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Superconducting circuits have emerged as a powerful platform of quantum simulation, especially for
emulating the dynamics of quantum many-body systems, because of their tunable interaction, long
coherence time, and high-precision control. Here in experiments, we construct a Bose-Hubbard ladder with
a ladder array of 20 qubits on a 24-qubit superconducting processor. We investigate theoretically and
demonstrate experimentally the dynamics of single- and double-excitation states with distinct behaviors,
indicating the uniqueness of the Bose-Hubbard ladder. We observe the linear propagation of photons in the
single-excitation case, satisfying the Lieb-Robinson bounds. The double-excitation state, initially placed at
the edge, localizes; while placed in the bulk, it splits into two single-excitation modes spreading linearly
toward two boundaries, respectively. Remarkably, these phenomena, studied both theoretically and
numerically as unique properties of the Bose-Hubbard ladder, are represented coherently by pairs of
controllable qubits in experiments. Our results show that collective excitations, as a single mode, are not
free. This work paves the way to simulation of exotic logic particles by subtly encoding physical qubits and

exploration of rich physics by superconducting circuits.
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The dynamics of quantum many-body systems have
attracted a lot of interest in recent years [1]. In addition to
the conventional equilibrium physics, nonequilibrium sys-
tems have abundant unique phenomena, which require new
theoretical and experimental research tools. For a clean
system with a local Hamiltonian, the propagation of
information shows light-cone-like spreading limited by
Lieb-Robinson bounds [2]. Nevertheless, when sufficiently
strong disorder is applied to the systems, the quasiparticles
may be localized. Examples include the Anderson locali-
zation [3] in noninteracting systems, and many-body locali-
zation in interacting systems [4]. In the topological systems,
the localization can also emerge at the edges without
impurities [5-8]. To explore the dynamics of quantum
many-body systems, i.e., quantum simulation [9,10], syn-
thetic quantum systems provide a well-controlled platform,
owing to the ability of precise control of tunable interactions
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and intrinsic dynamical process. Moreover, superconduct-
ing circuits [11,12], as a scalable system for quantum
computation, have been applied to many quantum-
simulation experiments, e.g., digital dynamical simulations
[13,14], many-body localization [15,16], quantum chem-
istry [17,18], topological phases [19-21], and demonstra-
tions of various quantum algorithms [22-27].

The Bose-Hubbard model [28,29], one of the most
prominent models in condensed matter physics, embraces
rich underlying physics of strong correlated systems, and
has been investigated experimentally in optical lattices
[30] and circuit quantum electrodynamics [12,31]. Many
novel dynamical phenomena of the Bose-Hubbard model
have been observed in 1D and 2D systems, such as the
dynamical behaviors of quantum phase transitions between
the superfluid and Mott insulators [32,33], the localization
with disordered local potentials [16], the stabilization of
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Mott insulators [34], and quantum walks [35-37]. Different
from the 1D case, the Bose-Hubbard ladder can show unique
emergent effects, especially, topological effects, which have
been studied both theoretically and experimentally [38—40].
However, the dynamics of the Bose-Hubbard ladder model
are not studied extensively. Thus, we would like to ask
whether there are any special dynamical properties in the
ladder model, which are distinct to the 1D case.

In this Letter, we experimentally demonstrate a Bose-
Hubbard ladder, using 20 qubits on two legs of a 24-qubit
ladder superconducting processor, and investigate the
dynamics of the single- and double-excitation modes. For
the single-excitation case, we find it similar to a 1D chain,
displaying the linear propagation [35-37] limited by Lieb-
Robinson bounds. For the double-excitation case, we
observe the localization of boundary collective excitations,
which is a unique property of the Bose-Hubbard ladder.
However, we find that the double-excitation mode is not
stable in the bulk; instead, it splits into two single-excitation
modes spreading linearly towards both sides, respectively.
These phenomena show that the Bose-Hubbard ladder is not
equivalent to the free-fermion system in the large-U regime,
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which is distinct to the 1D Bose-Hubbard chain. They will
also help us further understand the mechanism and the
nonequilibrium behaviors of strongly correlated many-body
systems. The experimental observation of the distinctions
between bulk and edge depends on that the ladder should be
long enough. Our 20-qubit ladder of superconducting device
satisfies this condition, and the boundary effects can be
clearly identified. Furthermore, our experimental platform
enables us to explore many other interesting topics in
quantum computation and quantum simulations in different
structures of lattices.

