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Molecular-dynamics study of supercooled ortho-terphenyl
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We present the results of a detailed molecular-dynamics study of relaxation in the van der
%'aals system orthwterphenyl in the supercooled regime. The molecule is described by a simple
rigid three-site model, with interactions between difFerent molecules of the Lennard-Jones form. We
Snd that the long-time (a) relaxation, as determined from the intermediate scattering function,
is well described by a Kohlrausch law. The zero-time amplitude of this process, often referred to
as the "nonergodicity parameter, " which can be interpreted as a Debye-Wailer factor, is seen to
depart &om a linear temperature dependence and seems to exhibit a "singularity" at a temperature
substantially larger than the conventional glass transition temperature, in accord with neutron-
scattering data, and as predicted by mode-coupling theory. We Snd that the observed anharmonic
behavior around T„as well as the decay of the scattering functions, is equally evident from both
orientational and translational correlations. The latter observation indicates that the structural
changes that take place during o. relaxation are neither speciScally orientational nor speci6cally
translational. Investigation of the van-Hove self-correlation for both center-of-mass and orientational
motion reveals the existence of a strong non-Gaussian spatial dependence at intermediate times and
of processes, even at low temperatures, that cannot be described as simple vibrational motion, and
which consist of rapid reorientations of the molecules about their essentially frozen centers of mass.
This motion may be related to the fast secondary mode seen in experiments.

PACS number(s): 61.20.Lc, 64.70.Pf, 61.43.Fs, 61.20.Ja

I. INTRODUCTION

It is a fundamental problem of condensed-matter
physics to determine whether there is a real phase transi-
tion that leads a liquid into a glass at a temperature near
the experimentally defined (calorimetric) transition point
Ts [1]. Early theories of the "glass transition" postulate
that a real transition will take place if the cooling rate
is infinitely slow [2], which puts the critical temperature
below the calorimetric T~. The recent mode-coupling the-
ory (MCT) [3,4], in contrast, predicts the existence of a
dynamical instability at a temperature somewhat above
T~, by perhaps 30—150 K.

The central idea behind the MCT is that density Buc-
tuations bp(q, t) couple nonlinearly with one another; the
dynamical feedback that results leads, upon lowering the
temperature (or increasing the density), to a progres-
sive slow down of the decay in time of the Buctuations,
until they are completely frozen out at the critical, or
"crossover, " temperature T . The relaxation mode asso-
ciated with this slow-down process is referred to as pri-
mary or o. relaxation, and in turn leads to an increase
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of the viscosity upon approaching T,. In its idealized
version, therefore, the glass transition in the MCT is an
ergodic to nonergodic transition. This theory, however,
which leads to a sharp transition at T„neglects some
processes, often referred to as "thermally activated hop-
ping processes, " and overestimates the "rigidity" of the
cage around each particle formed by its neighbors. More
recent versions of the theory [5—7] incorporate additional
nonlinearities in order to account for those processes,
which results in the transition being smeared out.

One of the most extensively studied glass-forming sys-
tems is ortho-terphenyl (1,2-diphenylbenzene), a nonpo-
lar organic liquid. It is a so-called "fragile" glass former
(in contrast to "strong" or network-forming liquids, to
use Angell's nomenclature —Ref. [8]). It consists of well-
defined molecular units (three connected benzene rings);
the intermolecular interaction is of the short-range van
der Waals (Lennard-Jones) type and it shows little ten-
dency to crystallization, with a melting temperature T
of 329 K. The system can easily be supercooled and the
viscosity increases by 10 orders of magnitude in the small
temperature range between 295 and Ts = 243 K [9].

Several years ago Johari and Goldstein [10],and more
recently Wu and Nagel [ll], using dielectric measure-
ments, have identified a secondary, or P, process ino-
terphenyl, at kHz &equencies, in the temperature range
200—240 K, the temperature dependence of which be-
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ing Arrhenius-like. Inelastic neutron-scattering measure-
ments have been performed also, clearly demonstrating
the existence of a fust secondary process, on the picosec-
ond time scale, giving rise to an anomalous decrease of
the Debye-Wailer factor at texnperatures close to 290 K
[12—15]. A most interesting observation is that at tem-
peratures below 290 K, rotational and translational mo-
tion "decouple" [16]. Depolarized light scattering exper-
iments also reveal the existence of a fast process, with
an essentially temperature-independent correlation time
(of about 3 ps) in the temperature range 250—450 K [17].
Finally, by using nuclear magnetic resonance measure-
ments, a fast local process has been observed in the glassy
state [18]. The dynamic anomalies found around 290 K
have been interpreted in terms of the MCT, and this tem-
perature has been associated with T„ the "critical" or
crossover temperature in the MCT. Very recently, StefFen
et aL [19] have found that their depolarized light scatter-
ing data could be made compatible with the predictions
of MCT with this value of T, .

Motivated by these experimental observations, and in
an attexnpt to better understand the atomic-scale pro-
cesses that take place on the ps time scale in super-
cooled liquids, we have performed an extensive series
of molecular-dynamics (MD) simulations [20] of a model
that, as we will see, accounts well for several properties
of o-terphenyl [21—23]. Despite its simplistic nature, the
model appears to contain some of the essential physics of
the real material, and our calculations, therefore, are of
relevance to laboratory glass-forming systems. We note
also that MD is well suited to probe mesoscopic time
scale since runs, with soxne efFort, can extend to times of
the order of ns.

