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Measuring surface energy of solid surfaces using centrifugal adhesion balance
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The standard way to evaluate the solid surface energy using probe liquids relies on contact angle mea-
surements. The measured contact angles rely on visible means and are different from their nanoscopic
thermodynamic values. This compromises the surface-energy predictions so much that the surface energy-values
can be hundreds of percentages higher than expected based on comparisons with different methods as reported in
several studies. We consider the Owen-Wendt approach, which breaks the surface energy to polar and dispersive
components, and present a technique for measuring surface energy of solids using probe liquids. Our method
avoids the need to measure contact angles; instead, it uses solid-liquid work of adhesion measurements which
are performed using a centrifugal adhesion balance. In agreement with the studies mentioned above, we found
that indeed, the surface energies of the measured solids are significantly lower than those based on contact angle
measurements. More importantly we found that our method results in a reasonable breakdown of the surface
energy to polar and dispersive components with a higher polar component for more polar solids. This is in
contrast with the surface energy based on contact angle measurements for which the breakdown did not make
sense, i.e., the measurements reflected higher polar components of the surface energy for less polar solids.

DOI: 10.1103/PhysRevE.110.014801

I. INTRODUCTION

Unlike surface energy of a liquid, the surface energy of
a solid cannot be directly measured. Instead, the contact
angles from a set of probe liquids on a given solid are
used for the determination of the liquids’ work of adhesion
to the solid through the Young-Dupre equation [1]. These
solid-liquid works of adhesion values are then used in several
mathematical models [2–4] to determine the solid surface
energy [5–8]. One problem with all these models is that
they use visible contact angle measurements to estimate the
solid-liquid work of adhesion values. The visible contact
angle values are different from the true, nanoscopic, contact
angles that we need for the surface-energy calculations.
Indeed, people used other methods to study the solid-liquid
work of adhesion. Some of them used techniques such as
atomic force microscopy (AFM) [9,10], AFM with PeakForce
quantitative nanomechanical mapping [11], and scanning
force microscope (SFM) [12], which require significant time
investment, and provide indirect measurements of the work of
adhesion. Others [13–15], as well as the study reported here,
use the centrifugal adhesion balance (CAB), which provides
direct measurements and can take several minutes. All these
studies show that the reliance on visible contact angles
to obtain the work of adhesion through the Young-Dupre
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equation (i) overestimates solid-liquid work of adhesion
measurements typically by hundreds of percentages [9–14],
and (ii) fails to provide suitable qualitative predictions [9–14].
The reason contact angles overestimate the solid liquid work
of adhesion has been attributed [14,16] to minute deforma-
tions (adaptations) [17] that are highest at the triple line (from
which it also starts) [16,18–20]. To address the true surface
energy, Bormashenko et al. showed that the work of adhesion
of a drop depended on the wetting properties of the entire area
on which it rested [21]. Chen and Nosonovsky [22] provide
a limit for the lowest surface energy that one can expect. Yet,
an exact determination of the surface energy of solids is still
lacking. The motivation to obtain an accurate method for mea-
surements of surface energy comes from the need to evaluate
the tendency of airborne particulates to stick to each other or
adsorb other elements, which grows with their surface energy.

In this paper, we describe a method to evaluate the surface-
energy values of solids where, instead of contact angles, it
relies on direct work of adhesion measurement. We con-
sider the Owen-Wendt theory [4] and modify it for our
approach; then, we examine the results and compare them
with those obtained from contact angle measurements. We
see that the results obtained from work of adhesion values are
more reasonable than those obtained by using contact angles.
Specifically, the results obtained with contact angles resulted
in surface-energy values that were significantly higher than
expected, while when relying on the work of adhesion, such
concerns were not observed.
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II. THEORY

A. Selecting the criterion for determination
of the surface energy

As mentioned in the Introduction, the solid-air surface en-
ergy has traditionally been estimated based on measurements
of visible contact angles [23,24]. These values were then
plugged into one of several mathematical models to determine
the surface energy of the solid. There are several contact
angles that can be considered:

(i) The as-placed contact angle. This is best obtained by
carefully placing the drop so that no inertia is added to the
drop when it is placed [25]. The rationale of using this contact
angle stems from the fact that it is the most commonly used
contact angle for such calculations [26,27].

(ii) Advancing contact angle obtained by inflating the
drop. The contact angle is measured at the point the drop
triple line depins. The rationale of using the advancing contact
angle stems from the knowledge [9,10,13,14,28,29] that the
true work of adhesion is lower than the value obtained when
considering the as-placed contact angle in the Young-Dupre
equation. To get a lower work of adhesion we need to have
higher contact angles, namely advancing contact angles.

(iii) Receding contact angle obtained by deflating the
drop. The contact angle is measured at the point the drop triple
line depins. The rationale of using the receding contact angle
is related to experiments in which drops are made to fly off
the surface in the normal direction. In such experiments, as
the drop is pulled and detached from the surface, it obtains a
bell shape temporarily and its contact angle decreases, namely
gets closer to the receding value.

