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A novel approach based on the projection of the Penning-trap ion motion onto a position-sensitive

detector opens the door to very accurate mass measurements on the ppb level even for short-lived nuclides

with half-lives well below a second. In addition to the accuracy boost, the new method provides a superior

resolving power by which low-lying isomeric states with excitation energy on the 10-keV level can be

easily separated from the ground state. A measurement of the mass difference of 130Xe and 129Xe has

demonstrated the great potential of the new approach.
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Investigating atomic nuclei and exploring the borders of
their existence, nuclear physics has pushed from the valley
of stability to the still largely unexplored regions of rare
and very short-lived nuclides close to the drip lines and
in the region of superheavy elements [1]. One of the most
basic properties and a sensitive indicator of nuclear struc-
ture is the atomic mass comprising all atomic and nuclear
forces. The studies of more and more rare and shorter-lived
nuclides require ever faster mass measurements.

At present, three complementary techniques are applied
in precision mass measurements of short-lived nuclides:
Schottky and isochronousmass spectrometry in storage rings
[2], and Penning-trap mass spectrometry (PT-MS) [3,4].
Schottky mass spectrometry allows mass measurements of
nuclides with half-lives down to several seconds with an
uncertainty of a few tens keV. In contrast, isochronous mass
spectrometry provides access to very short-lived nuclides
with half-lives in the microsecond range [2]. However, its
typical uncertainty of about 100 keV is not sufficient for
detailed nuclear structure investigations. As soon as masses
with uncertainties of only a few keV are demanded for
nuclides with half-lives below a second, Penning-trap mass
spectrometry becomes the method of choice.

The era of high-precision Penning-trap mass measure-
ments on short-lived nuclides began with the time-of-flight
ion-cyclotron-resonance (TOF-ICR) technique [5,6] intro-
duced at the first Penning-trap mass spectrometer for short-
lived nuclides ISOLTRAP [7]. For masses of nuclides with
half-lives down to about a second TOF-ICR MS reaches a
relative uncertainty of a few parts in 108 and provides a
resolving power of up to 106.

However, it is difficult to achieve such a low uncertainty
for nuclides with very short half-lives often faced in the

‘‘terra incognita’’ in the chart of nuclides. Thus, faster mass
measurement techniques have been developed. The Ramsey
TOF-ICR technique, suggested 20 years ago [8], has recently
shown to provide a threefold gain in precision [9–11].
Nevertheless, for singly charged ions of medium-heavy

nuclides with half-lives of about 100 ms the mass resolu-
tion does not exceed 1 MeV=c2. This is often not even
sufficient to separate nuclear isobars. Other approaches
include the production of highly charged ions (see, e.g.,
Ref. [12]), which requires an additional step of ion-charge
breeding, and the replacement of the quadrupolar by an
octupolar excitation field [13,14], which increases the
resolving power by up to a factor of ten, but does not
seem to improve the precision as compared to the
Ramsey TOF-ICR technique [15].
In this Letter we present a novel approach to mass

measurements on very short-lived nuclides which is 25
times faster and provides a 40-fold increased resolving
power compared to the Ramsey TOF-ICR technique. The
new phase-imaging ion-cyclotron-resonance (PI-ICR)
technique is based on the determination of the cyclotron
frequency �c ¼ qB=ð2�mÞ (of ion of charge q and massm
in a magnetic field B) via the projection of the ion motion
in the trap onto a high-resolution position-sensitive micro-
channel plate (MCP) detector. The use of such a detector to
monitor the ion motion is the most novel aspect of this
work. It was implemented at the SHIPTRAP Penning-trap
mass spectrometer [16] and compared with the Ramsey
TOF-ICR method by determining the mass difference
between 130Xe and 129Xe. The mass difference of these
stable xenon isotopes is known with a very low uncertainty
(about 10 eV [17]) and thus provides a benchmark for the
present measurement.
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A detailed description of the part of SHIPTRAP used
for this measurement can be found, e.g., in Ref. [18]. The
setup is schematically presented in Fig. 1. Singly charged
ions of 129Xe and 130Xe produced with an electron-impact
ion source were injected into the preparation trap,
where the radial motions of the ions were cooled via
mass-selective buffer-gas cooling [19]. After cooling, the
ions were transferred to the measurement trap for the
determination of �c. Similar to the TOF-ICR technique,
the cyclotron frequency of the ion is determined as the sum
of the magnetron �� and modified cyclotron �þ frequen-
cies, i.e., �c ¼ �� þ �þ [20,21].

