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Spontaneous deformation and fission of oil droplets on an aqueous surfactant solution
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We investigated the spontaneous deformation and fission of a tetradecane droplet containing palmitic acid
(PA) on a stearyltrimethylammonium chloride (STAC) aqueous solution. In this system, the generation and
rupture of the gel layer composed of PA and STAC induce the droplet deformation and fission. To investigate
the characteristics of the droplet-fission dynamics, we obtained the time series of the number of the droplets
produced by fission and confirmed that the number has a peak at a certain STAC concentration. Since the fission
of the droplet should be led by the deformation, we analyzed four parameters which may relate to the fission
dynamics from the spatiotemporal correlation of the droplet-boundary velocity. We found that the parameter
which corresponds to the expansion speed had the strongest positive correlation among them, and thus we
concluded that the faster deformation would be the key factor for the fission dynamics.
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I. INTRODUCTION

Self-propelled objects have been intensively studied as
examples of nonequilibrium systems. These objects move
through the transduction of chemical energy to mechanical en-
ergy. For example, alcohol droplets [1–3] and camphor disks
[4,5] on an aqueous phase, alcohol droplets on an oil phase
[6], soap disks at an oil-water interface [7,8], aqueous droplets
with a periodic chemical reaction [9,10], and oil droplets in a
surfactant aqueous solution [11–13] are typical self-propelled
objects. They are driven by the surface-tension gradient origi-
nating from the concentration gradient of the chemicals. In the
case that the driving force overcomes the interfacial tension
that tends to keep the droplet shape spherical, they exhibit
shape deformation as well as motion.

Through dynamic deformation, the liquid droplets can also
exhibit fission [1,2,6,9–12]. Nagai et al. reported the sponta-
neous motion, deformation, and fission of a pentanol droplet
on an aqueous surface, and performed the stability analyses
[1]. Keiser et al. discussed the spread and successive frag-
mentation at the periphery of an alcohol-aqueous-solution
droplet on an oil phase based on the experimental results and
scaling analyses [6]. In these systems, once the periphery of
the alcohol droplet is rippled, such deformation grows due to
the instability induced by the interfacial-tension gradient and
finally leads to the droplet fission. Many other studies have
also reported the droplet fission due to the Marangoni effect
[2,9–12,14].

It was reported that a tetradecane droplet containing
palmitic acid (PA) on an aqueous solution of stearyltrimethy-
lammonium chloride (STAC) exhibits spontaneous blebbing
and fission [15,16]. Here, blebbing means the formation of a
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bleb, a spherical deformation that resembles ones observed
in cell deformation [17]. It is suggested that the blebbing
observed in the PA-STAC system is caused by the formation
of the gel layer with lamellar structures composed of PA and
STAC, which was confirmed by time-dependent small-angle
x-ray scattering (SAXS) [18,19].

A bleb expands by the increase of internal pressure caused
by the formation of the gel layer. It shrinks by the increase of
effective interfacial tension caused by the rupture of the gel
layer. The mechanisms for the expansion and the shrinkage
are not symmetric, and the droplet does not recover its shape
after the blebbing. As a result, we observe the significant
distortion of the droplet after the repetition of the blebbing.
Furthermore, the large distortion may lead spontaneous fission
of the droplet [15,21]. Note that the typical timescale of the oil
droplet fission led by the blebbing ∼101–103 s is longer than
that led by the Marangoni effect ∼100–101 s in the systems
with the length scale of mm. Detailed analyses of the droplet
deformation focusing on the surface velocity were performed
and it was confirmed that the droplet exhibits blebbing ir-
regularly, that is to say, neither long-range spatial correlation
nor long-time temporal correlation was observed [20]. The
surfactant-concentration dependence of the droplet blebbing
was also studied, and the droplet behaviors were classified
into the three types depending on the concentrations: fission
induced by interfacial blebbing, interfacial blebbing without
fission, and the formation of the white-turbid aggregate that
covers the droplet [21].

Every time we observed the fission of the oil droplet, it ex-
hibited active and frequent blebbing before the fission. Thus,
we assumed that the fission of the droplet was related with
the droplet deformation. In the previous studies, the droplet
deformation was focused on. In the present study, we carried
out the detailed analysis of the oil droplet fission caused by
the generation and rupture of the gel layer in the same system
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FIG. 1. Experimental setup. (a) Top view. (b) Side view. The
chamber was made of a teflon plate with a circular hole (diameter:
90 mm, thickness: 5 mm) attached to an acrylic plate. The chamber
was filled with STAC aqueous solution with a volume of 38 ml. An
oil droplet with a volume of 0.8 ml was put on the surface of the
STAC solution.

as the previous studies [15,18–21], and discussed the droplet
fission depending on the STAC concentration. We experimen-
tally obtained the time series of the number of the droplets for
various STAC concentrations. To discuss the fission dynamics,
we investigated the dynamics of the droplet deformation for
various STAC concentrations and extracted four characteristic
parameters which seem to relate with the mechanism of fission
from the droplet-deformation dynamics. From these inves-
tigations, we revealed the relationship between deformation
and fission, and found the key parameter that may affect the
droplet fission.

