PHYSICAL REVIEW LETTERS 127, 143201 (2021)

Experimental Realization of Multi-ion Sympathetic Cooling on a Trapped Ion Crystal
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Trapped ions are one of the leading platforms in quantum information science. For quantum computing
with large circuit depth and quantum simulation with long evolution time, it is of crucial importance to cool
large ion crystals at runtime without affecting the internal states of the computational qubits, thus the
necessity of sympathetic cooling. Here, we report multi-ion sympathetic cooling on a long ion chain using a
narrow cooling beam focused on two adjacent ions, and optimize the choice of the cooling ions according
to the collective oscillation modes of the chain. We show that, by cooling a small fraction of ions, cooling
effects close to the global Doppler cooling limit can be achieved. This experiment therefore demonstrates
an important enabling step for quantum information processing with large ion crystals.

DOI: 10.1103/PhysRevLett.127.143201

Owing to the long coherence time [1], convenient optical
initialization and readout [2], as well as the accurate laser
[2-5] and microwave [6-9] control, the trapped ion system
has demonstrated single-qubit-gate fidelity of 99.9999%
[10], two-qubit-gate fidelity above 99.9% [11,12], multi-
ion Greenberger-Horne-Zeilinger (GHZ) entangled states
with up to 24 ions [13], quantum error correction using 13
ions [14], and global quantum simulation of 53 ions in a
Paul trap [15] and up to hundreds of ions in a Penning trap
[16,17]. These make ion trap a leading candidate for
quantum information processing.

Motional heating is one of the major limiting factors for
the application of trapped ions caused by, e.g., electric field
noise [18,19] and collision with background gas molecules
[18]. While the Mglmer-Sgrensen gate [20,21], a widely
used two-qubit entangling gate scheme for trapped ions,
does not require ground state cooling of the motional states,
heating during the gate operation does lead to decoherence.
Besides, too high a temperature can also result in the
breakdown of the Lamb-Dicke approximation [2] which
requires that ions’ oscillation amplitudes be much smaller
than the laser wavelength. This will thus have considerable
contribution to the gate infidelity. For larger ion crystals,
the heating effect becomes more significant and can further
influence the stability of the crystal [22], thereby prevents
large-scale ion trap quantum simulation with long evolution
time, or quantum computing circuits with large depth.
Finally, while current schemes for ion trap quantum
computing mainly consider one-dimensional (1D) ion
chains and utilize additional ion shuttling [18,23] or
photonic quantum network [24-26] techniques to scale
up, proposals also exist to directly use large 2D or 3D ion
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crystals [27,28], for which the motional heating can be even
more severe. Therefore, it is necessary to introduce cooling
mechanisms at runtime to compensate the heating effect.

The commonly used laser cooling methods such as the
Doppler cooling [2], electromagnetically-induced-transpar-
ency cooling [2,29,30], polarization gradient cooling [31],
and resolved sideband cooling [2] all exploit the transitions
among the internal atomic levels, thus are generally
unsuitable for the runtime protection of the ionic qubits.
For this purpose, sympathetic cooling can be used where a
fraction of the ions can be chosen as ancillae (cooling ions)
to cool the other ions (computational ions) through their
mutual Coulomb interaction, in such a way that the
standard laser cooling on the cooling ions with spectral
or spatial selection will not affect the internal states of the
computational ions. Previous experimental demonstrations
of sympathetic cooling mainly consider small ion crystals
[32-37]. For larger ion crystals the sympathetic cooling
generally becomes inefficient unless the multi-ion collec-
tive oscillation modes are carefully taken into account [38],
which has not yet been demonstrated experimentally.

In this Letter, we report the first multi-ion sympathetic
cooling experiment on a long ion chain, where collective
modes have to be considered when choosing the cooling
ions. We propose a convenient yet efficient scheme to cool
a few adjacent ions at optimized locations and demonstrate
that, by cooling only two ions in a long chain of 8§ to 28
ions, the whole crystal can be cooled efficiently to near the
global Doppler cooling limit. Our scheme can be gener-
alized to larger 2D or 3D crystals and will play a critical
role in their runtime stabilization for future large-scale ion
trap quantum computing and simulation.