�� and �þ are determined via independent measure-
ments. Since the corresponding measurement schemes are
similar, the subscripts (�) and (þ) which relate various
parameters to the magnetron and cyclotron motion, respec-
tively, are used only when these motions must be distin-
guished. Otherwise, the subscripts are in the following
omitted and both motions are called ‘‘radial motion.’’ All
quantitative examples are given for singly charged ions of
mass 130u. The principle of the radial-motion-frequency
measurement is presented in Fig. 2. The FWHM width of
the spatial distribution 2�R of ions after transfer to the
measurement trap (position 1 in Fig. 2) is defined by the
cooling of the radial motions in the preparation trap and is
on the order of a few tens of micrometers. By applying a
dipolar rf field with a certain initial phase at the radial-
motion frequency the ion can be prepared on an average
radius R (position 2 in Fig. 2). After free evolution for a
time t, the ion radial motion accumulates a total phase of
�þ 2�n ¼ 2��t (position 3 in Fig. 2). � is the polar
angle between position 2 and 3 of the ion, n is the number
of the full revolutions the ion performs in the time t and � is
the frequency of the radial motion. Positions 1, 2, and 3 are
called in this manuscript the center, the reference phase
and the final phase of the radial motion, respectively.

The frequency of the radial motion and the uncer-
tainty of its determination can be calculated according to
(see Fig. 2)

� ¼ �þ 2�n

2�t
; �� ¼ �k

2�t
ffiffiffiffiffiffiffiffiffiffiffiffiffiffi

1� k2
p ; (1)

where � ¼ arccosðkÞ for 0 � � � � and � ¼
2�� arccosðkÞ for �<�< 2�, and k ¼ ðb2 þ c2 �
a2Þ=ð2bcÞ. a, b, and c are the distances as defined in
Fig. 2. Thus, the determination of the radial-motion
frequency consists of the determination of the angle �
for a chosen phase accumulation time t. Although, k yields
two values for the angle �, in practice the correct value is
easily inferred from the projection figure. A quick mea-
surement of the radial-motion frequency with a moderate
precision by the conventional TOF-ICR technique per-
formed every few days is sufficient due to a high temporal
stability of the magnetic field and trap electric potentials to
determine the number of full revolutions n which the ion
performs in the time t.
In order to measure the accumulated phase, the ion’s

radial motion is projected onto a position-sensitive detector
(a delayline MCP detector) located on the axis of the
measurement trap outside of the strong magnetic field, as
described earlier [22]. The ideal projection preserves the
value of �.
In order to determine the angle �, the coordinates of the

center, reference phase, and final phase on the detector for
each radial motion have to be measured. Since the coor-
dinates of the center and the reference phase are constant in
contrast to those of the final phase, it is sufficient to
measure them just once a day. Thus, the determination of
the cyclotron frequency �c reduces to the measurements of
the final phases for the magnetron and cyclotron motions.

FIG. 1 (color online). Schematic of the setup used for the
measurement of the mass difference between 130Xe and 129Xe.

