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Interaction and rheology of vesicle suspensions in confined shear flow
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Dynamics and rheology of a confined suspension of vesicles (a model for red blood
cells) are studied numerically in two dimensions by using an immersed boundary lattice
Boltzmann method. We pay particular attention to the link between the spatiotemporal
organization and the rheology of the suspension. Besides confinement, we analyze the
effect of concentration of the suspension, φ (defined as the area fraction occupied by
the vesicles in the simulation domain), as well as the viscosity contrast λ (defined as the
ratio between the viscosity of the fluid inside the vesicles, ηint, and that of the suspending
fluid, ηext). The hydrodynamic interaction between two vesicles is shown to play a key
role in determining the spatial organization. For λ = 1, the pair of vesicles settles into
an equilibrium state with constant interdistance, which is regulated by the confinement.
The equilibrium interdistance increases with the gap between walls, following a linear
relationship. However, no stable equilibrium interdistance between two tumbling vesicles is
observed for λ = 10. A quite ordered suspension is observed concomitant with the existence
of an equilibrium interdistance between a vesicle pair. However, a disordered suspension
prevails when no pair equilibrium interdistance exists, as occurs for tumbling vesicles. We
then analyze the rheology, focusing on the effective viscosity, denoted as η, as well as
on normalized viscosity, defined as [η] = (η − ηext)/(ηextφ). Ordering of the suspension is
accompanied by a nonmonotonic behavior of [η] with φ, while η exhibits plateaus. The
nonmonotonic behavior of [η] is suppressed when a disordered pattern prevails.
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I. INTRODUCTION

Blood is a dense suspension of red blood cells (RBCs), which account for around 45% of its total
volume. Blood microstructure (RBC shapes and spatiotemporal distribution) strongly depends on
flow conditions, such as local shear rate, flow curvature, and vessel-cell size ratio [1–5]. Rheological
properties of blood are basically governed by RBC dynamics and their mutual interactions, which
are closely related to the mechanical properties of RBCs. These are not yet fully quantified, in part
due to the complexity of the internal structure of the RBCs. RBCs are made of a membrane enclosing
a hemoglobin solution. The membrane is mainly a phospholipid bilayer having a cytoskeleton (a
network of proteins, mostly spectrin) beneath. The bilayer has a very high resistance to dilatation,
rendering the membrane virtually inextensible under practical loads. The cytoskeleton endows RBCs
with resistance to bending and shearing deformations. Two biomimetic systems are widely used as a
simplified model for RBC membrane: vesicles and capsules. The former are made of a phospholipid
bilayer, devoid of cytoskeleton, and thus are inextensible and resist bending deformations but have no
resistance to shear. The latter have an elastic membrane made of polymer networks with finite resis-
tance to bending, shearing, and dilatation. Despite the disparities in structure and composition, these
two systems share several common features with RBCs, such as tank treading and tumbling under
shear flow or slipper and parachute shapes under pressure-driven flow, as discussed in a review [5].

The dynamics of a single deformable particle (RBC, vesicle, capsule) is relatively well understood
thanks to a series of theoretical [6–12], experimental [13–16], and numerical [17–27] studies (see
also reviews [5,28–30]). For example, the typical motions of RBCs in simple shear flow, namely,
tank treading, tumbling, and vacillating breathing (or swinging), have been extensively studied.
Understanding of these dynamics has helped give more insight into rheology of dilute vesicle
[27,31,32] and capsule suspensions [33,34].
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However, in physiological conditions, blood is highly concentrated, with an average hematocrit
of 45% in the human body (in microcirculation, the hematocrit is lower, in the range of 10–20%
[35]). Thus, hydrodynamic interaction among RBCs, as well as the presence of bounding walls,
should be taken into account for a better description of situations which are relevant to blood flow
[27,36]. Semidilute and concentrated suspensions exhibit a diffusion-like process leading to a mixing
of cells [37–39], as well as a formation of a depletion layer (cell-free layer) near vessel walls in
a pressure-driven flow. As a first fundamental question of the collective dynamics, the interaction
between two bodies in simple flow has been considered by several groups [40–43]. For example, a
lateral shift (orthogonal to the flow direction) in trajectories of the particles is observed after they
pass each other in the shear flow, which results in the so-called shear-induced diffusion.

The study of blood rheology in unconfined configurations was of considerable interest in the past
[44,45]. However, the confined geometries have been less studied so far. Recently, several studies
have revealed that the confinement can have a significant influence on the dynamics of a single
deformable particle [46,47] as well as on the rheology of a suspension of vesicles [48–51] in simple
shear flow. Drastic effects are also reported for suspensions of confined rigid particles [52–54].

The goal of this study is to advance the understanding of the basic hydrodynamical mechanisms
that govern the rheology of suspensions in confined geometry, in application to blood rheology.
Since this topic is largely unexplored, our aim is not to tackle complex situations by including all
suspected ingredients, but rather to focus on a simplified model system with the hope of elucidating
basic phenomena. For this purpose, we simplify the problem by considering a suspension of vesicles
and leave the modeling of RBC mechanics to other studies. Furthermore, we focus our study on a
two-dimensional (2D) model. Our recent work has pointed out [51] that when it comes to the rheology
and spatial organization (in the form of a chain of RBCs), the simplified model of a 2D suspension
of vesicles leads to the same basic conclusion as the full three-dimensional (3D) model of RBC
suspension. However, whether the 3D suspension can reveal the formation of a crystalline structure
is an open question. We will here take advantage of the low numerical cost of 2D simulations in
order to study more systematically the rheology of a confined suspension of vesicles. The systematic
3D study will be considered in the future.

We consider a linear shear flow, which provides the simplest form of hydrodynamic forcing
for a confined suspension. The results of this study are thus relevant to in vitro measurements of
blood viscosity. Another potential application is the design of microfluidic devices, for example,
for the diagnosis of blood-related diseases: Several diseases, such as sickle-cell anemia, are as
characterized by an increased stiffness of the RBCs. Our results show that the mechanical properties
of the particles, such as their viscosity contrast, affect the ordering of the suspension, which has a
strong rheological signature. This can serve as a simple diagnostic tool of blood pathologies. Blood
flow in vivo occurs in vessels and is of Poiseuille type. This makes it difficult to apply the present
study to in vivo situations. Nevertheless, some phenomena observed in a linear shear flow are also
expected to manifest themselves in a pressure-driven flow because blood flow close to vessel walls
can be approximated as a linear shear flow.

