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A direct search for doubly charged Higgs bosons H�� is one of the most important probes in the Higgs
triplet model, which is motivated by generation mechanisms of tiny neutrino masses. There are two major
decay modes of H��, i.e., the same-sign dilepton decay H�� → l�l� and the same-sign diboson decay
H�� → W�ð�ÞW�ð�Þ. For the case where the former decay mode is dominant, the lower limit on the mass of
H�� has been set at about 400 GeV by the ATLAS and CMS Collaborations. On the other hand, for the
case where the latter decay mode is dominant, no dedicated search has been performed in the past. By
taking into account characteristic signals of H�� in the diboson decay scenario at LEP and the LHC
experiments, we find that the lower mass bound of 60–68 GeV can be obtained by using the same-sign
dilepton search performed by the ATLAS Collaboration with 4.7 fb−1 data at the collision energy of 7 TeV.
We also show that the limit can be extended up to about 85–90 GeV, assuming the integrated luminosity of
20 fb−1 and 7 TeV for the collision energy. We give detailed explanations on the decay properties of H��

for relatively small mass cases and also on production cross sections ofH�� at the next-to-leading order of
QCD at the LHC.
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I. INTRODUCTION

In 2012, a Higgs boson was discovered at the CERN
Large Hadron Collider (LHC) [1,2]. Its observed properties
are consistent with the prediction in the standard model
(SM) within the current experimental uncertainties [3]. In
addition, so far, no report has been delivered to us for the
discovery of other new particles. Therefore, it has been
found that the SM is a good description for particle physics
at the scale of hundreds of GeV, not only in the gauge
interactions but also in the sector of electroweak symmetry
breaking.
Although the Higgs boson has been discovered and its

property has turned out to be SM-like, we know nothing
about the structure of the Higgs sector. In fact, the minimal
Higgs sector with one isospin doublet scalar field is just an
assumption without any theoretical principle. Thus, it is
natural to consider a possibility that the Higgs sector takes
a nonminimal form with additional isospin multiplet
scalar fields, such as an extra singlet, doublet, triplet,
and so on. Most of these nonminimal Higgs sectors can
explain current experimental data as well. Furthermore,
these extended Higgs sectors are often introduced in the
context of new physics models which try to explain the
phenomena beyond the SM, i.e., neutrino masses, dark
matter, and baryogenesis. Therefore, it is very important to

experimentally explore the possibility of extended Higgs
sectors. We then may be able to discriminate new physics
models from the property of the Higgs sector.
For example, extended Higgs sectors with multidoublet

scalar fields are introduced in supersymmetric extensions
of the SM. They are also motivated to introduce an
additional source of CP violation [4] and to realize the
strong first-order phase transition [5], both of which are
required to have successful electroweak baryogenesis [6].
Singlet scalar fields are often introduced in models with
the spontaneously broken B − L gauge symmetry [7]. The
Higgs sector with a complex triplet scalar field appears
in models that can explain neutrino masses via the
seesaw mechanism [8]. Tiny neutrino masses can also be
explained via the loop-induced effects of extended scalar
sectors [9–12]. Extended scalar sectors with a discrete
symmetry such as Z2 can provide a candidate for dark
matter [13,14].
We here focus on the Higgs triplet model (HTM) [8].

Its Higgs sector is composed of an isospin doublet Higgs
field with a hypercharge1 Y ¼ 1=2 and an isospin triplet
Higgs field with Y ¼ 1. In this model, Majorana masses of
neutrinos are generated via new Yukawa interactions
among the left-handed lepton doublets and the Higgs triplet
field; ðmνÞij ∝ hijvΔ, where vΔ is the vacuum expectation
value (VEV) of the triplet field and hij is a matrix in the
Lagrangian for the Yukawa interactions.
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1We adopt the notation of Y as Q ¼ T3 þ Y, where Q is the
electric charge and T3 is the third component of the isospin.
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One of the most characteristic features of the HTM is the
existence of doubly charged Higgs bosonsH��, in addition
to the other additional Higgs bosons, i.e., singly charged
H�, CP-even H, and CP-odd A Higgs bosons. The
discovery of H�� at collider experiments is the direct
evidence of the HTM. Production of these bosons at
collider experiments has been studied in Refs. [15–36].
For the decay of H��, there are three sources, i.e., the
Yukawa interactions with left-handed lepton doublets,
electroweak gauge interactions of the gauge-gauge-scalar
type, and those of the gauge-scalar-scalar type. They cause
the same-sign dilepton decay H�� → l�l�, the same-sign
diboson decay H�� → W�W�, and the cascade decay
H�� → H�W�, respectively.2

Although the dominant decay mode of H�� is deter-
mined by parameters in the model, the dilepton decay
scenario has been considered as the most promising one for
discovery [15,17,20,22,23,25,32], because of its cleanness
for the detection at colliders. It is also quite appealing that
the structure of the neutrino mass matrix can be directly
tested by measuring the dileptonic branching ratios of H��

[17,20,22] and H� [22,38], because the branching ratios
are predominantly determined by the neutrino Yukawa
couplings. In this scenario, a sharp peak in the invariant
mass distribution of the same-sign dilepton is the character-
istic signal of H��. The experimental searches for H�� in
the same-sign dilepton events have been performed at LEP
[39], HERA [40], Tevatron [41,42], and the LHC [43,44].
Assuming that the branching ratio ofH�� decay into μ�μ�
is 100%, the strongest lower bound on the mass of doubly
charged Higgs bosons has been obtained as 459 GeVat the
LHC [44]. Current bounds have also been set at around
400 GeV in several benchmark points for the structure of
the neutrino mass matrix [44].
In this paper, we discuss the direct searches for H�� in

the diboson decay scenario, where H�� predominantly
decay into same-sign W bosons, at the past, current, and
future collider experiments, such as LEP and the LHC with
the 7–8 TeV and 13–14 TeV runs. The same-sign diboson
decay scenario is equally important to the same-sign
dilepton decay scenario in the HTM. Collider phenom-
enology for this decay mode has been studied in
Refs. [21,30,33,36]. In Ref. [33], the lower limit on the
mass of H�� has been derived by using the same-sign
dilepton events collected by the ATLAS Collaboration at
the LHC with 7 TeV and 4.7 fb−1 data [45]. To our
knowledge, this is the first analysis for the constraints
on H�� in the diboson scenario. The aim of the present
paper is to explain details of the analysis done in Ref. [33]

and to make an update on the results by including the QCD
correction to the production cross sections.
This paper is organized as follows. In Sec. II, we briefly

review the HTM. After we define the mass eigenstates for
the Higgs bosons, we derive the Yukawa interaction and the
gauge interaction for the tripletlike Higgs bosons at tree
level. In Sec. III, we give expressions for the decay rates of
H�� in all three decay modes. Partial decay widths ofH��
are evaluated with particular attention to the case of
relatively small masses where one or both of the W bosons
are forced off shell. We then show the phase diagram
indicating the main decay mode of H��. Next, we evaluate
the cross section of H�� productions at the LHC in the
leading order (LO) and the next-to-leading order (NLO) of
QCD. In Sec. IV, we exhibit constraints on the mass
of H�� in the diboson decay scenario at the LEP experi-
ments and also at the LHC. At the LEP I experiment, the
lower limit on the mass of H�� can be obtained from the
total width of the Z boson. We also evaluate the expected
number of events for the various final states in the process
of eþe− → HþþH−− at the LEP II experiment. We then
discuss the mass bound on H�� by using the current LHC
limit on the cross section for anomalous production of
same-sign dileptons. Section V is devoted to our conclu-
sion. In the Appendix, the cross sections for H�� pro-
duction at the LHC with various collision energies are
collected for the reader’s convenience.