II. EXPERIMENTAL SETUP

STAC and PA were purchased from Tokyo Chemical In-
dustry Co., Ltd., Tokyo, Japan. Tetradecane was purchased
from Sigma-Aldrich, St. Louis, USA. Water was purified
by Elix UV 3 (Merck, Darmstadt, Germany). We pre-
pared a teflon plate with a circular hole (diameter: 90 mm,
thickness: 5 mm) attached to an acrylic plate, which was used
as a chamber. Experimental setup is schematically illustrated
in Fig. 1. The chamber was filled with 38 ml of STAC aqueous
solution, and 0.8 ml of PA tetradecane solution was put as a
droplet on the aqueous surface. The concentration of STAC,
C, was varied from 0.2 to 5 mM, while the concentration of
PA was fixed at 20 mM. In this condition, it was reported that
the droplets deform and exhibit fission [21].

We put a tracing paper as a screen under the chamber
and illuminated the oil droplet from the top. We recorded the
shadow of the droplet on the screen from the bottom using a
USB camera (DMK 24UJ003; Imaging Source Asia Co., Ltd.,
Taipei, Taiwan) at 1 fps. All experiments were carried out at
room temperature (23.5 ± 1.5 ◦C).

III. EXPERIMENTAL RESULTS

After putting the oil droplet on the aqueous phase, it had
a circular shape during an induction period (∼10 s) [15].
After the induction period, the area of the oil droplet quickly
expanded and then shrank within a few seconds [21]. After
these behaviors, blebbing started, where the droplet bound-

aries exhibited slow circular expansion followed by rapid
shrinkage in a spatiotemporally random manner [15]. We
defined T = 0 s as the time when the blebbing started. As a
result of the successive blebbing, the oil droplet sometimes
exhibited fission. After the duration time of 20–70 min de-
pending on STAC concentration, the fission ceased eventually.
The duration time tended to be longer for the higher STAC
concentration.

The snapshots of the droplets for various C are shown
in Fig. 2(a). Regardless of the STAC concentration, for the
first several hundreds of seconds, the oil droplet exhibited
the dynamic blebbing, which sometimes induced the droplet
fission as shown in the first four columns of the images from
the left (T � 360 s) in Fig. 2(a). After the period with the
droplet fission, the droplet ceased the fission but continued
small blebbing as shown in the last columns of the images,
on the right (T = 7200 s) in Fig. 2(a). The fission rate and
the final number of the droplets depended on the STAC con-
centration. To quantify the STAC-concentration dependences
of the fission dynamics, we analyzed the time series of the
number of the oil droplets produced by fission as shown in
Fig. 2(b). We obtained the ensemble data through ten trials to
evaluate the behaviors of the oil droplets and to confirm the
reproducibility. The mean number of droplets, 〈N (T )〉, and
the individual data are shown with a thick line and thin lines,
respectively, in Fig. 2(b).

Figure 3(a) shows 〈N (T )〉 for various C. For C = 0.2–
2 mM, 〈N (T )〉 rapidly increased during the first 1000 s, and
then converged to each final value depending on C. On the
other hand, for C = 3–5 mM, 〈N (T )〉 slowly increased during
the first 1000 s, then started rapid increases, and finally con-
verged to each final value. Figure 3(b) shows the final number
of the droplets Nfin versus C. For the lower concentrations C =
0.2–2 mM, Nfin increased with an increase in C. For the higher
concentrations C = 2–5 mM, in contrast, Nfin decreased with
an increase in C. In other words, Nfin had a peak at C = 2 mM.

IV. DISCUSSION

In our experimental results, Nfin has a peak at C = 2 mM as
shown in Fig. 3(b). To discuss the underlying mechanism for
the concentration dependence, we investigated the deforma-
tion of the oil droplets because our experimental observation
suggests the correlation between deformation and fission.