This paper is a followup of a recent brief report [51]. Here, besides providing an extended
discussion, we present several interesting aspects: (i) the flow field created by a vesicle is analyzed
under close scrutiny and this provides a clear image of the existence of a stationary state of two
confined and tank-treading vesicles. This stationary state is shown to play a key role in the spatial
organization. (ii) We analyze the role of a viscosity contrast and show that even vesicles with very
viscous internal fluid can organize into a regular pattern if confinement is strong enough to induce
tank treading, while for weaker confinements, disorder prevails and the vesicles show tumbling.
(iii) We provide a link between spatial organization and the rheological features of the suspension,
showing that the normalized viscosity as a function of concentration either shows a nonmonotonic
behavior for ordered suspensions or a monotonic behavior (associated with disorder). We find that
the total effective viscosity exhibits plateaus as a function of concentration, which we attribute to
the appearance of order. In some small intervals of concentration, we observe that even the total
viscosity of the suspension decreases with increasing concentration.
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This paper is organized as follows. In Sec. II, we present the method and the model equations.
Section III is dedicated to the validation of the method where we compare the lattice Boltzmann
method (LBM) with the boundary integral method (BIM). In Sec. IV, we present and analyze the
main results of this paper. Section V sums up the results and provides some perspectives.

II. MODEL AND NUMERICAL METHOD

A. Model

The present work is based on simulations of 2D model vesicles by using the lattice Boltzmann
method (LBM) of solving fluid dynamics equations coupled with the immersed boundary (IB)
method for modeling fluid-structure interactions. These methods possess many desirable properties,
such as computational efficiency for suspensions of multiple deformable particles, ease of implemen-
tation, and decent precision. In our recent study [51], most of the results were obtained in 2D by using
the boundary integral method (BIM), whereas IB-LBM was reserved for 3D simulations. Here we
validate our implementation of IB-LBM by comparing its results with BIM for several test problems.

The 2D simplification used here assumes the system to be translationally invariant along one
dimension, which we here choose to coincide with the z axis. With this assumption, the full 3D
behavior of the system can be deduced from the 2D dynamics in the x,y plane. The fluid dynamics
inside or outside the vesicles is governed by the Navier-Stokes equations

∇ · u = 0, (1)

ρ

(
∂u
∂t

+ u · ∇u
)

= −∇p + η{ext,int}∇2u + F, (2)

where u is the fluid velocity, ρ is the fluid density, and η is the fluid viscosity, which we set equal
to ηint or ηext inside and outside of the vesicles, respectively. The force F is applied to the fluid by
the vesicles. A dimensionless parameter λ = ηint/ηext is called viscosity contrast. Several values of
λ are explored in this study but the emphasis is made on two extreme values, 1 and 10, which lead
to tank-treading and tumbling motion, respectively, for weakly confined vesicles (tumbling may be
suppressed in favor of tank treading for sufficiently strong confinement).

Equations (1) and (2) are solved with boundary conditions

ux(X,±W/2) = ±γ̇W/2, uy(X,±W/2) = 0, (3)

where X and Y (used below) are the x and y components of the position vector, respectively, W

is the distance between the walls, and γ̇ is the shear rate. Y = −W/2 and Y = W/2 correspond,
respectively, to the lower and upper walls of the channel. Equations (1) and (2) together with the
boundary conditions (3) impose a simple shear flow with shear rate γ̇ for a simple Newtonian fluid.

The vesicles are represented by closed one-dimensional (1D) contours, which result from a cross
section of the vesicle membranes by the x,y plane. The no-slip boundary conditions at the membrane
imply that the contours are advected with the velocity of the immediately adjacent fluid. The integral
properties of the vesicles, namely surface area, volume, and elastic energy, have to be measured
per length unit along the z direction. Consequently, the surface area and the inner volume of the
vesicle are quantified by, respectively, the length L and the enclosed area s of the contour in the 2D
model. We define the reduced area (2D analog of the reduced volume) as ν = 4πs/L2, where L is
the vesicle perimeter. For a circle, we have ν = 1, whereas ν < 1 for any other shapes. In this study,
we have mainly explored the case ν = 0.7 that provides a biconcave equilibrium shape, although
other values have also been tested as reported below.

The resistance of vesicles to deformations is governed by their elastic energy E, which accounts
for the inextensibility of the membrane and the bending energy,

E =
∮

L

ζdL + 1

2
κ

∮
L

C2dL, (4)
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where ζ is a position-dependent Lagrange multiplier that ensures the inextensibility of the membrane,
κ is the 3D bending modulus, and C is the local curvature of the contour. The integration in Eq. (4)
is taken along the vesicle contour in the 2D model, with dL being the element of arc length on
the contour. As discussed above, the energy (4) is measured per unit length in the z direction.
The membrane force f is calculated as a variational derivative of the energy (4), according to the
following expression in 2D:

δE = −
∮

L

f · δrdL, (5)

where δE is the variation of energy (4) upon the infinitesimal deformation δr of the vesicle contour.
The force density F in Eq. (2) is related to f in Eq. (5) by the following relation:

F(rf ) =
∮

L

f (rm)δ2D(rf − rm)dL(rm), (6)

where rf is a given point in the fluid domain and rm is a point on the membrane. Here δ2D is the 2D
Dirac δ function, as required by the 2D model. The ratio of the viscous stresses due to the imposed
flow and the elastic stresses due to vesicle deformation can be characterized by defining a capillary
number Ca as

Ca = ηextR
3γ̇

κ
, (7)

where R = √
s/π is the characteristic size of the vesicle. Ca is set to 1 in most of our simulations,

but we have also explored other values of Ca (0.1 and 10) without noticing a significant change of
our results, as discussed below.

The set of equations (1)–(6) allows one to calculate the velocity everywhere in the fluid domain
for a given conformation of vesicles and a given distribution of the Lagrange multiplier ζ, which
provides also the velocity at the vesicle contours. The system is closed by imposing the membrane
inextensibility condition, which can be solved for the Lagrange multiplier ζ. We treat the above
model numerically using the IB-LBM.

B. Numerical method

First, we briefly recall for completeness the main steps of the LBM (see Refs. [55–57] for details).
In LBM, a fluid is treated as a cluster of pseudofluid particles. They collide and spread along discrete
directions at each spatial position. The distribution function fi(r,t), the main quantity in LBM, gives
the probability of finding a particle having lattice velocity ci at position r at time t . The so-called
D2Q9 lattice model (9 lattice velocity vectors in 2D) is employed in order to guarantee the isotropy of
the fluid. The time evolution of the distribution function fi(r,t) is governed by the lattice Boltzmann
equation:

fi(r + ci
t,t + 
t) − fi(r,t) = �i + 
tFi, (8)

where 
t is the time step and Fi is a bulk force term to be specified below. Here �i is the collision
operator, for which the Bhatnagar-Gross-Krook (BGK) approximation is often adopted:

�i = − 1

τ

[
fi(r,t) − f

eq

i (r,t)
]
, (9)

where τ is a dimensionless relaxation time, related to the kinematic viscosity of the fluid υ =
1
2c2

s 
t(2τ − 1). Here

cs = 1√
3


x


t
(10)
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is the speed of sound in lattice units for the D2Q9 model. In this paper, we set 
x = 1 and

t = 1 in the LBM units. The viscosity η of the fluid can be varied in the LBM by adopting two
different relaxation times inside and outside the vesicles in the BGK expression (see Ref. [58] for
the implementation of a viscosity contrast). In our simulations, we set τ = 1, yielding υ = 1/6 for
the viscosity in the LBM units. Then a viscosity contrast is created thanks to a different choice of
τ for the fluid inside the vesicle. For example, for viscosity contrast λ = 10 we set τ = 5.5 for the
fluid inside the vesicle.