Several computer simulations have been performed in
the past on simple atomic systems [24], and in particular
on two-component mixtures in order to bypass crystal-
lization. Atomic systems, however, exhibit cooperative
j»mp-diffusive motion at low temperatures, which inSu-
ences markedly the dynamics even for times shorter than
1 ns [25,26]. Since it is believed that such processes are
not mell accounted for by the idealized version of the
MCT, we find it important to examine a system where

they are likely to be rare. The present system of non-

(but quasi-) spherical molecules achieves this, as we will

see in detail below.
We note that corresponding studies on molecular sys-

tems have been carried out by Signorini et al. on the
iomc glass [Ca(NOs)2]0 4[KNOs]e s [27], and by Sindzin-

gre and Klein [28] and Alonso et aL [29] on methanol.
As discussed in detail below, me find that our sim-

ple model reproduces well the anomalous decrease of the
Debye-Wailer factor seen in inelastic neutron-scattering
experiments [12] near T„hiwch also correlates well with
the temperature dependence of the nonergodicity param-
eter predicted by the MCT. We find that the observed
anharmonic behavior around T, as well as the decay of
the scattering functions, is equally characteristic of ori-
entational and translational motion. Investigation of the
van-Hove self-correlation for both center-of-mass and on-
entational motion reveals the existence of a strong non-
Gaussian spatial dependence at intermediate times. At

low temperatures, me detect processes that cannot be de-
scribed as sixnple vibrational motion, and which consist
of rapid reorientations of the xnolecules about their es-

sentially frozen centers of mass.
Our paper is organized as follows: In Sec. II, we present

the details of our model, and give a suxnmary of the runs
performed. The results are presented and discussed in
Sec. III. We start with the thermodynamic properties,
which we use to establish that the system is in a "good"
glassy state. We present next our results for the pair dis-
tribution functions and static structure factors. We move
on to a discussion of dynamic properties, including dif-
fusion coefBcients and various correlation functions. We
describe in detail our results for the interxnediate scatter-
ing function, both the incoherent and the coherent contri-
butions; me also distinguish between self-contributions,
and those contributions associated with the motion of
the centers of mass, as well as of the orientations. Sec-
tion III ends mith a discussion of difFusion, as deduced
from the real-time —real-space van-Hove correlation func-

tion; we will comment there on the anharmonic behavior
of the mterphenyl molecules in the supercooled regime,
and also examine time-dependent orientational distribu-
tion functions. Section IV summarizes our results.

II. MODEL AND COMPUTATIONAL DETAILS

In order to properly account for the slow relaxation
processes in the supercooled regime, it is important that
runs be suKciently long at every temperature, and in par-
ticular at low temperatures, since dynamical processes
slow down dramatically upon cooling. This is however a
serious problem for molecular-dynamics simulations: de-

noting by 7 the temperature-dependent relaxation time
characteristic of the (slow) dynamics of the liquid in the
supercooled state, there necessarily comes a point where
w becomes larger than the largest practical simulation
time (of the order of as). A compromise has to be es-

tablished, therefore, between systexn size, run times, and
the complexity of the model.

In view of the above remark, the following simple
model for o-terphenyl was developed and employed: The
o-terphenyl xnolecule was represented by a three-site com-

plex, each site playing the role of a whole benzene ring.
For the position of site a (a = 1, 2, or 3) in molecule i,
with i = 1, . . . , N (N is the total number of molecules),
we write

R, = R;.™+u, (2.1)

where R,- . denotes the location of the center of mass of
molecule i. Mo)ecules were chosen to interact with one
another pairwise additively, i.e., by virtue of the site-
site approximation. The interaction between two sites
on difFerent molecules was taken to be of the Lennard-
Jones form, v(r) = 4m[(0 jr) —(0/r) ], since v. an der
Waals interactions are known to be the dominant inter-
action in this system. The rigid-molecule approxima-
tion was invoked in order to simplify the calculations,
i.e., we neglected the molecules internal degrees of free-

dom, a very reasonable ass»mption in the present context
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[13,30]. Each molecule, therefore, was assigned a fixed
bond length, chosen equal to 0', the Lennard- Jones "hard-
sphere diameter" (the actual niiroerical value is discussed
below), and a fixed bond angle, here taken to be 75 '. The
latter value is approximate, but the real molecule suf-
fers some "torsioning" [31,32]; further, this choice (rather
than 60') makes the molecule slightly asymmetric. Ex-
plicit values for the potential parameters e and cr were
determined by carrying out some test runs in the liquid
phase, calculating the molar vol»me and the difFusion
coefBcient, and adjusting to the corresponding experi-
mental numbers at T = 400 K [v = 0.2308 ms kmol ~

(Ref. [33]) and D = 60.0 x 10 r cm2 s ~ (Ref. [34 )]. We
obtain, in this way, e/k~ = 600 K and 0 = 4.83 A..

The simulation box, chosen to be cubic, contained N
= 324 molecules (972 sites) and periodic boundary con-
ditions were employed in all three directions to eliminate
surface efFects. Size efFects were assessed by performing
runs on both a smaller (108 molecules) and a larger (2592
molecules) system, as will be discussed in Sec. IIID2.
The equations of motion were solved using a standard
fourth-order Gear predictor-corrector algorithm for the
translational degrees of &eedom, and a 5th-order Gear al-
gorit&m for the orientational coordinates, expressed here
in terms of quaternions. A time step of 7 fs was found
to conserve energy adequately, and, therefore, used in aO
runs except one (labeled E —cf. Table I) where 5 fs was
used.

