as F~ [dSV-(nn)~
[dQr’V - (nn) « r (see Supplemental Material, Sec. III
[30]). For a spherical shell, the active force acting on the
winding of a +1/2 disclination is stronger near the outer
surface than near the inner surface. For a right-handed
chiral nematic, we thus expect that the +1/2 defect should
tend to turn left (rotate counterclockwise) due to the net
force along the orthogonal direction. A similar mechanism
is found in active solids [63,64] (see Supplemental
Material, Sec. III and Fig. S3 [30]). The same scaling of
active force is also present in thin cylindrical shells (see
Supplemental Material, Sec. III [30]).

To test the above theoretical predictions, we perform
hydrodynamic simulations of an active chiral nematic
confined to a concentric spherical shell with no slip and
degenerate planar anchoring on both confining surfaces
[Fig. 2(a)]. To approximate a thin film, the pitch to shell-
gap ratio is chosen to be p/AR=p/(R,—R|)€E
[13,251] > 1 (g, €[0.005,0.098]), at which the ground
state of the system forms a “baseball-like” (tetrahedral)
structure [65], with four +1/2 disclinations residing on the
four vertices of a tetrahedron [62,66]. This ground state is
similar to that of an achiral nematic in the same confine-
ment, except that in the chiral system the disclination
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FIG. 2. Defect dynamics in a thin spherical-shell active chiral
nematic. (a) A schematic of the spherical shell with inner radius
R, and outer radius R,. (b) From left to right: director field on the
inner, middle, and outer layer. (c) Defect trajectories for Cu, Ts,
Sq, and Tr mode. Sharp turns are marked by green and magenta
arrows. (d) Defect dynamics diagram. Markers correspond to the
defect modes in (c). Magenta cross marks the static (St) mode in
which the four 41/2 defects are in the tetrahedron configuration
[62]. Partially filled circles represent a mixed Cu-Ts mode
(Movies S5-S7; see Supplemental Material [30]).

winding rotates along the surface normal direction [66]
[Fig. 2(b)]. In a relevant experiment involving microtubule-
kinesin mixtures on a lipid vesicle surface, it was observed
that four emerged defects move collectively in a periodic
fashion [67]. This phenomenon was reproduced by a
hydrodynamic simulation of a thin-shell active nematic,
in which the four defects were found moving along a
deformed cube on the sphere, thereby oscillating between
the tetrahedral state and an excited planar state [29]. Here,
we adopt the same model but include an additional chiral
term in the elastic energy (see Supplemental Material,
Sec. I [30]). We thereafter find rich defect dynamics as a
function of activity ¢ and chirality ¢, = 2x/ p. Specifically,
we observe five distinct defect dynamics modes, namely
“triangle” (Tr), “square” (Sq), “transition” (Ts), “cube”

(Cu), and “static” (St) mode using different parameter sets
[Figs. 2(c) and 2(d)].

We next elaborate on these defect modes. For relatively
low chirality (0 < g < 0.02), there is a threshold activity
below which the active stress is too weak to drive the
system out of the tetrahedral structure; the system is,
therefore, in the stationary (St) mode with the four defects
remaining static. This threshold activity decreases as
chirality increases [Fig. 2(d)]. When the chirality is suffi-
ciently high (g, > 0.02), the system enters the triangle (Tr)
mode, where the defects move in a closed trianglelike
trajectory in the vicinity of their equilibrium positions
[Fig. 2(c) and Supplemental Material, Movie S1 [30] ]. For
the right-handed chiral nematic considered here, the defects
make left turns at the three corners of the trajectory, while
their orientations are continuously rotating counterclock-
wise [Fig. 2(d)]. We use (n;,nz) = (3,0) to denote the
three sharp left turns and no sharp right turns for the defect
making one revolution in the Tr mode.

If the activity ¢ is increased from the Tr mode, the system
will enter the square (Sq) mode, in which the four defects
group into two pairs, with each pair circulating on a closed
squarelike trajectory [Fig. 2(c) and Supplemental Material,
Movie S2 [30]]. Similar chiral motion of defects can also
be observed in active achiral nematics, in which mirror
symmetry is broken locally and both handed motions are
possible (see Supplemental Material, Sec. IX [30]). Similar
to the Tr mode, each defect in the Sq mode continuously
rotates counterclockwise while making four sharp left turns
in one revolution [Fig. 2(c)]. Thus, (n;,ng) = (4,0). In
this mode, the defects oscillate between the tetrahedral and
planar structure, unlike the Tr mode, in which the system
remains in the neighborhood of the tetrahedral structure
(see Supplemental Material, Fig. S4 [30]).

When ¢ is sufficiently high but g is relatively low, the
system is in the cubic (Cu) mode, which appears similar to
the defect mode in the thin-shell active achiral nematic [29]
[Fig. 2(c) and Supplemental Material, Movie S3 [30]].
Each defect trajectory can be regarded as a 3D hexagon,
with its six sides following six edges of a cube [Fig. 2(c)],
on which the defect makes three left turns and three right
turns, i.e., (n;,ng) = (3,3), indicating that the defect has
no chirality. Indeed, their orientational angular velocity o is
found to fluctuate about a zero mean (see Supplemental
Material, Sec. IV [30] and Fig. S5).