Here, we analyzed the concentration-dependent deforma-
tion observed in experiments equivalent to those in Sec. III
except for the time resolution. The deformation was cap-
tured at 30 fps. Here, we defined t = 0 s as the time when
we put the oil droplet on the aqueous surface, and we an-
alyzed the droplet deformation from t = 15 s. The reason
why we carried out the analyses of the droplet shape just
after the induction period instead of just before the fis-
sion is described in Appendix A. The captured images were
processed as follows. First, we binarized the images to ex-
tract the droplet region, and defined the polar coordinates
(r, θ ), where the origin was at the center of mass of the
droplet as shown in Fig. 4(a). In these coordinates, we de-
fined the boundary position r(θ, t ) as the largest distance
in θ direction from the origin at θ = θn and t = tm (see
Appendix A). Here, θn = 2πn/Nθ rad (n = 0, 1, . . . , Nθ − 1)
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FIG. 2. Experimental results on the droplet fission. (a) Snapshots for various C. Scale bar: 10 mm. C = (i) 0.2 mM, (ii) 2 mM, (iii) 5 mM.
Corresponding videos are available in Supplemental Material [22]. Video_02.mp4, Video_2.mp4, and Video_5.mp4 correspond to (i), (ii), and
(iii), respectively. (b) Time series of the number of the oil droplets for C = 2 mM. The thin lines show the experimental results for ten trials,
and the thick line shows the mean value.

and tm = m/30 s (m = 0, 1, . . . , Nt − 1), where Nθ = 1024
and Nt = 1024. The droplet just after the induction period is
close to circular, and the description of the boundary position
by r(θ, t ) is valid (see Appendix A for the details). We calcu-
lated the radial component of the boundary velocity vr (θ, t )
also at θ = θn and t = tm as vr (θn, tm) = [r(θn, tm+1) −
r(θn, tm)]/(tm+1 − tm), and plotted the spatiotemporal map of
vr (θ, t ) in the same manner as the previous study [20] in
Fig. 4(b). Figure 4(c) is the magnification of the region in the
yellow dashed rectangle in Fig. 4(b), which corresponds to a
single cycle of the expansion and shrinkage, i.e., a single bleb-
bing dynamics. As a typical blebbing dynamics, the arc length
of the boundary with a positive outward velocity increases,
and a bright triangular region appears in the spatiotempo-
ral map. The detailed explanations of the correspondence
between the blebbing dynamics and the two-dimensional pat-
terns in the spatiotemporal map are described in Appendix B.
Note that the brighter triangular shape suggests that the edges
of the blebbing region are not pinned but they expand with
time as shown in Fig. 4(d). In other words, the bleb expands
almost in a circular manner. After the expansion, the ex-
panded part shrinks rapidly and a dark region smaller than
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FIG. 3. The number of droplets for various C. (a) Time series of
the average number of oil droplets, 〈N (T )〉, for various C. (b) The
final number of oil droplets, Nfin, for various C. Nfin has a peak at
C = 2 mM. Error bars represent standard deviations.

the brighter triangular region appears above it in the map.
Meanwhile, the maximum lengths of the triangular regions
along a horizontal axis correspond to the maximum bleb size
measured with the angle. The maximum lengths of bright and
dark regions along a vertical axis represent the timescale of
expansion and shrinkage, respectively. Over the entire droplet,
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FIG. 4. Dynamics of the droplet deformation for C = 4 mM.
(a) Binarization of the droplet image and definition of the polar
coordinates. Scale bar: 10 mm. The center of mass of the droplet was
set to be the origin. (b) Spatiotemporal map of the radial component
of the boundary velocity vr (θ, t ). (c) Magnification of the region in
the yellow dashed rectangle in (b). (d) Snapshots of the binarized
images of a single blebbing dynamics corresponding to (c) every 1 s.
Scale bar: 5 mm.
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FIG. 5. (a) Autocorrelation function, g(�θ ), of the boundary ve-
locity vr (θ, t ) for various C. See Sec. IV for the detailed definition of
g(�θ ). Here, the correlation angle θc was defined as the smallest �θ

that satisfies g(�θ )/g(0) = 0.01. In this graph, each line is plotted
from the average of ten sets of experimental data. (b) θc versus C.
Gray dots are individual data. Black dots with error bars are the
averaged values over the ten trials. Error bars represent standard
deviations.

a lot of similar patterns are incoherently distributed as seen in
Fig. 4(b), which is consistent with the previous report [20].
Based on the analyses, we distinguished the blebbing and the
global deformation. Here, the global deformation is defined
as the deformation with the larger spatial scale and longer
temporal scale compared with the bleb, and it is not related to
the pair of the expansion and shrinkage. In the followings, we
investigated the spatial and temporal scales of the blebbing.

We calculated the autocorrelation function g(�θ ) =
〈vr (θ, t )vr (θ + �θ, t )〉θ,t as shown in Fig. 5(a), where �θ

represents angle difference and 〈·〉θ,t represents the average
over θ and t . The correlation angle θc was defined as the small-
est �θ that satisfied g(�θ )/g(0) = 0.01. Figure 5(b) shows
the C dependence of the correlation angle θc. θc decreased
with an increase in C.