FIG. 2 (color online). Top: Principle of the measurement of the
radial motions in a Penning trap (see text for details). Bottom:
Experimentally recorded projection of the position of 130Xeþ
ions for several phases of the magnetron motion with radius of
approximately 0.5 mm in the measurement trap of SHIPTRAP.
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Excitation-pulse schemes for the measurement of the
magnetron and the modified cyclotron frequencies are
presented in Fig. 3 (left) and Fig. 3 (right), respectively:
First, an ion of interest is transferred from the preparation
trap to the measurement trap (step 1) with a subsequent
dipolar excitation of the radial motion (step 2). Then, the
ion spends the time t in the measurement trap accumulating
the phase �þ 2�n. After that, the ion is ejected from the
measurement trap and its radial position is projected onto
the position-sensitive detector. An intermediate step is
performed for the measurement of the modified cyclotron
frequency �þ. Before extraction the fast cyclotron motion
is converted into the slow magnetron motion via a quad-
rupolar � pulse at the cyclotron frequency �c. A direct
projection of the cyclotron motion would result in its
substantial smearing on the detector due to the time-of-
flight distribution of the ions between the measurement
trap and detector. The measurement cycles for the magne-
tron and modified cyclotron frequencies are performed
alternately many times until sufficient ion events are
acquired in order to determine the ion’s cyclotron fre-
quency �c with the precision aimed at.

The new PI-ICR technique exhibits a substantial gain in
precision and resolving power for the determination of an
ion’s cyclotron frequency as compared to the ToF-ICR
method. In order to estimate the maximal gain in pre-
cision Eq. (1) can be simplified by assuming that b ¼ c,
�R� ¼ �Rþ ¼ �R, R� ¼ Rþ ¼ R and a � R. Then,

��c � 1

�t
ffiffiffiffi

N
p ��R

R
; (2)

where N is the number of ion events acquired during the
measurement of the magnetron and modified cyclotron
frequencies. A comparison with a typical precision
obtained at SHIPTRAP with the Ramsey TOF-ICRmethod
under the same experimental conditions yields that the
expected gain in precision with the PI-ICR technique is
approximately a factor of five.

Since the difference of the magnetron frequencies of two
ionic species is much smaller than that of the modified
cyclotron frequencies, the resolving power of the technique
is defined by the ability to resolve the phase difference

accumulated for time t of the cyclotron motions of two
species

�c

��c
� �þ

��þ
¼ �þ 2�n

��
¼ ��þtRþ

�Rþ
: (3)

For a phase-accumulation time t of 100 ms, a typical
radius Rþ ¼ 1 mm, a frequency �þ ¼ 800 kHz, and an
estimated FWHM width of the spatial distribution of the
cooled ions 2�Rþ ¼ 100 �m, the resolving power is
approximately 5� 106, which exceeds that of the TOF-
ICR technique �c=��c ¼ 1:6�ct ¼ 1:3� 105 by a factor
of 40 under similar conditions. Note that in contrast to the
TOF-ICR method the resolving power of the new tech-
nique is not only given by t, but is also a function of the
ratio Rþ=�Rþ and thus can be further increased either by
using a larger radius or by reducing the radial spread. �Rþ
can be decreased by cooling the buffer gas in the prepara-
tion trap, e.g., from room temperature to liquid nitrogen
temperature as already demonstrated at TRIGATRAP [23].
The PI-ICR technique with the phase-accumulation

time of 200 ms and the Ramsey TOF-ICR method with
two-pulse pattern 10 ms-180 ms-10 ms were employed to
determine the mass difference between Xe isotopes 130Xe
and 129Xe by the measurement of the cyclotron-frequency
ratio r ¼ �cð129XeþÞ=�cð130XeþÞ of singly charged ions
of 129Xeþ and 130Xeþ. �c of 130Xeþ and 129Xeþ were
measured alternately with both methods. Each single
measurement lasted about 5 min accumulating about
800 ions. During the measurement with the PI-ICR tech-
nique the center and the reference position of the ions on
the detector were measured once before the experiment.
Each single measurement of �c consisted of an alternating
series of �� and �þ measurements (see description of the
method above). The acquired number of ions were equally
distributed between the magnetron and modified cyclotron
frequency measurements. A set of projection figures
belonging to the same measurement of �c are shown in
Fig. 4 (left). The average x and y coordinates of the phase
spots on the detector were determined by fitting a Gaussian
to the NðxÞ and NðyÞ projections, respectively. On the right
panel of Fig. 4 such projections are shown for the final
phase of the modified-cyclotron-motion projection figure.

