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We examine the possibility that dark matter (DM) consists of a gapped continuum, rather than ordinary
particles. A weakly interacting continuum (WIC) model, coupled to the standard model via a Z portal,
provides an explicit realization of this idea. The thermal DM relic density in this model is naturally
consistent with observations, providing a continuum counterpart of the “WIMP miracle.” Direct detection
cross sections are strongly suppressed compared to ordinary Z-portal WIMP, thanks to a unique effect of
the continuum kinematics. Continuum DM states decay throughout the history of the Universe, and
observations of cosmic microwave background place constraints on potential late decays. Production of
WICs at colliders can provide a striking cascade-decay signature. We show that a simple Z-portal WIC
model provides a fully viable DM candidate consistent with all current experimental constraints.
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Introduction.—Strong evidence from cosmology and
astrophysics points to the existence of dark matter (DM),
which cannot be made up of standard model (SM) particles.
Many viable DMmodels have been proposed. Among these,
the weakly interacting massive particle (WIMP) DM [1] has
been the leading paradigm for decades. WIMPs arise from
well-motivated theoretical extensions of the SM, such as the
neutralino DM in supersymmetry [2]. The WIMP paradigm
naturally reproduces the observed DM density; moreover,
the relic abundance of WIMPs is insensitive to the initial
conditions of the Universe due to the thermal equilibrium
between the DM and SM gases in the early Universe.
However, experimental searches for nongravitational signa-
tures of WIMPs have not found any positive evidence yet,
leading to increasingly tight constraints on this idea [3]. For
example, scalar Z-portal DM, one of the simplest WIMP
models, is ruled out by several orders of magnitude [4] by
direct detection experiments [5–7].
In this Letter, together with a companion paper [16], we

propose a novel framework for DM, based on quantum
field theories with a gapped continuum spectrum. Rather
than ordinary particles, in such models DM consists of a
mixture of states with a continuous mass distribution above
a certain “gap” scale μ0. Within this framework, we focus

on the “weakly interacting continuum” (WIC) scenario,
where the gap μ0 ∼ 100 GeV is near the electroweak scale
and the continuum DM interacts with the SM via weak
interactions. We argue that such a WIC model will maintain
all the attractive features of WIMPs, including the natural
consistency with the observed DM abundance and insen-
sitivity of relic density to initial conditions. At the same
time the continuum nature of the DM leads to striking new
phenomenological features [17]. In particular, the distinct
kinematics of low-energy scattering of continuum states
leads to strong suppression of direct detection rates,
reviving the possibility of Z-portal DM. In this Letter,
we focus on the Z-portal model as a simple and explicit
realization of WIC paradigm. The second unique phenom-
enological feature is that throughout the history of the
Universe, DM states continuously decay via DMðμ1Þ →
DMðμ2Þ þ SM processes. Late decays of this kind may
leave observable effects in the cosmic microwave back-
ground (CMB) due to energy deposition during and after
the recombination epoch. At collider, production of heavy
DM states may lead to spectacular signatures as they
cascade-decay to invisible states near the gap and SM
particles with characteristic multiplicities and spectra.
Gapped continuum theories have been used in various

contexts in particle and condensed matter physics, includ-
ing applications of unparticles [31] to Higgs physics and
the hierarchy problem [32–35], string theory [36], the
fractional quantum Hall effect [37,38] or the 2D Ising
model [39]. The theoretical framework for quantitative
studies of continuum DM is presented in detail in the
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companion paper [16]. There we described how to con-
struct the Hilbert space of gapped continuum theories, gave
formulas for calculating rates of scattering and decay
involving continuum DM states, and discussed how to
treat their equilibrium and nonequilibrium thermodynam-
ics. We also presented an explicit model of Z-portal WIC,
based on a warped 5D soft-wall geometry [40,41], and
applied our formalism to calculate the DM relic density in
this model. After a brief review of the Z-portal WIC model,
this Letter focuses on its phenomenology. The main results
of our analysis are summarized in Fig. 1: it is demonstrated
that the Z-portal WIC model can reproduce the observed
DM density while being fully consistent with current
experimental constraints, including direct detection, CMB,
and collider data.
Z-portal WIC model.—The continuum DM is described

by a “generalized free field” Φ, with an effective
Lagrangian

S ¼
Z

d4p
ð2πÞ4Φ

†ðpÞΣðp2ÞΦðpÞ: ð1Þ

Here, Φ is a complex, gauge-singlet Lorentz scalar. The
spectral density ρ can be obtained as

ρðμ2Þ ¼ −2Im
1

Σðμ2Þ : ð2Þ

In a gapped continuum theory, ρ has continuous support
above the gap scale μ20, and vanishes below that scale.