Starting with a high-temperature liquid, the system
was cooled through the glass transition at a rate deter-
mined by the (temperature-dependent) relaxation time r
for a processes discussed above. A total of 14 difFerent
temperatures were investigated (including a "disordering
run" at 510 K —near the boiling point of 0-terphenyl—which we will ignore in future discussions). At each
temperature, the system was 6rst equilibrated for a pe-
riod of time as long as 7 at high temperatures, and as
long as possible at lower temperatures. As we will see
in the next section, the system falls out of equilibri»m
at a temperature of about 250 K: it is no longer possible
to afFord "long" runs beyond that point. During equili-

bration, the simulation was performed in the isothermal-
isobaric (N, P, T) ensemble using the constant-pressure
algorithm of Andersen in order to determine the size of
the MD cell (the external pressure was set to 1 bar). Fol-
lowing eq»i&ibration, "production r»~~" were carried out
in the microcanonical (N, V, E) ensemble, during which
statistics were acc»mulated and trajectories saved for a
posteriori treatment, including the calculation of various
correlation functions of interest.

Information pertinent to each run is given in Table I.
This includes the temperature T, the potential energy
E~ t, the calculated internal pressure P in the constant-
volume portion of the run, the molar vob~me v, the dif-
fusion coefficient D, for center-of-mass motion (as es-
timated &om a calculation of the mean-square displace-
ments; see Sec. IIIC) for those temperatures at which
it could be safely determined, and the eqiri&ibration and
total run times t,q„,I and t~ at each temperature. In
one case, run C, we had problems to achieve a stable
situation, which is apparent in the somewhat large and
negative value of the internal pressure. This run, there-
fore, will have to be treated with care in the analysis of
the data. We will return, in the course of later discussion,
to some of the quantities presented in Table I.

III. RESULTS AND DISCUSSION

A. Thermodynamic properties

The evolution in temperature of various macroscopic,
time-averaged quantities are listed in Table I. Figures 1
and 2 show the variations of the molar vol~~me v and the
total energy Et q, respectively, with temperature. The
experimental values of the melting temperature and the
calorimetric glass transition temperature are, we recall,
T =329 K and T~=243 K, respectively. As we wiQ see
later, the "critical temperature" —in the sense of MCT—is located near T, = 280 K in our model. From Figs. 1
and 2, we see that at about 250 K the temperature depen-
dence of both volume and energy changes slope. This re-

TABLE I. Evolution in temperature of the simulation. For each run, are list the average temperature T, the potential energy
E~ i, the internal pressure P during the constant-volume (production) portion of the run (the external pressure is set to 1
bar), the molar volume v, the difFusion coeRcient for centers of mass D, , the equilibration time t,~„ i, and the maximum
simulation time t ~ (including the constant-pressure equilibration).

Run
A
B
C
D
E
F
G
H
I
J
K
L
M

T (K)
400
346
318
305
291
281
275
266
255
205
173
133
101

E~~i (kJmol )
—67.771
—71.536
—72.959
—74.613
—75.337
—75.695
—76.328
—76.885
—77.363
—78.923
—79.890
—81.050
—81.962

P (kbsr)
—0.012
+0.028
—0.136
+0.016
—0.030
—0.017
+0.004
—0.044
+0.005
+0.020
+0.018
—0.025
—0.032

v (m kmol )
0.2303
0.2225
0.2206
0.2169
0.2161
0.2153
0.2140
0.2136
0.2122
0.2096
0.2082
0.2067
0.2053

D, (10 cm s )
57
19
13
3.3
1.9
1.5
0.?

tequii (ns)
0.200
0.322
0.315
0.385
0.850
0.490
0.560
0.980
0.840
0.490
0.420
0.420
0.490

tmsx (ns)
0.500
0.882
0.980
1.295
2.050
1.400
1.610
2.100
1.960
1.610
0.630
0.630
0.700
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FIG. 1. Molar volume as a function of temperature. The
dashed lines are guides to the eye.

B. Pair distribution functions

Sects the fact that the system is falling out of equilibrium,
i.e., it is no longer possible for it to equilibrate properly
in the time window used in the simulation (see Table I).
We expect our simulations, therefore, to provide an ad-
equate description of the relaxational dynamics only at
temperatures above 250 K, and in particular close to T„
where interesting effects are expected. Below 250 K the
system is nonergodic and proper equilibration cannot be
achieved. In a previous simulation [26], however, it was
demonstrated on the basis of three independent sets of
calculations, that the low-temperature vibrational prop-
erties are relatively insensitive to the cooling procedure.

We have observed no change in the thermodynamic
properties during the cooling process which could indi-
cate a tendency for crystallization, a problem which has
to be dealt with in laboratory experiments. The numer-
ical value we Gnd here for the density in the supercooled
state is quite similar to the value found experimentally
[0.2059 and 0.2095 ms kmol i at 250 and 273 K, respec-
tively (Ref. [9])],and substantially larger than that ap-
propriate to the crystalline phase of o-terphenyl [0.1978
and 0.1987 m kmol at 303 and 326 K, respectively
(Ref. [33])],which further asserts that the systein is in a
"good" glassy state.
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uid phase) and 266 K (well into the supercooled phase).
g, (r) is rather featureless at medium and long range, as
expected for a liquid or a glass, but shows some structure
at short range: the short-r side of the 6rst peak displays
a weak shoulder at high temperature, which turns into a
peak at low temperature. The distribution for sites, on
the other hand, exhibits pronounced oscillations caused
by our use of a rigid molecule, but is nevertheless typical
of amorphous systems.

