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Metasurfaces in a metal-insulator-metal configuration have been widely used in photonics, with

applications ranging from perfect absorption to phase modulation, but why and when such structures can

realize what functionalities are not yet fully understood. Here, we establish a complete phase diagram in

which the optical properties of such systems are fully controlled by two simple parameters (i.e., the intrinsic
and radiation losses), which are, in turn, dictated by the geometrical or material properties of the underlying
structures. Such a phase diagram can greatly facilitate the design of appropriate metasurfaces with tailored

functionalities demonstrated by our experiments and simulations in the terahertz regime. In particular, our

experiments show that, through appropriate structural or material tuning, the device can be switched across

the phase boundaries yielding dramatic changes in optical responses. Our discoveries lay a solid basis for

realizing functional and tunable photonic devices with such structures.
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Metasurfaces in a metal-insulator-metal (MIM) configu-
ration have attracted much attention recently [1-20]. A
diversified set of wave-manipulation effects were realized
with such systems, including polarization control [2-4],
reflection-phase modulation [5-7], perfect absorption
[8-11], anomalous light reflection [1,12,13], focusing
[14,15], and holograms [16]. It is intriguing that MIM
metasurfaces can behave distinctly under slight structural
tuning and, thus, realize such diversified applications.
However, although simulations can well reproduce the
discovered phenomena [2-16], the inherent physics under-
lying these distinct effects remains obscure. In particular,
why and with what parameters can these MIM metasur-
faces exhibit certain functionalities are still not fully
understood, despite some initial attempts [17-20].

Here we provide a general guidance for designing MIM
metasurfaces with tailored functionalities. We employ the
coupled-mode theory (CMT) [21-23] to derive a generic
phase diagram in which the functionality of a MIM
metasurface is governed by two simple parameters, which
are, in turn, linked with the system’s structural or material
details through two relationships that can be derived
analytically under certain conditions. The derived formulas
guide us to experimentally realize a series of terahertz
(THz) metasurfaces with distinct (yet well-controlled)
functionalities. In particular, functional phase transitions
are experimentally demonstrated via tuning the structural or
material parameters of the metasurfaces, again assisted by
the phase diagram and the analytical relationships. Our
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results not only set up a platform to understand the most
recent results on MIM metasurfaces [3-16], but more
importantly, they also provide a powerful tool to guide
the future design and realization of functional or tunable
metadevices with unusual properties.

As schematically depicted in Fig. 1(a), a MIM system
typically consists of an array of metallic subwavelength
resonators and a continuous metallic film separated by a
thin dielectric spacer. The metallic film prohibits any
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FIG. 1 (color online). Schematics of (a) the MIM system and
(b) the single-port resonator model in CMT. Phase diagrams of (c)
the on-resonance absorption A and (d) the span of reflection
phase A¢ versus Q, and Q,, calculated with CMT for the single-
port model shown in (b).
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transmission through the system so that only the reflection
of the device needs to be considered. Near-field coupling
between two metallic layers can form a series of resonances
at frequencies dictated by the geometrical details, each
with induced currents flowing in opposite directions on
two metallic layers [24]. When these resonances are well
separated in frequency (i.e., the peak width of each mode
is much less than the intermode frequency difference),
a MIM structure can be well described by a one-port
single-mode resonator model as schematically depicted in
Fig. 1(b), at frequencies around a particular resonance (@y)).
According to the CMT [21-23], the (complex) reflection
coefficient r of such model is

2/,
—i(w—wy) + 1/, + 1/7,” (1)

where 7, and 7, denote the lifetimes of the resonance due to
absorption inside the structure and radiation to the far field,
respectively. We define two dimensionless parameters
Q, = wyt,/2 and Q, = wyr,/2 describing, respectively,
the absorptive and radiative quality factors of the system.