Next, we estimated the typical timescale of blebbing.
Only when the droplet shape changes into a distorted shape
can the droplet exhibit fission. For such global deformation,
expansion is necessary rather than shrinkage. Thus, we con-
sider that the droplet-boundary expansion would provide the
essential information for the droplet fission. The timescale of
expansion was longer than that of shrinkage as we can see the
longer vertical length of the bright region than that of the dark
region [Fig. 4(c)]. We tried to extract the two timescales from
the time-domain autocorrelation function, but it was difficult
to distinguish them (see Appendix C). Instead, to evalu-
ate the characteristic timescale of expansion tc, we applied
two-dimensional fast Fourier transform (FFT) to vr (θ, t ).
Figure 6(a) shows the typical result of the two-dimensional
FFT, in which the horizontal axis corresponds to the an-
gular wave number k, and the vertical axis to the angular
frequency ω. From the characteristic triangular patterns seen
in vr (θ, t ) map [Fig. 4(c)], we can see that the droplet
boundaries expand at a constant rate. In the FFT im-
age, the bright lines orthogonal to the original triangular
patterns should appear; We can see two white inclined
lines and a white vertical band in Fig. 6(a). The inclined
lines with the slope of α correspond to the triangular

(a)

0

k  (1/rad)

ω
 (

1/
s)

0

15

-15
-256/ 256/

(b)

0 1 2 3 4 5
C (mM)

α 
(r

ad
/s

)

(d)(c)

C (mM)
0 1 2 3 4 5

0

16

12

4

t c 
(s

)

V 
(m

m
2 /t

im
es

)

C (mM)
0 1 2 3 4 5

1
α

8

FIG. 6. Analyses of the blebbing using FFT images. (a) FFT
image of Fig. 4(b). Two white inclined lines crossing at the origin
correspond to the boundary expansion of the droplet. One of these
lines is indicated by the arrow on the right side. We measured the
slope α of the white lines. The almost vertical line corresponds to
the rapid shrinkage. The contrast of the image was enhanced for
visibility. Brighter and darker regions correspond to the higher and
lower values of the power in the Fourier spectra. (b) Expansion rate
α versus C. (c) Characteristic timescale of expansion tc versus C.
(d) Bleb size V versus C. Error bars represent standard deviations.

bright regions in Fig. 4(c). Notably, α corresponds to
the expansion rate of the central angle of the bleb (see
Appendix B). The white vertical band corresponds to the
dark region on the bright triangular region in the original
spatiotemporal map. The detailed explanations for extracting
the correlation time from the FFT image are described in
Appendix D.

Figure 6(b) shows the C dependence of the expansion rate
α. For C < 2 mM, α increased with an increase in C. For
C > 2 mM, α remained almost constant at α ≈ 0.06 rad/s.
We calculated the characteristic timescale of expansion tc as
tc = θc/α. Figure 6(c) shows the C dependence of tc. Qualita-
tively similar to the C dependence of θc, tc decreased with an
increase in C. The bleb size V was calculated as V = R2θctcα,
and its C dependence is shown in Fig. 6(d). To obtain the bleb
size V , we assumed the concentric-circle-like expansion. The
average radius of the droplet R was estimated by R = √

S/π ,
where S is the droplet area, and we found it almost constant at
R ≈ 12 mm from the experiments. V also decreased with an
increase in C. Then, we calculated the correlation coefficients
between Nfin and one of the parameters θc, α, tc, and V from
their C dependence, as shown in Fig. 7. We calculated the
correlation coefficient for given data set {x} = {x1, x2, . . . , xn}
and {y} = {y1, y2, . . . , yn} as Sxy/(SxSy), where the covari-
ances of x and y are defined as Sxy = �n

i=1(xi − x)(yi − y)/n,
and standard deviations of x and y are defined as

042603-4



SPONTANEOUS DEFORMATION AND FISSION OF OIL … PHYSICAL REVIEW E 102, 042603 (2020)

tcθc

0

1

0.8

0.6

0.4

0.2

α V

A
bs

ol
ut

e 
va

lu
e 

of
th

e 
co

rr
el

at
io

n 
co

ef
fic

ie
nt

positive

negative

Sign of  
the correlation coefficient

FIG. 7. Absolute values of the correlation coefficients between
the final number of the oil droplets Nfin and one of the four param-
eters: correlation angle θc, characteristic timescale of expansion tc,
expansion rate of the central angle of the bleb α, and the bleb size
V . Filled and open bars represent positive and negative correlations,
respectively.

Sx = √
�n

i=1(xi − x)2/n and Sy = √
�n

i=1(yi − y)2/n, respec-
tively. Here, the overline denotes the average of the data and
n is the number of the data of x and y. In this study, x corre-
sponds to Nfin, and y corresponds to θc, α, tc, or V . To obtain
the dimensionless value, we used the correlation coefficient
Sxy/(SxSy).