Physically, the continuous parameter μ plays the role of
the DM state mass. The singly excited sector of the Hilbert
space consists of states jp; μ2i, and the function ρðμ2Þ is the
density of states with respect to μ2. If the continuum arises
from a known 5D theory, the spectral density can be
calculated. The behavior of ρ in the vicinity of the gap scale
is especially important for DM phenomenology, since
during thermal freeze-out and throughout the subsequent
evolution of the Universe up to our own epoch, most of the
DM states are clustered near the gap (see Supplemental
Material, Sec. 1 [49]). It was shown in [16] that in a broad
range of models, the spectral density near the gap takes the
generic form

ρðμ2Þ ¼ ρ0
μ20

�
μ2

μ20
− 1

�
1=2

; ð3Þ

where ρ0 is an order-one dimensionless constant. As
discussed in [16], the value of ρ0 is model dependent
and is fixed by the normalization of a brane-to-brane
propagator in the corresponding 5D theory. In Fig. 1 we
show constraints for ρ0 ¼ 1 as a benchmark. To illustrate
the impact of varying this parameter, the constraint plot for
ρ0 ¼ 2π is included in the Supplemental Material [49].
To couple Φ to the SM sector, a new complex scalar χ

is introduced, which is an SUð2Þ doublet and carries a
Uð1ÞY charge, Y ¼ − 1

2
. Both Φ and χ are odd under a Z2

symmetry responsible for DM stability, while all SM fields
are even. The field χ has a canonical kinetic term and
m2

χ > 0. An interaction term

Lint ¼ −λΦχH þ H:c: ð4Þ

leads to mass mixing of χ with the continuum after
electroweak symmetry breaking. Assuming mχ ≫ μ0 and
integrating out χ yields an effective Lagrangian coupling
the continuum to SM:

LΦ−Z;W ¼ sin2α

�
−
i

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
g2 þ g02

p
2

ð∂μΦ†Φ −Φ†∂μΦÞZμ

þ g2 þ g02

4
Φ†ΦZμZμ þ 1

2
g2Φ†ΦWþ

μ W−μ
�
: ð5Þ

Here, g and g0 are the SM SUð2ÞL and Uð1ÞY gauge
couplings, and the mixing angle α is given by

tan 2α ¼
ffiffiffi
2

p
λv

m2
χ − μ2

: ð6Þ

These interactions are responsible for WIC annihilation and
decay. Note that the total number of the DM continuum
states is conserved, even though they can decay into each
other. The physics of WIC is described in terms of just three
new parameters (the gap scale μ0, the mixing angle α, and

FIG. 1. Parameter space of the Z-portal WIC, with ρ0 ¼ 1. Red
curve: thermal relic consistent with observations [8]. Space below
the blue curve is ruled out by the CMB constraint [9,50], while
space below the magenta curve is also ruled out by the BBN
constraint on electromagnetic energy injection [10–15]. Space
above the gray curve is ruled out by the LHC constraint on exotic
Higgs decays (with mχ ¼ 500 GeV). For comparison, the bound
of DM direct detection for Z-portal particle DM is shown as the
dotted cyan curve.
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the spectral density normalization ρ0), making for a simple
and predictive model.
Boltzmann equations and thermal relic.—A dilute gas of

continuum DM states is described by the occupation
number fðp; μÞ. In thermal equilibrium, the occupation
number follows the usual Fermi-Dirac or Bose-Einstein
distribution, with particle mass m replaced by the con-
tinuum state mass μ. The number density of continuum
states is given by

n ¼
Z

dμ2

2π
νðμ2Þ; ð7Þ

where

νðμ2Þ ¼ ρðμ2Þ
Z

d3p
ð2πÞ3 fðp; μÞ ð8Þ

is the DM mass distribution function. When considering
the freeze-out of continuum annihilation to the SM, the
Boltzmann equation for the continuum has the usual form
(see detailed derivation in [16]),