When ¢ is intermediate between the Cu and Sq modes, a
transition (Ts) mode occurs, in which defect trajectories do
not overlap [Fig. 2(c) and Supplemental Material, Movie
S4 [30] ]. The individual defect trajectory can be regarded
as a bent rectangle [Fig. 2(c)], on which the defect makes
four left turns and two right turns [(ng,ng) = (4,2)].
Interestingly, near the Cu-Ts mode boundary on the dia-
gram, defects can alternatively switch between these
two modes, leading to a rich spectrum of defect dynamics
[Fig. 2(d) and Supplemental Material, Movies S5-S7 [30] ].
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FIG. 3.

Orientational angular velocity of defects and their trajectory areas on a sphere. (a) Mean angular velocity @ as a function of {.

(b) Mean angular velocity @ as a function of ¢,. (c) Reduced mean angular velocity @R/7 against its trajectory area A scaled by

hemispherical surface area A, = 2zR>.

We further measure the angular velocities @ of defects
and find that they are invariant at low activity levels at fixed
qo [Fig. 3(a) and Supplemental Material, Fig. S4 [30]].
Moreover, @ scales linearly with gq, consistent with our
theory, as more chiral system yields less aligned active
force on the disclination windings [Fig. 3(b), Supplemental
Material, Sec. III, and Fig. S6 [30] ].

The above four different types of defect trajectories,
namely, triangle, square, bent rectangle, and bent hexagon,
are homeomorphic. However, they represent different
levels of defect chirality. As ¢,/{ decreases, these modes
(Tr, Sq, Ts, and Cu) appear in order, with the ratio
ng/n, =0,0,1/2, 1 increasing monotonically [Fig. 2(d)].
The sharp left turns of the defects can be understood by the
interplay between their linear motion and rotation, as
defects move approximately along its orientation while
gradually rotating their orientations (see Supplemental
Material, Sec. V [30]). There is also an interesting con-
nection between defect chirality and the geometry of their
trajectories. For an ideal chiral defect moving at a constant
linear velocity v and constant angular velocity @ on a
sphere of radius R, the surface area enclosed by its
trajectory, or “trajectory area” in short, A, can be calculated
via (wR/v) = [(Ag — A)//(24¢ — A)A] with A, = 2zR?
(see Supplemental Material, Sec. VI [30]). In our
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FIG. 4. Defect dynamics of a thin cylindrical-shell active chiral
nematic. (a) A schematic of the cylindrical shell with inner radius
R, and outer radius R,. (b) The director field on the midlayer.
(c) +1/2 defect trajectory on the midlayer at g, = 0.08 and
¢ = 0.004; inset: initial defect configuration with color denoting
S. The black curve represents the trajectory of an achirally
moving point.

simulation, @/v follows the above theoretical relation.
The deviation is due to the temporal variation of /v of
the defects (see Supplemental Material, Fig. S5 [30]).

Our prediction of defect chirality also works for con-
tractile systems. By setting { < 0 in the above spherical-
shell system, simulation finds that the defects can self-
propel (see Supplemental Material, Sec. VII and Movie S8
[30]), in contrast to contractile active achiral nematics, in
which defects are stationary [29].

To further demonstrate defect chirality in curved thin
films, we examine an active chiral nematic confined to a
thin concentric cylindrical shell [Fig. 4(a)]. The ground
state of the chiral nematic in this confinement is a defect-
free, double-twist cylinder structure, with its director twists
along all radial directions (see Supplemental Material,
Sec. VIII and Fig. S8 [30]). If one follows the director
field on the midlayer of radius R, it leads to a left-handed
helix with a pitch p; = 2zR cot 6, where @ is the tilt angle
of the director from the axial direction [Fig. 4(b)]. For an
achirally moving point with the same orientation as the
+1/2 defect, we expect that its trajectory is a right-handed
helix with a pitch p = 2zR tan . However, our simulation
gives rise to a defect trajectory with a longer pitch,
indicating that the defect tends to rotate counterclockwise
[Fig. 4(c) and Supplemental Material, Sec. VII, Fig. S9, and
Movies S9 and S10 [30]]. We further find that the pitch
increases as ¢ decreases or ¢ increases (see Supplemental
Material, Fig. S10 [30]), consistent with our expectations
(see Supplemental Material, Sec. IIT [30]).

Discussion.—Active chiral nematics have been studied
in terms of instability patterns and 3D defect dynamics [68—
71]. However, quasi-2D active chiral nematics have not
been explored. The chirality considered here is different
from many existing works in which a self-spinning ten-
dency of the active units results in a chiral stress [71,72].
We find that +1/2 defects in flat thin-film active chiral
nematics exhibit no chirality except move slower. In curved
thin films, however, +1/2 defects break their mirror
symmetry by experiencing a net transverse force. Our
hydrodynamic simulation confirms this prediction by
showing that, in both spherical and cylindrical thin shells,
+1/2 defects tend to self-propel in an off-axis direction.
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We also uncover rich defect dynamics in a thin spherical
shell, which can be explained by the interplay of the linear
motion and rotation of the defects.

In conclusion, our work presents a new symmetry-
breaking scenario in quasi-2D active nematics in which
defects can actively rotate. This additional degree of
freedom can facilitate defect-based applications, such as
dynamic self-assembly, material transport, and logic oper-
ations [73]. Active chiral nematic in a film of nonuniform
curvature can be an interesting direction for future studies
[74-77].

The work is supported by the Hong Kong Research
Grants Council via Grant No. 26302320.
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