FIG. 3. Excitation pulse scheme for the measurement of the magnetron (left) and modified cyclotron (right) frequencies. For details
see text.
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From three consecutively measured cyclotron frequen-
cies at times t1, t2, and t3, a ratio r obtained at time t2 can
be linearly interpolated from the frequencies measured at
t1 and t3 to time t2. The final ratio is the weighted mean of
16 such single frequency ratios (Fig. 5). The total mea-
surement time with each method did not exceed three
hours. The nonlinear drift of the magnetic field between
two successive frequency measurements was negligible

[24] and thus was not taken into account. Systematic errors
associated with the projection of the ion’s motion onto
the detector were negligible on the level of the obtained
uncertainty.
The final frequency ratios obtained with the PI-ICR and

Ramsey ToF-ICR techniques are 1.007 747 831 6(20) and
1.007 747 838 9(73), respectively.
Using the frequency ratios, the mass difference

�MSHIPTRAP ¼ Mð130XeþÞ - Mð129XeþÞ was calcu-
lated and compared with the mass difference �MFSU deter-
mined by the FSU group in a cryogenic Penning trap with
highly charged ions resulting in �MFSU - �MSHIPTRAP

180(240) eV for the PI-ICR and �690 880 eVð Þ for the
Ramsey TOF-ICR technique. Compared to the measure-
ment with the Ramsey ToF-ICR technique, the newmethod
provided a factor of almost four gain in precision thus
reducing the measurement time needed to obtain the
same uncertainty as in the Ramsey method by more than
an order of magnitude.
In conclusion, a novel technique based on the image

detection with a position-sensitive detector is presented for
the first time for measurements of the cyclotron frequency
in a Penning trap. The technique can be employed in
Penning traps for mass measurements of very short lived
nuclides or for high-precision measurements on stable
nuclides. Compared to the presently used TOF-ICR meth-
ods, the new technique offers a 40-fold increase in the
resolving power and fivefold gain for the precision of the
cyclotron-frequency determination.
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[5] G. Gräff, H. Kalinowsky, and J. Traut, Z. Phys. A 297, 35
(1980).

[6] M. König, G. Bollen, H.-J. Kluge, T. Otto, and J. Szerypo,
Int. J. Mass Spectrom. 142, 95 (1995).

[7] G. Bollen et al., Hyperfine Interact. 38, 793 (1987).
[8] G. Bollen, H.-J. Kluge, T. Otto, G. Savard, and H.

Stolzenberg, Nucl. Instrum. Methods Phys. Res., Sect. B
70, 490 (1992).

[9] S. George, K. Blaum, F. Herfurth, A. Herlert, M.
Kretzschmar, S. Nagy, S. Schwarz, L. Schweikhard, and
C. Yazidjian, Int. J. Mass Spectrom. 264, 110 (2007).

[10] S. George et al., Phys. Rev. Lett. 98, 162501 (2007).

FIG. 4 (color online). (left-top) Magnetron and (left-bottom)
modified-cyclotron projection figures of the �c measurement of
130Xeþ. (right) NðxÞ, and NðyÞ projections of the final phase of
the cyclotron motion. The phases were fitted with a Gaussian.

FIG. 5 (color online). Cyclotron-frequency ratios r of 129Xeþ
to 130Xeþ measured in this work with the PI-ICR (blue triangles)
and Ramsey TOF-ICR (red circles) techniques, respectively.
The blue and red shaded bands are the uncertainties of the
final ratios determined with the PI-ICR and Ramsey TOF-ICR
method, respectively. The lower panel is a zoom of the upper
panel.

PRL 110, 082501 (2013) P HY S I CA L R EV I EW LE T T E R S
week ending

22 FEBRUARY 2013

082501-4

http://dx.doi.org/10.1038/nature11188
http://dx.doi.org/10.1038/nature11188
http://dx.doi.org/10.1002/mas.v27:5
http://dx.doi.org/10.1002/mas.v27:5
http://dx.doi.org/10.1016/j.physrep.2005.10.011
http://dx.doi.org/10.1016/j.ijms.2006.01.048
http://dx.doi.org/10.1007/BF01414243
http://dx.doi.org/10.1007/BF01414243
http://dx.doi.org/10.1016/0168-1176(95)04146-C
http://dx.doi.org/10.1007/BF02394875
http://dx.doi.org/10.1016/0168-583X(92)95971-S
http://dx.doi.org/10.1016/0168-583X(92)95971-S
http://dx.doi.org/10.1016/j.ijms.2007.04.003
http://dx.doi.org/10.1103/PhysRevLett.98.162501


[11] M. Kretzschmar, Int. J. Mass Spectrom. 264, 122
(2007).