The equilibrium distribution f
eq

i is obtained from an approximation of the Maxwell distribution
and can be expressed as

f
eq

i = ωiρ

[
1 + 1

c2
s

(ci · u) + 1

2c4
s

(ci · u)2 − 1

2c2
s

(u · u)

]
. (11)

Here Fi is the bulk force term, which can be written as [59]

Fi =
(

1 − 1

2τ

)
ωi

(
ci − u

c2
s

+ ci · u
c4
s

ci

)
· F, (12)

where F is the force density. For the D2Q9 model, the nine lattice velocities ci and weight factors
ωi are ci = (0,0), ωi = 4/9 for i = 0; ci = (cos[i − 1]π/2,sin[i − 1]π/2)
x/
t , ωi = 1/9 for
i = 1,2,3,4; and ci = (cos[2i − 9]π/2,sin[2i − 9]π/2)
x/
t , ωi = 1/36 for i = 5,6,7,8.

The macroscopic quantities can be expressed once the distribution function fi is determined from
Eq. (8). The fluid density is given by

ρ =
∑

i

fi . (13)

The fluid velocity is obtained as [59]

ρu =
∑

i

cifi + 1

2

tF. (14)

The fluid pressure follows from the relation p = c2
s ρ (local equation of state). In the limit of small

Mach and Knudsen numbers, it has been shown, through the Chapman-Enskog expansion, that the
lattice Boltzmann equation recovers the incompressible Navier-Stokes equations (1) and (2) [55].

A vesicle contour is represented by N membrane points. In most of our simulations, we set
N = 150. Each membrane point is connected to its two neighbors with the potential [60,61]

El = 1

2
kl

N∑
i=1

(
li − l0

l0

)2

, (15)

where kl is a springlike constant, which is set as large as possible (0.2 in the LBM units in our
simulations) in order to keep the perimeter of the membrane constant. li is the actual spring length
and l0 is the equilibrium spring length. Equation (15) replaces the strictly inextensible membrane in
Eq. (4) by a weakly extensible one, whose dilatation is strongly penalized by large spring constants
kl. This effectively removes the need to solve a large linear system in order to calculate the Lagrange
multiplier ζ at each membrane point at the price of small deviation of the membrane perimeter
from the prescribed value. A similar penalization technique has been adopted in previous studies on
continuum models of 2D vesicles [32,62]. To maintain the area s of the internal fluid of the vesicle
at a constant value s0, we adopt an additional penalization term in the potential energy [60,61]

Es = 1

2
ks

(
s − s0

s0

)2

, (16)

where ks is a constant chosen as large as possible in order to guarantee a constant enclosed area.
Setting ks = 1000kl in the simulations reduces the area changes to small fluctuations (less than 1%).
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The fact that ks is significantly higher than kl can be partially understood by noting that Eq. (15)
has N terms, while there is only a single term in Eq. (16). Thus Nkl should be comparable with
ks. It turns out that about ks ∼ 6Nkl ∼ 1000kl is required in order to ensure the conservation of the
enclosed area of the vesicles. The value of l0 is set to 0.62 in the LBM grid units. l0 approximately
represents the Lagrangian mesh size, which is ideally chosen around half of the Eulerian grid in the
IB method to avoid numerical “stick” and “leakage”. To account for the fixed reduced area, we also
need to satisfy a relationship between l0 and s0 given by 4πs0/(Nl0)2 = ν.

The bending energy in Eq. (4) is modeled as [60,61]

Eb = 1

2
kb

N∑
i=1

tan2

(
θi

2

)
, (17)

where kb is the bending constant and θi is the supplementary angle between two springs connected
to the membrane point i. It is easy to establish a relation between the bending modulus κ in Eq. (4)
and the bending constant kb in Eq. (17) by considering a circle of radius RC . The bending part of
the energy (4) is equal to κπ/RC , in this case, while Eq. (17) gives Eb = 1

4kbl0π/RC. This yields a
relationship between kb and κ , which reads

κ = 1
4kbl0. (18)

The membrane force on each point at each time step is calculated from the potentials (15)–(17)
by taking the derivative

F = −∂(El + Eb + Es)

∂r
. (19)

This force is coupled to the LBM solver of the fluid flow by using the IB method [46,57,63]. This
method was developed originally by Peskin and has been proven very useful for simulating flexible
membranes in fluid flows [64]. The basic idea is, on the one hand, to spread the force defined at
membrane points (which are off lattice) to nearby fluid points (which are on lattice) and, on the other
hand, to interpolate the velocity from the nearby fluid points to the membrane. The IB method does
not treat the membrane as a sharp interface but as a band where the membrane forces are distributed
thanks to a smeared δ function. Thus, the presence of the membrane is characterized by a bulk
force (the force in the band), which enters the right hand side of the Navier-Stokes equations. The
fluid-structure interaction is materialized thanks to these bulk forces representing the membrane and
entering the Navier-Stokes equations.

The membrane force is spread out thanks to a smeared δ function D2D (to be defined below),
which substitutes the exact δ function δ2D in Eq. (6) as

F(rf ) =
∑
m

D2D(rf − rm)F(rm). (20)

Similarly we interpolate the fluid velocity from the lattice toward the membrane points by using

u(rm) =
∑
f

D2D(rm − rf )u(rf ). (21)

The new position of the membrane is obtained by displacing each point on the membrane by an
amount given by the product of this velocity with a time step.