Our superconducting circuits, shown schematically in
Fig. 1(a), can be described by the Bose-Hubbard ladder
with a Hamiltonian (A2 = 1)

H= ZJ,U
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Experimental setup. (a) Circuit diagram of the device. There are 24 superconducting transmon qubits (Q14-Q104, Q15-Q108

and Q,-0Q,) constituting a ladder [41-45]. The nearest-neighbor hopping is realized by the capacitive coupling between qubits, and the
negative anharmonicity U of each qubit gives the on-site attractive interaction. The frequency of each qubit is tunable by individual
microwave driving through the flux-bias line. Readout resonators are separated into four groups, and the resonators in each group share a
microwave transmission line for multiplexed readout. More experimental details of our system are presented in the Supplemental
Material [46]. In our experiments, the middle 20 qubits (Q14-O104, Q15-Q10p) are biased to the working frequency 4.8 GHz. The other
four qubits (Q,-Q,) are always idled with frequencies 3.5, < 3.5, 5.4, and < 3 GHz, respectively. Thus, Q,-Q, are far away from the
working frequency, and thus, a 20-qubit ladder is employed. (b) The image of the corresponding Bose-Hubbard ladder with 6 rungs. The
red ball represents the photon (the excitation of the qubit), which can tunnel to the nearest-neighbor sites (red arrows). We label two

qubits, which share the same rung (black box), as a unit cell C;.
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where j denotes the number of rung, v = A/B denotes the
leg A/B, a (alb) is the bosonic creation (annihilation)
operator, i, =a Jya v is the
tunable local field strength, set to be the same during the
quench dynamics, U is the on-site interaction, J;, is
the nearest-neighbor coupling strength of the leg v, and
J g 1s the coupling strength of two qubits at the rung ;.
The excitation in the superconducting qubit can be regarded
as a photon in the microwave regime [16,35]. For conven-
ience, we regard two sites, which share the same rung, i.e.,
Qja and Q p, as a unit cell labeled as C;, with j =1, ..., 10.
Then, this system can also be taken as a quasi-1D model,
see Fig. 1(b).

In our superconducting circuits, the nearest-neighbor hop-
ping strength J;, /27 ~J;r /27 ~ 12 MHz, and the anhar-
monicity U/2x ~ —230 MHz. Because |U|/J;, ~19 > 1,
two photons can hardly bunch at the same site, indicating that
the photons in this system behave as hard-core bosons.
Therefore, the state of C; can be approximatively expanded
by four basis [00), [01); = ajB|00> 10); = a]A|00>
111); = &IA&IB|00> where |00); is the vacuum state, rep-
resenting that there is no photon at C;;. Here, we regard |01)j
and [10); as single-excitation states, and |11); as the double-
excitation state. In this case, the nonlinear term of H in Eq. (1)
vanishes, and the system reduces to a single-particle problem.
Thus, with J A ~J. iB assumed, we can write an effective
Hamiltonian of H as [46]

is the number operator, 5,

Experimental
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where Elj = (ajs + &jB)/\/Z ]ch = (aj, — &jB)/\/Z J=
(Jja +J;g)/2, and p; = J . Then, we can find that there
are two decoupled free modes in the system. Moreover, note
that with the qubit representation, d}|00),=(|10);+(01),)/
V2 and fj-|00>j = (|10); — [01);)/v/2 are triplet state and
singlet state, respectively.

First, we investigate the quench dynamics of the system
with single-excitation initial states. During the time evo-
lution, we measure the probability distribution of the
single-excitation state, P = P?l + le.o, by simultaneous
single-shot readouts of two qubits at C;, where P}' and P}°
are the probabilities of single-excitation states [01); and
10); of C;, respectively. In Figs. 2(a) and 2(b), we prepare
a single-excitation state |10), localized at the left edge (C)
and |10)4 at the central of the bulk (Cg), by exciting the
corresponding qubits after the system’s initialization.
In Fig. 2(c), we prepare a state [10); ® |01),, with two

single excitations localized at both edges (C; and Cj).
For these three cases, we observe the linear propagation of
single excitations. In Figs. 2(d)-2(f), we compare the
corresponding ideally theoretical predictions with exper-
imental data in Figs. 2(a)-2(c). The experimental results
agree well with the theoretical predictions.
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FIG. 2. Time evolutions of single-excitation states up to 100 ns. Time evolutions of the probability distributions of single excitations
P¢ starting with one initial single-excitation state [10); and |10)4 at (a) the leftmost cell C; and (b) the central cell Ce, and the states
[10);, ® |01),, of two initial single excitations at (c) C; and C}, respectively, are shown. For (b), C| is at the idle frequency to be turned
off to make Cg central. (d)—(f) are for the corresponding numerical results for comparisons with (a)—(c). In the numerical simulation,
decoherence is not considered, and the experimental parameters are used. (g) Time evolutions of the probability distributions of (a) for
C,—Cg. The scattering points are experimental data, while the solid curves are for the corresponding Gaussian fitting analysis. (h) The
linear fitting analysis of (g) between the time of the first peak of the probability distribution and the cell distance. The experimental data
(blue cross) are obtained from the Gaussian fitting curves, While the theoretical ones (orange stars) are obtained from the numerical