The Fourier transform of the pair distribution function
is the static structure factor, obtained experimentally by
diffraction experiments. This quantity is shown in Fig.
4, both for difFraction by centers of mass, S, (q), and
by sites S(q) for the same two temperatures as the above
pair distribution functions. (We have evaluated the static
structure factors directly in reciprocal space to avoid the
cutoff problems inherent to Fourier transforms. ) In the
case of o-terphenyl, the neutrons are predominantly scat-
tered by the hydrogens, which corresponds most closely
to scattering by the "sites" in our model, as opposed to
the centers of mass. We find S(q) for sites to exhibit a
smooth behavior typical of disordered (liquid or glassy)
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The radial pair distribution functions for centers of
mass g, (r), and for sites g(r), are displayed in Fig.
3 at two temperatures, namely 400 K (well into the liq-
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FIG. 2. Total energy as a function of temperature. The
dashed lines are guides to the eye.
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FIG. 3. (a) Radial distribution function for centers of mass,

g, . (r), at 400 K (full line) and 266 K (dashed line). (b) Same
thing for sites, g(r).
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systems, with a relatively sharp first peak at about 1.5
, whose intensity increases upon cooling. The static

structure factor of mterphenyl has been measured re-
cently by Bartsch et al. using neutron scattering [35].
In contrast to our results, they find that the first peak is
split, with maxima at 1.4 and 1.9 A i. The temperature
dependence of S(q) was also investigated in this study:
It was observed that the intensity of the first subpeak,
at 1.4 A i, is essentially independent of temperature,
while the intensity of the 1.9 A i supbeak increases upon
cooling, in a continuous (approximately linear) manner.
The second subpeak, therefore, is not related to the dy-
namical anomalies predicted by MCT at the glass transi-
tion (nor is, of course, the T-independent first subpeak).
Bartsch et al. also conclude, from their experiment, that
the changes in the second subpeak intensity with tem-
perature correspond to changes in the short-range ( 10—
15 A) intermolecular structure, while the intramolecular
structure depends very little on temperature.

Our model for o-terphenyl, as the above comparison to
structure factor measurements demonstrate, gives only
an approximate description of the static intermolecular

structure (and provides no information about the in-

tramolecular structure). The aIm of the present study,
however, is to investigate the dynamics of relaxation. In
view of the conclusion by Bartsch et aI that the temper-
ature dependence of the intermolecular structure is not
related to the dynamic anomalies predicted by MCT, we

expect that the deficiencies of our model wiD be of little
consequence in the study of the dynamic behavior of o-

terphenyl. An interesting extension of the present work,
evidently, would be to include all hydrogen particles as
well as the tilt angle between the benzene rings in our
three-body model, in order to understand the details of
the intermolecular structure.

C. DifFusion coefBcient

We have determined the diffusion coefficients at sev-

eral temperatures by taking the slope of the long-
time limit of the mean-square displacements, D,
limi~ (~R; (t) —R;. (0)~2) j6t [23]. The results are
given in Table I. The diffusion constant drops rapidly
upon cooling, and there comes a point in temperature,
here about 266 K, where it is no longer possible (be-
cause of statistical inaccuracies) to extract meaningful
values from the long-time behavior of the mean-square
displacements. The corresponding (high-temperature)
experimental numbers [34] are 60x10 r cmobs i at 400
K —a value we used to fit the parameters of our model—and 22x10 cm s at 363 K, in line wiCh our re-
sults. In Sec. IIIE we will study the diH'usive motion in
more detail by considering the self-part of the van-Hove

correlation function.

D. Intermediate scattering function
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Direct information on relaxation processes in the
liquid and supercooled (glassy) phases is provided by the
real-time density-density correlation function, or "inter-
mediate scattering function" [36],
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F(q, t) = ) ) exp[iq (R (t) —Rte(0)N).
i,j=1a,5=1

(3.1)

Here, R,, (t) denotes the position of "site" a in molecule
i at time t [cf. Eq. (2.1)]. For an essentially isotropic
material like a liquid or a glass, the angular dependence
vanishes, i.e. , E(q, t) = I"(q, t). This function is of ut-
most interest since it is available from inelastic neutron-
scattering experiments by an inverse Fourier transform
of the dynamic structure factor, S(q, u).

0 0
0.0 Oe5

I I I I I I I I I I

1.0 1.5 2.0 2.5 3.0
wave vector q (k')

Self correlations for -sites

FIG. 4. (a) Static structure factor for centers of mass,
S,.~.(q), at 400 K (full line and closed circles) and 266 K
(dashed line and open circles). (b) Same thing for sites, S(q).

The neutrons essentially see only the hydrogens in 0-

terphenyl, and the scattering is incoherent, i.e., it is the
self-part S'(q, ur) [or equivalently I" '(q, t)] which is mea-
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sured, corresponding most closely to scattering by the
sites here. We have calculated this function [by retaining
only terms with i = j and a = b in Eq. (3.1)] for several
wave vectors, and in particular for values of q close to
the ones investigated by Bartsch et al. by neutron scat-
tering [12]. We show in Fig. 5 the results for two specific
wave vectors, namely q = 1.35 and 1.94 A [i.e. , near
the first maximum of the static structure factor and at
the minimum which follows —see Fig. 4(b)], at several
temperatures through the glass transition.

As evident from Fig. 5, density-density correlations are
short-lived in the high-temperature liquid, and I" (q, t)
decays rapidly. When temperature is lowered, however,
relaxation slows down dramatically (note the logarithmic
time scale) and pronounced stretching is observed. This
slow (long-time) decay corresponds to a relaxation. At
T = 266 and 255 K (the latter is not shown), signs that
such relaxation processes are still taking place are visi-
ble; for temperatures beyond this point, however, I" '(q, t)
exhibits no decay —except for the initial microscopic re-
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o 06
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U) 04
~~
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m 02
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100 1000
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FIG. 5. (a) Self-part of the intermediate scattering function
for sites, F'(q, t), vs time, for wave vector q = 1.35 A, for
the various runs discussed in the text, as indicated (cf. Table
I); the dashed lines are fits to the KWW expression. (b) Same
thing for q = 1.94 A

laxation —for times less than 10 s, corresponding to
the time window accessible in our simulations: thus, the
system is "structurally arrested" on this time scale.