Usually, the smeared δ function is taken to have the following property:

D2D(r) = φ(rx)φ(ry). (22)
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The choice of the function φ is based on a smoothed three-point discrete δ function [65]:

φ(r)

=

⎧⎪⎪⎨
⎪⎪⎩

17
48 +

√
3π

108 + |r|
4 − r2

4 + 1−2|r|
16

√
−12r2 + 12|r| + 1 −

√
3

12 arcsin
(√

3|r| −
√

3
2

) |r| � 1

55
48 −

√
3π

108 − 13|r|
12 + r2

4 + 2|r|−3
48

√
−12r2 + 36|r| − 23 +

√
3

36 arcsin
(√

3|r| − 3
√

3
2

)
1<|r|<2

0 |r| � 2

,

(23)

where r is expressed in the LBM units.
A numerical contact between a vesicle and another vesicle or a wall can occur in the course of

simulation. A straightforward way to avoid this contact is to refine the resolution of the domain.
However, this comes at a price: The computational time would increase dramatically. As a more prac-
tical solution, a repulsive force is added in our simulations in order to keep the distance between two
interfaces larger than the interpolation range. This force is introduced thanks to a Morse potential [66],

�(d) =
{

De[e2β(d0−d) − 2eβ(d0−d)] d � d0

0 d > d0
, (24)

where the parameters De and β have the value of 0.0001 and 2 in the LBM units, d is the distance
between two membrane points, and d0 denotes the repulsion range, set to two lattice lengths in the
simulations. We must mention that the numerical collision can, in principle, be avoided thanks to this
repulsion. However, this is not always obvious. One drawback is that the real effective radius of the
vesicle is made artificially larger (due to the smeared δ function), and this might be a source of errors,
especially for highly concentrated suspensions. The question of how this problem can be fully circum-
vented without resorting to ad hoc rules is a matter of ongoing debate in the literature. We have tested
IB-LBM results against the BIM, as discussed below, a fact that validates, to some extent, our method.

We report below the effective viscosity of the suspension. It is defined as η = 〈σxy〉/γ̇ , where
σxy is the wall shear stress. The symbol 〈· · · 〉 designates here a double average over the bounding
wall and over time. The shear stress tensor σxy in LBM can be expressed in terms of the distribution
function as [67]

σxy = −
(

1 − 1

2τ

) ∑
i

cixciy

(
fi − f

eq

i

)
, (25)

where cix and ciy are the x and y components of lattice velocity ci respectively.

III. VALIDATION

To validate our method, we compare the results obtained with IB-LBM to those obtained by BIM
for several test cases. In BIM, a continuum model is used to represent the vesicle and discretize
the elastic energy (4). The BIM couples the membrane force to the fluid flow through an integral
equation. The integral equation is obtained using the Green’s function technique applied to the
Stokes equations, which correspond to the limit ρ → 0 of Eqs. (1) and (2) [50].

We simulate a single vesicle in linear shear flow with two bounding walls as shown in Fig. 1(a).
In these tests, the computational domain is 60R × W with periodic boundary conditions along the
x direction. R is chosen as 12
x for the resolution in IB-LBM. Two values of W (5R and 16R)
are used for the examination of tank treading and tumbling motions respectively. The membrane is
represented by N = 150 nodes in IB-LBM, while 128 nodes are used for the membrane in BIM. We
set the Reynolds number as Re = ρR2γ̇ /ηext = 0.002 in IB-LBM, which is small enough to satisfy
the stokes limit (Re = 0). The capillary number Ca is fixed to 1 and the reduced area is set to 0.7 in
the validation tests.
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(a)

(c)

(b)

FIG. 1. Comparison between IB-LBM and BIM. (a) The shape of a tank-treading vesicle in the case of
W = 5R. (b) The y component of the velocity field at the center of the channel (W = 5R). (c) The time
evolution of y component of the velocity field at a given point located at (6R,0) in the case of W = 16R. Time
is rescaled by the tumbling period T , which is found to be equal to 14.5γ̇ −1 for the IB-LBM and 12.4γ̇ −1 for
the BIM.

In Fig. 1(a), we show the shape of a tank-treading vesicle and its orientation with respect to the
flow direction. We do not observe any noticeable difference between IB-LBM and BIM for λ = 1.
However, for λ = 10, the inclination angle in IB-LBM is slightly larger than that in BIM. This
deviation is also reported in Ref. [58]. The reason is attributed to residual inertial effects. Another
possible source of error can stem from the algorithm implementing the viscosity contrast. Indeed,
a value of τ larger than 1 is known to affect the quality of the numerical results [68]. Figure 1(b)
shows the y component of the velocity field in the middle of the channel in the case of W = 5R.
A good agreement between LBM and BIM is achieved. Figure 1(c) displays the evolution of the y

component of the velocity field at a given arbitrary point with coordinate (6R,0) as a function of
time for the case of W = 16R, in which the vesicle exhibits tumbling motion. The velocity obtained
by IB-LBM exhibits the same overall features of flow field produced by a tumbling vesicle, though
it shows a slightly longer period of oscillation compared to the BIM.

Finally, we report the grid convergence in Fig. 2. We consider the same case treated in Fig. 1(a),
but with a higher Reynolds number 0.2, which is used in most of our simulations, providing a quite

(a) (b)

(c)

FIG. 2. Grid convergence. (a) The shape of a tank-treading vesicle. (b) The y component of the velocity
field in the center of the channel. (c) The shear stress along the bottom wall in the presence of the vesicle σxy,

normalized by the shear stress in the absence of the vesicle σxy0.
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reasonable agreement with the BIM (though occasionally we used a much smaller value of Re in
order to test the sensitivity of our results to inertia). Three resolutions (R = 8
x, R = 12
x, and
R = 24
x) are considered. The results show a quite good grid convergence as presented in Fig. 2,
where we report the shape of a tank-treading vesicle, the y component of the velocity field at the
channel center, and the shear stress at the bottom wall.

IV. RESULTS

In this study, we consider a suspension of vesicles sheared between two countermoving rigid
plane walls, which are located at Y = −W/2 and Y = W/2. Periodic boundary conditions are
applied at the two lateral boundaries which are orthogonal to the flow direction. The length of the
computational domain along the flow direction is fixed to 63.7R (800 grid points), with R = 12.55
in the LBM units for the resolution, while the gap is varied in some wide range, to be specified below.
The Reynolds number is set to 0.2. Vesicles in 2D exhibit two types of motion, (i) tank treading and
(ii) tumbling, depending on viscosity contrast and confinement. The former motion is characterized
by stationary shape and orientation of the vesicle, while the latter one corresponds to a periodic
rotation of the direction of the longest axis of the vesicle. We examine two extreme values of the
viscosity contrast: λ = 1, which always leads to tank-treading of vesicles, and λ = 10, which may
lead to either tumbling (weak confinement) or tank treading (strong confinement). We show that the
overall dynamical and rheological features of the suspension depend mainly on whether the vesicles
exhibit tank treading or tumbling, and the precise value of λ does not matter on the qualitative and
even on the quantitative level in many cases. As a test, we examine an intermediate value λ = 5 in
order to show that the equilibrium distance between two vesicles, whenever it exists, is practically
unaffected by the value of λ.