II. THE HIGGS TRIPLET MODEL

The scalar sector of the HTM is composed of the isospin
doublet field Φ with hypercharge Y ¼ 1=2 and the triplet
field Δ with Y ¼ 1. The most general form of the Higgs
potential under the gauge symmetry is written as

VðΦ;ΔÞ ¼ m2Φ†ΦþM2TrðΔ†ΔÞ þ ½μΦTiτ2Δ†Φþ H:c:�
þ λ1ðΦ†ΦÞ2 þ λ2½TrðΔ†ΔÞ�2 þ λ3Tr½ðΔ†ΔÞ2�
þ λ4ðΦ†ΦÞTrðΔ†ΔÞ þ λ5Φ†ΔΔ†Φ; ð1Þ

where all the parameters are taken to be real without loss
of generality [46]. The Higgs fields can be parameterized
as

Φ ¼
�
ϕþ

ϕ0

�
; Δ ¼

 Δþffiffi
2

p Δþþ

Δ0 − Δþffiffi
2

p

!
; ð2Þ

where the neutral components are expressed as

ϕ0 ¼ 1ffiffiffi
2

p ðϕ0
R þ vϕ þ iϕ0

I Þ;

Δ0 ¼ 1ffiffiffi
2

p ðΔ0
R þ vΔ þ iΔ0

I Þ: ð3Þ

2In principle, H�� → H�H� decay occurs via the scalar triple
couplings, if there is a large mass difference between H�� and
H�. However, such a situation is severely constrained by
electroweak precision measurements [37].
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The VEVs of the doublet and triplet Higgs fields are
denoted by vϕ and vΔ, respectively. They are related to

the Fermi constant GF by v2 ≡ v2ϕ þ 2v2Δ ¼ ð ffiffiffi
2

p
GFÞ−1.

The nonzero vΔ deviates the electroweak rho parameter
from unity at tree level:

ρ≡ m2
W

m2
Zcos

2θW
¼

1þ 2v2Δ
v2ϕ

1þ 4v2Δ
v2ϕ

; ð4Þ

wheremW ,mZ, and θW are theW boson mass, the Z boson
mass, and the weak mixing angle, respectively. Since the
experimental value of the rho parameter is close to unity,
i.e., ρexp ¼ 1.0004þ0.0003

−0.0004 [47], vΔ has to be less than about
3.5 GeV at the 95% confidence level (C.L.).
Mass eigenstates in the doubly charged states (H��)

purely come from Δ; i.e., H�� ¼ Δ��. For the other scalar
bosons, mass eigenstates are defined by introducing the
following orthogonal transformations:�

ϕ0
R

Δ0
R

�
¼
�
cos α − sin α

sin α cos α

��
h

H

�
;

�
ϕ�

Δ�

�
¼
�
cos β − sin β

sin β cos β

��
G�

H�

�
;

�
ϕ0
I

Δ0
I

�
¼
�
cos β0 − sin β0

sin β0 cos β0

��
G0

A

�
; ð5Þ

where mixing angles α, β, and β0 are given, respectively, by

tan 2α ¼ vΔ
vϕ

2v2ϕðλ4 þ λ5Þ − 4M2
Δ

2v2ϕλ1 −M2
Δ − 2v2Δðλ2 þ λ3Þ

;

tan β ¼
ffiffiffi
2

p
vΔ

vϕ
; tan β0 ¼ 2vΔ

vϕ
; ð6Þ

with

M2
Δ ≡ v2ϕμffiffiffi

2
p

vΔ
: ð7Þ

In Eq. (5), G� and G0 are the Nambu-Goldstone bosons
which are absorbed into the longitudinal component of W
and Z bosons, respectively. Because all the mixing angles
given in Eq. (6) are quite small due to vΔ=vϕ ≪ 1, H�, A,
and H are mostly composed of the triplet Higgs field. We
thus call these scalars (H�, A, H, and H��) the tripletlike
Higgs bosons. On the other hand, by the same reason, h can
be regarded as the SM-like Higgs boson, because it mainly
comes from the doublet Higgs field. By neglecting Oðv2ΔÞ
terms, the masses of these physical Higgs bosons are given
in a good approximation by

m2
H�� ≃M2

Δ −
λ5
2
v2; m2

H� ≃M2
Δ −

λ5
4
v2;

m2
A ≃m2

H ≃M2
Δ; ð8Þ

m2
h ≃ 2λ1v2: ð9Þ

Thus, it can be observed that there are relationships
among the masses of tripletlike Higgs bosons [27,28];
i.e., m2

H�� −m2
H� ≃m2

H� −m2
A and m2

A ≃m2
H. From these

relations, three patterns of the mass spectrum arise. The
first two patterns are mA > mH� > mH�� in the case with
λ5 > 0 and mH�� > mH� > mA in the case with λ5 < 0. In
the special case with λ5 ¼ 0, all the tripletlike Higgs bosons
degenerate in mass.
The kinetic term of the Lagrangian for the Higgs fields is

given by

Lkin ¼ jDμΦj2 þ Tr½ðDμΔÞ†ðDμΔÞ�; ð10Þ

where the covariant derivatives are defined as

DμΦ ¼
�
∂μ − i

g
2
τaWa

μ − i
g0

2
Bμ

�
Φ;

DμΔ ¼ ∂μΔ − i
g
2
½τaWa

μ;Δ� − ig0BμΔ: ð11Þ

From the above Lagrangian, Higgs-gauge-gauge–type
vertices are derived. Coefficients of the vertices for the
tripletlike Higgs bosons are given as follows:

ðH��W∓
μ W

∓
ν Þ∶ − gmW sin βgμν;

ðH�W∓
μ ZνÞ∶ −

g
cos θW

mW sin β cos βgμν;

ðHW�
μ W

∓
ν Þ∶ − gmWðcos β sin α −

ffiffiffi
2

p
sin β cos αÞgμν;

ðHZμZνÞ∶ −
g

cos θW
mZðcos β0 sin α − 2 sin β0 cos αÞgμν:

ð12Þ

We note that, according to Eq. (6), all the couplings are
proportional to vΔ=v.
Next, we introduce the Yukawa interaction terms with

the triplet field. Left-handed lepton doublet fields LL can
couple to the triplet Higgs field by

LY ¼ hijLic
L iτ2ΔL

j
L þ H:c: ð13Þ

If we extract the VEV in the neutral component of the triplet
field, we find a Majorana mass term for neutrinos [8]:

ðmνÞij ¼
ffiffiffi
2

p
hijvΔ: ð14Þ

From Eq. (14), the magnitudes of hij are determined by vΔ,
because the value of the left-hand side of the equation is
given by the neutrino data. As seen in the text below
Eq. (4), vΔ is limited to at most ∼3.5 GeV by the data of
electroweak precision observables. Couplings of the
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Yukawa interactions among the tripletlike Higgs bosons
and leptons are expressed in terms of vΔ and the neutrino
mass matrix ðmνÞij with the use of Eq. (14) as follows:

ðHþþl−
i l

−
j Þ∶ −

ðmνÞijffiffiffi
2

p
vΔ

PL; ðHþl−
i νjÞ∶ −

ðmνÞij
vΔ

cosβPL;

ðHνiνjÞ∶
ðmνÞij
2vΔ

cosαPL; ðAνiνjÞ∶ i
ðmνÞij
2vΔ

cosβ0PL;

ð15Þ
where PL is the left-handed projection operator ð1 − γ5Þ=2.
From Eqs. (12) and (15), we see that the gauge (Yukawa)
coupling constants are enhanced (suppressed) as vΔ gets
increased. These features are important to understand the
decay property of the tripletlike Higgs bosons which is
discussed in the next section.
We note that the interaction terms between quarks and

tripletlike Higgs bosons except H�� are induced from the
Yukawa interaction for the doublet Higgs field Φ via the
small mixing denoted by α, β, and β0 [22,28].

III. DECAY AND PRODUCTION OF H��

In this section, we discuss the decay and production of
H��. For the decay of H��, we present the decay rates for
all three decay modes. Especially, we discuss the diboson
decay mode in detail, focusing on the cases where one or
both of the W bosons are forced off shell. For the
production of H�� at the LHC, we evaluate the cross
sections in the LO and the NLO in QCD. We estimate the
uncertainties of theoretical calculations by taking into
account the scale ambiguity and the uncertainty from
parton distribution functions (PDFs).