From these results, we confirmed that the correlation coef-
ficient between Nfin and α was positive and the absolute value
of it was the largest among the four. The correlation coeffi-
cients between Nfin and the other parameters were negative
and the absolute values were smaller. Through the correla-
tions between Nfin and these parameters, it seems that the
droplet exhibits fission more frequently when the droplet ex-
hibits faster expansion with a smaller bleb size, and when the
timescale of expansion is shorter. To test the null hypothesis
of no correlations, we also calculated the p values of the four
parameters by using Student’s t-test [23]. The p values for θc,
α, tc, and V were 0.295, 0.074, 0.128, and 0.199, respectively.
The p value of the correlation coefficient between Nfin and α

was the smallest among the four, and thus it had the strongest
correlation with Nfin among the four.

For lower C (C < 0.4 mM), the bleb size θc decreased with
the increase in C but the expansion rate α increased. For
higher C (C > 2 mM), θc and α slightly decreased with C.
From these experimental results, we considered the fission
mechanism depending on C as follows. For lower C, the gel
layer formed at the interface should be thinner [21]. The
thinner gel layer not only generates smaller driving force
but also has smaller rigidity, resulting in the lower α and
larger θc. For higher C, the gel layer should be thicker [21],
and the thicker gel layer may generate larger driving force
and stiffen the interface. The increase in the rigidity of the
thicker gel layer might become dominant compared to the
increase in the driving force, resulting in the lower α and
θc. The expansion rate α, which is determined by the driving
force and the material viscoelasticity, reflects the competition
between the driving force and the deformability, and thus may
have the strongest contribution to the deformation and fission.
Actually, despite the remarkable negative correlation obtained
between Nfin and θc, and between Nfin and θc-dependent values
(tc and V ) as shown in Fig. 7, the absolute values of the

correlation coefficients for these three parameters were rela-
tively smaller than that for α. Further studies for the effect
of such competitive effects between the driving force and the
deformability is needed to clarify more detailed mechanisms
underlying the droplet deformation and fission.

V. CONCLUSION

We studied the fission of the tetradecane droplet containing
PA on the STAC aqueous solution for various STAC concen-
trations. The number of the oil droplets at the final stage of
the observation had a peak at a certain concentration. To dis-
cuss the droplet fission dynamics, we extracted the boundary
velocity from the time series of the droplet deformation and
calculated the correlation in time and space for various STAC
concentrations. We obtained the four parameters that charac-
terize the blebbing: the correlation angle, the characteristic
timescale of expansion, the expansion rate, and the bleb size.
Among them, the expansion rate had the strongest positive
correlation with the final number of the droplets and the others
had negative correlations. Therefore it is suggested that faster,
smaller-size, and shorter-time expansion leads more frequent
fission. It is known that the generation and rupture of the
active gel are also seen in the migration, deformation and
fission of living cells [24–27]. The present results might also
help understand such phenomena by considering the common
features.
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APPENDIX A: ELAPSED-TIME DEPENDENCE
OF THE DROPLET DEFORMATION

We considered that the droplet exhibited the deformation
larger than the typical bleb size through continuous local
blebbings, and such global deformation results in the droplet
fission. Thus, we analyzed the blebbing dynamics to inves-
tigate the droplet fission related to the blebbing dynamics.
t = 0 s was set as the time when the droplet was put on
the aqueous surface. We focused on the blebbing dynamics
after t = 15 s (earlier stage) rather than the blebbing dynamics
just before the fission (later stage). This section gives more
detailed explanations why we carried out the analyses of the
blebbing dynamics at the earlier stage.

Figure 8 shows the spatiotemporal maps and the snapshots
of the droplet in both the earlier stage and the later stage
for various STAC concentrations C. The droplet shape at the
earlier stage was circular [see 15 s in Figs. 8(a)–8(c)], but the
one at the later stage was distorted [see 85.6 s, 96.9 s, and
2314.1 s in Figs. 8(a), 8(b), and 8(c), respectively].