A. Interaction between two tank-treading vesicles

The interaction between two tank-treading vesicles in unbounded shear flow has been investigated
by several groups [40–43]. When two vesicles move towards each other along the flow direction and
pass each other, their mutual hydrodynamic interaction induces a lateral migration along the velocity
gradient direction, that pushes them away from each other. This interaction plays an important role
in the shear-induced diffusion of suspensions of deformable particles. In the absense of bounding
walls, the lateral separation of the two vesicles tends to a final steady-state value after they pass each
other. However, different behavior is observed in confined suspensions: When the flow is confined
between two walls, a lateral migration of the vesicle is caused by the lift from a given wall, which
tends to push the vesicle towards the centerline. Due to symmetry, both walls have opposite effects
and one expects the vesicle to stop at the centerline (this expectation may be violated if the shape
of the vesicle undergoes a parity-symmetry-breaking, discovered in Ref. [69]). Consequently, two
vesicles that pass near each other in confined shear flow have a tendency to return to the centerline
of the channel unless they are disturbed by other vesicles in the suspension.

For all explored situations, we find that a single vesicle always settles into the flow centerline.
Additionally, we find that two vesicles always keep, after some transience, a constant interdistance

X (which we define as the difference between the x components of the centers of mass of the
membranes of the two vesicles) when they reach the centerline. As shown in Fig. 3, starting from
different initial positions, the pair of vesicles always reaches the same terminal interdistance. In
most of the present simulations, the initial shape of the vesicles is the equilibrium shape obtained
in quiescent fluid. We have also explored several other initial configurations (such as an elliptical
shape) and have found no difference regarding the final state. The robustness of the results with
respect to the length of the simulation box has been checked systematically. As a way of example,
the same results are obtained by using double size of the current box.
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FIG. 3. The interdistance between two tank-treading vesicles as a function of time. Different curves show
cases of different initial positions. All the cases finally reach an equilibrium state with constant interdistance.

1. Analysis of the flow field created by a single confined vesicle

In order to dig into the mechanisms which cause the appearance of a bound state in the presence
of confinement, the velocity field created by a single confined vesicle is analyzed first. We focus on
the induced flow, which is nothing but the total flow minus the imposed linear shear flow. The result
is presented in Fig. 4 for a vesicle performing tank-treading motion. We first notice the presence
of vortices in the form of a quadrupole-like pattern surrounding the vesicle. This recirculation is a
direct consequence of confinement. Let us focus on the region located on the right side away from
the vesicle (Fig. 4, middle and bottom). There is an anticlockwise recirculation with the flow field
pointing upward in the immediate vicinity of the vesicle. Streamlines in this area ascend, deflect from
the upper wall, bounce backward, and form a second recirculation farther to the right, a clockwise
vortex as shown in Fig. 4. This flow pattern becomes more pronounced upon increasing confinement.

W=15.9R

W=8R

W=3.2R
Clockwise vortex

FIG. 4. The structure of the induced flow for different confinements.
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(b)(a)

FIG. 5. (a) The streamlines of flow field around a single tank-treading vesicle (only a subdomain from 0 to
9.5R is presented). We also show an enlargement of the region where the flow field shows a stagnation point.
(b) The flow lines corresponding to the induced flow in the region from 5.5R to 8.7R and a schematic of the
motion of a tracer.

The clockwise vortex is closer to the vesicle when W decreases. This clockwise vortex constitutes
the key element for the formation of an equilibrium state made of two vesicles. Indeed, and as is
shown below, this clockwise vortex constitutes a stagnation point for tracers.

First, let us analyze the motion of a tracer. In Fig. 5, we show the flow field obtained for W = 3.2R

and analyze the behavior of a tracer located in the region of the clockwise vortex. The tracer is initially
placed at centerline. The schematic of tracer trajectory is shown in Fig. 5(b). Only in the region
having a clockwise vortex does the trapping of the tracer take place.

2. Vesicle-vesicle interaction

If a tracer is substituted by a vesicle, one is tempted to expect a qualitatively similar scenario,
though a vesicle cannot be viewed as a tracer, since it perturbs the flow field around it. However,
we may consider the reasoning above as a crude vision of the possible existence of a bound state
between the two vesicles. When the second inserted vesicle is located within the clockwise vortex
region, like the tracer in Fig. 5(b), its center of mass has a tendency to follow a closed trajectory (as
does the tracer). However, due to the finite extent of the vesicle (in contrast to a pure tracer) it is
always pushed toward the center of the channel, thanks to the wall-induced lift force. This means that
the trajectory of the center of mass quickly decays and settles into the centerline. This is expected
to lead to a stationary configuration of two vesicles.

In order to lend further support to the above result, we have performed the following analysis.
We first take a single vesicle and compute the distance at which the Y component of the velocity
changes sign in the centerline (Y = 0) and denote it as X∗. X∗ approximately gives the position of
the center of the clockwise vortex. Figure 6 presents the results for different confinements, showing
that X∗ depends, approximately, linearly on W . The next step consists in taking a pair of vesicles
and finding the final equilibrium interdistance. Interestingly, it is found that this interdistance is very
close to X∗ (Fig. 7).

A systematic study is then undertaken in order to analyze the behavior of a pair of vesicles in
a confined shear flow. We have explored several values of confinement, capillary number, reduced
area, and viscosity contrast. All simulations have confirmed the tendency discussed above, in that
the presence of a clockwise vortex is the source of the formation of a bound state of the pair of
vesicles. The results are summarized in Fig. 7. We find a linear relationship between the equilibrium
interdistance of a pair and the confinement. We compare systematically this distance to that denoted
above as X∗ (center of the clockwise vortex created by a single vesicle). The two results show a
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FIG. 6. Vy as a function of X along the centerline for different confinements. The inset is an enlarged region
corresponding to the clockwise vortex. The central position of the vortex is denoted as X∗.

good agreement [Fig. 7(a)]. This result highlights the fact that the simple reasoning based on the
analysis of the velocity field due to a single vesicle already captures the essential features of the
pair dynamics. This observation is interesting inasmuch as it offers a simplified basis for future
analytical calculations where only a single vesicle can be taken into account in order to draw general

(a) (b)

(c) (d)

FIG. 7. The equilibrium interdistance between two vesicles increases quasilinearly with W . (a) The insets
show the finial spatial configurations of the vesicles in the cases of W = 3.2R and W = 8R. The dashed line
shows X∗ as a function of confinement. The solid line shows the distance between the vesicles as a function of
confinement. (b) Interdistance as a function of confinement for different capillary numbers. (c) Interdistance as
a function of confinement for different reduced area. (d) Interdistance as a function of confinement for different
viscosity contrasts.
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FIG. 8. The interdistance between two tumbling vesicles as a function of time. The insets are the
configurations of the vesicles at the time of γ̇ t = 534, γ̇ t = 801, and γ̇ t = 1335.

conclusions on the behavior of pairs of vesicles (or even a collection of vesicles) in a channel. We
also found that the capillary number, the reduced area, and the viscosity contrast have minor effects
on this linear relationship as shown by Figs. 7(b)–7(d). Note that for λ = 10 we do not include the
cases with W > 6R since the vesicles perform a tumbling motion in this regime which does not lead
to a final stationary interdistance of the pair, as explained below.