As other studies —either numerical or experimen-
tal demonstrate, the slow a process is well fitted by
a stretched exponential, or Kohlrausch-Williams-Watts
(KWW) law,

fKww (q, t) = «xp[ —(tj~) ] (3.2)

where w is a relaxation time, 0 & P & 1 is the stretching
exponent, and a is the amplitude. We have performed,
for each wave vector, and at each temperature at which
it was possible, a nonlinear least-squares fit of F'(q, t) to
the KWW law. We have allowed all three parameters a,
P, and r, to vary independently, and they were assumed
to depend on both temperature and wave vector.

Since the stretched exponential only describes the Long

time behavior, a time window tq & t & t2 has to be cho-
sen over which the fit is done. The upper limit, t2, was
determined simply by the time extension of the MD sim-
ulation, taking care to avoid the statistically poor region
of the function near maximum time. The choice of lower
limit tq on the other hand, is a source of concern, and re-
sults in some uncertainty on the fitted parameters. Using
t~ = 3 ps, we obtain [a, P, v] = [0.559, 0.69, 0.317 ns] for
run G with q = 1.94 A ~, which can be compared with
the result for tt ——10 ps, [0.533, 0.77, 0.340 ns]. The fit is

slightly better using tq ——10 ps. We adopted this value,
therefore, and in order to bias the fit as little as possible,
chose t& to be the same for all temperatures and all wave
vectors. As an illustration, the resulting fits are given,
together with the computed functions, in Fig. 5.

Indeed, a stretched exponential describes very well the
observed long-time decay at all temperatures. The full
set of numerical values for the various parameters are
given in Table II for all three wave vectors considered
here. It is important to note that at the highest tem-
peratures, T ) 310 K, the time decay is so rapid that
the results, in particular for the amplitude a, are some-
what sensitive to the fitting procedure. At low tempera-
tures, on the other hand, a can be accurately determined
but, because the relaxation time is much longer than the
simulation time, the stretched-exponential parameters P
and 7. can be extracted only with difhculty. Such uncer-
tainties are indicated by the symbol in Table II and
subsequent ones.

Prom Table II, it is seen that P increases slightly with
decreasing temperature in the range 275—305 K, while
for the wave vector dependence at fixed temperature, we

observe a slight decrease with increasing q. No system-
atic trend can be detected in the neutron-scattering data
[12], either in the T or the q direction, so that detailed
comparisons are difficult. Our q—T-averaged value of P,
0.73, nevertheless, is slightly larger than the neutron-
scattering value of about 0.6, but agrees better with the
specific-heat —thermal-conductivity value of about 0.75
(at 270 K) [37]. In view of the simple model we are
considering, the somewhat approximate character of the
KWW fits, and the large uncertainties in the experimen-
tal P values, we conclude that agreement is relatively
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TABLE II. Parameters of the fit to the KWW law, Eq. (3.2), of the self-part of the site-site
intermediate scattering function, I"(q, t), for three difFerent values of the wave vector q; a is the
amplitude, P is the stretching exponent, and r is the relaxation time. The symbol indicates that
a value is approximate —see text.

C
D
E
F
G
H
I
J
K
L
M

318
305
291
281
275
266
255
205
173
133
101

Run T (K)
a

0.671
0.698
0.695
0.704
0.722
0.767
0.786
0.824
0.851
0.896
0.922

1.35 (A )
P r (ns)
0.81 0.031

0.73 0.112
0.76 0.273
0.77 0.264
0.80 0.577

~0.35 ~237
0.40 ~119

a
0.440

0.502
0.492
0.504
0.533
0.595
0.624
0.681
0.726
0.801
0.850

1.94 (L )
P r (ns)
0.80 0.017

0.67 0.060
0.72 0.158
0.75 0.149
0.77 0.340
0.30 132
0.35 ~71

a
0.283

0.345
0.332
0.348
0.371
0.437
0.472
0.541
0.604
0.701
0.768

2.49 (A )
P r (ns)
0.77 0.011

0.62 0.036
0.69 0.105
0.71 0.097
0.75 0.233
0.29 58

~0.32 ~39

good between model and experiment. Similarly, a de-
tailed comparison of the calculated q and T-dependence
of the relaxation times with experiment cannot be af-
forded, but we find r to decrease both with temperature
and wave vector, as expected for diffusive motion.

The amplitude parameter a = a(q, T) for a processes
has often been identified with the "nonergodicity param-
eter" of MCT, which signals, the presence of a dynamical
instability in the system at a "critical temperature" T,
[4]. Our results for this quantity for site-site correlations
are listed in Table II, and also plotted in Fig. 6 for clarity.
At low temperatures, a(q, T) clearly is well described by
the corresponding expression for a harmonic Debye sys-
tem, viz. lna = Wq2T (whe—re W is a constant inde-
pendent of both q and T), as indicated by dashed lines in
Fig. 6. However, for T ) 250 K, the system exhibits sub-
stantial departure from linearity, i.e., becomes strongly
anharmonic; a(q, T) appears to fiatten out for tempera-
tures above 280 K which would corrrespond, therefore,
to the T, of MCT.