A. Decay branching ratio of H��

The decay properties of H�� strongly depend on vΔ
and the mass spectrum of the tripletlike Higgs bosons.
For the case where H�� are the lightest among all the
tripletlike Higgs bosons, i.e., mA=H ≥ mH� ≥ mH�� , the
same-sign dilepton decay H�� → l�l� and the same-sign
diboson decay H�� → W�ð�ÞW�ð�Þ are possible. On the

other hand, for the case where H�� are the heaviest,
mH�� > mH� > mA=H, another cascade-type decay
H�� → W�ð�ÞH� is also possible.
For the diboson decay, in the case withmH�� ≥ 2mW , the

tree-level decay rate is given by

ΓðH�� → W�W�Þ ¼
ffiffiffi
2

p
GFsin2β
8π

m3
H��

×

�
1 − 4

m2
W

m2
H��

þ 12
m4

W

m4
H��

�

×

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1 −

4m2
W

m2
H��

s
: ð16Þ

Furthermore, the branching ratio for four-fermion final
states is simply given by multiplying the decay branching
ratio of the W bosons; i.e.,

BðH�� → 4fÞ ¼ BðH�� → W�W�Þ × BðW → ff̄0Þ
× BðW → f00f̄000Þ: ð17Þ

On the other hand, in the case with mH�� < 2mW , at least
one of the W bosons is forced off shell, and the decay rate
given in Eq. (16) is no longer valid. Thus, the branching
ratio of H�� into four-fermion final states is not simply
described by Eq. (17). In order to clarify how the difference
in the decay rate of H�� appears in the case with the off-
shell W boson(s), we first consider the decay process of
H�� into the four-lepton final states:

H�� → W�ð�ÞW�ð�Þ → l�l�νν: ð18Þ

We can divide the decay modes into two cases: one is the
same-flavor (s.f.) dilepton mode such as e�e�, μ�μ�, and
the other is the different-flavor (d.f.) dilepton mode such as
e�μ�. In the s.f. dilepton decay, two Feynman diagrams
drawn in Fig. 1 contribute, while only one Feynman
diagram contributes in the d.f. dilepton decay. For each
case, the partial decay width is calculated as

ΓðH�� → l�l�ννÞ ¼ Γs:f: ≡ g8v2Δ
mH��

1

4

Z
dΦ4jΔ13Δ24 þ Δ14Δ23j2ð2p1 · p2Þð2p3 · p4Þ; ð19Þ

ΓðH�� → l�l0�νν0Þ ¼ Γd:f: ≡ g8v2Δ
mH��

Z
dΦ4jΔ13Δ24j2ð2p1 · p2Þð2p3 · p4Þ; ð20Þ

where pμ
i with i ¼ 1;…; 4 are the four momenta of the

final-state leptons in the order of the last term in Eq. (18),
Δij ¼ ½ðpi þ pjÞ2 −m2

W þ imWΓW �−1, and
R
dΦ4 denotes

full phase-space integration over the four-body final state.

We neglect the mass of leptons. The difference between the
two widths exists only in the interference term in Eq. (19).
Similarly, the partial decay width for the lνjj channel is
given by ΓðH�� → l�νjjÞ ¼ 2NcΓd:f: for each lepton
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flavor, where Nc ¼ 3 is a number of color and a factor of 2
comes from (u; d) and (c; s).3 In addition, there are two
contributions for the partial decay width of the jjjj
channel, i.e., the same-flavor channel ΓðHþþ → ud̄ud̄Þ ¼
ΓðHþþ → cs̄cs̄Þ ¼ NcðNc−1Þ

2
Γd:f þ NcΓs:f and the different-

flavor one ΓðHþþ → ud̄cs̄Þ ¼ N2
cΓd:f:. Thus, the partial

decay width into the four-jet mode is given as
ΓðH�� → jjjjÞ ¼ 2NcΓs:f þ Ncð2Nc − 1ÞΓd:f:. In total,
the sum of the decay width through H�� → W�ð�ÞW�ð�Þ
is given by ΓH�� ¼ ð3þ 2NcÞΓs:f: þ ð3þ 5Ncþ
2N2

cÞΓd:f:. We note that, in the case with mH�� > 2mW
where both theW bosons can be on shell, Γs:f: ¼ Γd:f:=2 is a
good approximation by neglecting the interference term,
and the branching ratios reduce to the product of branching
ratios of the W bosons as in Eq. (17). Even for
mH�� > mt þmb, the decay modes which include ðt; bÞ
can be safely neglected.
In Fig. 2, we plot the branching ratios for the decay of

H�� into various four-fermion final states, such as jjjj,
l�νjj, and l�l�ννwith s.f. or d.f. leptons, as a function of
mH�� . Notice that we neglect the dilepton decay and
cascade decay channels here. It is found that the branching
ratio of the s.f. l�l�νν decay mode is enhanced by 80%
for mH�� ≲ 90 GeV, while by 10%–20% for
100 GeV≲mH�� ≲ 160 GeV. The ratio of all hadronic
decay modes is also enhanced for mH�� < 2mW by 5%,
while the ratio of l�νjj and d.f. l�l�νν decay modes is
suppressed by 10% and 5%, respectively. Therefore, for
mH�� < 2mW , the interference term can have a sizable
and constructive contribution to the decay rate, and
consequently the s.f. l�l�νν decay becomes relatively

important. For the reference, on the right axis, we show
the number of the branching ratio in the on-shell W boson
limit for each decay mode, which apparently satisfies
the probability conservation by B½jjjj� þ 3B½lνjj�þ
3B½lνlν� þ 3B½lνl0ν0� ¼ 1, where the factor of 3 for
the latter three terms comes from the number of lepton
flavor.
The tree-level formula for the dilepton decay rate ofH��

is given by

ΓðH�� → l�
i l

�
j Þ ¼

Sij
8πv2Δ

jðmνÞijj2mH�� ; ð21Þ

where Sij ¼ 1ð1=2Þ for i ≠ j (i ¼ j).
For the cascade decay, taking into account the off

shellness of theW boson, the tree-level formula is given by

ΓðH�� → H�W�ð�ÞÞ ¼ 9g4cos2β
128π3

mH��G

�
m2

H�

m2
H��

;
m2

W

m2
H��

�
;

ð22Þ

where the phase-space functions are defined as

Gðx; yÞ ¼ 1

12y

�
2ðx − 1Þ3 − 9ðx2 − 1Þyþ 6ðx − 1Þy2 − 3½1þ ðx − yÞ2 − 2y�y log x

þ 6ð1þ x − yÞy
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
−λðx; yÞ

p �
tan−1

�
x − y − 1ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
−λðx; yÞp �

þ tan−1
�
xþ y − 1ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
−λðx; yÞp ���

; ð23Þ

60 80 100 120 140 160 180

MH
++ [GeV]

0.01

0.1

1

B
r[

H
+

+
]

s.f. llvv

d.f. llvv
2/81

1/81

lvjj

jjjj

4/27

4/9

FIG. 2 (color online). Branching ratios of H�� into jjjj,
l�νjj, same-flavor and different-flavor l�l�νν modes as a
function of mH�� . In this plot, only the H�� → W�ð�ÞW�ð�Þ
mode is taken into account.

FIG. 1. Feynman diagrams of the Hþþ → lþlþνlνl decay.
Both diagrams contribute for the same-flavor dilepton cases,
while only one diagram contributes for the different-flavor
dilepton cases.

3We neglect the off-diagonal part of the Cabibbo-Kobayashi-Maskawa matrix.
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λðx; yÞ ¼ 1þ x2 þ y2 − 2xy − 2x − 2y: ð24Þ

We note that the decay rate given in Eq. (22) is valid for the
case with mH�� −mH� < mW . In Ref. [37], it is shown that
the mass difference larger than about 60 GeV is excluded
by the electroweak precision data. Therefore, the on-shell
decay mode of H�� → H�W� is disfavored.
We then evaluate the decay of H�� for several values of

vΔ and mH�� by taking into account all three decay
channels: dilepton, diboson, and cascade decays. For the
dilepton decay mode, we take all the elements of the
neutrino mass matrix ðmνÞij 0.1 eV. In Fig. 3, we show
the total decay width of H�� as a function of vΔ for fixed
values of mH�� ¼ 100, 150, and 300 GeV (left panel) and
as a function of mH�� for fixed values of vΔ ¼ 1 keV,
1 MeV, and 1 GeV (right panel). The mass ofH� is taken to
be the same as that of H�� so that the cascade decay mode

is absent. As seen in the left panel, the total decay width
takes its minimum at around vΔ ¼ 5, 1, and 0.2 MeV in the
case with mH�� ¼ 100, 150, and 300 GeV, respectively. At
these minima, the decay rates into the dilepton mode and
the diboson mode are almost the same order. In the right
panel, in the case where vΔ is as small as 1 keV, the decay
width increases linearly with mH�� , because the decay
width is calculated dominantly from the dilepton decay rate
given in Eq. (21). On the other hand, in the case where vΔ is
as large as 1 MeVor 1 GeV, the decay rate rapidly increases
at around mH�� ¼ 160 GeV, because of the threshold of
the on-shell W boson pair. We note that the decay rate of
10−16 GeV corresponds to the decay length of about 1 m,
so that H�� produced at colliders would decay inside a
detector.
In Fig. 4, we show contour plots for the decay

branching ratio of H�� in the vΔ-Δm plane, where
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Δm ¼ mH�� −mH� , in the case with mH�� ¼ 150 (left
panel) and 300 GeV (right panel) [27,28,31]. In each block
bordered by the black (red) contours, the branching ratio for
the decay mode indicated inside the block is greater than
50% (90%). We can observe that, by increasing vΔ with
fixing Δm smaller than about 1 GeV, the main decay mode
is replaced from the dilepton mode to the diboson mode at
vΔ ≃ 0.1–1 MeV. The regions where the diboson decay
mode dominates are enlarged by increasingmH�� from 150
to 300 GeV, due to the cubic power dependence of the
diboson decay rate onmH�� as expressed in Eq. (16). In the
case whereH�� are the lightest among the tripletlike Higgs
bosons, the regions where the cascade decay dominates
disappear.
We here comment on the decays of the other tripletlike