Finally, let us make few remarks on the linear behavior of the equilibrium interdistance with
the channel gap W . By fitting the data, we get 
Xeq = 1.47W + 2.42R, where 
Xeq denotes the
equilibrium interdistance. This behavior can be understood as follows. When W increases, a fluid
particle (or a tracer) deflected by a vesicle travels a longer distance before bouncing back on the
wall. The angle of deflection after impact on a vesicle is expected to be rather insensitive to W , so
that the distance traveled by a tracer before it bounces back increases linearly with W . Thus, we
expect the location of the stagnation point (the center of the clockwise vortex in Fig. 4) to scale
as W .

B. Interaction between two tumbling vesicles

Besides tank treading, vesicles are known to exhibit tumbling for a sufficiently large viscosity
contrast λ. A tumbling vesicle creates an oscillating in time flow pattern as shown in Fig. 1(c). From
this flow, we infer that a tracer located at some distance from the tumbling vesicle would oscillate
both vertically and horizontally in time and exhibit an apparently erratic trajectory. In principle,
another vesicle located nearby would oscillate irregularly in time.

The interdistance between two vesicles for the tumbling case are presented in Fig. 8. Figure 8
shows the distance along the flow direction between the centers of mass of two tumbling vesicles
as a function of time. While the pair of vesicles remain at some interdistance on the average, the
instantaneous interdistance varies with time in an irregular fashion. We cannot talk of an equilibrium
state in the same sense as we did for tank-treading vesicles. We thus do not expect a suspension of
tumbling vesicles to exhibit any kind of order, a question which is discussed further below.

C. Spatiotemporal organization of a vesicle suspension

Based on the understanding of the interaction between two vesicles, we hope to extract some
general conclusions on the overall flow behavior of a suspension containing many vesicles. We
would like to see how confinement influences the configuration of a vesicle suspension. We have
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(a)

(b)

(c)

(d)

FIG. 9. Left panel: Configurations of suspension for pattern I (one-file solution), pattern II (transition region
which precedes one-file to two-file solutions and shows several structural defects), pattern III (two-file solution),
pattern IV (doublets), and pattern V (disorder). Right panel: The structure of the flow field in regions A, B, C,
and D.

systematically analyzed this question by exploring concentrations from 0 to 40% for three different
confinements: W = 3.1R, 4.7R, and 6.3R.

First, we consider the case with λ = 1. As we have reported in Ref. [51], several configurations
of vesicle suspension are observed. Various patterns are shown in Fig. 9. A systematic analysis has
allowed us to draw the phase diagram of several ordering patterns (Fig. 10). The spatial configurations
of the suspension corresponding to each ordered pattern can be read in Fig. 9. Starting from an initial
configuration of the suspension chosen randomly within the channel, vesicles first experience a
lift force due to the walls. Because of symmetry, the vesicles settle at the centerline exhibiting a
one-file structure (an ordered alignment; see pattern I in Fig. 9) in the case of a sufficiently dilute

FIG. 10. Phase diagram of different ordering patterns by varying concentration and confinement for
viscosity contrast equal to 1.
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suspension. The initial random configuration tends to a stable state with an equilibrium interdistance
(as discussed before) between two neighbors after some time. At a larger concentration, in the
semidilute regime, insertion of a new vesicle between two vesicles that are initially separated by
the equilibrium interdistance of an isolated pair destroys the recirculation zones shown in Figs. 9(a)
and 9(b), which results in a lower dissipation. When the concentration further increases, there is no
room for addition of new vesicles within the single file. The single-file steady-state solution becomes
unstable (see pattern II in Fig. 9). We observe an occurrence of defects in the structure in that case.
A slight increase of concentration destroys the single-file solution, which undergoes a bifurcation
towards a new permanent regime made either of two files (pattern III) or a file of doublets of vesicles
(pattern IV), depending on the confinement, as discussed below.

For a sufficiently weak confinement (W = 4.7R and W = 6.3R), we have a transition from a
single-file solution to two-file solution (see pattern III in Fig. 9) upon increasing concentration φ.
The one-file structure splits into two lines which are approximately symmetric with respect to the
flow centerline. The two files slide with respect to each other in a quite regular way. In the case of
strong confinement (W = 3.1R), we observe another stable state, called a doublet file (see pattern
IV in Fig. 9). In this case, when the one-file becomes crowded (due to an increase in concentration),
there is no room for splitting into two files. Instead vesicles form doublets. Now each doublet can
be viewed as a single entity, and the doublets form a regular arrangement. In other words, we have a
symmetry-breaking bifurcation from an array of vesicles toward an array of doublets. This type of
ordering may be referred to as a superstructure with spatial period doubling. In other words, within
the elementary periodicity, we have not only a single vesicle but an internal structure (inducing the
denomination “superstructure”) made of two cells (doublet).

Higher order superstructures (like triplets, etc.) may possibly form at larger φ. However, for the
set of concentrations explored in this study, these structures were not observed.

For larger φ and for a sufficiently weak confinement (W = 4.7R and W = 6.3R), the two-file
solution becomes unstable and this order is destroyed in favor of a disordered pattern (pattern V in
Fig. 9). In our previous study [51] it was reported that we have observed a three-file solution for
some time. However, longer simulations show that the three-file solution is unstable.

Let us now consider the case of λ = 10. A general observation is that for a sufficiently strong
confinement the viscosity contrast plays no special role. Indeed, even if λ is sufficiently large to
induce tumbling of weakly confined vesicles, sufficiently strong confinement prevents tumbling
[47]. In other words, both for small and large values of λ, vesicles exhibit tank treading [see the
case of W = 5R in Fig. 1(a)]. In this case, we obtain the same overall behavior for λ = 1 and
λ = 10 as shown in Fig. 11. However, for a sufficiently weak confinement and a sufficiently small
concentration, we observe a single-file configuration, with some tumbling events accompanied by a
relative motion between vesicles as shown by the pattern VI in Fig. 11.

Finally, let us say few words regarding the stability and the periodicity of the single-file order.
Note first that the regime of one file for λ = 1 is wider than that for λ = 10 (as can be deduced
from Figs. 10 and 11). A large value of λ tends to suppress the stability of one-file order especially
in the case of weak confinement. In fact, while a single vesicle exhibits tank treading for λ = 10,

the interaction has a tendency to induce tumbling, a mechanism by which order is destroyed. We
have analyzed the minimal distance between two neighboring vesicles in the one-file regime just
before the file becomes unstable. The minimal distance as a function of W for λ = 1 and λ = 10
is presented in Fig. 12. This result shows that the confinement has a minor effect on the minimal
distance for λ = 1, whereas a larger viscosity contrast (λ = 10) significantly influences that distance.
Indeed, the inherent tendency for vesicles to undergo tumbling creates a larger range of action for
λ = 10 than for λ = 1.