results. We calculate the experimental group velocity as v

= 112.4 cells/ps, and theoretic one as v;" = 123.5 cells/ps.
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In the single-particle representation, the effective Hami-
Itonian in Eq. (2) describes two decoupled 1D free hardcore-
boson systems. These two free modes are both linear
combinations of two single-excitation states, corresponding
to the Bell states of two qubits. Hence, the propagation of
a single excitation is linear and limited by the Lieb-
Robinson bounds [2] with the maximal group speed vg'™ =
145.9 cells/us [46,47], see Fig. 2(g). To extract the group
propagation velocity v, of the single excitation, we use the
linear fitting between the time of the first probability peak and
the cell distance, as shown in Fig. 2(h). The experimental
group velocity is ng = 112.4 cells/us, and the theoretical
one is ug}‘ = 123.5 cells/us by using device parameters,
between which the difference may result from unbalanced
qubits’ frequencies during the experiments.

Then, we study the dynamics of double excitations,
starting with only one double-excitation initial state [11);
at C; after system initialization. In Figs. 3(a) and 3(b),
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FIG. 3. Time evolutions of double-excitation states up to
100 ns. Time evolutions of the probability distributions of double
excitations Pj' with initial double-excitation states |11); and
|11)¢ at: (a),(b) C; and (c),(d) Cg, respectively, are plotted. In (a)
and (c), experimental results are shown; in (b) and (d), corre-
sponding numerical results are shown. Similarly, C is at the idle
frequency to be turned off for the central localized initial state in
(c),(d). The (e) experimental and (f) theoretical evolutions of the
probability distributions of single excitations P} for the central
localized initial state in (c),(d) are shown, respectively.

theoretical and experimental evolutions of the probability
distributions of double-excitation states P} for qubit-qubit
unit cells are shown, where the initial double-excitation state
is localized at the leftmost cell (C;). By analyzing the
distributions P}', we can find that the evolution of the
double-excitation state displays boundary localization, which
is quite distinct from the case of the single-excitation states.
When the initial double-excitation state is in the bulk, e.g.,
at the central cell (Cy) as shown in Figs. 3(c) and 3(d), we can
observe no localization. Instead, this double-excitation state
splits into two independent single-excitation modes, spread-
ing linearly toward two edges, respectively, see Figs. 3(e)
and 3(f), which shows photons’ antibunching.

In our system, since the large-U condition is satisfied, the
photons can exhibit fermionization and behave like free
fermions, implying negligible double occupancy at a single
qubit. However, the edge localization of the double-excitation
state cannot be described by free fermions [46]. In contrast
to the single-excitation case, the dynamics of the double-
excitation states cannot be described by the single-particle
representation, and the correlation of two modes neglected
in Eq. (2) should be considered. In fact, in the large-U limit,
the Bose-Hubbard model more likely conforms to the XX
spin systems. In the Supplemental Material [46], we present
a phenomenological interpretation of the double-excitation
dynamics in the perspective of the XX spin ladder.

Then, to see how the on-site interaction strength
U affects the edge state localization, we present in
Fig. 4 the numerical results of the dynamics of the ideal
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FIG. 4. Numerical results of time evolutions up to 100 ns of the
double-excitation states of 7 cells for different regimes of
interaction strength with initial double-excitation states at Cj.
Here, we choose J/2z =12 MHz, and U/J =1, 5, 10, 20,
respectively.
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Bose-Hubbard ladder (J;4 = J ;3 = J ;g = J) for different
regimes of interaction strength. We find that the edge
localization of double-excitation states can only exist in the
large-U regime. The edge localization disappears in the
small-U regime, because of large probabilities of bosons’
bunching at the same sites [46], which can further show that
the edge localization results from the interactions.

In addition, we study the correlation functions of the
ground states of the XX spin ladder by the density matrix
renormalization group (DMRG) methods [46]. The simu-
lation results clearly reveal that for the double excitations,
their edge correlations decay much faster than that of the
bulk, and this different scaling behavior shows that the
ground state also has the similar boundary effects. This is a
phenomenon, absent from free-fermion systems but rooted
in the interaction effect, and our 20-qubit experimental
system can really capture it.

In conclusion, we have theoretically and experimentally
studied the quench dynamics of the Bose-Hubbard ladder on
the superconducting circuits. Benefiting from the precise
control and readout of a 24-qubit superconducting quantum
processor, we directly observe (i) the linear propagation of
single excitations, (ii) the localization of the edge double
excitations, and (iii) the instability of bulk double excitations
with a 20-qubit ladder. Our experiments show that collective
excitations are not free on the Bose-Hubbard ladder, which
cannot be described in the single-particle picture. Our results
may be useful for further studies on the statistical properties
of particles in strongly correlated systems. Moreover, in
addition to recent work on the Bose-Hubbard chains [35],
our platform provides the possibilities for further explora-
tions of the distinctions between chain and ladder models,
e.g., magnon scattering, the scaling of correlation functions,
and entanglement entropies [48—50].
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