The physical significance of this non-Debye character
of a(q, T) remains unclear, but very similar behavior has
been observed in neutron-scattering measurements of the
elastic intensity [12] (equivalent to the nonergodicity pa-
rameter), which can also be interpreted in terms of a
Debye-Wailer factor (or more correctly Lamb-Monbauer
factor), S'(q, tu 0) exp( —(rz)q2/3). In addition to
the normal Debye (harmonic) decrease with temperature,
the elastic intensity suffers an anomalous (nonharmonic)
decrease when approaching a temperature found in the
experiments to be located at 290 6 5 K, in close agree-
ment with our own value for T, and somewhat above the
calorimetric Ts [The magn. itude of a(q, T) differs, how
ever, but the temperature dependence is entirely similar;
again, we do not expect the magnitude to show detailed
agreement since our simple model assumes that the neu-
trons are scattered by the centers of the benzene rings
(the sites), rather than the hydrogen nuclei. ] Thus, our
model appears to reproduce the essential relaxation fea-
tures seen in the incoherent neutron-scattering studies
[12]. In addition, analysis of our data in terms of the dy-
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FIG. 6. Amplitude ("nonergodicity parameter") a(q, T) vs
temperature for the three wave vectors q = 1.35, 1.94, and
2.49 A . The points at 318 K carry large error bars be-
cause of the rapid decay of I" '(q, t) (cf., e.g. , Fig. 5) and the
somewhat large and negative pressure (cf. Table I). We show
these values by open circles. The dashed lines correspond to
the usual linear dependence in the low-temperature harmonic
regime.

namical susceptibility y'" (q, u) = wS'(q, ur) (Ref. [22])
suggest, consistent with depolarized light scattering ex-
periments [17,38], the existence of a fast process on the
time scale 3—20 ps.

We present the above analysis in order to make con-
tact with neutron scattering experiments [12],which also
identifies the amplitude of the KWW law with the non-
ergodicity parameter of MCT; our calculations demon-
strate that, to the least, our model is consistent with
neutron-scattering data. In order to carry out a detailed
test of the predictions of MCT, however, the full time de-
pendence of the scattering function, i.e., over many more
decades in time than provided by our MD simulations,
should be used. Our simulations are limited to times less
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than 1 ns —much too short for a meaningful and con-
clusive comparison to be effected since, as noted above,
the correlation function at temperatures near T will not
decay to zero on this time scale. Neutron-scattering
experiments, in fact, face similar problems, while tech-
niques such as light scattering cover a considerably wider
frequency (or time) domain (see, e.g., Refs. [19]and [39]),
and are thus much more appropriate for putting the MCT
to test.

It should be remarked that for temperatures T,=280 K
and below, the calculated intermediate scattering func-
tion exhibits substantial decay; only for T (266 K is a
clear plateau observed. The existence of a plateau sig-
nals, according to the idealized version of the MCT, the
transition of the system to a nonergodic state, and de-
fines T,. There are definite uncertainties in our estimate
of the critical temperature arising &om the fitting proce-
dure, i.e., as we have just seen, our approach might sim-
ply be too crude to allow a proper comparison to be car-
ried out. It must be said, also, that processes neglected
in the idealized version of the MCT may become impor-
tant at these temperatures. In the extended version of
the MCT, "thermally activated hoppiag processes" have
been incorporated that restore ergodicity below T, and
inBuence the long-time decay of the intermediate scatter-
ing function around aad below T, . Whether or not these
thermally activated hoppiag processes have any relation
with the actual atomic jump-diffusive events, as observed
here in the temperature range 250—270 K (discussed in
Sec. IIIE), is an issue which reaiaias to be resolved.

In summary, while our simulations support the exis-
tence of a critical temperature T, somewhat above the
calorimetric Ts, consistent with neutron-scattering ex-
periments, they do not, and cannot, because of model
limitations (of time, principally), provide a conclusive
test of the detailed predictions of the MCT. We note
that such a test for o-terphenyl was reported recently by
Steffen et al. using depolarized light scattering [19]. In
spite of the large frequency range that was probed (15
decades compared to 6 here), they found it impossible to
unambiguously conclude on the validity of MCT.

simulation cell. We have, therefore, performed a series
of runs on a systexn twice as large in all three directions,
i.e., consisting of 2592 molecules (7776 sites). In view
of the large size of this new system, only modest runs
in time could be a8orded, long enough however to cover
adequately the time window where the osciDations are
visible. The statistical accuracy of the new data, evi-
dently, is inferior to that for the smaller system. The
calculated self-intermediate scattering function for sites
is displayed in Fig. 7 for a few temperatures, together
with the corresponding data for the "normal system. "
Indeed, the "first peak" disappears in the large system,
but reappears at a time approximately twice as large. We
must conclude that the "peak" at about 5 ps is an artifact
of our model. Care must, therefore, be taken when inter-
preting MD time (or frequency) correlation functions on
the intermediate time scale.

8. Center-of-mass and orientotional self corr-elations

and

F„'(q, t) =
N 3

y. ) ~»P['» (»', (~)»', (o))l)
~

~~

~~

~

i=1 a=1

(3.4)

f.0

Our model for o-terphenyl is rigid and no intra-
molecular motion exists. Still, the molecule can rotate
and, therefore, F'(q, t) coatains contributions from both
translational and orientational motion. Individual con-
tributions can be isolated by determining the following
two functions:

F; (, t) = — ) exp[iq (R; (t) —R '(0))])
i=1

(3.3)

2. Size dependence

The use of periodic boundary conditions may manifest
itself in time correlation functions as a local disturbance
that can propagate through the system and reappear "at
the same place" (modulo the periodicity of the system)
at a later time, albeit in attenuated form. The time scale
for this feedback effect is of the order of L/c, where L
is the linear size of the periodic cell and c is the sound
velocity. In our case, we find L/c 3 ps with L = 50 A
and using a reasonable sound velocity of c = 1500 m/s
[40].