Higgs bosons [22,28]. When vΔ is smaller than about
1 MeV and jΔmj is enough small, H�, A, and H mainly
decay into l�ν, νν, and νν, respectively, similarly to the
decay of H�� → l�l�. When vΔ is large, i.e.,
vΔ ≳ 1 MeV, H� mainly decay into W�Z, hW�, τ�ν,
and/or tb, while A mainly decays into hZ, bb̄, τþτ−, and/or
tt̄. The decay of H depends on the mixing angle α in
addition to vΔ and Δm. As seen in Eq. (6), tan 2α is
proportional to vΔ=vϕ, so that small but nonzero α is
typically provided at the same order as β and β0, unless a
large value of λ couplings is introduced. In such a case, the
dominant decay mode of H can beWW, ZZ, hh, bb̄, τþτ−,
and/or tt̄. In the case with nonzero mass difference, a
cascade decay H → H�W∓ð�Þ can take place.

In the following studies, we focus on the same-sign
diboson decay scenario where BðH�� → W�ð�ÞW�ð�ÞÞ is
assumed to be almost 100%. This scenario can be realized
in the case with rather large vΔ with mA=H ≥ mH� ≥ mH��

or Δm ≪ 1 GeV as discussed in this subsection.

B. Production cross sections at the LHC

The leading production processes ofH�� at the LHC are

pp → HþþH−− þ X; ð25Þ

pp → H��H∓ þ X: ð26Þ

In perturbative QCD, the total cross sections for these
processes are expressed as

σðpp → HþþH−−Þ

¼
X
q

Z
1

τ0

dτ
dLqq̄

dτ
ðτ; μFÞσ̂qq̄→HþþH−−ðτsÞ; ð27Þ

σðpp → H��H∓Þ

¼
X
q;q0

Z
1

τ0

dτ
dLqq̄0

dτ
ðτ; μFÞσ̂qq̄0→H��H∓ðτsÞ; ð28Þ

where τ0 ¼ 4m2
H��=s for Eq. (27) and τ0 ¼ ðmH�� þ

mH�Þ2=s for Eq. (28). μF is the factorization scale. The
partonic cross sections are given at the LO as

σ̂qq̄→HþþH−−ðŝÞ ¼ πα2

9ŝ
ð1 − 4xH��Þ32

�
Q2

HQ
2
q þ

ð1 − xZÞQHQqVqVH þ 1
4
ðV2

q þ A2
qÞV2

H

ð1 − xZÞ2 þ x2ZΓ2
Z=m

2
Z

�
; ð29Þ

σ̂qq̄0→H��H∓ðŝÞ ¼ πα2cos2β
36ŝs4W

				 1

1 − xWð1þ iΓW=mWÞ
				2λ3=2ðxH�� ; xH�Þ; ð30Þ

where xi ¼ m2
i =ŝ (i ¼ W;Z;H��, or H�), Vq ¼ ðT3

q − 2Qqs2WÞ=ðsWcWÞ, Aq ¼ T3
q=ðsWcWÞ, QH ¼ þ2 is the electric

charge of Hþþ, VH ¼ ð1 − 2s2WÞ=ðsWcWÞ, and sW ¼ sin θW , cW ¼ cos θW . The electric charge and the third component of
the isospin for a fermion f are denoted by Qf and T3

f, respectively. The partonic luminosity functions are defined as

dLqq̄

dτ
ðτ; μFÞ ¼

Z
1

0

dx1

Z
1

0

dx2δðτ − x1x2Þffqðx1; μFÞfq̄ðx2; μFÞ þ fq̄ðx1; μFÞfqðx2; μFÞg; ð31Þ

dLqq̄0

dτ
ðτ; μFÞ ¼

Z
1

0

dx1

Z
1

0

dx2δðτ − x1x2Þffqðx1; μFÞfq̄0 ðx2; μFÞ þ fq̄0 ðx1; μFÞfqðx2; μFÞg: ð32Þ

The NLO QCD corrections to the total cross sections
are calculated in Ref. [48]. We evaluate the LO and NLO
total cross sections for the processes in Eqs. (25) and (26)
at the LHC. In Fig. 5, we show the cross sections and K
factors for HþþH−− (left) and HþþH− (right) production
at the LHC with

ffiffiffi
s

p ¼ 7 TeV. We use CTEQ6L1 and

CTEQ6M PDFs [49] for LO and NLO calculations,
respectively, and vary the factorization scale μF and
the renormalization scale μR, where the latter enters at
the NLO, to see uncertainties of the cross section
calculations. In the top panel, NLO (LO) cross sections
are plotted in solid (dashed) lines as a function of mH�� .
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For each order, two lines are drawn which correspond to
the maximum and minimal values by varying μ ¼ μR ¼
μF from μ2 ¼ Q2=10 to μ2 ¼ 10Q2, where Q is the
invariant mass of the final-state scalar pair. Thus, the
difference of the two lines indicates the uncertainty of
the calculation by the choice of the scales. In the bottom
panel, the corresponding K factors are plotted, which are
defined as the ratios of those cross sections to the LO
cross section evaluated with μ2 ¼ Q2. For both processes,
the K factors are about 1.2. The scale uncertainties are
typically the 5% (10%) level for the NLO (LO) calcu-
lation, while these are suppressed accidentally at around
mH�� ≃ 80 GeV. The uncertainties from PDFs are found
to be about 3% for the lower mass regions but about 10%
for the higher mass regions.

We also show the same figures but for
ffiffiffi
s

p ¼ 8 TeV in
Fig. 6. For the reader’s convenience, in the Appendix, we
present tables for the cross sections and their uncertainties
for all the processes in Eqs. (25) and (26) for various values
of mH�� and various collision energies at the LHC.
The other H�� production processes, i.e., the vector

boson fusion qQ → q0Q0H�� [18,24,30,35] and the weak
boson associated production qq̄0 → W�� → H��W∓, are
induced by theH��W∓W∓ coupling which is proportional
to vΔ as shown in Eq. (12). Therefore, these production
cross sections are suppressed due to vΔ=v ≪ 1.

IV. BOUND ON THE MASS OF H��

In this section, we discuss the collider signals for the
searches forH�� at LEP and the LHC in the diboson decay

10
-2

10
-1

10
0

10
1

σ to
t [p

b]

50 100 150 200 250
MH

++ [GeV]

0.8

0.9

1

1.1

1.2

1.3

K

pp     H
++

H
--

LHC /s = 8 TeV

NLO

LO

NLO

LO

Q
2
/10 < μ2

 < 10Q
2

CTEQ6M(L1)

10
-2

10
-1

10
0

10
1

σ to
t [p

b]

50 100 150 200 250
MH

++ [GeV]

0.8

0.9

1

1.1

1.2

1.3

K
pp     H

++
H

-
LHC /s = 8 TeV

NLO

LO

NLO

LO

mH
+ = mH

++

Q
2
/10 < μ2

 < 10Q
2

CTEQ6M(L1)

FIG. 6 (color online). The same figures as those in Fig. 5, but for
ffiffiffi
s

p ¼ 8 TeV.

10
-2

10
-1

10
0

10
1

σ to
t [p

b]

50 100 150 200 250
MH

++ [GeV]

0.8

0.9

1

1.1

1.2

1.3

K

pp     H
++

H
--

LHC /s = 7 TeV

NLO

LO

NLO

LO

Q
2
/10 < μ2

 < 10Q
2

CTEQ6M(L1)

10
-2

10
-1

10
0

10
1

σ to
t [p

b]

50 100 150 200 250
MH

++ [GeV]

0.8

0.9

1

1.1

1.2

1.3

K

pp     H
++

H
-

LHC /s = 7 TeV

NLO

LO

NLO

LO

mH
+ = mH

++

Q
2
/10 < μ2

 < 10Q
2

CTEQ6M(L1)

FIG. 5 (color online). Cross sections of pp → HþþH−− (left) and pp → HþþH− (right) processes at the LHC with
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scenario. Since there have been no dedicated studies in past
experiments, to our knowledge, we start to consider the
experimental constraint from relatively small mass regions
by using the precise measurement on the Z boson width at
the LEP I experiment. Expected signal events for H�� in
the eþe− → HþþH−− process are studied for the LEP II
energy and luminosity. After that, we study the constraint
on H�� in the inclusive same-sign dilepton events at
the LHC.