(iv) The weighted average contact angle, θo, calculated
from the advancing and receding contact angles [30]:

θo = cos−1

(
�A cos θA + �R cos θR

�A + �R

)
, (1)

where

�A =
(

sin3θA(
2−3 cos θA + cos3θA

)
)(1/3)

(2)

and

�R =
(

sin3θR

(2−3 cos θR + cos3θR)

)(1/3)

. (3)

The rationale of using this contact angle stems from the
fact that in the case where the energy cost associated with the
advancing contact angle equals that of the receding contact
angle; θo, is (under certain assumptions [30]) the equilibrium
thermodynamic contact angle [31–34].

The contact angles mentioned above provide estimates for
the work of adhesion. As we shall see, all these options
will result in work of adhesion values that overestimate the
one measured using the CAB. Considering literature studies
[9,10,14], these are overestimates of the true of work of ad-
hesion values, and, therefore, also overestimate the surface
energy of the solid.

(v) The work of adhesion measured using the CAB
[14,28,29,35,36]. The rationale of using this option stems

from the fact that CAB measurements are considered to pro-
vide the true work of adhesion values [37,38].

In this paper, we chose to compare the five options
above using the mathematical model by Owen-Wendt [4].
For options (i)–(iv), the Owen-Wendt model is used in the
conventional way, and for the fifth option, we modify it for
CAB measurements so that it directly considers the solid-
liquid work of adhesion.

B. Modifying the Owen-Wendt theory for CAB measurements

The Owen-Wendt theory aims to calculate the surface en-
ergy of a solid by considering it as the sum of the energy
contributions from the intermolecular interactions that give
rise to the interface. They considered particularly dispersive
and polar interactions. Thus, their surface energy, γ12, is de-
scribed by Eq. (4),

γ12 = γ d
12 + γ

p
12, (4)

where the subscript 1 can be solid, liquid, or vapor (subscripts
S, L, or V) and the same for subscript 2, and the superscripts
d and p refer to the dispersive and the polar components.

The Owen-Wendt model is based on the Fowkes model
[39] that was the first to suggest that the interfacial energy,
γ12, of an interface that has only dispersive interactions can be
described by Eq. (5):

γ12 = γ1 + γ2 − 2
√

γ d
1 γ d

2 . (5)

Note that the dispersive interaction is only between phase
1 and phase 2. Phase 1 itself may have other interactions and
so does phase 2, but the only interaction that is common to
both liquids is the dispersive interaction, and therefore this is
the only interaction that causes a reduction in the interfacial
energy between the two phases. For example, for hexadecane
(HD) and water, Eq. (5) would look like Eq. (6):

γHD-water = γHD + γwater − 2
√

γ d
HDγ d

water. (6)

Since γHD = γ d
HD, Eq. (6) has only one unknown and can

be solved for γ d
water.

In Eq. (7), we rewrite Eq. (5) for the case of a solid and
liquid:

γSL = γSV + γLV − 2
√

γ d
SVγ d

LV. (7)

To solve Eq. (7), Fowkes considered the Young equation
[Eq. (8)]:

γSV = γSL + γLV cos θ, (8)

and from Eq. (8) and Eq. (7) we get Eq. (9),

cos θ = −1 + 2
√

γ d
SV

(√
γ d

LV

γLV

)
. (9)

Equation (9) can be solved using data for the dispersive
components of the liquid’s surface tension, γ d

LV . To get γ d
LV ,

Fowkes used liquids that had only dispersive interactions
(specifically hydrocarbons) and measured their interfacial ten-
sions with another liquid whose surface tension was known
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TABLE I. Liquid-vapor surface tension of the four probe liquids used in this study.

Polar components of the Dispersive components of Liquid-vapor
interfacial tension the interfacial tension interfacial tension

Probe liquids (γ p
LV) (γ d

LV) (γLV = γ
p

LV + γ d
LV)

Water 51.0 21.8 72.8
Glycerol 30.0 34.0 64.0
Ethylene glycol 19.0 29.0 48.0
Diiodomethane 2.30 48.5 50.8

(e.g., water). Then, he used Eq. (6) to solve for the disper-
sive components of the surface tension of the water or other
liquids.

From Eq. (9), Fowkes calculated γ d
SV by creating a plot of

cos θ vs (
√

γ d
LV

γLV
). Theoretically, it should form a straight line

with a slope of 2
√

γ d
SV. Since the interception with the y axis

is always fixed (−1), just one measurement of the contact an-
gle (θ ) is enough to figure out the dispersion force component
of the solid (γ d

SV) if the measurement is done using a liquid
whose dispersive surface energy is known [cf. Eq. (6)].