D. Rheology of vesicle suspension

Once the spatial organization has been analyzed, we are in a position to establish a link between
this organization and rheology. A property that is commonly of interest for unbounded suspensions
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FIG. 11. Top: Configurations of the suspension for pattern VI (tumbling). Bottom: the phase diagram of
different ordering patterns by varying concentration and confinement for viscosity contrast λ = 10.

is the viscosity as a function of the volume fraction φ. In the dilute regime, when hydrodynamic
interactions between suspended entities can be neglected, the viscosity of suspension takes the
generic form η = ηext(1 + αφ), where ηext is the viscosity of the suspending fluid and α is the
so-called intrinsic viscosity, which depends on the properties of the suspension. For example, α is
equal to 2.5 for rigid spheres (in an unbounded domain), which is the famous Einstein result. α was
calculated by Taylor for emulsions [70] and extended to vesicle suspensions more recently [9,71].
When the volume fraction increases, hydrodynamic interactions among suspended entities have to
be taken into account, leading to an increase of the suspension viscosity. The classical picture is
that there is “jamming” accompanied by a divergence of the viscosity at the maximum volume

FIG. 12. The minimum interdistance between two neighboring particles.
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(a) (b)

FIG. 13. (a) Normalized viscosity of a suspension of vesicles as a function of concentration for λ = 1 in
different confinements. (b) Effective viscosity of a suspension of vesicles as a function of concentration for
λ = 1 in different confinements. The dot-dashed line shows the viscosity of normal human RBC suspension in
unbounded shear flow at low shear rate fitted with the Krieger-Dougherty formula, with α = 3 and φm = 0.67;
see Ref. [73].

fraction φm corresponding to close packing. A commonly used phenomenological law for rigid
particles is that of Krieger and Dougherty η = ηext(1 − φ/φext)−αφm [72]. The normalized viscosity
[η] = (η − ηext)/(ηextφ) increases in a monotonic way with φ until it diverges for φ = φm. For a
confined vesicle suspension, we show that the order due to the confinement can lead to a very
different behavior of the rheology.

1. Dilute and semidilute regimes

First, we investigate the behavior of [η] and η with φ for λ = 1 (see Fig. 13). In the dilute
regime, the one-file (pattern I) configuration with an equilibrium distance [like Fig. 9(a)] between
two neighbors leads to a plateau of [η]. This means that the effective viscosity η is linear with φ

for the corresponding concentration as shown by Fig. 13(b). In this regime, the vesicles interact
very weakly with each other and this weak interaction is not significantly reflected in the rheology.
Note that the dilute regime definition depends on W : The range of concentration for the dilute
regime is higher for small W than for large W . As discussed before, the relationship between
equilibrium interdistance and confinement is well approximated by 
Xeq = 1.47W + 2.42R for a
pair of vesicles. We have seen that this distance is very close to that between a single vesicle and
the center of the closest clockwise vortex created by that vesicle. This means that the vesicle-vesicle
interaction is weak. When concentration increases, one expects this distance to evolve (see below),
and in this case we can state that vesicle-vesicle interaction starts to play an important role. Thus
the quantity φtr = πR2/(W
Xeq ) = πR2/(1.47W 2 + 2.42RW ) defines the concentration beyond
which vesicle-vesicle interaction becomes relevant. This yields the following concentration range for
the dilute regime depending on W : φ < 19% for W = 3.1R, φ < 9% for W = 4.7R, and φ < 5%
for W = 6.3R. This is in agreement with the ranges of concentrations where the normalized viscosity
shows a plateau regime [Fig. 13(a)].

At a larger concentration, vesicle interaction becomes stronger and we have a crossover from
the plateau regime to a regime where [η] decreases with φ. This is the semidilute regime. An
interesting feature is that in the vicinity of the crossover from the plateau regime [Fig. 13(a)] to
the descending part of [η] can be written as [51] [η] 	 a1 + a2(φ − φtr )Y (φ − φtr ), where Y is
the Heaviside function and φtr is the crossover concentration. For Fig. 13, W = 3.1R, we have
φtr 	 0.19, a1 	 3.5, and a2 	 −22. This expansion of viscosity is nonstandard as compared to
the unbounded regime, in which the expansion is analytical in power of φ. This raises naturally the
question of whether or not a two-body interaction regime really exists.

We have systematically observed (for λ = 1) that in the semidilute regime [η] decreases in a
quasilinear manner [see Fig. 13(a)], while η exhibits a plateau around that concentration [Fig. 13(b)].
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This means that the confinement has dramatically altered the rheological behavior. In this regime,
increasing φ results in a reduction of distance between two neighbors. Each insertion of a new
vesicle destroys a large pre-existing vortex and creates a vortex with a smaller amplitude, as shown
in Figs. 9(a) and 9(b). This explains the decrease of [η] with φ. We expect that the smallest
normalized viscosity is obtained when the interdistance between two neighbors reaches a minimum,
which corresponds to the crossover concentration for which one-file order ceases to be stable. From
the refined border of one-file order in Fig. 10, we can get the extent of the semidilute regime, for
example, 19% < φ < 24% for W = 3.1R, 9% < φ < 17% for W = 4.7R, and 5% < φ < 10% for
W = 6.3R.

2. Concentrated regime

When one-file solution is saturated, an additional vesicle cannot be inserted into the file and
wanders in the fluid gap surrounding the file (pattern II in Fig. 9, where we have structural defects).
This wandering creates more resistance against the overall flow, and thus [η] shows a sudden
increase within a very narrow interval of φ while η shows a significant increase with φ after the
plateau regime [Fig. 13(a)]. The saturation of a one-file solution is a precursor for its instability
in favor of formation of either doublets (strong confinement, pattern IV in Fig. 9) or of a two-file
structure (intermediate confinement, pattern III in Fig. 9). The first case always leads to an increase of
[η] [W = 3.1R,φ > 33% in Fig. 13(a)] because the doublet formation is accompanied by a stronger
dissipation within the (thin) fluid gap separating the two vesicles of the doublet [in Fig. 9(d)].
Indeed, within that gap the two membranes tank tread in opposite directions, which generates a
quite significant dissipation. The situation in a weaker confinement [W = 4.7R and W = 6.3R

in Fig. 13(a)] is significantly different. When one-file structure is saturated, there is also first a
sudden increase of [η] in a narrow interval of φ ∈ [17%,21%] for W = 4.7R and φ ∈ [10%,12%]
for W = 6.3R, due to wandering of a single vesicle closer to a wall. When φ lies beyond this
interval, instead of doublet formation (as happens for W = 3.1R), the one-file structure splits into
two files disposed symmetrically with respect to the centerline. Additional vesicles are inserted into
either of the two files, destroying larger vortices in favor of smaller ones [see Fig. 9(c)], precisely
as in the regime of a single unsaturated file. This destruction of large-amplitude vortices lowers
the dissipation and the normalized viscosity of the two-file regime (φ ∈ [21%,25%] for W = 4.7R

and φ ∈ [12%,16%] for W = 6.3R) shows a decrease with φ. For a weak confinement, the ordered
nature of the suspension is less pronounced when φ is further increased. The prevailing structure is
ultimately disordered.