© 2021 American Physical Society
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FIG. 1. (a) Schematic experimental setup. A broad beam is
applied to all the ions for global cooling (GC), detection or
heating, by varying its frequency components and intensity in the
time sequence. A narrow sympathetic cooling (SC) beam is used
to cool the selected ion pairs. (b) Graphical illustration of the
eight axial normal modes for a chain of N = 8 ions. (c) The
relative population (squared relative amplitudes) of each ion in
each mode. A reflection symmetry over the chain can be
observed. Different colors represent different normal modes as
appearing in (b). A “missing” color for an ion indicates a
vanishing mode population. As can be seen, no single ion can
have large population in all the modes. (d) The relative population
of two adjacent ions (their sum with a further normalization) in
each mode. In this case the pairs (2, 3), (3, 4), (5, 6), and (6, 7)
have a visible population in all the modes.

Our experimental setup is sketched in Fig. 1(a). We use a
four-rod Paul trap with a transverse trap frequency w, =
2m x 1.048 MHz and an axial trap frequency w, = 2z X
81 kHz to hold '7*Yb" ions in a linear configuration. A
broad laser beam covering all the ions is applied at an angle
of 45° from the axial direction for global Doppler cooling,
detection, and heating of the ions. A narrower sympathetic
cooling beam propagates in the opposite direction to
address the desired ions. Both the axial and the transverse
modes can be cooled or heated by these laser beams, but
only the axial oscillations are measured owing to the larger
amplitudes. The discussion about the transverse modes is
placed in Supplemental Material [39] and more details
about the setup can be found in Ref. [22].

The dynamics of an ion chain with ion mass m in a
harmonic trap V(x,y, z) = i m(0?x* + w?y* + w?z?) with
cooling and background heating can be described by the
Heisenberg-Langevin equations [38]

pi==) AL —yipi /278 (1), (1)

J

where i, j = 1, ..., N indicate each ion and & = x, y, z for
each spatial direction, and pf is the time derivative of the

momentum pf of ion i in direction &£ Near the linear
equilibrium configuration the motions for different & are
decoupled. The trapping force and the Coulomb inter-
action are described by the matrix A%, whose elements are
Afi = mw? — (&% /4xe,) Zj;éi(cf/ko,j - ZO,i|3) and Afj =
(e?/4mey)(C4/|z0,; — 20.4*) (i # j), where zg; represents
the equilibrium positions of the ions in the axial direction
and C* =1, C* = -2.

In the second term of Eq. (1), the damping rate y‘f or
cooling rate for an ion under Doppler laser cooling is y, =
—(8hk?/m)(A/T)(s/2/[1 + s + (2A/T)?]?) [2], where k
is the wave number of the cooling laser projected to a
principal axis, I" the spontaneous emission rate, A the
laser detuning, and s the saturation parameter. The last
term describes a random force on the ions. For the ions
being laser cooled, we simply have ({;(#){;(7)) =
8;j6(t = 1) mkgTp, where Tp~hT\/1+s/kg is the
Doppler cooling limit. As for the background heating,
here we follow Ref. [38] to assume independent thermal
baths for individual ions, that is, (;(#){;(7)) =
5;;0(t — ')mkgTy,. Later we will also consider the case
where the background heating is correlated for different
ions. Assuming an environment temperature 7, = 300 K
and a background heating rate xk = 50 mK/ s (about 1000
phonons per second in the transverse mode), the corre-
sponding damping rate is yf =k/Tyy = 1.67 x 10~* Hz
and is negligible compared with y, for the ions being
cooled.

We use the position fluctuation 8z; = \/(6z7) and its
average over the ion chain 6z to quantify the cooling effect
[38], which can be computed analytically from Eq. (1) (see
Supplemental Material [39]). Throughout this Letter, we
use brackets to denote ensemble average of the thermal
baths and use overlines for the average over the chain.
Reference [38] suggests that the effect of sympathetic
cooling may be related to the normal mode population
of the ions being cooled. As we can see in Figs. 1(b)-1(d),
no single ion can have a large population in all the modes,
while combining just two ions gives a much larger
population. Inspired by this observation, as well as the
experimental convenience of using just one narrow cooling
beam, in Fig. 2(a) we consider the sympathetic cooling
using one, two, three, and four adjacent ions and compute
the average position fluctuation for a chain of N = 121
ions. In general, cooling a single ion gives large axial
position fluctuation, while cooling two or more optimized
adjacent ions can result in nearly the same cooling limit as
the global Doppler cooling.