[12] A. Gallant et al., Phys. Rev. C 85, 044311 (2012).
[13] R. Ringle, G. Bollen, P. Schury, S. Schwarz, and T. Sun,

Int. J. Mass Spectrom. 262, 33 (2007).
[14] S. Eliseev, M. Block, A. Chaudhuri, F. Herfurth, H.-J.

Kluge, A. Martin, C. Rauth, and G. Vorobjev, Int. J. Mass
Spectrom. 262, 45 (2007).

[15] S. Eliseev et al., Phys. Rev. Lett. 107, 152501 (2011).
[16] M. Block et al., Eur. Phys. J. D 45, 39 (2007).
[17] M. Redshaw, B. J. Mount, E. G. Myers, and F. T.

Avignone, Phys. Rev. Lett. 102, 212502(2009).
[18] S. Eliseev, K. Blaum, and Y. Novikov, J. Phys. G 39,

124003 (2012).

[19] G. Savard, St. Becker, G. Bollen, H.-J. Kluge, R. B.
Moore, Th. Otto, L. Schweikhard, H. Stolzenberg, and
U. Wiess, Phys. Lett. A 158, 247 (1991).

[20] L. Brown and G. Gabrielse, Rev. Mod. Phys. 58, 233
(1986).

[21] L. Brown and G. Gabrielse, Int. J. Mass Spectrom. 279,
107 (2009).

[22] G. Eitel et al., Nucl. Instrum. Methods Phys. Res., Sect. A
606, 475 (2009).

[23] J. Ketelaer et al., Nucl. Instrum. Methods Phys. Res., Sect.
A 594, 162 (2008).

[24] C. Droese, M. Block, M. Dworschak, S. Eliseev, E.M.
Ramirez, D. Nesterenko, and L. Schweikhard, Nucl.
Instrum. Methods Phys. Res., Sect. A 632, 157 (2011).

PRL 110, 082501 (2013) P HY S I CA L R EV I EW LE T T E R S
week ending

22 FEBRUARY 2013

082501-5

http://dx.doi.org/10.1016/j.ijms.2007.04.002
http://dx.doi.org/10.1016/j.ijms.2007.04.002
http://dx.doi.org/10.1103/PhysRevC.85.044311
http://dx.doi.org/10.1016/j.ijms.2006.10.009
http://dx.doi.org/10.1016/j.ijms.2006.10.003
http://dx.doi.org/10.1016/j.ijms.2006.10.003
http://dx.doi.org/10.1103/PhysRevLett.107.152501
http://dx.doi.org/10.1140/epjd/e2007-00189-2
http://dx.doi.org/10.1103/PhysRevLett.102.212502
http://dx.doi.org/10.1088/0954-3899/39/12/124003
http://dx.doi.org/10.1088/0954-3899/39/12/124003
http://dx.doi.org/10.1016/0375-9601(91)91008-2
http://dx.doi.org/10.1103/RevModPhys.58.233
http://dx.doi.org/10.1103/RevModPhys.58.233
http://dx.doi.org/10.1016/j.ijms.2008.10.015
http://dx.doi.org/10.1016/j.ijms.2008.10.015
http://dx.doi.org/10.1016/j.nima.2009.04.046
http://dx.doi.org/10.1016/j.nima.2009.04.046
http://dx.doi.org/10.1016/j.nima.2008.06.023
http://dx.doi.org/10.1016/j.nima.2008.06.023
http://dx.doi.org/10.1016/j.nima.2010.12.176
http://dx.doi.org/10.1016/j.nima.2010.12.176