Later, Owen and Wendt provided a more generalized form
for Eq. (5) by including the contributions from the polar
components as well [Eq. (10)]:

γSL = γSV + γLV − 2
√

γ d
SV

√
γ d

LV − 2
√

γ
p

SV

√
γ

p
LV. (10)

Thus, based on Eq. (10), Eq. (9) can be given in a more
generalized form as

γLV(1 + cos θ )

2
√

γ d
LV

=
√

γ d
SV +

√
γ

p
SV

⎛
⎝

√
γ

p
LV

γ d
LV

⎞
⎠, (11)

where, in the linear equation y = ax + b, y = γLV(1+cos θ )

2
√

γ d
LV

,

a =
√

γ
p

SV, x =
√

γ
p

LV

γ d
LV

, and b =
√

γ d
SV.

Generally, a plot of ( γLV(1+cos θ )

2
√

γ d
LV

) vs (

√
γ

p
LV

γ d
LV

) for different

probe liquids should give a straight line with a slope that
equals

√
γ

p
SV and an intercept with the y axis that equals

√
γ d

SV
[40]. The intercept represents the square root of the dispersive
component, and the slope represents the square root of the
polar component of the solid surface energy. Finally, the solid
surface energy is obtained by adding the squares of the slope
and the intercept to obtain Eq. (4).

Note that both Fowkes and Owen-Wendt models do not
consider work of adhesion, yet the equations of both models
include the expression γLV(1 + cos θY ), which happened to
represent the work of adhesion, WSL, according to the Young-
Dupre equation [Eq. (12)]:

WSL = γLV(1 + cos θY ), (12)

where θY is the Young equilibrium contact angle. However,
the measured macroscopic contact angle differs from the
Young one, which is nanoscopic [16]. It can be advancing,
receding, as placed, or anything in between. As we shall see,
all these contact angles result in overestimated work of adhe-
sion values. We write Eq. (13) for these, contact angle-based

(and overestimated) works of adhesion values:

WSL, CA = γLV(1 + cos θapparent ), (13)

where WSL, CA represents the work of adhesion values cal-
culated using the different contact angles mentioned earlier,
which is represented by θapparent.

In our case, since we can measure the work of adhesion
directly, we replace γLV(1 + cos θ ) in Eq. (11) with the
CAB measured work of adhesion, WSL, CAB. In this case,
the work of adhesion is obtained from the force at which the
three-phase contact line starts shrinking spontaneously, which
we term here the pull-off force, FD, and the corresponding
diameter as Dp:

WSL = FD

πDp
, (14)

where Dp is the diameter from which the drop starts shrinking
spontaneously. Considering that the CAB may have its own
experimental errors, we use the term WSL, CAB to represent the
CAB measured work of adhesion.

Now, we rewrite Eq. (11) as Eq. (15) below:

WSL

2
√

γ d
LV

=
√

γ
p

SV

√
γ

p
LV

γ d
LV

+
√

γ d
SV. (15)

A plot of ( WSL

2
√

γ d
LV

) vs (

√
γ

p
LV

γ d
LV

) for different probe liquids

should give a straight line with an intercept of
√

γ d
SV and a

slope of
√

γ
p

SV, from which we calculate the surface energy of
the solid-vapor interface according to Eq. (4).

The Owen-Wendt method [4] considers probe liquids.
These are liquids whose surface tensions are theoretically
decomposed into two parts, polar and dispersive components,
whose sum gives the surface tension of the liquid [41–43]. The
most common probe liquids used in the Owen-Wendt method
for the evaluation of the solid’s surface energy are listed in
Table I along with their liquid-vapor interfacial tensions
[44,45].

C. Determination of the work of adhesion using CAB

The way to determine the solid-liquid work of adhesion via
CAB measurements was discussed in the past [14]. Briefly, we
increase the weight of a suspended drop at constant mass, by
increasing the effective gravity pulling on it, and measure the
reduction in the diameter of the drop. As mentioned earlier, at
the pull-off force FD, the drop diameter shrinks spontaneously,
following which the whole drops either detaches from the
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FIG. 1. A graph that shows the force pulling on a drop, f⊥, vs.
the drop’s circumference as a negative abscissa. Once the force in-
tersects with the thermodynamic limit, the circumference of the drop
decreases spontaneously. This spontaneous reduction is represented
by the green line. (Based on Tadmor et al. [14]).

solid or, if the necking is thin enough, the neck itself snaps.
Provided this shrinkage is indeed spontaneous (namely can
occur without an increase in the force), this detachment of the
drop happens when the retention force reaches its thermody-
namic limit as shown in Fig. 1.

Figure 2 shows pictures of a water drop that is subjected
to a normal force (induced by the CAB) that pulls on the
drop and eventually detaches it from the Octadecyl trimethoxy
silane (OTMS)-coated silicon surface, while leaving a baby
droplet behind. We see that as the force increases, the droplet
elongates until the normal acceleration reaches –4.8 g (its
thermodynamic limit, cf. FD in Fig. 2) from which the drop’s
circumference reduces spontaneously.