3. The behavior of the effective viscosity

Hitherto, we have presented the behavior of the normalized viscosity, which shows ample variation
with concentration. Let us now analyze the viscosity itself (the effective viscosity η/ηext). The
effective viscosity [Fig. 13(b)] shows two interesting features that need to be highlighted. The first
feature is that there are regimes (in which order prevails) in which the viscosity remains quasiconstant
with φ. For example, for the case W = 3.1R in Fig. 13(b), the viscosity remains almost constant
when varying the concentration from φ 	 0.18 up to φ 	 0.22. This is traced back to the fact that
the suspension organizes in a subtle way, such that addition of new vesicles leads, in principle, to
an increase in the total viscosity, but at the same time the vortices between vesicles are destroyed,
leading to lower dissipation. These two effects tend to compensate each other in this concentration
interval. The second observation, which is not fully disconnected from the first one, is that the
viscosity increases much less rapidly with φ as compared to experimental data on blood viscosity in
unconfined geometry [shown as a data fit from the Krieger-Dougherty formula in Fig. 13(b)].

4. Effect of viscosity contrast

In the strong confinement regime (W = 3.1R), we always have tank treading and both suspensions
exhibit similar behaviors regarding their rheology. It is found (in the cases of W = 3.1R and
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FIG. 14. Normalized viscosity of a suspension of vesicles as a function of concentration for λ = 10 in
different confinements.

W = 4.7R) that the normalized viscosity for λ = 10 is smaller than for λ = 1 in the one-file
configuration regime (small enough φ). This result might, at first glance, seem counterintuitive since
the fluid inside the vesicles is more viscous. This is due to the fact that the tank-treading angle for
λ = 10 is smaller than that for λ = 1 so that the vesicles are more aligned with the flow for λ = 10.
This explains the origin of the lower dissipation and thus of a smaller viscosity.

Note also that for W = 4.7R, [η] does not show a collapse with φ after the plateau. As we
discussed in Fig. 12, the high viscosity contrast causes instability of one-file order, which leads to
a larger interdistance for larger W , reducing the collapse of [η]. For W = 6.3R, because of this
instability (due to tumbling, pattern VI), the normalized viscosity exhibits a less pronounced plateau
(Fig. 14), in contrast to stronger confinement (W = 3.1R and W = 4.7R) where the plateau is more
visible. Finally, in the quite concentrated regime, say for φ > 30%, the prevailing configurations are
disordered and [η] increases with φ regardless of the value of the viscosity contrast.

5. Summary of the link between vesicle organization and rheology

Finally, let us summarize the link between the viscosity behavior as a function of φ and the
dynamics and the organization of vesicles. For that purpose, we have analyzed the interdistance
as a function of concentration. For weak concentration, the interdistance is independent of φ. That
is, each additional vesicle behaves as a test vesicle in the field of other vesicles. The new added
vesicle does not react on the flow field of the other vesicles (and vice versa). The interdistance
shows a plateau (Fig. 15), and so does the effective viscosity. For higher concentration, the insertion
of a new vesicle destroys the recirculation pattern between two pre-existing vesicles [as shown
in Figs. 9(a) and 9(b). When this happens the viscosity [η] collapses, expressing a decrease of
dissipation associated with the suppression of the recirculation zones. Increasing the concentration
further causes the single file to be saturated and a newly added vesicle wanders outside the centerline
increasing, thereby resistance to the flow. As a consequence [η] increases suddenly. Beyond a
certain concentration, the single file splits into two symmetric files, and each file behaves as a
single file regarding the reduction of dissipation when a new vesicle is inserted before saturation.
[η] then decreases, until a critical concentration, at which a new vesicle cannot fit within the two
files. In Ref. [51], mention to three-file organization was made, and this structure survived for
more than 100 τc (τc is the vesicle relaxation time scale). Longer simulations showed that this
structure is destroyed with time. In LBM, we could occasionally see these types of structures
as transients but small perturbations led to disorder. As a consequence, when the two-file structure
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FIG. 15. The distance between two neighboring vesicles as a function of concentration for λ = 1 for
different confinements.

becomes unstable, the normalized viscosity increases monotonically with concentration as a result of
disorder.

V. CONCLUSIONS

We have reported on the spatiotemporal patterns of confined vesicle suspensions and have made
a link between this organization and the overall rheology. Rheology shows several nonstandard
behaviors, like nonmonotonic variation of the normalized viscosity. Our study was limited to a
2D system, and whether order in 3D (apart from a chain structure [51]) will be manifested or
not is an open question that requires a systematic study before drawing more general conclusions.
While the normalized viscosity shows quite ample signatures due to ordering and destabilization
of files, the effect is a bit hidden in the behavior of η itself, although some plateau regimes are
clearly observed. Thus it would be more appropriate in experiments to represent [η] in order to
detect more clearly the oscillation associated with ordering. However, some caution is necessary
even for a linear shear flow. Indeed, when the suspension is not homogeneous (as found here), the
notion of an overall effective viscosity is ill defined, since it is often assumed (in many rheological
experiments using the cone-plate rheometers) that the shear rate is constant in the gap. Clearly, if the
suspension has a certain structure, the shear rate in the gap should exhibit strong inhomogeneities.
Therefore, we have to resort to an analysis of local rheology, which is a question of primary
importance for any complex fluid (be it confined or not) which exhibits an inhomogeneous structure
of the suspended entities (like shear bands, organization of files as found here, etc.). Finally, an
important task for future investigations is to study in detail the order-disorder transition. The first
step is to introduce appropriate physical quantities to analyze the transition. For example, one has
to identify an appropriate order parameter to analyze the loss of stability from order to disorder.
Furthermore, the transition is probably progressive, passing first toward a superstructure, before
disorder takes place. A possible approach is to study the excitation spectra in the ordered phase
and to identify the mode which loses stability when disorder appears, as has been recently done for
vesicles in a pressure-driven flow [74]. Another interesting issue is how to extend the usual concepts
of thermodynamics (thermodynamical potential as a function of an order parameter) to an open
nonequilibrium system. We hope to investigate this matter further in the future.
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