One notes, in Fig. 5, the presence of oscillations on
an approximately temperature-independent time scale of
a few (about 5) ps. Since this corresponds to the time
domain over which the fast relaxation mode is seen in o-
terphenyl, it is important to assess whether the observed
feature is real, or if it arises kom our use of a finite MD
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FIG. 7. Self-part of the intermediate scattering fuaction for
sites for the 2592-molecule system {dashed lines), compared
to the normal-size system {324molecules —full lines), at the
three temperatures indicated, for q = 1.94 A
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TABLE III. Parameters of the fit to the KWW law, Eq. (3.2), of the self-part of the intermediate
scattering function for centers of mass, E; (q, t), and orientations, E„'(q, t), for q = 1.94 A; a is
the amplitude, P is the stretching exponent, and v is the relaxation time. The symbol indicates
that a value is approximate —see text.

Run

C
D

F
G
H
J
M

T (K)

318
305
291
281
275
266
205
101

a
0.585

0.638
0.622
0.644
0.672
0.724
0.784
0.906

Centers of mass

0.87
0.76
0.84
0.81
0.82

~0.34

v. (ns)
0.024

0.080
0.195
0.190
0.420
~138

a
0.868

0.763
0.747
0.756
0.777
0.789
0.849
0.935

Orientations

0.59
0.67
0.75
0.72
0.73
0.53

~ (ns)
0.035

0.151
0.337
0.341
0.743
~43.9

which are the analog, for center-of-xnass and orientational
motion, of the intermediate scattering function F'(q, t).
Though these quantities are not available &om exper-
iment, they can readily be extracted &om our simula-
tions, and will be used as probes in order to determine
individual contributions to relaxation.

Just as with F'(q, t), we have fitted the center-of-mass
and orientational functions to the KWW law, Eq. (3.2);
as an illustration, we give in Table III the results for
wave vector q = 1.94 A. ~. The qualitative behavior of
F; (q, t) and F„'(q, t), we find, is very much the same
as that of F'(q, t). This indicates that, at least in the
range of texnperatures investigated, translational and ro-
tational motions are strongly coupled, so that the struc-
tural changes that take place during a relaxation must
involve both types of motion.

Quantitatively, there are only small difFerences be-
tween the various scattering functions. The orienta-
tional correlation function shows somewhat more stretch-
ing than the correlation function for centers of mass, P„=
0.72 vs P, = 0.81, where P is the average value for the
exponent P in the stretched exponential (utilizing only
the "reliable" values). The corresponding value for site-
site correlations is P = 0.73, i.e., very similar to that for
orientational motion. This would indicate that center-of-
xnass motion is more liquidlike than orientational motion
(P = 1 in a simple liquid). The temperature dependence
of the relaxation time v, on the other hand, is found to be
quite similar for site and center-of-mass dynamics, with
the a relaxation slower for orientational motion.

We have tried to determine whether the large anhar-
monicity seen in the nonergodicity parameter for sites,
Fig. 6, is mainly caused by center-of-mass or by orienta-
tional motion. We 6nd, by considering the values of the
amplitudes in Table III, that both kinds of motion be-
have in a comparable way. We conclude, therefore, in line
with the above discussion, that the observed anharmonic
behavior on approaching T cannot be characterized as
either primarily orientational or primarily translational.

Total ifaternaeChate scatterihag fuhactioha

In order to assess the relative importance of self-
(incoherent)contributions to the full scattered intensity,

we have calculated the total intermediate scattering func-
tion F(q, t) for sites, defined in Eq. (3.1). The evolution
in temperature of this function, normalized with respect
to its initial value, F(q, t)/F(q, 0), for the case q = 1.94

, is displayed in Fig. 8. This should be compared with
the corresponding data in the case of self-correlations,
Fig. 5(b). Evidently, the behavior of the two functions
are very similar, which indicates that the dynamics is
dominated, at this wave vector, by the single-particle
motion. Indeed, we have fitted, again, the calculated
functions to the KWW expression; the resulting param-
eters are presented in Table IV. The values for P and v
are quite similar to those for self-correlations, Table II,
while the values for a are quite different, refiecting the
fact that a, basically a form factor [4], includes informa-
tion on structural aspects, which diHer for self- and total
parts.

E. Self-part of the van-Hove correlation function

1.0
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FIG. 8. Total intermediate scattering function for sites nor-
malized to unity at t=0, E(q, t)jE(q, t = 0), vs time, for wave
vector q = 1.94 A. , for the various runs discussed (cf. Table
I); the dashed lines are fits to the KWW expression.

We now examine the molecular origin of the meso-
scopic relaxation phenomenon in real space. A detailed
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TABLE IV. Pararameters of the Gt to the KM' q.

F(,t), fo = 1 94 ~r q = . ; a is the amplitude & is
ing exponent and ~ ' , ~& is the stretch-

, an ~ is the relaxation time.
indicates that a value is aa a va ue is approximate —see text.

T (K)
318
305

0.69

291
0.68

281
0.71

275
0.80

266
0.77

205
0.17

101

r (ns)
0.012

0.055
0.129
0.132
0.246

328

Run
C
D
E
F
G
H
3
M

a
0.395

0.369
0.364
0.371
0.385
0.500
0.577
0.800
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tion. This should be contrasted with the corresponding
function for center-of-mass motion, G; (r, t), shown in
Fig. 10 (for the same temperature of 266 K), which goes
to zero more rapidly. The difference between G; (r, t)
and G'(r, t), therefore, must come from the motion of the
molecules about their centers of mass, i.e., reorientations.
In fact, direct observation of the orientational trajecto-
ries of the molecules reveal the existence, even at such low
temperatures, of a n»aber of "two-level system" reorien-
tations of the molecules in the near absence of center-of-
mass motion, corresponding to the strongly hindered mo-
tion of molecules temporarily trapped in the cage formed
by surrounding molecules; these results are presented in
Ref. [23]. The small differences between center-of-mass
and orientational motion at low temperatures (266 K) are
most clearly revealed by the van-Hove correlation func-
tion, even though they are in principle present in the time
dependence of the intermediate scattering function.