The calculation of the work of adhesion is based on an
analogy to Tate’s law, i.e., using the critical diameter that
corresponds to the point at which the drop starts shrinking
spontaneously without the need to further increase the force.
Note that the point of detachment in Fig. 2 corresponds
to the fourth frame, not the fifth. The fifth represents the
liquid-liquid snapping, which corresponds to the liquid-air
surface tension, while the fourth corresponds to the sponta-
neous shrinkage of the triple line, which represents the work
of adhesion. Both in Tate’s surface tension case and in our
work of adhesion case, the end of the process does not repre-
sent a thermodynamic property. In Tate’s law, the end of the
process is the detachment of the last two molecules, while the

FIG. 3. Schematics describing the CAB alignment when the
summation of the lateral forces is zero and the normal force is pulling
on the drop. As the normal force increases, the drop gets elongated
and eventually detaches from the surface.

thermodynamic property is described by the spontaneous
shrinkage of the liquid’s neck. In our case, the end of the
process is also described by the detachment of two molecules
while the work of adhesion is described by the spontaneous
shrinkage of the triple line. In both cases a spontaneous
shrinkage event determines the thermodynamic property.

III. METHOD AND MATERIALS

In our study, the solid-liquid work of adhesion is measured
by increasing the effective gravity pulling on a drop of con-
stant mass so that it becomes heavier until it detaches from
the solid-liquid interface. We then look for a critical force
beyond which there is a spontaneous reduction in the drop’s
width (namely, the circumference will continue reducing even
if the force is not increased). To increase the drop’s weight the
CAB combines gravitational and centrifugal forces such that
their lateral components cancel each other but their normal
components add up and are gradually increased while pointing
to the same direction (normal pulling).

A schematic diagram of the CAB is shown in Fig. 3.
Equations (16) and (17) describe the relation between the
gravitational and the centrifugal forces and the resultant

FIG. 2. Pictures of 8.0-µl water drop on an OTMS-coated silicon surface, during a CAB run of an increasing normal force (effective
gravity) which pulls on the drop, where g is the gravitational acceleration.
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normal and lateral forces ( f⊥ and f‖) acting on the drop:

f‖ = m(ω2R cos α − g sin α), (16)

f⊥ = m(ω2 R sin α + cos α), (17)

where m is the drop’s mass, ω is the CAB angular velocity,
R is the drop’s distance from the CAB’s center of rotation, g
is the gravitational acceleration, and α is the tilt angle with
respect to the horizon. For the experiments done in this study,
f‖ = 0 was maintained while f⊥ was gradually increased.

In order to ensure that the droplet volume remains constant,
we seal the drop with an optically transparent hemisphere.
In addition, for longer experiments, we also place several
droplets (satellite droplets, whose volume is smaller than
the main droplet) around the main droplet so that the air in
the hemisphere gets saturated quickly. The relative humidity
inside this closed environment reaches roughly 96% within
about 3 minutes [46], which suppresses the evaporation of the
main droplet.

Other techniques for measuring forces between a drop and
a solid surface use a force gauge that is attached to a solid
object that, in one way or another, touches the drop such
as the drop adhesion force instrument (DAFI) [47] or other
methods [48,49]. The uniqueness of the CAB relates to two
features: (1) No external object touches the drop. Instead,
the measured forces are the body forces acting on the drop;
and (2) It allows for decoupling between the gravitational
and centrifugal forces allowing any combination between the
lateral and normal body forces [14,28,29,35,36,50]. In the
present study, as well as in studies by other authors [15],
the lateral force is set to zero and the effective gravity is
increased gradually (at a pace of that typically ranges from
0.01 µN–0.3 µN/s).

Materials

Surface energy was measured for four different surfaces.
The PTFE (polytetrafluoroethylene, a 1.6-mm-thick board

(item No. 45446 bought from U.S. Plastic Corp.) was cleaned
with ethanol (99.5%) obtained from Sigma-Aldrich and with
deionized water (Barnstead Nanopure Purification specific
conductance (25 °C)� 0.7 × 10−6�−1 cm−1). The Teflon was
then dried in vacuum at 100 °C for 15 min.

To obtain silanized surfaces, two different silaniza-
tion processes were practiced on silicon wafers ob-
tained from Virginia Semiconductor, VA (diameter: 76.2 ±
0.3 mm, orientation: 〈110〉 ± 0.9◦, dopant: Boron, resistivity:
0.0034−0.0046�-cm, center thick- ness: 381 µm ± 25 µm).
One silanization was with OTMS [51] (90% technical grade,
CAS No. 3069–42–9) obtained from Sigma-Aldrich, and the
other was with Phenyltrichlorosilane (PTCS) (97% technical
grade, CAS No. 98–13–5) obtained from Sigma-Aldrich.

To silanize the silicon substrates using OTMS, we adopted
the process described in earlier studies [52]. Briefly, in this
process the silicon wafers are initially rinsed with deion-
ized water, then with acetone, and then with deionized water
again. Next, the wafers are dried in a StableTemp vacuum
oven (model No. 5053–10 from Cole-Parmer) at 100 ◦C for
30 min. Subsequently, an ultraviolet-ozone surface treatment
(UV/ozone model No. Procleaner 110) is carried out for
45 min. Following this, the wafers are immersed in 1 vol. %

FIG. 4. (a) The circumference of the triple line of an 8.0-µl water
drop on an OTMS-coated silicon surface vs the normal body force
pulling on the drops. (b) Zoom-in on the end of the run presented in
(a) where the blue arrow shows the values taken for the pull-off force
and the pull-off diameter in Eq. (14). The green line corresponds to
the green line in Fig. 1.