To further showcase the intrinsic correlation between the
sympathetic cooling effect and the normal mode popula-
tion, we define an indicator CPI(;)D(L'), which is the mini-
mum over all the N axial modes for the combined normal
mode population of n adjacent ions centered at ion i. For
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example, CPr(fi)n(i) is the shortest vertical bar for each pair

in Fig. 1(d). Since the total population over all the modes is
normalized, the larger the minimum, the more uniform the
distribution is. As we can see in Fig. 2, the region with high

CP" (i) does coincide with a strong sympathetic cooling

min
effect. We can thus use CPfl'fi)n(i ) as a convenient criterion to
choose the optimal cooling beam location. For this N =
121 ion chain, we thereby choose the ion pair (55, 56) and
compare the axial position fluctuation 6z; for the optimal
sympathetic cooling with that for global Doppler cooling in
Fig. 2(c). The position fluctuation is nearly identical for the
two cases around the center, and even for ions on the edges,
the difference is less than 30%, which indicates efficient
sympathetic cooling using only two out of 121 ions.
Incidentally, here we get a symmetric distribution of 8z;
under an asymmetric cooling configuration. This originates
from the reflection symmetry in the normal modes and the
fact that the energy propagation on the chain is faster than
the cooling and the heating process.

Now we study the multi-ion sympathetic cooling of an
ion chain in the experiment and explore the influence of the
cooling beam location. As shown in Fig. 3(a), we start from
an N = 16 ion chain in the global Doppler cooling limit
and heat it by a global heating beam at about 20 yW for
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FIG. 2. (a) The theoretical cooling limit by cooling one to four
adjacent ions at various positions of an N = 121 ion chain with
oy, =2xx5MHz and w,=27x0.05MHz. We set
Yo =26 kHz, Tp =3 mK, x =50 mK/ s, and Ty, = 300 K.
The cooling effect is characterized by the average position
fluctuation &z of all the ions in the axial direction and is further
normalized by that of global Doppler cooling (the black hori-
zontal line). The horizontal axis represents the beam position with
each ion labeled from —(N—-1)/2 to (N—1)/2. (b) Our
simplified criterion CP") for n =1, 2, 3, 4. Higher CP\")
indicates better cooling effects. (c) The axial position fluctuation
0z; of each ion when sympathetically cooling the optimal ion pair
(55,56) (SC) using the criteria of (b) and the corresponding curve
for global Doppler cooling (GC). The red dash-dotted line shows
their ratio.

5 ms. Then we turn on a 30 nW sympathetic cooling beam
at various positions for various duration and finally detect
the fluorescence of the ions to fit the FWHMs of a
multipeak Gaussian function. Under a fixed imaging
system, the fitted width (which we also denote as 6z;)
will be positively correlated to the axial position fluctuation
and thus can reflect the temperature of the ions. The
measured evolution of 6z(¢) is shown in Fig. 3(b) for
two ions on the edge, in (c) for the optimal location, and in
(d) for two ions at the center. Since the ion separation is
not uniform over the chain, we carefully calibrate the
cooling beam profile to keep the laser intensity identical on
different ion pairs for a fair comparison (see Supplemental
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FIG. 3. (a) The experimental sequence to measure sympathetic

cooling dynamics. (b)—(d) The cooling dynamics for three cool-
ing ion pairs: (b) ions 1 and 2 on the edge, (c) the optimal ions 6
and 7, (d) ions 8 and 9 at the center. The image of the whole ion
chain and that for the cooling ion pair are presented in the inset.
Blue dots are the experimental data by repeating the sequence for
300 times and adding up the images together to fit the Gaussian
width. The green dotted line and the orange solid line represent
the sympathetic cooling limit and the global cooling limit,
respectively, measured using the method of Fig. 4(a) with their
widths indicating one standard deviation estimated from five
repetitions. The shaded red region gives the envelope of the
sympathetic cooling dynamics in theory with y, = 8.6 kHz,
Tp =3 mK, x =50 mK/ s, Ty, = 300 K, and an initial temper-
ature of 2.5Tp, and the purple dash-dotted line represents the
theoretical cooling limit. [Not shown for (b) because there after
the initial decay, the theoretical position fluctuation will rise again
and will saturate for a much longer timescale.]
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Material [39]), with a theoretical damping rate y, ~ 8.6 kHz.
As we can see, the predicted optimal cooling configuration
does give the lowest axial position fluctuation even though it
is slightly above the theoretical limit possibly due to the
different definitions of theoretical and experimental oz.
Furthermore, we can extract a relaxation time from the
measured dynamics. Here, the decay process cannot be
explained by a single exponential function because there
exist multiple collective modes with different cooling
effects. Therefore, we define the relaxation time 7 to be
the time when the experimental data falls within 5% from
the initial value to the steady one [measured using the
sequence in Fig. 4(a)]. We hence obtain 7,, = 97.43 ms,
767 = 12.15 ms, and 759 = 19.86 ms for the three cases.
Again, the optimized configuration shows the best cooling
effect.