∂n
∂t þ 3Hn ¼ −hσviðn2 − n2eqÞ; ð9Þ

where neq is the number density in thermal equilibrium.
The thermal relic density for WIC is the same as for WIMP
with the same thermally averaged cross section hσvi,
but for WIC hσvi includes averaging over μ2. Taking into
account the Boltzmann factor and the form of the spectral
density near the gap, Eq. (3), it is easy to see that the
continuum distribution at temperatures below μ0 is local-
ized near the gap scale. The WIC relic density is then the
same as for a WIMP of mass m ¼ μ0 and interactions in
Eq. (5), up to small corrections of order OðT2=μ20Þ. Note
that the thermal relic density does not depend on ρ0,
since the normalization of the spectral density cancels
out in the hσvi.
The dominant WIC annihilation process during freeze-

out depends on the gap scale μ0. In the regime of μ0 < mW ,
the dominant channel isΦΦ� → Z → ff̄. This process is p
wave, since the parity of the initial state is −1. For a larger
gap scale, μ0 ≳mW;Z, s-wave annihilations into pairs
of vector bosons become relevant, ΦΦ� → WþW− and
ΦΦ� → ZZ. In Fig. 1, the red curve corresponds to the
observed DM relic abundance. The required value of the
mixing angle sin2 α drops near the Z pole, μ0 ≃mZ=2,
where the cross section is enhanced by the Z-pole reso-
nance. The decrease of the required sin2 α above mW is due
to opening of new annihilation channel. Note that we do not
include the WIC annihilations to one on-shell and one off-
shell W, which may give order-one corrections to the total
annihilation rate in a narrow region of μ0 just below mW.

Late decay and CMB constraints.—One of the main
distinguishing features of WIC DM compared to ordinary
particle DM is that throughout the history of the Universe,
the continuum states are continuously decaying to the
SM particles, Φðμ1Þ → Φðμ2Þ þ SM. These processes are
always unavoidable even in the presence of an exact Z2

symmetry, due to the off-diagonal couplings among the
continuum states such as in the interactions in Eq. (5).
These decays keep dumping energy into the SM sector with
E ≃ μ1 − μ2, and can leave imprints during and after the
recombination epoch.
The evolution history of the continuum states can be

summarized as follows. Before the freeze-out they are in
thermal and chemical equilibrium. After the WIC freeze-
out, which occurs at T ∼ μ0=10, the quasielastic scattering
Φþ SM ↔ Φþ SM and (inverse) decays Φ ↔ Φþ SM
maintain kinetic equilibrium of the continuum with the SM
particles and chemical equilibrium among the continuum
states themselves. This forces the mass distribution of the
continuum states to peak closer to the gap scale μ0 as the
SM plasma temperature decreases. At temperature T, a
typical DM state has mass μ such that Δμ≡ μ − μ0 ∼ T.
Eventually, the rate of these processes falls below the
Hubble rate, the WICs fully decouple from the SM, and
the chemical equilibrium among the continuum states can
no longer be maintained. For typical parameters in the
Z-portal WIC model, this decoupling occurs at
Td ∼ 0.1–1 GeV. After decoupling, the WIC mass distri-
bution continues to evolve due to out-of-equilibrium WIC
decays Φ → Φþ SM, with typical masses tending ever
closer to the gap scale. This evolution is illustrated in Fig. 2,
which is based on a numerical solution of the Boltzmann
equation (see Supplemental Material [49]). An upper bound
on the DM mass μ at time t in this epoch can be estimated
by equating the total decay rate of ΦðμÞ with the Hubble

FIG. 2. Time evolution of the DM comoving number density νc,
as a function of mass above the gap Δμ ¼ μ − μ0, after its kinetic
decoupling from the SM at time td. The black lines indicateΔCMB
and Δtoday, found analytically by setting Γ ¼ H at photon
decoupling and today, respectively. The y-axis units are arbitrary.
See Supplemental Material, Sec. 1 [49] for details.
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rate HðtÞ, since heavier DM states would have already
decayed. This estimate agrees well with the numerical
results, see Fig. 2. A typical DM mass at any given time is
within a factor of a few from this bound, which implies that
each DM state on average undergoes Oð1Þ decays per
Hubble time.
In the Z-portal WIC model, the DM states decay through

an off-shell Z, Φðμ1Þ → Φðμ2Þ þ Z� → Φðμ2Þ þ ff̄. The
rate of this decay (integrated over μ2) is given by