OTMS/Toluene solution at 95 ◦C for 3 hours. Finally, the
silanized surface is rinsed with deionized water and dried in
the vacuum for 45 min at 80 ◦C.

To silanize the silicon substrates using PTCS, we adopted
a similar method which was used to silanize the surfaces
using OTMS. First, the silicon wafers are rinsed with deion-
ized water, then with acetone, and then with deionized water
again. Next, the wafers are dried in a StableTemp vacuum
oven (model No. 5053–10 from Cole-Parmer) at 100 ◦C for
30 min. Subsequently, an ultraviolet-ozone surface treatment
(UV/ozone model No. Procleaner 110) is carried out for
45 min. Following this, the wafers are immersed in 1 vol. %
PTCS/toluene solution at 120 ◦C for 1 hour. Finally, the
silanized surface is rinsed with deionized water and dried in
the vacuum over for 45 min at 80 ◦C.

Paraffin wax (Sigma-Aldrich, CAS No. 8002–74–2) was
obtained in pellet form and melted in a Petri dish to obtain a
flat surface. A rectangular piece of about 2 cm × 1 cm was
cut from it and placed inside the sample holder of the CAB
for the experimental run.

Four different probe liquids with known surface tension
values were used to measure surface energy of the solids:
(1) Deionized water; (2) Glycerol (Sigma-Aldrich, � 99.5%
technical grade, CAS No. 56–81–5); (3) Ethylene glycol (an-
hydrous, Sigma-Aldrich, � 99.8% technical grade, CAS No.
107–21–1); and (4) Diiodomethane (MI) (MilliporeSigma,
�98% technical grade, CAS No. 75–11–6).

IV. RESULTS

We used four liquids to get the surface energy of one solid
surface by linear regression. Figure 4 shows an example of
an experimental run for the work of adhesion of water with
OTMS.

Similarly, Fig. 5 shows an example of an experimental run
for the work of adhesion of ethylene glycol drop to PTFE.

The work of adhesion (WSL) values of the four probe liq-
uids on the four different solid surfaces, obtained using CAB
measurements, are shown in Table II. We see that the work of
adhesion of water is higher for PTFE, OTMS, and PTCS, but
is lower for paraffin wax.

To compare the work of adhesion values shown in Table II
to those obtained from contact angle measurements, we con-
sider four different cases which correspond to four different
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FIG. 5. (a) The circumference of the triple line of an 8.0-µl
ethylene glycol drop on a PTFE surface vs the normal body force
pulling on the drops. (b) Zoom-in on the end of the run presented in
(a) where the blue arrow shows the values taken for the pull-off force
and the pull-off diameter in Eq. (14). The green line corresponds to
the green line in Fig. 1.

ways of measuring contact angles: (1) As-placed contact an-
gle; (2) Advancing contact angle obtained by inflating the
drop; (3) Receding contact angle obtained by deflating the
drop; and (4) The calculated averaged equilibrium contact
angle from the advancing receding contact angles [30]. In
Fig. 6, WSL represents the estimated work of adhesion for wa-
ter with different solid surfaces using five different methods.
Four of them are calculated from Eq. (12) for the four various
ways of obtaining contact angles, and the fifth is the direct
measurements of the work of adhesion obtained using CAB.

Two interesting features that Fig. 6 shows are the
following:

(1) the work of adhesion values that are based on the vis-
ible contact angle measurements usually exceeds those based
on CAB measurements, and

(2) The only exception to the observation above is the
case of water on PTFE. This exception was found to be a
reproducible trait of the PTFE-water system, while not being
a trait of PTFE with any of the other liquids that we used. We
explain this exception as follows: Surface adaptation results
in two seemingly contradicting trends.

Trend 1: On one hand, surface adaptation causes the triple
line to deform, which results in a macroscopic contact angle
that is smaller than the nanoscopic one [16]. This results
in an apparent WSL that is higher than the true one; hence,
apparently, WSL, CAB < WSL, CA.

Trend 2: On the other hand, the adaptation itself causes
an increase in the solid-liquid work of adhesion (WSL) as

FIG. 6. Work of adhesion of water (a) and diiodomethane (b)
with different solids based on: CAB measurements (blue) and contact
angle measurements. CA stands for contact angle, Adv. stands for
advancing, and Rec. stands for receding.

described below: If we consider the dry solid-vapor surface
tension, γSV,dry, as a nonadapted surface, we can write, for the
corresponding work of adhesion,

WSL, old = γSV,dry + γLV − γSL, (18)

where WSL, old represents the true work of adhesion for the case
where the surface outside the drop is either dry or has never
been adapted to a wet environment.