As mentioned in Sec. IV, we set the polar coordinates and
the origin was set at the center of mass of the droplet in order

042603-5



OKADA, SUMINO, ITO, AND KITAHATA PHYSICAL REVIEW E 102, 042603 (2020)
t (

s)
t (

s)

85(a-i)

(a-ii)
θ (rad)

75

65

55

θ (rad)

45

35

25

15

85.6 s

51.5 s

49.1 s

15.0 s

(b-i)

(b-ii)
θ (rad)

t
)s( 

85

75

65

θ (rad)

t
)s( 

45

35

25

15

95 96.9 s

62.8 s

49.1 s

15.0 s

(c-i)

(c-ii)
θ (rad)

t
)s( 

2300

2290

2280

θ (rad)

t
)s( 

45

35

25

15

2310

2280.0 s

49.1 s

15.0 s

2314.1 s

FIG. 8. Spatiotemporal maps and the snapshots. Spatiotemporal maps and the snapshots of the droplet just before fission (later stage)
at C = (a-i) 0.5 mM, (b-i) 2 mM, and (c-i) 5 mM, respectively. t = 0 s was defined as the time when the droplet was put on the aqueous
surface. Spatiotemporal maps and the snapshots of the droplet from t = 15 s (earlier stage) at C = (a-ii) 0.5 mM, (b-ii) 2 mM, and (c-ii) 5 mM,
respectively. Similar bright triangular and dark small regions are observed in both the stages; for example, the regions observed in the maps
(a-i) and (a-ii) as well as the snapshots for 15.0 s and 85.6 s, indicating the similar-scaled blebbing in both the stages. Scale bars: 10 mm.

to define the boundary position of the droplet. However, in
the distorted droplet, we detected multiple droplet boundaries
in a certain radial direction as shown in Fig. 8(a-i). Thus,
we defined r(θ, t ) as the largest distance from the origin to
the droplet boundary in θ direction, and its time derivative,
i.e., the radial component of the boundary velocity, vr (θ, t ),
was calculated to obtain the spatiotemporal map. The proper
droplet shape should be reflected only when the droplet shape
is close to circular, since the radial direction does not always
meet the normal direction of the droplet boundary for the
intensively distorted droplets in the later stage as shown in
Figs. 8(a-i), 8(b-i), and 8(c-i). In addition, even for the same-
sized bleb with the same peripheral length r(θ, t )θc, θc in a
certain direction can be different from that in other directions
in a distorted droplet, since r(θ, t ) intensively depends on
θ . From these reasons, r(θ, t ) at the earlier stage correctly
reflected the blebbing dynamics but the one at the later stage
could not, and thus the one at the later stage was not suitable
for the analyses.

From the snapshots of the droplets in Figs. 8(a)–8(c), we
confirmed that the bleb size at the earlier stage was almost
the same as the one at the later stage. Thus, to obtain the
information of the deformation, we analyzed the blebbing
dynamics at the earlier stage.

APPENDIX B: CORRESPONDENCE BETWEEN
BLEBBING AND SPATIOTEMPORAL MAP

A typical cycle of blebbing, i.e., expansion and subsequent
shrinkage of a local boundary of a droplet, is identified as the
combination of bright triangular and dark small regions in the
spatiotemporal map as shown in Figs. 4(b) and 4(c). Here, we

explain the relationship between the characteristic patterns in
the map and the blebbing dynamics.

Figure 9 shows the schematic illustration on a typical cycle
of the blebbing represented in the spatiotemporal map and the
corresponding process of the blebbing. In the spatiotemporal
map, the bright and dark regions represent the outward ex-
pansion with a positive radial velocity vr (θ, t ) > 0 and the
inward shrinkage with vr (θ, t ) < 0, respectively. The other
static parts with vr (θ, t ) � 0 appear as the gray regions in
the map. The initially circular droplet (i) starts to deform by
the increase in the inner pressure, and (ii) forms a locally
expanded part, called a bleb, until the outward expansion (iii)
leads to the rupture of the gel layer at the interface. The
angle measured from the droplet center of mass, which is
indicated by the dashed lines, increases during the expansion
from (i) to (iii). This angle is referred to as the central angle of
the bleb. Since the outward expansion is associated with the
positive radial velocity vr (θ, t ), the bright triangular region
as bounded by the vertices ABC appears in the spatiotem-
poral map in Fig. 9. The relevant spatiotemporal scales are
the typical angular size of the bleb and the timescale of the
expansion, which correspond to the line segments AB along
the (horizontal) θ axis and CD along the (vertical) t axis in the
map, respectively. The angle between the line segments CD
and CB in the map corresponds to the expansion rate α of the
central angle of the bleb. After the rupture of the gel layer, the
boundary of the droplet (iv) rapidly shrinks due to the inter-
facial tension at the oil-water interface, and the central angle
of the bleb decreases with time. The negative radial velocity
vr (θ, t ) during the inward shrinkage results in the dark region
as indicated by the vertices ABE in the spatiotemporal map
in Fig. 9. According to these correspondences, the blebbing
dynamics appears as a pair of the bright triangular region
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(i)
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(i) (ii)
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FIG. 9. Schematic illustrations of a typical cycle of the blebbing
represented in the spatiotemporal map and the corresponding droplet
shapes. The typical angular size of the bleb and the typical timescale
of the boundary expansion correspond to the lengths of the line
segments AB and CD, respectively. The expansion rate α of the
central angle of the bleb corresponds to the angle formed by the line
segments CB and CD.

and the neighboring dark small region in the spatiotemporal
map.