It has been observed, as already mentioned in the in-
troduction, that rotational and translational motion "de-
couple" below T, [16];our results, however, suggest more
the opposite conclusion; translational motion becomes
slower compared with rotational motion. However, our
simulation can only provide data in the ns time region
and we, therefore, cannot say anything about the dynam-
ics on longer time scale.

To reveal the strictly orientational motion in more de-
tail, we have determined the average time-dependence of
the orientation in space of the molecules. We introduce,
for this purpose, the angles 8,. (t) defined by

8, (t) = o '[(;(t),(0))) (,(0);(0))l, (3.6)

where u, is defined in Eq. (2.1), and examine the distri-
butions of these angles,

IV. SUMMARY AND CONCLUSIONS

Molecular-dynamics simulations have been used to
study relaxation in the van der Waals glass-former o-

0.10 I I

middle site (a)

.o 0.05—

M
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is for the middle site of the molecule, while Fig. 11(b)
corresponds to the average of the two end sites. At short
times, P(8, t) is strongly peaked around 8=0; at suffi-
ciently long times, if the orientation of a molecule is un-
correlated to its initial value, as is the case in a liquid,
P(8, t) would approach sin(8)/2. The former is more or
less the case here, as the system is essentially &ozen on
the time scale of the simulation. We Bnd here that a
minute —but nevertheless clear —"second" peak devel-
ops at long times (close to about 90'), particularly evi-
dent for the middle site. This is a direct manifestation of
the existence of jumplike reorientations of the molecules,
analog to translational jump difFusion in atomic systems
at low temperature. Thus, even at low temperatures,
some motion is taking place on the ns time scale that
cannot be characterized as simple vibrational motion.

P'(e, t) = — ) b[e —1; (t)]) .
i=1

(3.7)

We show, in Fig. 11, the evolution in time of the tail of
the distributions at a temperature of 266 K; Fig. 11(a)
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terphenyl. The molecule was treated as a rigid three-site
complex, each site playing the role of a whole benzene
ring, so that intramolecular motion was not taken into
account. A total of 14 difFerent temperatures were inves-
tigated in the range 100 K (T ( 400 K, with the longest
ones extending in time to a few ns.

In order to characterize the relaxation processes, we
have focused our attention on the intermediate scatter-
ing function I"'(q, t), also accessible in neutron-scattering
measurements, and its real-space Fourier transform, the
van-Hove self-correlation function G'(r, t), which pro-
vides a detailed picture of the microscopic motion. Our
results may be summarized as follows:

(i) At high temperatures, 320 K ( T ( 400 K, the
system behaves more or less as an ordinary liquid, with
the diffusion coefficient for centers of mass D, ranging
from 60x10 down to about 10x10 v cm2s

(ii) At lower temperatures, 270 K ( T ( 320 K, the
relaxation slows down considerably and we 6nd that the
long-time decay is well described by a Kohlrausch law.
The zero-time amplitude of this process, the "nonergod-
icity parameter" of the mode-coupling theory, which can
also be interpreted as a Debye-Wailer factor, is seen to
depart from a harmonic (linear) temperature dependence
and exhibit a "singular" behavior at about T, = 280 K,
a temperature substantially larger than the conventional
glass transition temperature Tg = 243 K. This result cor-
relates well with neutron-scattering data [12], as well as
with the predictions of mode-coupling theory [4], though
statistical limitations do not allow a precise comparison
to be carried out. We find, additionally, that the ob-
served anharmonic behavior around T„as well as the
decay of the scattering functions, is equally evident from
both orientational and translational correlations. The
latter observation indicates that the structural changes
that take place during a relaxation are neither specifi-
cally orientational nor specifically translational.

The van-Hove self-correlation function G'(r, t) ex-
hibits, at these temperatures, a strong non-Gaussian spa-
tial dependence at intermediate and long times and we
6nd in addition that comparatively few molecules make
large contributions to this motion [21]. In contrast to
the case of simple atomic systems [26,41], we see no sign
in Gs(r, t) of the two-peak feature that is a signature of

jump-diffusive motion.
(iii) At slightly lower temperatures, 250 K (T ( 270

K, the system is essentially frozen. However, some re-
laxation is still visible in I"(q, t) and close inspection of
G'(r, t), as well as of the molecules angular distribution
functions, reveals that processes are taking place that
cannot be described as simple vibrational motion. It
is found, in fact, that several molecules undergo rapid
reorientations in the cage formed by the surrounding
molecules, in the near-absence of center-of-mass motion
[23].

It has been observed that, below T„ translational and
rotational motion "decouple, " the rotational motion be-
coming comparatively slower [16]. Our data suggest
more the opposite behavior; the translational motion be-
comes slower compared with the rotational motion, but it
should be kept in mind that the present simulations can
only probe the dynamics of the system on the ns time
scale. In the temperature range of relevance here (250—
270 K), the difFusion coefficient cannot be determined
&om the simulation. Only values down to about 10
cmz s can be extracted with some confidence from the
data, which are several orders of magnitude larger than
the relevant experimental values.

(iv) At even lower temperatures, T ( 250 K, E'(q, t)
decays to a constant value, the "nonergodicity" param-
eter, within a few ps. The system vibrates essentially
harmonically, as deduced from the temperature depen-
dence of that parameter.
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