Yet, the CAB measured work of adhesion (WSL, CAB) is
done from a position at which outside the triple line there
is a solid-vapor interface that has already been wetted by the
liquid, and we mark this solid-vapor surface energy as γSV, wet.
We can write

WSL, new = γSV, wet + γLV − γSL. (19)

Now, since γSV, wet > γSV, dry, we can write

WSL, new − WSL,old = γSV,wet − γSV,dry > 0. (20)

Noting that the contact angle measurements are done when
the solid-vapor interface is dry, we see that Eq. (20) can ex-
plain a situation in which CAB measurements give WSL values
that are higher than those measured through contact angles,
for which the surface outside the drop is dry: WSL, CAB >

WSL, CA.
It seems that unlike the other cases measured by us and

by others [9,10,13,14], for the PTFE-water system trend 2 is
more dominant.

According to this explanation, there should be a similarity
between the work of adhesion measured by the CAB and

TABLE II. The work of adhesion measured using CAB (WSL, CAB) for the different probe liquids on different solids, obtained from plots
such as those shown in Figs. 4 and 5.

PTFE OTMS PTCS Paraffin wax
Probe liquids (mJ/m2) (mJ/m2) (mJ/m2) (mJ/m2)

Water 56.3 ± 0.7 53.6 ± 4.1 60.9 ± 4.3 41.3 ± 4.8
(γLV = 72.8 mN/m)
Glycerol 49.2 ± 0.5 50.2 ± 2.2 56.9 ± 3.2 46.5 ± 3.3
(γLV = 63.4 mN/m)
Ethylene glycol 43.8 ± 1.3 37.6 ± 2.1 45.2 ± 2.2 35.9 ± 3.9
(γLV = 47.7 mN/m)
Diiodomethane 47.4 ± 1.2 41.6 ± 1.3 47.7 ± 3.3 49.2 ± 2.2
(γLV = 50.8 mN/m)
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TABLE III. Corresponding x and y values in the linearized
Eq. (15) for the given probe liquids on OTMS-coated silicon surface.

Probe liquids x =
√

γP
LV

γd
LV

y = W SL, CAB

2
√

γd
LV

Water 1.5 5.8 ± 0.45
Glycerol 0.94 4.3 ± 0.20
Ethylene glycol 0.81 3.5 ± 0.20
Diiodomethane 0.22 3.0 ± 0.10

that calculated using receding contact angles. Indeed, this
similarity exists in our results.

In this context, we note that trend 1 is less significant
for water than it is for diiodomethane for all substrates, with
PTFE-water being the only case where it is smaller than trend
2. Trend 1 is also in agreement with the measurements done
by several other groups [9–14], and in some cases [9,10]
it is much more extreme than in our measurements, as de-
scribed in the Appendix (see Fig. 12), and was attributed to
the difference between the nanoscopic contact angle and the
macroscopic one [16].

The energy difference associated with separating two sur-
faces is the work of adhesion. On the other hand, the energy
difference associated with bringing them to contact can, in
principle, be the same, but there are also suggestions that it
may be greater, including attempts to relate it to contact angle
hysteresis [53,54] for the case where the solid molecules do
not undergo molecular reorientation. For the more general
case that includes molecular reorientation, contact angle hys-
teresis mainly results from surface adaptation [16,17], which
relates to lateral effects, not the normal work of adhesion.
While it does not apply to the spontaneous shrinkage of the
triple line, from which we obtain the work of adhesion, the
hysteresis may relate to the path that leads to this event.
Specifically, one can see in Figs. 4(b) and 5(b) that the initial
part of the curve (before the blue arrow) follows an irregular
shape. This irregularity may emanate from the same phenom-
ena that lead to contact angle hysteresis as discussed above,
but the point at which the spontaneous shrinkage of the triple
line occurs is irrespective of that and is the same for different
experiments. The fact that the critical value is the same re-
gardless of the way the system reached that value is what one
expects from a thermodynamic equilibrium.

Using Eq. (15) we can obtain four relations for the four
probe liquids [see, e.g., Eqs. (A1) to (A4) and Table III in
the Appendix]. For example, Fig. 7 shows the data points for
the case of OTMS-coated silicon surface. The slope in Fig. 7

represents the polar component (
√

γ
p

SV), and the intercept with

the y axis represents the dispersive component (
√

γ d
SV) of the

surface energy of the solid surface used.
From Fig. 7 we obtain the slope,

√
γ

p
SV, OTMS = 1.3, and

the intercept with the y axis,
√

γ d
SV, OTMS = 2.8, from which

the surface energy of the OTMS-coated silicon surface is

γSV, OTMS = γ d
SV, OTMS + γ

p
SV, OTMS = 9.9

mJ

m2
. (21)

Above, we demonstrated how to use CAB measurements
to calculate solid-vapor surface energy. In Fig. 8, we compare
it with the way such calculations are done with contact angles.