A. LEP I

The LEP experiment was operated with the electron-
positron collision at the center-of-mass energy on the Z
boson mass (LEP I) and up to about 209 GeV (LEP II). At
the LEP I experiment, the total decay width of the Z boson
has been precisely measured [50]. The measurement can be
used to constrain H�� whose mass is smaller than half of
mZ independently of the decay modes of H��. For mH��

smaller than half of mZ, the total decay width of the Z

boson receives a sizable correction from the partial width
for the Z → HþþH−− decay as

ΓZ→HþþH−− ¼ GFm3
Z

6π
ffiffiffi
2

p ð1 − 2s2WÞ2
�
1 −

4m2
H��

m2
Z

�3
2

:

Using the current experimental data and the SM prediction
for the Z boson width [47], ΓZðexpÞ ¼ 2.4952�
0.0023 GeV and ΓZðSMÞ ¼ 2.4960� 0.0002 GeV,
respectively, we obtain the lower bound mH�� >
42.9 GeV at the 95% C.L.

B. LEP II

FormZ=2 < mH�� <
ffiffiffi
s

p
=2, a pair production process of

H��, eþe− → HþþH−−, is utilized to search for H�� at
the LEP II experiment. The total cross section for this
process is given by

σeeðsÞ ¼
πα2

3s
ð1 − 4xH��Þ32

�
Q2

HQ
2
e þ

ð1 − xZÞQHQeVeVH þ 1
4
ðV2

e þ A2
eÞV2

H

ð1 − xZÞ2 þ x2ZΓ2
Z=m

2
Z

�
; ð33Þ

where Ve ¼ ðT3
e − 2Qes2WÞ=ðsWcWÞ and Ae ¼ T3

e=ðsWcWÞ.
The searches for H�� in the dilepton decay mode have
been performed at the LEP experiment [39]. We consider
the searches for H�� in the diboson decay scenario.
Through the decays of H�� into the (off-shell) W bosons,
it subsequently leads to various exotic signals, such as

8-jets, lepton plus 6-jets plus missing energy, same-sign or
opposite-sign dilepton plus 4-jets plus missing energy,
trilepton plus 2-jets plus missing energy, and tetralepton
plus missing energy. Produced numbers of events for these
signals are estimated to be

Nð8-jetsÞ ¼ σee · BðH�� → jjjjÞ2 ·
Z

Ldt; ð34Þ

Nðl�ET þ 6-jetsÞ ¼ σee · 2BðH�� → jjjjÞBðH�� → lνjjÞ ·
Z

Ldt; ð35Þ

Nðl�l�ET þ 4-jetsÞ ¼ σee · 2BðH�� → llννÞBðH�� → jjjjÞ ·
Z

Ldt; ð36Þ

Nðl�l∓ET þ 4-jetsÞ ¼ σee · BðH�� → lνjjÞ2 ·
Z

Ldt; ð37Þ

Nðl�l�l∓ET þ 2-jetsÞ ¼ σee · 2BðH�� → llννÞBðH�� → lνjjÞ ·
Z

Ldt; ð38Þ

Nðlþlþl−l−ETÞ ¼ σee · BðH�� → llννÞ2 ·
Z

Ldt; ð39Þ

where l ¼ e; μ but the signals with τ’s are neglected for simplicity.
In Fig. 7, we plot the expected number of events for these signals as a function of mH�� at the LEP II experiment. We

calculate the expected number of events by collecting the cross sections for various collision energies and integrated
luminosities listed in Table I [51]. As a reference, the number of event for the total HþþH−− production is also plotted.
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Although the signal of a tetralepton plus missing energy
can be compared with the results for the eþe− →
HþþH−− → lþlþl−l− search [39] which requires the
four charged leptons exclusively, no substantial bound can
been derived in the diboson decay scenario because of the
suppression of the number of signal events by BðH�� →
l�l�ννÞ2 whose numerical value is figured in Fig. 2. Up to
our knowledge, there have been no dedicated studies on
these signals as direct searches for the same-sign diboson
decay of H�� at the LEP II experiment.
For the signals which include same-sign dileptons in

Eq. (36) or trileptons in Eq. (36), we wonder if there can be
a chance to find evidence forH�� at the LEP II experiment.
For example, if we assume that these signals can be
discovered if the expected number of events exceeds ten,
mH�� ≃ 85–90 GeV can be explored at the LEP II experi-
ment. The signal of a lepton plus 6-jets plus missing energy
is similar to the process eþe− → WþW− → l�νjj [52].
Because the invariant mass of jets is close to mW for the
latter process, the separation of the two processes seems
possible. The detection of the 8-jets event should be
suffered by a background contribution from QCD events
and WþW− production in the all hadronic decays channel
[51]. However, detailed analysis on the event topology
variables or shape variables, such as thrust or acoplanarity,
may be used to discriminate the signal events from the

background [53,54]. To draw a concrete conclusion, one
needs more detailed studies on the detection efficiencies
for these signals, a realistic estimation of the background
processes, etc., which are beyond the scope of this paper.
Analyses using the real data at the LEP II experiments are
also desired.
Consequently, by using the data as far as we could

handle, we obtain the bound mH�� > 43 GeV from the ΓZ
measurement at the LEP experiment, although the bound is
quite solid, i.e., independent of the decay of H��.

C. Bound from LHC data

Let us consider the constraint on mH�� in the diboson
decay scenario by using the current LHC data. As
explained in Sec. II B, the main production mode for
H�� is the pair production pp → Z=γ� → HþþH−− and
the associated production pp → W� → H��H∓ at the
LHC. Among the various final states in the diboson decay
of H��, the l�l�νν final state brings the most clean
signature at colliders, since the background contribution
can be suppressed for the signals with same-sign dileptons.
Thus, we consider that the experimental signatures suited
for the discovery are

pp → HþþH−− þ X → l�l�ET þ X;

pp → H��H∓ þ X → l�l�ET þ X; ð40Þ

where l� denotes e� or μ�. The theoretical cross section
for the same-sign dilepton signal can be estimated to be

σðl�l�ET þ XÞ ¼ ½σðHþþH−− þ XÞ þ σðH��H∓ þ XÞ�
× BðH�� → l�l�ννÞ: ð41Þ

To obtain the direct bound on H��, we apply the results
of the same-sign dilepton search reported by the ATLAS
Collaboration [45] using the data at the collision energy of
7 TeV and the integrated luminosity of 4.7 fb−1. From the
data, 95% C.L. upper limits N95 for the event number for
the process including the same-sign dilepton have been
derived. In Ref. [45], the limits are separately given for
e�e�, μ�μ�, and e�μ� channels after imposing several
choices of the cut on the invariant mass Mll of the same-
sign dilepton. The 95% C.L. limit for the fiducial cross
section σ95fid is obtained by

σ95fid ¼
N95R

Ldt · εfid
; ð42Þ

where εfid is the efficiency for detecting events within the
detector acceptance and

R
Ldt is the integrated luminosity

4.7 fb−1. The efficiencies are also given in Ref. [45]
reading 43%–65% for the ee channel, 55%–70% for the
eμ channel, and 59%–72% for the μμ channel depending
on the assumption about momentum distributions of the

TABLE I. Collision energies
ffiffiffi
s

p
and integrated luminosities L

at the LEP II experiments [51].ffiffiffi
s

p
[GeV] 188.6 191.6 195.5 199.6 201.8 204.8 206.5 208.0

L [pb−1] 176.8 29.8 84.1 83.3 37.1 79.0 130.5 8.6

60 65 70 75 80 85 90 95 100
MH

++ [GeV]