Next we analyze the steady state properties, or more
accurately the average behavior between 0.5 and 3.5 s as
shown in Fig. 4(a), which is much longer than the typical
cooling dynamics. In (b) and (c), we plot the average axial
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FIG. 4. (a) The experimental sequence to measure the “cooling
limit.” The images for the 300 cycles are added up to Gaussian fit
0z; averaged between 0.5 and 3.5 s. (b) The experimental (red
diamond) cooling limit when cooling different ion pairs (only half
of the cooling pairs are measured owing to the reflection
symmetry) of an N = 16 chain, together with the theoretical
infinite-time limit (blue square) and the short-time average
between 0.5 and 3.5 s (orange circle). Here, we assume that
each ion is heated independently. Error bars represent one
standard deviation measured by 20 repetitions. (c) The same
experimental data with the theoretical results predicted by a
different heating model where only the center-of-mass (COM)
mode is heated. (d) The cooling effect versus the ion number
when cooling the optimal ion pair. The experimental results are
closer to the all-mode model than to the COM model for heating.
(e) The theoretical relaxation time 7 versus the ion number under
three different cooling rates when cooling the optimal ion pair.

position fluctuation 5z when a 50 nW cooling beam is
located on different ion pairs of the N = 16 ion chain (a
theoretical cooling rate yo ~ 11 kHz). In (b) we compare
the experimental data with the theoretical prediction based
on our earlier assumption that different ions are being
heated independently. The predicted steady state 67 is low
when cooling the central ions, but becomes much higher
when cooling the edge and goes outside the range of the
plot. This is because when cooling the edge, some of the
normal modes are not efficiently cooled and thus will reach
a high temperature. However, such heating is in a much
longer timescale and if we compute the theoretical results
between 0.5 and 3.5 s (the short-time average curve in the
plot), we still get similar results as the experiment. In (c) we
consider a different heating model where the random
heating forces on all the ions are identical [e.g., a long-
wavelength electric field noise which mainly heats the
center-of-mass (COM) mode], hence (¢;(1);(7')) = 6(t —
t')mkgTy, for all the ions not being cooled. Since all the
ions have a population of 1/N on the COM mode, a low
sympathetic cooling limit can be reached almost indepen-
dent of the location of the cooling beam. However, the
theoretical results between 0.5 and 3.5 s still agree with the
experiment. In this sense it is difficult to distinguish these
two heating models based on our experimental data.

Finally, we examine the scaling of the sympathetic
cooling effect with respect to the ion number. Here, we
use a 7 nW cooling beam which corresponds to
70~ 3.8 kHz. As we can see in Fig. 4(d), the measured
6z/6zGc, which is inversely related to the sympathetic
cooling effect, increases only slowly with the ion number
when cooling the optimal ion pair in the chain. We also
observe that our experimental results are closer to the
heating model where all the normal modes are heated rather
than just the COM mode. In Fig. 4(e) we further compute
the theoretical relaxation time for this “all-mode” model,
using a similar definition as before by requiring the upper
envelope of the theoretical curve to fall within 5% from the
initial value to the steady one. Here, the relaxation time is
increasing roughly linearly with the ion number, which is
not surprising because the normal mode population on a
fixed number of ions is decreasing as the total ion number
increases. To efficiently cool a large ion crystal in the
future, we will thus need to use more ions for sympathetic
cooling. However, what we show here is that even a tiny
fraction of ions will suffice to efficiently cool the whole
crystal close to the global cooling limit.

To sum up, in this work we demonstrate multi-ion
sympathetic cooling on a long ion chain. We show that,
by cooling a small fraction of the ions at suitably chosen
locations, the whole ion crystal can be cooled efficiently to
near the global Doppler cooling limit. In this experiment we
use one ion species, where, by implementing dual-type
qubits [41], the laser on the cooling ions can have
negligible effects on the internal states of the nearby
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computational ions owing to the large frequency detuning.
In Supplemental Material [39] we also show that the
scheme can be applied in mixed-species ion chains.
Hence in both cases, the sympathetic cooling beam can
be applied during the quantum information processing
tasks to maintain the ion crystal at a low temperature.
Furthermore, our scheme can directly be generalized to 2D
and 3D ion crystals with more complicated mode struc-
tures. It thus provides an important enabling step for the
future large-scale ion trap quantum computing and simu-
lation that requires long runtime.
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