FIG. 7. A linear fit based on Eq. (15) for the calculation of γ
p

SV

(the slope is
√

γ
p

SV, and γ d
SV (the intercept is

√
γ d

SV, for the OTMS-
coated silicon surfaces based on the experimental data of the work of
adhesion measured using CAB (WSL,CAB).

Figures 8(a) and 8(b) present two important observations:
(1) The curves that correspond to CAB measurements have
a lower intercept with the y axis. This trend was consistent
with all the surfaces that we measured. This represents a lower
dispersive component of the surface energy of the solid; and
(2) There seems to be a disagreement between the slopes
corresponding to the contact angles, and between them and the
slopes of the CAB measurements. Yet, there is actually some
logic here too. For the paraffin wax, the slope corresponding to
CAB measurements is significantly lower than the slopes cor-
responding to any of the contact angles. However, for OTMS
the slope corresponding to CAB measurements is comparable
to that of some of the contact angles (specifically, the advanc-
ing and the equilibrium contact angle). Noting that the slope
represents the polar component of the surface energy, we shall
see later on that this is also in agreement with other measure-
ments where the CAB measurements show lower slopes for
less-polar solid, and higher slopes for more-polar solid, while
contact angles measurements lack a clear trend.

The surface-energy values based on plots such as those
shown in Fig. 8 are calculated using Eq. (12) and presented

FIG. 8. Linear fits based on Eq. (15) for the calculation of γ
p

SV

(the slope is
√

γ
p

SV, and γ d
SV (the intercept is

√
γ d

SV, for (a) OTMS-
coated silicon surface and (b) paraffin wax surfaces, based on the
experimental data of CAB (direct measurements of the work of
adhesion, blue), and contact angle measurements.
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FIG. 9. Surface energy of different solids calculated using exper-
imental data from CAB and contact angles.

in Fig. 9 for various solids. Several important features to note
here include the following: those

(1) The solid surface energy obtained from work of adhe-
sion measurements using the CAB is always lower than that
obtained from contact angle measurements. Since lower work
of adhesion values result in lower surface-energy values, then
this is in agreement with other studies [9,10,13,55].

(2) The intercept with the y axis, which represents the
dispersive component of the surface energy, is always lower
for curves that correspond to CAB measurements than those
that correspond to contact angle measurements. This is, again,
in agreement with the studies mentioned above, and for the
same reason (lower values of work of adhesion agree with
lower values of surface energy).

(3) The slope of the curves, which represents the polar
component of the surface energy, is sometimes lower and
sometimes higher when corresponding to CAB measurements
than when corresponding to contact angle measurements. This
seems not to agree with the studies mentioned above for the
cases in which the CAB-related values are higher. Yet, a closer
look at those results shows that CAB-related values are higher
for surfaces that are expected to be more polar. Thus, if com-
paring more-polar and less-polar solid surfaces, we see that
surface-energy values obtained from CAB measurements are

FIG. 10. Polar components of the surface energies for the four
different surfaces plotted against their respective dipole moments,
based on experimental data from (a) CAB and (b) contact angles.

FIG. 11. Polar components of the surface energy for various
surfaces based on other studies. Different surfaces are represented
by distinct symbols and colors. Squares: paraffin wax [4,56–58]; tri-
angles pointed up: PTFE [22,59–63]; circles: glass [64,65]; triangles
pointing down: Polyethylene terephthalate (PET) [63,66]; diamonds:
OTMS [67,68]; triangles pointing left: PTCS [69]; and triangles
pointing right: Polydimethylsiloxane (PDMS) [63,70,71]. See the
Appendix for more details.

reasonable, while the ones from contact angle measurements
are not.

To quantify this, Figs. 10(a) and 10(b) present the polar
components of the surface energy (γ p

SV) of the four solids
versus their dipole moments. Figure 10(a) presents values
obtained from CAB measurements and Fig. 10(b) presents
values obtained from contact angle measurements. The order
of surfaces presented in the x axis of Fig. 9 was made to match
the increasing order of their dipole moments, starting from the
lowest-dipole moment of paraffin wax and ending with the
highest-dipole moment of PTCS. We see that the curve that
corresponds to the CAB measurements intersects the origin of
the axes as expected theoretically, while those corresponding
to contact angle measurements do not. The slope of the curve
is also reasonable for the CAB measurements, and less so for
the contact angle measurements. Of the four different kinds of
contact angles considered, the advancing contact angle gave
the most reasonable trend, with the lowest y-axis interception
and the highest slope.

In Fig. 11 we show the polar components of the surface
energy of various surfaces, calculated from contact angle
measurements reported in various other studies versus their
respective dipole moments. We see that they do not follow
a reasonable trend as lower-dipole moments correspond to
higher-polar components of the surface energy. This supports
our findings in Fig. 10(b), which shows that the contact angle
measurements fail to reflect the relation between the polar
components of the surface energy and the dipole moment of
the corresponding surfaces. In contrast, CAB measurements
show a reasonable correlation between the two.