Equation (1) shows that the physical property of the
model is fully determined by Q, and Q,. A simple
calculation reveals that most recently reported behaviors
of MIM structures [3-16] can be easily reproduced by
tuning these two parameters. Figure 1(c) depicts how the
absorbance of our model at its resonance frequency
calculated by A =1—|r|> varies against Q, and Q,.
While perfect absorption A = 1 happens when Q, = Q,
(see, also, Refs. [25,26]), the absorbance decreases sig-
nificantly as it leaves this phase boundary. However, the
difference between the two regions separated by this phase
boundary cannot be clearly seen from the |r|* spectra alone.
Instead, these two regions can only be distinguished by
checking the variation range A¢ of the reflection phase (¢)
in the interested frequency domain. As shown in
Fig. 1(d), in the Q, > Q, region where the resonator is
underdamped with weak intrinsic absorption, A¢ can cover
the full 360° range with ¢ undergoing a continuous —180°
to 180° variation as frequency passes through the reso-
nance. On the contrary, in the Q, < Q, region where the
resonator becomes overdamped, the variation of ¢ only
occupies a small range less than 180°. In particular, the
involved resonance exhibits a “magnetic” (‘“electric”)
feature in the Q, > O, (Q, < Q,) case since we have
¢ = 0° (¢ = 180°) at @ = wy. Therefore, the competitions
between two Q factors endow the MIM structures a variety
of physical properties suitable for different applications.
For instance, while a device located in the Q, > Q, region
can realize phase-modulation-related effects [2-7,12-16]
including polarization control and anomalous reflection, a
system with O, = Q, just behaves as a perfect absorber
[8—11], and a resonator located in the Q, < Q, region is a
simple electric reflector. More details of the model analyses
are presented in Ref. [27].

r=-—1+

Having understood the crucial roles of Q, and Q, in
determining the functionality of a MIM metasurface, we
derive two analytical formulas to link Q, and Q, with the
structure details of MIM systems with the simplest lateral
geometry. Such relationships can help design MIM meta-
surfaces with tailored functionalities. The schematics of our
MIM system is shown in the inset of Fig. 2(a), where the top
metallic layer consists of air slits (with widths a) arranged
with a periodicity d. The thicknesses of the metallic and
dielectric layers are 4, and &, respectively. The scattering
properties of such a model system under the illumination of
a normally incident plane wave with E||X can be rigorously
studied using the mode-expansion theory (MET) [28,29].
For structures under subwavelength (d < 1, h < 4) and
thin-slit (¢ < d) conditions, a simple analytical formula
can be derived for the radiation Q factor [27]:

1 sin?(mna/d)

Qr:m — F(m (mma/d)?* ’

(2)
where T'(m) = ek3[(2mx/d)* + ek3]/[(2mn/d)* — ek3)? is
a dimensionless parameter to weight the contribution of
the mth mode inside the cavity, ¢ is the permittivity of the
spacer, and sin?(mza/d)/(mna/d)* describes the coupling
between the external field and the mth internal mode.
Equation (2) is obtained by rigorously calculating Q, as
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FIG. 2 (color online). (a) Q, and Q, for a series of metasurfaces
(see inset for system geometry) with varying s obtained by
analytical calculations (lines) based on Egs. (2) and (3) or retrieved
from FDTD-simulated spectra (open symbols) and from
experimental results (solid symbols). Other geometrical
parameters of these metasurfaces are fixed as a = 20 um,
d =100 ym, h,, = 0.05 um. (b) Replot of the results displayed
in (a) into a Q, — Q, phase diagram, where the Q, = Q,, line
separates the overdamped region (blue) and the underdamped
region (orange). Inset shows an optical image of the sample with
h =8 um. Spectra of (c) reflectance and (d) reflection phase
of four typical samples with / given in the legend of (c) obtained by
THz TDS measurements (symbols) and FDTD simulations (lines).
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the ratio of the total energy stored inside the resonator to the
energy radiated outside the resonator per time-oscillation
cycle based on the field distribution calculated by the
MET [27]. Note that we have purposely assumed that both
metals and dielectrics are lossless when deriving Eq. (2),
since absorptions are explicitly considered when calculating
another parameter Q.

We now consider Q,, which is defined as the ratio
between the total energy U stored inside the cavity and the
energy absorbed by the dielectric spacer P,; and by the
metals P,,, during a time-oscillation circle. While an
analytical expression of Q, can also be derived based on
the MET [27], here we present a simple and intuitive
derivation assuming that the field distributes uniformly
inside the cavity. Obviously, U is proportional to the
total volume of the cavity and, thus, U « Re(e) x hd.
Meanwhile, P, is proportional to Im(e)wy X hd since
the absorption happens everywhere inside the dielectric
medium where Im(¢) is nonzero. Finally, considering the
exponential decay of the electric field inside a metal layer
E ~ e /% with 6 = \/2/uywyo,, being the skin depth, we
find that metallic absorption is proportional to the effective
field-decaying length H(5) = &(1 — e~>'/%). Collecting
all these considerations, we finally have

o U Re(e)hd
~ P,+ P, alm(e)hd + p(2d — a)H(5)’

Q. (3)
where a and f are two parameters to define the relative
contributions from the dielectric and metallic media, respec-
tively. Interestingly, Eq. (3) can be derived from the rigorous
MET, with expressions of « and f explicitly given [27].