ΓðΦ → Φþ ff̄Þ ¼ 16
ffiffiffi
2

p
ρ0

15 × 9009π4
sin4α

ðg2 þ g02Þ2
m4

Z

× ðg2A þ g2VÞðΔμÞ5
�
Δμ
μ0

�
3=2

≡ Γ0

�
Δμ
μ0

�
13=2

; ð10Þ

where Δμ ¼ μ1 − μ0 and gA;V are the SM Z couplings. The
strong dependence on the DM mass arises from three-body
phase space ∝ ðΔμÞ3, the matrix element-squared ∝ ðΔμÞ2,
and final state spectral density integration ∝ ðΔμ=μ0Þ3=2.
Here, we assumed Δμ ≫ mf; the rate rapidly drops to zero
near the kinematic threshold Δμ ¼ 2mf.
For typical WIC parameters, Δμ drops below muon and

pion thresholds soon after kinetic decoupling, while the
decays to eþe− and the three neutrino flavors continue at
late times. The first of these decays is potentially prob-
lematic for phenomenology, since it injects EM energy
which can reionize hydrogen atoms after recombination.
For example, if Δμ ¼ 2 MeV soon after recombination,
electrons of typical kinetic energy ∼MeV would be
produced, each of which can reionize ∼105 H atoms.
Given that ρDM=ρH ≈ 5 and that each DM state undergoes
Oð1Þ decays per Hubble time as explained above, the
hydrogen would be quickly completely reionized, in gross
conflict with CMB observations. Even decays close to
kinematic threshold are ruled out. To avoid this constraint,
we require that decays into eþe− pairs become kinemat-
ically impossible at or before the CMB decoupling time
tCMB. We conservatively estimate ΔμCMB using Γ ¼
HðtCMBÞ (where Γ is the total DM decay rate including
neutrino final states), and require ΔμCMB < 2me ≈ 1 MeV.
(In the Supplemental Material [49], we show that this
simple estimate is supported by a more detailed analysis
using numerically calculated DM mass distribution.)
Another constraint arises from the photodissociation of
nuclei due to electromagnetic energy injected by DM
decays, which can change their primordial abundances
and spoil the successful predictions of big-bang nucleo-
synthesis (BBN) [10–15]. The photodissociation becomes
relevant when the temperature T < 0.5 keV, which gives a
weaker bound than the CMB. The CMB and BBN
constraints give lower bounds on the mixing angle sin α,
shown by the blue and magenta curves in Fig. 1.

After recombination, DM states continue to decay via the
neutrino channel. Neutrinos from such decays could in
principle be detected, but the predicted flux is well below
the current constraints [42–45].
Direct detection.—Direct detection signature of WIC is

due to a scattering process DMðμÞ þ N → DMðμ0Þ þ N,
where N is a target nucleus. Since μ and μ0 are continuous
variables, the kinematics of this process in the WIC model
is quite distinct from either elastic or inelastic particle DM.
This unique kinematics leads to a strong suppression of the
direct detection rate, which is one of the most striking
features of such models, and allows for a viable Z-portal
WIC model consistent with current bounds.
The direct detection rate for the continuum DM is

dR
dER

¼ NT

Z
dμ2

2π
ν0ðμ2Þ

Z
d3vfðvÞ dσ

dER
v; ð11Þ

whereER is the recoil energy of the nucleus,NT the number
of nuclei per unit mass, ν0 is the current WIC mass
distribution function, and fðvÞ is the local DM velocity
distribution. We use the approximation

ν0 ¼
ρ⊙
μ0

δðμ2 − μ21Þ; ð12Þ

where ρ⊙ ¼ 0.3 GeV=cm3 is the local DM density, and μ1 is
found by equating the WIC decay rate with today’s Hubble
scale. (For typical parameters, μ1 − μ0 ∼ 100–300 keV.) We
assume the Maxwell-Boltzmann distribution for the WIC
DM with a cutoff at the escape velocity vesc ¼ 600 km=s.
Since the DM state masses today are clustered near the gap
scale with a small relative spread, the velocity distribution is
approximately mass independent. The differential cross
section is

dσ
dER

¼
Z

μ2max

μ2
0

dμ02

2π
ρðμ02Þ mNσp

2μ2Φnv
2

�
fpZþfnðA−ZÞ

fp

�
2

F2
NðqÞ:

ð13Þ

The DM-proton (or neutron) cross section is

σp ¼ ðg2 þ g02Þ2sin4αμ2Φnf
2
p

16πm4
Z

: ð14Þ

Here, μΦn is the reduced mass of the DM state and proton
or neutron, and FNðqÞ is the nucleus form factor [46].
The coupling strength to nucleon fp (fn) is given by the
vector current matching from the quark to nucleon, fn ¼
bu þ 2bd ¼ − 1