10
0

10
1

10
2

10
3

N
um

be
r 

of
 e

ve
nt

s
LEP2

o.s. dilepton + 4jets + missing

trilepton + 2jets + missing

8jets

total H++
H--

 production
/s = 189 - 208 GeV

L = 630 pb
-1

lepton + 6jets + missing

s.s. dilepton + 4jets + missing

tetralepton + missing

FIG. 7 (color online). Estimated number of events for various
signals in the eþe− → HþþH−− process in the diboson decay
scenario at the LEP II experiments as a function of mH�� . The
total number of events for the eþe− → HþþH−− production is
also plotted. The collision energies and the integrated luminos-
ities collected at the LEP II experiments are listed in Table I.
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charged leptons. We find that the data for the μþμþ channel
with the invariant-mass cut Mll > 15 GeV give the most
severe constraint on mH�� . Thus, hereafter, we present a
detailed comparison of σ95fid given in Ref. [45] with the
fiducial cross section evaluated by ourselves for the μþμþ
channel with a cut of Mll > 15 GeV. Theoretical estima-
tion of the fiducial cross section is given by

σfid ¼ σtot · B · ϵA; ð43Þ

where ϵA is the combined efficiency of kinematical
acceptance and kinematical cuts. In Table II, our estimation
for each factor is summarized. In the first and second
rows, the total cross sections for pp → HþþH−− and
pp → HþþH− processes at the NLO are listed as a
function of mH�� , where mH� ¼ mH�� is assumed for
the second process. We set 5% uncertainty for the cross
sections independently of mH�� from the scale uncertainty
and the PDF uncertainty. The branching ratio of H�� into
the same-sign dimuon plus missing momentum is also
listed in the third row in Table II.
The efficiencies of detector acceptance and kinematical

cuts are separately estimated by using the Monte Carlo
simulation at the parton level. In order to generate the signal
events, we use MADGRAPH5 [55] and CTEQ6L PDFs [49].
In Fig. 8, we show the distributions for the signal events in

the transverse momentum of a muon, the missing trans-
verse momentum, and Mμμ for mH�� ¼ 40–100 GeV to
check the shape of the distributions and their mass
dependence. According to Ref. [45], the kinematical cuts
by detector acceptance are taken as

pμ
T > 20 GeV; jημj < 2.5; ð44Þ

where pμ
T and ημ represent the transverse momentum and

the pseudorapidity of a muon, respectively. In addition, a
cut on Mμμ > 15 GeV is applied. In the fourth and fifth
rows in Table II, the efficiencies by the kinematical
acceptance for muons and that by the kinematical cut on
the dimuon invariant mass are listed, respectively. Because
only the muon momenta are measured, our parton-level
analysis is expected to be a good approximation to the
realistic detector-level observation. Finally, in the last row,
we list the fiducial cross section as a function of mH�� ,
calculated by using the numbers in the upper rows. The
fiducial cross section takes its maximum value at around
mH�� ¼ 40 GeV, because that for a lower mass is signifi-
cantly reduced by the acceptance cut.
In Fig. 9, the fiducial cross section for the μþμþ events is

plotted as a function of mH�� by a dark green band, where
its width indicates 5% uncertainty for the total cross section
at the NLO. For the comparison, the LO results previously
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FIG. 8 (color online). Normalized distributions of pT of muons, missing transverse momentum, and the invariant mass of the same-
sign dimuon for the inclusive pp → ðHþþ → μþμþννÞX process at the LHC with

ffiffiffi
s

p ¼ 7 TeV. Distributions are evaluated by using
MADGRAPH [55] with mH�� ¼ 40, 60, 80, and 100 GeV.

TABLE II. Table of the total cross sections, branching ratio of H��, and the efficiencies of acceptance and kinematical cuts for the
μþμþ searches at the LHC with 7 TeV for mH�� ¼ 40–100 GeV. The resulting fiducial cross section is also listed.

mH�� 40 50 60 70 80 90 100 [GeV]

σNLOtot ðpp → HþþH−−Þ 120. 6.95 2.90 1.56 0.93 0.594 0.398 [pb]

σNLOtot ðpp → HþþH−Þ [mH� ¼ mH�� ] 65. 8.76 3.69 1.94 1.14 0.725 0.485 [pb]

BðHþþ → μþμþννÞ 2.22 2.22 2.21 2.19 2.16 1.98 1.61 [%]
ϵA (pμ

T > 20 GeV and jημj < 2.5) 0.63 6.1 12. 17. 22. 24. 23. [%]
ϵA (Mμμ > 15 GeV) 78. 89. 94. 96. 98. 98. 99. [%]
σfidðpp → μþμþ þ XÞ [mH� ¼ mH�� ] 20.2 18.9 16.4 12.5 9.6 6.1 3.2 [fb]
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obtained in Ref. [33] are also shown in the light green band
where 10% theory uncertainty is taken into account. An
orange-shaded band gives the 95% C.L. upper limit for the
fiducial cross section obtained in Ref. [45] by using
4.7 fb−1 data. The width of the data band comes from
the uncertainty of εfid for the μμ system between 59% and
72% [45]. By taking a conservative examination, H�� is
excluded for mH�� ≲ 60–68 GeV in the diboson decay
scenario, depending on the value of ϵfid in Ref. [45]. We
emphasize again that this is the first verification by using
the collider data on the searches for H�� in the diboson
scenario. We find that a stronger mass bound is obtained by
using the LHC data more than the bound obtained via the
ΓZ measurement at the LEP experiment. The red-shaded
band is drawn by extrapolating the ATLAS results to those
for 20 fb−1 by assuming that the upper limit of the cross
section σ95fid becomes small by a factor of 2. By comparing
the extrapolated band with the theoretical cross section,
we obtain that the regions of mH�� ≲ 85–90 GeV can be
surveyed by using the existing LHC data with 20 fb−1. We
note that the difference of the signal cross sections from 7 to
8 TeV is not taken into account for this extrapolation, since
we do not know how the background cross sections scale at
the same time. The analysis for the 8 TeV run should be
revised by taking into account the change of these cross
sections as well as the efficiencies provided from the
experimental measurements.
We remark that the lower bound obtained in this analysis

can be improved by taking into account the following:
(i) The other source of extra H�� from the decay of H� is
not considered here, for simplicity, since the decay rate of

H� → H��W∓ depends on the other parameters in the
model [28]. To count theH�� production from the decay of
H�, all the processes of H� production have to be also
taken into account [26,28,29,31], such as pp → HþH−,
pp → H�H, and pp → H�A. (ii) Although we have
studied the same-sign dileptons only from the decay of
H��, they can also appear in the decay of H�; e.g.,
H� → W�Z → l�lþl−ν [28]. However, the decay of H�
also strongly depends on the mass difference among the
triplet Higgs bosons, Δm ¼ mH� −mH�� , so that we here
neglect these contributions as a conservative assumption.
(iii) The mass bound obtained in our analysis is somewhat
lower than that estimated in Ref. [30] for the same collision
energy and integrated luminosity. This is partially because
of the difference between their estimation for the back-
ground events and the real data and partially because of
the difference of the analysis cuts. Although we have used
the experimental data for the inclusive same-sign dilepton
production, it has been studied that a requirement of
relatively hard jets in addition to the same-sign dilepton
can enhance the significance for discovering H�� [30,36].
In the future LHC run with

ffiffiffi
s

p ¼ 13–14 TeV, the mass
bound can be further improved by such an optimized
analysis.
Finally, we comment on further observations after the

discovery of H��, such as the determination of its proper-
ties and searches for the other tripletlike Higgs bosons. If
H�� are discovered by the l�l�νν events, the observa-
tions of the other signals which come from the hadronic
decays of the (off-shell) W bosons are important to indeed
conclude the diboson decay of H��. The electric charge of
H�� shall be determined from the charges of the same-sign
dilepton as discovery signals in either the dilepton decay
scenario or the diboson decay scenario. In the dilepton
decay scenario, the mass of H�� can be easily determined
by the sharp peak in the invariant-mass distribution of the
same-sign dilepton. Angular distributions of leptons dis-
criminate the spin of H��. In addition, if H�� → τ�τ�

decays are available, the spin of H�� can be directly
observed by using the spin correlation of the two recon-
structed τ leptons [56]. On the other hand, in the diboson
decay scenario, the determination of the mass of H�� is
not straightforward but still possible at hadron colliders by
using the end-point behavior of the transverse mass
distribution constructed from the dilepton momenta and
the missing transverse momentum [28]. Moreover, the
method using the lepton energy distribution [57] may be
also applicable, since clean signal events can be extracted in
the sense of the kinematical cuts for leptons and the SM
background contributions. Observation of the spin of H��
may be performed in the same method as the observation of
the spin-0 nature of the SM-like Higgs bosons at the LHC
[3]. The searches for the other tripletlike Higgs bosons will
be performed at the future LHC run and also at future
lepton colliders, such as the International Linear Collider
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FIG. 9 (color online). The fiducial cross section for the μþμþ
events at the LHC with

ffiffiffi
s

p ¼ 7 TeV as a function of mH�� . Dark
green and light green bands show the estimated fiducial cross
sections at the NLO and LO, respectively. The widths of the band
come from the 5% (10%) uncertainty for the production cross
sections at the NLO (LO). The horizontal thick (thin) band shows
the (expected) 95% C.L. upper limit from the data with the
integrated luminosity of 4.7 fb−1 (20 fb−1).
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(ILC) [58] and Compact Linear Collider (CLIC) [59,60].
Since the heavier tripletlike bosons would decay in the
cascade type, the searches at the LHC may be difficult and
there can be an advantage for the searches at future lepton
colliders [61]. Searches for the tripletlike Higgs bosons at
photon colliders are also discussed in Refs. [16,62].
We close this section with comments on the diboson

decay of H�� in the other SUð2ÞL multiplet. In general, an
SUð2ÞL scalar multiplet φ which contains both the doubly
charged φ�� and neutral φ0 components can have the
φ��W∓W∓ vertex at tree level, when φ0 acquires a
nonzero VEV.4 Although the bound obtained in this paper
is limited for the triplet scalar, the same searches can be
applied to them by adopting the appropriate production
cross section and branching ratio.