With Egs. (2) and (3) at hand, we can effectively “tune”
the location of our metasurface in the generic phase
diagram [Figs. 1(c) and 1(d)] through varying certain
geometrical or material parameters of the metasurface.
Consider first the spacer thickness 4. While Q, scales
inversely with respect to / [Eq. (2)], which can be attributed
to the near-field coupling between two metallic layers, Q,
almost linearly depends on 4 [Eq. (3)]. The distinct A
dependences of two Q factors are clearly shown in
Fig. 2(a), where two lines representing the Q, ~h and
Q. ~ h relations intersect at a critical point (k. = 7.5 um).
Combining Figs. 2(a) and 1, we immediately understand
that decreasing & can drive the system to transit from the
underdamped region (Q, > Q,) to the overdamped one
(O, > Q,), which is more explicitly illustrated in Fig. 2(b).
Noting that the two regions have distinct EM functionalities
[see Figs. 1(c) and 1(d)], we, thus, understand that tuning
h can dramatically change the property of a metasurface,
especially in the vicinity of & ~ h,.

These predictions are verified by our THz experiments
and simulations. We fabricated a series of metasurfaces
with different & following standard optical lithography
procedures [27]. An optical image of a typical sample is
shown in the inset to Fig. 2(b). We next used THz

time-domain spectroscopy (TDS) to measure the spectra
of the reflection amplitude or phase of these samples and
plot the results in Figs. 2(c) and 2(d)[27]. The measured
spectra are in good agreement with finite-difference time-
domain (FDTD) simulations on realistic structures, except
the case of & = 8 ym, which is too close to the phase
boundary and is, thus, sensitive to perturbations. The
distinct behaviors in the phase spectra of different samples
[Fig. 2(d)] already imply a phase transition from under-
damped to overdamped resonance, as / decreases from 11
to 3 um. As a quantitative check, we retrieved the values of
two Q factors by fitting the measured and simulated spectra
of different samples to Eq. (1) [27] and depicted the
obtained results in Figs. 2(a) and 2(b). Such retrieved
values are in reasonable agreement with the model ana-
lytical results. In particular, the crossover between two
functionality regions is clearly seen in Fig. 2(b).

The slit width a is another important parameter to
modify the properties of a MIM structure. The physics
can again be understood using Eqs. (2) and (3). First, we
note from Eq. (2) that Q, only weakly depends on a, which
is verified by the computed Q,~a curve depicted in
Fig. 3(a), for a model with d = 100 ym and & =8 um
fixed. The physics is that near-field coupling (dictated by /)
between two metallic layers plays a much more important
role than the lateral structural parameter in determining Q,
of such double-layer systems. Meanwhile, decreasing a can
increase the contribution of metallic absorption through
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FIG. 3 (color online). (a) Q, and Q,, for a series of metasurfaces
with varying slit width a obtained by analytical calculations
(lines) based on Egs. (2) and (3) or retrieved from FDTD-
simulated spectra (open symbols) and experimental results (solid
symbols). Other geometrical parameters of these metasurfaces are
fixed as & = 8 um, d = 100 ym, h,, = 0.05 ym. (b) Replot of
the results displayed in (a) in a Q, — Q, diagram. Spectra of (c)
reflectance and (d) reflection phase of four typical samples with a
given in the legend of (c) obtained by THz TDS measurements
(symbols) and FDTD simulations (lines).
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increasing the metal occupations in the system and, in turn,
decrease Q, appreciably [see Eq. (3)]. This is verified by
the calculated Q, ~ a curve for the same model [Fig. 3(a)].
The distinct a dependences of the two Q factors creates a
crossover point at a &~ 14 uym. Therefore, a phase transition
can be driven by varying the parameter a, as shown in
Fig. 3(b). These predictions are again verified by our THz
experiments and FDTD simulations for a series of MIM
metasurfaces with a different parameter a [see Figs. 3(c)
and 3(d)]. The retrieved Q factors from the experiment and
FDTD results confirmed the physical picture established
above. We note that the discrepancy between analytical and
FDTD results becomes large as a increases [Figs. 3(a)
and 3(b)], since Egs. (2) and (3) are derived based on the
narrow-slit approximation (a < d). However, the overall
trend and the phase-region crossover are not affected by
such quantitative discrepancies.