APPENDIX C: TIME-DOMAIN
AUTOCORRELATION FUNCTION

We obtained the time-domain autocorrelation function
h(�t ) = 〈vr (θ, t )vr (θ, t + �t )〉θ,t shown in Fig. 10(a). h(�t )
for each C became negative where �t = 1/30 s, the minimum
time interval, because h(�t ) is calculated from the boundary
velocity calculated from the time difference of the boundary
position with pixel noises. That is to say, the velocities at two
time points with the minimum time interval tend to have the
negative correlation by such pixel noises. Therefore we de-
tected the third smallest �t that satisfied h(�t )/h(0) = 0.01.
This �t , represented as tcs, is a candidate for the characteristic
timescale of the expansion, which is plotted in Fig. 10(b) for
each C. The typical order of tcs is the same as tc shown in
Fig. 6(c). However, there should be two significant timescales
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FIG. 10. (a) Time-domain autocorrelation function, h(�t ), of the
boundary velocity vr (θ, t ) for various C. Detailed definition of h(�t )
is in the text. The third smallest �t that satisfied h(�t )/h(0) = 0.01
is set as tcs. In this graph, each line is plotted from the average of
ten sets of experimental data. (b) tcs versus C. Error bars represent
standard deviations. Black dots with error bars are the averaged
values over the ten trials.

)b()a(

)d()c(

FIG. 11. Demonstrative FFT analyses with artificially generated
images. (a), (b) Artificially generated spatiotemporal maps with dif-
ferent lengths of the white regions along the vertical axis, which
correspond to the analysis of the blebbing dynamics in Fig. 4(b).
Detailed setup of these maps are written in the text. (c), (d) FFT
images of (a), (b), respectively.

in the blebbing deformation: those of expansion and shrink-
age. It was difficult to judge whether tcs corresponds to the
timescale of expansion, as we could not find any remarkable
feature for the two different timescales greater than 1/30 s in
Fig. 10(a). This is the reason why we did not use h(�t ) to
analyze the timescale of expansion.

APPENDIX D: FFT IMAGE OF SPATIOTEMPORAL MAP

We demonstrate the correspondence of the two-
dimensional patterns in the spatiotemporal map and those in
the FFT image shown in Figs. 4(b) and 6(a). Figures 11(a)
and 11(b) are the artificially generated spatiotemporal maps
that correspond to the random deformation of the droplet
boundary without noise. The lengths of white regions along
the horizontal axis in Fig. 11 are 40 pixels, and those along
the vertical axis in Figs. 11(a) and 11(b) are 35 and 45 pixels,
respectively. The difference in the length along a vertical axis
corresponds to that in the timescale of expansion. The gray re-
gion represents stationary boundary, the white ones represent
boundary expansion, and the black ones represent boundary
shrinkage. A pair of white and black regions corresponds
to a single blebbing and is called a blebbing area. In these
maps, 100 blebbing areas are scattered in a spatiotemporally
random manner. Gaussian blur with the standard deviation
of two pixels is applied to the both of 1024×1024 images.
Figures 11(c) and 11(d) correspond to the FFT images
of Figs. 11(a) and 11(b), respectively. Note that the FFT
image corresponds to the “structure factor” in the field of
crystallography. In both of these images, a vertical white line
and two inclined white lines can be seen. As indicated in
Figs. 11(c) and 11(d), the different lengths of the white region
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along the vertical axis result in the different slopes of the two
inclined lines, referred to as α. Thus, the two inclined lines
correspond to the structure factor of the white regions.

In the FFT images, we can also find a white vertical band
as seen in the experimental data in Fig. 6(a). In the analyses of
the experimental data, we subtracted the translational motion

of the droplet. Consequently, the first spatial mode (±1 mode)
of the FFT images is absent, which is represented as the two
vertical black thin lines in Fig. 6(a). Because the artificially
generated spatiotemporal maps in Figs. 11(a) and 11(b) in-
clude the first mode, such two vertical black lines are absent
in Figs. 11(c) and 11(d).

[1] K. Nagai, Y. Sumino, H. Kitahata, and K. Yoshikawa,
Phys. Rev. E 71, 065301(R) (2005).

[2] K. H. Nagai, K. Tachibana, Y. Tobe, M. Kazama, H. Kitahata, S.
Omata, and M. Nagayama, J. Chem. Phys. 144, 114707 (2016).

[3] N. J. Cira, A. Benusiglio, and M. Prakash, Nature 519, 446
(2015).