4
and fp ¼ 2bu þ bd ¼ 1

4
− sin2θw. The

incoming DM state with mass μ1 can be down-scattered
or up-scattered. Using energy-momentum conservation, the
maximum accessible mass for the outgoing state is
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μmax ¼ μ1 þ qv −
1

2

q2

μΦN
; ð15Þ

where q ¼ ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
2mNER

p
is the exchanged momentum. Since

μ1 − μ0 ≪ μ0 and v ≪ 1, only a narrow range of DM
states are kinematically accessible, suppressing the cross
section by

Z
μ2max

μ2
0

dμ02

2π
ρðμ02Þ ∼

�
Δμ
μ0

�
3=2

∼Oð10−6 − 10−7Þ: ð16Þ

The direct detection bound was obtained by comparing
the predicted number of events in the Z-portal WIC model
with the corresponding particle DM prediction, and recast-
ing the bounds from the XENON1Texperiment [5]. Thanks
to the strong continuum kinematic suppression, XENON1T
limits do not impose a constraint for ρ0 ¼ 1. (Direct
detection constraints become relevant for larger ρ0; see
Supplemental Material [49].) For comparison, the limit on
particle scalar Z-portal DM is shown by the dotted cyan
curve in Fig. 1.
Other constraints.—Indirect detection does not currently

constrain the WIC model. The kinematics and the cross
section of DM annihilation in today’s halos is virtually
identical to usual particle DM of mass μ0. For Z-portal DM
with μ0 < mW , the dominant channel is ΦΦ� → Z� → ff̄,
and the rate is p-wave suppressed. For μ0 > mW, DM can
annihilate via s wave into WW. The rate is below the
current bounds from FermiLAT [47].
At colliders, continuous DM states can be pair produced

through virtual Z exchange. Each produced DM state
decays to a lighter DM state plus on- or off-shell Z. The
lighter DM state in turn undergoes further decays, until the
DM cascades down to a state so close to the gap that its
decays are invisible in the detector due to its long lifetime
and/or softness of its SM decay products. Overall, the event
looks similar to the X þMET signature of neutralino χ̃02
production in SUSY models, but with higher multiplicity
and somewhat softer spectrum of visible particles.
Continuum DM production cross sections are suppressed
by a factor of sin4 α ∼ 10−2 compared to SM electroweak
processes, in addition to continuum kinematic suppression
near the mass threshold similar to the suppression of direct
detection rates. As a result, the Z-portal DM model is
consistent with current LHC bounds. For μ0 < mZ=2,
where Z decays to on-shell DM pairs are allowed, strong
bounds from LEP-1 and SLD become relevant. However,
the bounds onWIC are again much weaker compared to the
particle Z-portal DM, due to the continuum kinematic
suppression of the decay rate. We conservatively estimate
the bound by comparing the rate to the experimental limit
on the invisible Z decays Γinv [48]. The resulting bound is
quite weak, and does not place a relevant constraint for
ρ0 ¼ 1. For μ0 < mh=2 a Higgs decay to DM pairs would
produce exotic semi-invisible final states. Demanding that

no more than 10% of Higgs bosons decay in this channel
yields a bound indicated by the gray line in Fig. 1. We will
explore collider phenomenology of the Z-portal WIC
model in detail in future work.
Conclusions.—In this Letter, we initiated the study of

phenomenology of the Z-portal WIC model introduced in
the companion paper [16]. In this model the role of DM is
played by a gapped continuum, rather than an ordinary
particle, which acquires couplings to the SM Z=W bosons
from mixing with the Higgs. When the temperature is
below the gap scale μ0, the WIC mass distribution is
strongly peaked around μ0, and the thermal freeze-out of
WICs is essentially identical to that of ordinary particle
WIMPs. However, other properties of the WIC are strik-
ingly different. Because of the unique features of con-
tinuum kinematics, the direct detection cross section is
strongly suppressed, reopening the Z portal for WICs. WIC
decaysΦðμ1Þ → Φðμ2Þ þ SM occur throughout the history
of the Universe, with each DM state decaying on average
once per Hubble time. Such decays may yield new sources
of eþe− pairs during and after recombination, resulting in a
lower bound on the WIC coupling to the SM. Collider
signals of WICs include a cascade of SM particles and the
invisible long-lived WIC states. Our analysis demonstrated
that the Z-portal WIC provides a fully viable DM candidate
consistent with all experimental constraints, as shown in the
summary plot in Fig. 1. We look forward to further studies
of the rich and novel phenomenology of these models.
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