Finally, the functionality switching can also be realized
by tuning the loss parameters of the constitutional media. It
is easily expected that increasing the conductivity ¢, of the
dielectric spacer and/or decreasing the conductivity o,, of
the metal can significantly decrease Q, through enhancing
the absorption, but they have relatively minor effects on Q,,
which is predominantly determined by the resonator’s
geometry. Therefore, tuning ¢, and/or ¢,, can dramatically
affect the device’s performances. FDTD simulations were
performed to illustrate how the idea works. As shown in
Fig. 4(a), increasing o, indeed drives the resonator to move
downward in the Q, — Q, phase diagram, and a critical
transition happens as o, equals a particular value.
Meanwhile, a similar loss-driven functionality switching
is shown in Fig. 4(b) for the case with varying o,,, where
the resonator moves upward in the Q, — Q, phase diagram
as o, increases. These results point out the possibility of
making tunable devices based on the MIM metasurfaces.
For example, using semiconductors or liquid crystals as the
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FIG. 4 (color online). (a) Q, and Q, for a series of metasurfaces
with 6, varying from 8 to 50 S/m and with metal assumed
lossless obtained by analytical calculations (circles) based on
Egs. (2) and (3) or retrieved from FDTD-simulated spectra
(squares). (b) Q, and Q, for a series of metasurfaces with o,
varying from 5 x 10* to 2 x 10° S/m and with o, fixed as
0 S/m obtained by analytical calculations (circles) based on
Egs. (2) and (3) or retrieved from FDTD-simulated spectra
(squares). Other parameters are fixed as 7 = 8 ym, a = 20 um,
d =100 ym, h,, = 0.05 ym.

spacer medium, one can tune the loss and/or the dielectric
constant of the spacer via optical pumping or electric gating
[30-33], which can drive the functionality switching of the
MIM device. Alternatively, the conductivity of a graphene
can be significantly tuned via electric gate control [34-37],
which can also be applied to drive the functionality
switching of a MIM system.

Although the above results are for MIM systems with a
simple geometry, the conclusions drawn are valid for more
complex situations. We now take a metasurface with a
cross-shape lateral pattern as an example to explain how
the idea works. As shown in Fig. 5(a), d, [, and w denote the
array period, bar length, and bar width, respectively. The
role of these parameters can be understood by mapping
the present structure to the stripe case studied above.
Obviously, & plays the same role as in previous cases,
and the bar length [ is corresponding to (d — a) in the stripe
pattern. However, bar width w does not have a clear
counterpart in the stripe pattern and, thus, has to be studied
separately. It is known that a planar resonator with thinner
wires exhibits a higher Q,, and, thus, decreasing w must
enhance Q, of the system. With the roles played by all
three parameters known, we can utilize them to guide us
in designing appropriate complex MIM structures with
desired functionalities. Specifically, to drive a MIM struc-
ture from the overdamped region to the underdamped
region, one needs to reduce the Q, factor through increas-
ing h and/or w and enhance the Q, factor through
increasing 7 and/or decreasing .
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FIG. 5 (color online). (a) Optical images of three fabricated
metallic cross-shaped samples (labeled as S1, S2, and S3) with
geometrical parameters given in units of ym. Bright colored areas
are occupied by Au. (b) Q, and Q, for three metasurfaces
retrieved from FDTD-simulated spectra (open squares) and
retrieved from experimental results (solid symbols). Spectra
of (c) reflectance and (d) reflection phase of three samples
obtained by THz TDS measurements (symbols) and FDTD
simulations (lines).
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This prediction is verified by our THz experiments and
simulations. Figure 5(a) shows the optical pictures of three
typical samples fabricated. Measured spectra of reflection
amplitude and phase [Figs. 5(c) and 5(d)] as well as their
corresponding retrieved Q factors [Fig. 5(b)] verify our
conjecture. In principle, FDTD simulations demonstrate
that smoothly “tuning” the parameters (4, [, and w) of a
MIM structure can continuously change its optical proper-
ties and drive the system from one functionality region to
another [27]. The experimental samples represent three
typical cases, which are a magnetic reflector (sample S3),
a perfect absorber (sample S2), and an electric reflector
(sample S1). Such generic results are useful for many
applications including polarization control [2-4] and holo-
grams [16] which employ anisotropic metasurfaces with
similar lateral structures.

In summary, we combine theory and experiments to
establish a generic phase diagram to understand the diver-
sified functionalities discovered on MIM metasurfaces and
provide practical approaches to tailor the functionalities of
such systems. These generic results can guide people to
design their own MIM metasurfaces with tailored and even
tunable optical responses in different frequency domains.
Our analyses also work in the high-frequency domain [27]
and for complex MIM structures supporting multiple reso-
nances well separated in frequency [27]. However, a naive
application of our theory to transmissive metasurfaces
[38,39] does not work since a two-port single-mode model
does not exhibit similar functionality transitions [27]. These
results are discussed in the Supplemental Material [27] in
order to stimulate future works.
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