[4] S. Nakata, Y. Iguchi, S. Ose, M. Kuboyama, T. Ishii, and K.
Yoshikawa, Langmuir 13, 4455 (1997).

[5] M. I. Kohira, Y. Hayashima, M. Nagayama, and S. Nakata,
Langmuir 17, 7124 (2001).

[6] L. Keiser, H. Bense, P. Colinet, J. Bico, and E. Reyssat,
Phys. Rev. Lett. 118, 074504 (2017).

[7] S. Nakata and S. Hiromatsu, Chem. Phys. Lett. 405, 39 (2005).
[8] F. Takabatake, N. Magome, M. Ichikawa, and K. Yoshikawa,

J. Chem. Phys. 134, 114704 (2011).
[9] H. Kitahata, N. Yoshinaga, K. H. Nagai, and Y. Sumino,

Chem. Lett. 41, 1052 (2012).
[10] I. Derényi and I. Lagzi, Phys. Chem. Chem. Phys. 16, 4639

(2014).
[11] V. Pimienta, M. Brost, N. Kovalchuk, S. Bresch, and O.

Steinbock, Angew. Chem. Int. Ed. 50, 10728 (2011).
[12] F. Caschera, S. Rasmussen, and M. M. Hanczyc,

ChemPlusChem 78, 52 (2013).
[13] M. M. Hanczyc, T. Toyota, T. Ikegami, N. Packard, and T.

Sugawara, J. Am. Chem. Soc. 129, 9386 (2007).
[14] U. Brosa and S. Grossmann, Phys. Lett. B 126, 425 (1983).

[15] Y. Sumino, H. Kitahata, H. Seto, and K. Yoshikawa, Phys. Rev.
E 76, 055202(R) (2007).

[16] Y. Sumino, in Self-Organized Motion: Physicochemical Design
Based on Nonlinear Dynamics, edited S. Nakata, V. Pimienta,
I. Lagzi, H. Kitahata, and N. J. Suematsu (Royal Society of
Chemistry, Cambridge, 2019).

[17] G. T. Charras, J. Microsc. 231, 466 (2008).
[18] Y. Sumino, H. Kitahata, Y. Shinohara, N. L. Yamada, and H.

Seto, Langmuir 28, 3378 (2012).
[19] Y. Sumino, N. L. Yamada, M. Nagao, T. Honda, H. Kitahata,

Y. B. Melnichenko, and H. Seto, Langmuir 32, 2891 (2016).
[20] Y. Sumino, H. Kitahata, H. Seto, and K. Yoshikawa, Soft Matter

7, 3204 (2011).
[21] Y. Sumino, H. Kitahata, H. Seto, S. Nakata, and K. Yoshikawa,

J. Phys. Chem. B 113, 15711 (2009).
[22] See Supplemental Material at http://link.aps.org/supplemental/

10.1103/PhysRevE.102.042603 for the videos of the droplet
behaviors.

[23] N. A. Rahman, A Course in Theoretical Statistics (Charles
Griffin and Company, London, 1968).

[24] T. J. Mitchison and L. P. Cramer, Cell 84, 371 (1996).
[25] J. Condeelis, Trends Cell Biol. 3, 371 (1993).
[26] G. T. Charras, J. C. Yarrow, M. A. Horton, L. Mahadevan, and

T. J. Mitchison, Nature 435, 365 (2005).
[27] J. Prost, F. Jülicher, and J.-F. Joanny, Nat. Phys. 11, 111

(2015).

042603-8

https://doi.org/10.1103/PhysRevE.71.065301
https://doi.org/10.1063/1.4943582
https://doi.org/10.1038/nature14272
https://doi.org/10.1021/la970196p
https://doi.org/10.1021/la010388r
https://doi.org/10.1103/PhysRevLett.118.074504
https://doi.org/10.1016/j.cplett.2005.02.010
https://doi.org/10.1063/1.3567096
https://doi.org/10.1246/cl.2012.1052
https://doi.org/10.1039/c3cp54676d
https://doi.org/10.1002/anie.201104261
https://doi.org/10.1002/cplu.201200275
https://doi.org/10.1021/ja0706955
https://doi.org/10.1016/0370-2693(83)90355-6
https://doi.org/10.1103/PhysRevE.76.055202
https://doi.org/10.1111/j.1365-2818.2008.02059.x
https://doi.org/10.1021/la204323t
https://doi.org/10.1021/acs.langmuir.6b00107
https://doi.org/10.1039/c0sm00906g
https://doi.org/10.1021/jp9037733
http://link.aps.org/supplemental/10.1103/PhysRevE.102.042603
https://doi.org/10.1016/S0092-8674(00)81281-7
https://doi.org/10.1016/0962-8924(93)90085-F
https://doi.org/10.1038/nature03550
https://doi.org/10.1038/nphys3224