V. CONCLUSION

We have investigated the collider phenomenology of
H�� in the HTM, focusing on the scenario where H��
mainly decay into the same-sign diboson. Such a diboson
decay scenario can be realized in the case with vΔ >
0.1–1 MeV and Δm≲ 1 GeV as shown in Fig. 4. We have
shown that the decay branching ratio for the H�� →
l�l�νν decay with a s.f. dilepton is enhanced by up to

80% for mH�� < 2mW due to the interference effect.
Total production cross sections of pp → HþþH−− and
pp → H��H∓ are calculated up to the NLO in QCD. The
predicted cross sections are enhanced by about 20% from
those at the LO. These arguments are found to be important
to search for H�� in the diboson decay scenario in
relatively small mass regions.
Since there have been no dedicated studies for the search

for H�� in the diboson scenario, we have discussed the
constraints at the past collider experiments. At the LEP
experiment, by comparing the total decay width of the Z
boson with the partial decay rate of Z → HþþH−−, we have
found that mH�� < 42.9 GeV is excluded at the 95% C.L.
We also have calculated the number of events for various
final states deduced from eþe− → HþþH−− at the LEP II.
Although the signal with tetraleptons plus missing momen-
tum cannot be used to derive a constraint on mH�� , due to
the reduction of the signal cross section by a square of the
branching fraction of H�� → l�l�νν decay, the other
signals which include a same-sign dilepton can be useful
for the search for H�� in the diboson decay scenario. We
have finished our discussion by emphasizing a need of
dedicated analysis for these signals by using the data from
the LEP II experiment.
We then have discussed the searches for H�� in the

diboson decay scenario at the LHC and also have discussed
the bound on the mass of H�� from the current data. In
order to find evidence of H�� in relatively lower mass

TABLE III. Total cross sections at the NLO with CT10 PDFs forH�� production processes at the LHC with
ffiffiffi
s

p ¼ 7 TeV. The errors
show the uncertainty by varying the scale μ ¼ μR ¼ μF asQ2=10 < μ2 < 10Q2 and the uncertainty in the PDFs, in order. For the second
and third processes, mH� ¼ mH�� is assumed.

LHC
ffiffiffi
s

p ¼ 7 TeV, NLO with CT10 PDFs

Mass [GeV] σðHþþH−−Þ [pb] σðHþþH−Þ [pb] σðHþH−−Þ [pb]
50 7.19 × 100 þ1.7%

−0.8%
þ3.2%
−3.5% 9.01 × 100 þ1.6%

−0.7%
þ3.8%
−4.4% 5.60 × 100 þ1.8%

−0.7%
þ3.7%
−4.2%

60 2.98 × 100 þ1.1%
−0.3%

þ3.4%
−3.6% 3.78 × 100 þ1.0%

−0.3%
þ3.9%
−4.5% 2.26 × 100 þ1.2%

−0.4%
þ3.9%
−4.3%

70 1.60 × 100 þ0.6%
−0.1%

þ3.4%
−3.8% 1.98 × 100 þ0.5%

−0.1%
þ4.0%
−4.7% 1.14 × 100 þ0.7%

−0.1%
þ4.0%
−4.4%

80 9.51 × 10−1 þ0.4%
−0.0%

þ3.4%
−4.0% 1.16 × 100 þ0.4%

−0.0%
þ4.1%
−4.9% 6.50 × 10−1 þ0.3%

−0.0%
þ4.2%
−4.7%

90 6.07 × 10−1 þ0.5%
−0.1%

þ3.5%
−4.2% 7.37 × 10−1 þ0.5%

−0.2%
þ4.1%
−5.1% 4.00 × 10−1 þ0.5%

−0.1%
þ4.4%
−4.9%

100 4.06 × 10−1 þ0.7%
−0.4%

þ3.7%
−4.3% 4.92 × 10−1 þ0.7%

−0.5%
þ4.2%
−5.3% 2.60 × 10−1 þ0.8%

−0.4%
þ4.5%
−5.2%

120 2.01 × 10−1 þ1.0%
−1.0%

þ3.9%
−4.7% 2.44 × 10−1 þ1.1%

−1.1%
þ4.4%
−5.8% 1.23 × 10−1 þ1.1%

−1.0%
þ5.0%
−5.7%

140 1.10 × 10−1 þ1.3%
−1.5%

þ4.1%
−5.0% 1.34 × 10−1 þ1.3%

−1.5%
þ4.6%
−6.3% 6.45 × 10−2 þ1.4%

−1.5%
þ5.3%
−6.2%

160 6.41 × 10−2 þ1.5%
−1.9%

þ4.3%
−5.4% 7.91 × 10−2 þ1.6%

−1.9%
þ5.0%
−6.7% 3.66 × 10−2 þ1.6%

−2.0%
þ5.7%
−6.6%

180 3.94 × 10−2 þ1.8%
−2.3%

þ4.6%
−5.8% 4.91 × 10−2 þ1.8%

−2.3%
þ5.2%
−7.2% 2.19 × 10−2 þ1.9%

−2.3%
þ6.1%
−7.1%

200 2.52 × 10−2 þ2.0%
−2.6%

þ4.8%
−6.1% 3.18 × 10−2 þ2.0%

−2.7%
þ5.5%
−7.7% 1.37 × 10−2 þ2.1%

−2.7%
þ6.5%
−7.5%

250 9.35 × 10−3 þ2.5%
−3.4%

þ5.6%
−6.9% 1.21 × 10−2 þ2.5%

−3.5%
þ6.5%
−8.9% 4.84 × 10−3 þ2.6%

−3.5%
þ7.7%
−8.5%

300 3.95 × 10−3 þ3.0%
−4.1%

þ6.3%
−7.7% 5.23 × 10−3 þ3.0%

−4.1%
þ7.6%
−10.3% 1.96 × 10−3 þ3.1%

−4.2%
þ8.8%
−9.6%

350 1.82 × 10−3 þ3.5%
−4.7%

þ7.1%
−8.6% 2.45 × 10−3 þ3.5%

−4.8%
þ9.1%
−11.5% 8.74 × 10−4 þ3.6%

−4.8%
þ10.2%
−10.7%

400 8.91 × 10−4 þ3.9%
−5.2%

þ8.1%
−9.4% 1.22 × 10−3 þ4.0%

−5.4%
þ10.7%
−13.0% 4.16 × 10−4 þ4.0%

−5.3%
þ11.9%
−12.0%

4An effective S��W∓W∓ vertex for the singlet scalar boson
S�� was recently discussed in Ref. [63].
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regions, we treat the theoretical framework for the inclusive
same-sign dilepton signal, which consists of total cross
sections for H�� production at the NLO, the decay
branching ratio into the same-flavor dilepton decay with
interference effects, and efficiencies for detector acceptance

and the kinematical cuts. By combining them, we have
evaluated the theoretical prediction for the fiducial cross
section for the same-sign dimuon events. By comparing it
with the upper limit reported by the ATLAS Collaboration
using the 4.7 fb−1 data at the 7 TeV run, we find that the

TABLE IV. The same as Table III, but for the LHC with
ffiffiffi
s

p ¼ 8 TeV.

