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In our paper, we have determined all parameters [Edwards-
Anderson (EA) order parameter 〈qEA〉, the susceptibility χ , the
specific heat c, and Binder cumulant gL] by using the standard
Monte Carlo method together with the Metropolis algorithm.
Also, we have concluded that, at low temperature, we have
a spin glass phase. In this case, by using the standard Monte
Carlo algorithm (MCA), it is expected to let the system fall,
at low temperatures, in a minimum of energy. However, our
system, at low temperatures, could have many local minima
of energies [1]. Therefore, applying the MCA could let the
system fall in a local minimum of energy that corresponds to
a metastable state. In order to avoid this we use the replica
exchange Monte Carlo technique [1–4], which is more suited
to approach spin glasses instead of the MCA, and we conclude
that the numerical values presented in the original paper are
wrong. They could represent some metastable phase of the
system.

Therefore, our numerical results should be corrected in
the original article. Then, by using the replica exchange
Monte Carlo technique we have obtained a correct estimate
of the critical temperature, that is around Tc ≈ 1.268 (less than
the previous wrong value by 44%) as showing in Fig. 3 (which
replaces Fig. 3 of our original article). The correspondent order
parameter is now shown in Fig. 4 (which replaces Fig. 4 of our
original article).

The susceptibility and the specific heat are shown in Figs. 7
and 10 (which replace Figs. 7 and 10 of our original article).
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FIG. 3. Binder cumulant gL vs temperature T for different lattice
sizes L. The values of L obey the Fibonacci sequence. We estimated
the critical temperature Tc ≈ 1.268 by averaging the numerical values
of the temperatures where the curves intersect each other. We have,
for this model, a phase transition from a paramagnetic phase to a
spin-glass phase by decreasing the temperature.
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FIG. 4. The EA order parameter qEA as a function of temperature
T for different lattice sizes L. The values of L obey the Fibonacci
sequence. The curves suggest a second order phase transition.

We would like to emphasize from those corrected figures that
the corrected numerical results do not affect the conclusions
of our original paper. Only the critical temperature and the
critical exponents must be corrected.
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FIG. 5. Critical behavior of qEA at T = Tc as a function of lattice
size L obtained from Eq. (6) of our original article. Alongside the qEA

points we show the error bars on the same scale. The curve slope gives
the exponent ratio β/ν = 0.24(1). The exponent ratio differs from the
pure model and this change of the universality class is induced by the
quasiperiodic ordering.
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FIG. 7. The susceptibility χ as a function of temperature T

for different lattice sizes L. The values of L obey the Fibonacci
sequence. The susceptibility diverges at Tc in the large lattice size
limit suggesting a second order phase transition.

The news critical exponents, calculated by using the replica
exchange Monte Carlo technique, are β/ν = 0.24(1) (that is
less than the previous wrong value by 40%), γ /ν = 1.50(1)
(it is greater than the previous wrong value by 17%), and
1/ν = 0.89(3) (it exceeds the previous wrong value by 6%).
Those values are calculated from a linear fit shown in Figs. 5,
8, and 9 (which replace Figs. 5, 8, and 9 of our original article,
respectively).
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FIG. 8. Critical behavior of χ at T = Tc as a function of lattice
size L obtained from Eq. (7) of our original article. Alongside the
χ points we show the error bars on the same scale. The curve slope
gives the exponent ratio γ /ν = 1.50(1), differing from the pure Ising
2D case.
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FIG. 9. Critical behavior of susceptibility maximum tempera-
tures Tχ as a function of lattice size L obtained from Eq. (10) of our
original article. The curve slope gives the exponent 1/ν = 0.89(3),
differing from the pure Ising 2D case.

Finally, we have provided the data collapses of qEA order
parameter, susceptibility, and specific heat in Figs. 11 and 12
(these figures replace Figs. 11 and 12 of our original article,
respectively). From those results we obtain α/ν ≈ −0.24
(less than the previous wrong value by 40%) by a data
collapse for the specific heat, shown in Fig. 11. We still
found a spin glass phase at finite temperatures with different
exponents from the two-dimensional (2D) Ising universality
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FIG. 10. Specific heat c as a function of temperature T for
different lattice sizes L. The values of L obey the Fibonacci sequence.
When increasing the lattice size, we observe a crescent maximum,
suggesting a logarithm divergence or a negative exponent divergence
at the critical temperature Tc ≈ 1.268.
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FIG. 11. Data collapse of specific heat c for different lat-
tice sizes L. The best data collapse gives us the estimate for
α/ν ≈ −0.24.

class, but with a corrected estimate of the critical temperature
around Tc ≈ 1.268 and the exponent β = 0.27(1) (less than
the previous wrong value by 43%).
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FIG. 12. Data collapse of EA order parameter qEA and suscepti-
bility χ . The thermodynamic parameters as functions of lattice sizes
collapse for β/ν = 0.24(1), γ /ν = 1.50(1), and 1/ν = 0.89(3) next
to the critical temperature according to the scale forms given in
Eqs. (6) and (7) of our original article differing from the pure Ising
2D case.
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