V. CONCLUSION

The conventional approach to evaluate surface energy of
solids is through breaking the surface energy to polar and
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FIG. 12. Work of adhesion values of different solid-liquid pairs
from independent experimental studies. Kuna et al. studied adhe-
sion of water on self-assembled monolayer (SAM) and 3D SAM
on nanoparticles. Voitchovsky et al. studied adhesion of water on
calcium fluoride (CaF) and silicon oxide (SiO2) substrate. Tadmor
et al. studied adhesion of water on OTMS and PTCS.

nonpolar components and using contact angle measurements
to estimate the two components. Literature findings show that
this method often leads to overestimation of the surface energy
[9,10,13,55]. In this study, we introduce a method to evaluate
the surface energy which is based on centrifugal adhesion
balance (CAB) measurements. In agreement with the litera-
ture studies, CAB measurements also result in surface-energy
values that are significantly lower than those obtained through
contact angle measurements.

In addition, to quantify how reasonable the surface-energy
evaluations based on CAB measurements are, we use the
fact that materials with higher-dipole moment are also more
polar; hence, there needs to be a correlation between the polar
component of the surface energy and the dipole moment. Our
paper shows that the contact angle measurements do not result
in a reasonable correlation between the polar components of

FIG. 13. Linear fits based on Eq. (15) for the calculation of
γ

p
SV (the slope is

√
γ

p
SV, and γ d

SV (the intercept is
√

γ d
SV, for (a)

PTCS-coated silicon surface and (b) PTFE surface, based on the
experimental data of CAB (direct measurements of the work of
adhesion, brown), as-placed contact angle (black), advancing contact
angle (red), receding contact angle (blue), and equilibrium contact
angle (green).

TABLE IV. The PLL, RLL, and μ values calculated for paraffin
wax and PTFE.

Surface PLL RLL μ =
√

PLL−RLL
20.6 (D)

Paraffin wax 4.65 4.649 0.007
PTFE 12.36 8.752 0.4

the surface energy and the dipole moments of the surfaces. On
the other hand, CAB measurements provide a good correlation
between the two.
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APPENDIX

Figure 12 shows a comparison between work of adhesion
measured by Kuna et al. [9], Voitchovsky et al. [10], and
Tadmor et al. [14] to the work of adhesion calculated using the
Young-Dupre equation based on contact angle measurements.

TABLE V. Details regarding the distinct symbols and colors used
to represent the surfaces in Fig. 11, and the references used.

Surface: legend symbol Legend symbol’s color References

Paraffin wax (Square) Black
Yellow This paper

Red
Blue
Pink

OTMS (Triangle pointing up) Green
Orange
Cyan
Red
Pink
Blue
Black
Altay

Dark blue This paper
PTFE (Circles) Red

Green
Glass (Triangle pointing down) Black

Red
PET (Diamonds) Green

Yellow
Black This paper

PTCS (Triangle pointing left) Blue This paper
Black

PDMS (Triangle pointing right) Green
Yellow
Owen
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1. Sample calculation for OTMS-coated silicon surface

Using Eq. (15) and the values presented in Table I for γ
p

LV
and γ d

LV, we write the corresponding relations for each of the
probe liquids in Eqs. (A1) to (A4):

Water :
WSL

2
√

21.8
=

√
γ d

SV +
√

γ
p

SV

(√
51.0

21.8

)
, (A1)

Glycerol :
WSL

2
√

37.0
=

√
γ d

SV +
√

γ
p

SV

(√
30.0

37.0

)
, (A2)

Ethylene glycol :
WSL

2
√

29.0
=

√
γ d

SV +
√

γ
p

SV

(√
19.0

29.0

)
,

(A3)

Diiodomethane :
WSL

2
√

48.5
=

√
γ d

SV +
√

γ
p

SV

(√
2.3

48.5

)
.

(A4)

In Table III we list the values obtained from our mea-
surements with the probe liquids on OTMS-coated silicon
surfaces.

The values in Table III are used for the curve in Fig. 7. The

slope from Fig. 7 represents the polar component (
√

γ
p

SV), and

the y intercept represents the dispersive component (
√

γ d
SV) of

the surface energy of the solid surface used.

2. Graphs that are used to calculate the surface energies
of PTCS-coated silicon and PTFE surfaces

Figure 13 shows a graphical representation of the slopes
and y axis intercepts based on Eq. (15) for two different
surfaces, considering four different methods.

3. Calculation of the dipole moments (μ) of the four surfaces

The dielectric moments of polymers are found out using
Debye’s equation [72] [given below as Eq. (A5)]:

PLL − RLL = 20.6 µ2, (A5)

where PLL is the molar dielectric polarization according to
Lorentz and Lorenz, RLL is the molar refraction according
to Lorentz and Lorenz, and μ is the dipole moment of the
polymer.

Table IV below shows the corresponding PLL, RLL, and μ

calculated for each polymer.
The dipole moments of OTMS and PTCS were obtained

from Yaw’s critical property data for chemical engineers and
chemists [73].

4. Details of references regarding Fig. 11

Table V below shows the details regarding the references
used for Fig. 11.
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