LHC
ffiffiffi
s

p ¼ 8 TeV, NLO with CT10 PDFs

Mass [GeV] σðHþþH−−Þ [pb] σðHþþH−Þ [pb] σðHþH−−Þ [pb]
50 8.52 × 100 þ2.0%

−1.1%
þ3.1%
−3.5% 1.06 × 101 þ2.0%

−1.0%
þ3.7%
−4.3% 6.71 × 100 þ2.2%

−1.0%
þ3.5%
−4.1%

60 3.57 × 100 þ1.4%
−0.6%

þ3.3%
−3.4% 4.47 × 100 þ1.3%

−0.5%
þ3.8%
−4.4% 2.73 × 100 þ1.5%

−0.5%
þ3.7%
−4.1%

70 1.93 × 100 þ1.0%
−0.2%

þ3.3%
−3.6% 2.36 × 100 þ0.9%

−0.2%
þ3.9%
−4.5% 1.40 × 100 þ1.0%

−0.3%
þ3.8%
−4.3%

80 1.16 × 100 þ0.6%
−0.1%

þ3.4%
−3.7% 1.40 × 100 þ0.5%

−0.1%
þ3.9%
−4.7% 8.03 × 10−1 þ0.6%

−0.1%
þ3.9%
−4.5%

90 7.44 × 10−1 þ0.6%
−0.0%

þ3.4%
−3.9% 8.91 × 10−1 þ0.3%

−0.0%
þ4.0%
−4.8% 4.98 × 10−1 þ0.3%

−0.0%
þ4.1%
−4.7%

100 5.01 × 10−1 þ0.5%
−0.1%

þ3.5%
−4.0% 5.98 × 10−1 þ0.5%

−0.2%
þ4.0%
−5.0% 3.26 × 10−1 þ0.5%

−0.1%
þ4.3%
−4.9%

120 2.52 × 10−1 þ0.8%
−0.6%

þ3.6%
−4.5% 3.01 × 10−1 þ0.8%

−0.7%
þ4.2%
−5.5% 1.57 × 10−1 þ0.8%

−0.6%
þ4.6%
−5.3%

140 1.39 × 10−1 þ1.1%
−1.0%

þ3.8%
−4.8% 1.68 × 10−1 þ1.1%

−1.2%
þ4.4%
−5.8% 8.37 × 10−2 þ1.1%

−1.1%
þ4.9%
−5.7%

160 8.25 × 10−2 þ1.3%
−1.5%

þ4.0%
−5.0% 1.00 × 10−1 þ1.3%

−1.5%
þ4.7%
−6.2% 4.81 × 10−2 þ1.4%

−1.5%
þ5.3%
−6.1%

180 5.14 × 10−2 þ1.5%
−1.8%

þ4.2%
−5.4% 6.30 × 10−2 þ1.5%

−1.9%
þ4.8%
−6.7% 2.92 × 10−2 þ1.6%

−1.9%
þ5.6%
−6.5%

200 3.34 × 10−2 þ1.7%
−2.2%

þ4.5%
−5.7% 4.13 × 10−2 þ1.7%

−2.2%
þ5.1%
−7.0% 1.85 × 10−2 þ1.8%

−2.2%
þ6.0%
−7.0%

250 1.28 × 10−2 þ2.2%
−2.9%

þ5.1%
−6.4% 1.63 × 10−2 þ2.2%

−2.9%
þ5.9%
−8.1% 6.81 × 10−3 þ2.3%

−3.0%
þ7.0%
−7.8%

300 5.62 × 10−3 þ2.6%
−3.5%

þ5.8%
−7.1% 7.30 × 10−3 þ2.6%

−3.6%
þ6.8%
−9.2% 2.87 × 10−3 þ2.7%

−3.6%
þ7.9%
−8.8%

350 2.68 × 10−3 þ3.0%
−4.1%

þ6.4%
−7.8% 3.56 × 10−3 þ3.0%

−4.2%
þ7.8%
−10.4% 1.32 × 10−3 þ3.1%

−4.2%
þ9.1%
−9.7%

400 1.37 × 10−3 þ3.4%
−4.6%

þ7.2%
−8.5% 1.84 × 10−3 þ3.5%

−4.7%
þ9.0%
−11.6% 6.55 × 10−4 þ3.5%

−4.7%
þ10.2%
−10.7%

TABLE V. The same as Table III, but for the LHC with
ffiffiffi
s

p ¼ 13 TeV.

LHC
ffiffiffi
s

p ¼ 13 TeV, NLO with CT10 PDFs

Mass [GeV] σðHþþH−−Þ [pb] σðHþþH−Þ [pb] σðHþH−−Þ [pb]
80 2.26 × 100 þ1.7%

−0.8%
þ3.0%
−3.4% 2.62 × 100 þ1.6%

−0.7%
þ3.5%
−4.1% 1.65 × 100 þ1.7%

−0.7%
þ3.4%
−3.9%

90 1.48 × 100 þ1.4%
−0.5%

þ3.1%
−3.4% 1.70 × 100 þ1.2%

−0.5%
þ3.7%
−4.1% 1.05 × 100 þ1.4%

−0.5%
þ3.5%
−3.9%

100 1.02 × 100 þ1.1%
−0.3%

þ3.1%
−3.5% 1.16 × 100 þ1.0%

−0.3%
þ3.7%
−4.2% 7.02 × 10−1 þ1.1%

−0.3%
þ3.6%
−4.0%

120 5.33 × 10−1 þ0.6%
−0.1%

þ3.2%
−3.6% 6.07 × 10−1 þ0.5%

−0.1%
þ3.7%
−4.4% 3.53 × 10−1 þ0.6%

−0.1%
þ3.8%
−4.2%

140 3.07 × 10−1 þ0.4%
−0.0%

þ3.2%
−3.8% 3.50 × 10−1 þ0.3%

−0.0%
þ3.8%
−4.6% 1.97 × 10−1 þ0.3%

−0.0%
þ3.9%
−4.5%

160 1.89 × 10−1 þ0.5%
−0.2%

þ3.4%
−3.9% 2.17 × 10−1 þ0.5%

−0.2%
þ4.0%
−4.8% 1.18 × 10−1 þ0.5%

−0.2%
þ4.2%
−4.7%

180 1.22 × 10−1 þ0.7%
−0.4%

þ3.5%
−4.1% 1.41 × 10−1 þ0.7%

−0.5%
þ4.1%
−5.1% 7.48 × 10−2 þ0.7%

−0.5%
þ4.3%
−5.0%

200 8.23 × 10−2 þ0.8%
−0.7%

þ3.5%
−4.3% 9.58 × 10−2 þ0.8%

−0.8%
þ4.2%
−5.3% 4.95 × 10−2 þ0.8%

−0.8%
þ4.6%
−5.2%

250 3.48 × 10−2 þ1.2%
−1.4%

þ3.8%
−4.9% 4.14 × 10−2 þ1.2%

−1.4%
þ4.5%
−6.0% 2.01 × 10−2 þ1.2%

−1.4%
þ5.1%
−5.9%

300 1.68 × 10−2 þ1.5%
−1.9%

þ4.2%
−5.4% 2.03 × 10−2 þ1.5%

−1.9%
þ4.9%
−6.6% 9.34 × 10−3 þ1.6%

−2.0%
þ5.6%
−6.6%

350 8.82 × 10−3 þ1.8%
−2.3%

þ4.6%
−5.8% 1.09 × 10−2 þ1.8%

−2.4%
þ5.2%
−7.3% 4.77 × 10−3 þ1.9%

−2.4%
þ6.2%
−7.2%

400 4.95 × 10−3 þ2.0%
−2.8%

þ5.0%
−6.2% 6.22 × 10−3 þ2.0%

−2.8%
þ5.8%
−7.9% 2.61 × 10−3 þ2.1%

−2.9%
þ6.8%
−7.7%

450 2.92 × 10−3 þ2.3%
−3.1%

þ5.3%
−6.8% 3.72 × 10−3 þ2.3%

−3.1%
þ6.4%
−8.6% 1.50 × 10−3 þ2.4%

−3.2%
þ7.5%
−8.3%

500 1.79 × 10−3 þ2.5%
−3.4%

þ5.7%
−7.2% 2.31 × 10−3 þ2.5%

−3.5%
þ6.9%
−9.3% 9.00 × 10−4 þ2.6%

−3.6%
þ8.1%
−8.9%

550 1.13 × 10−3 þ2.7%
−3.8%

þ6.2%
−7.6% 1.48 × 10−3 þ2.8%

−3.8%
þ7.6%
−10.1% 5.58 × 10−4 þ2.9%

−3.9%
þ8.8%
−9.4%
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lower limit of mH�� in the diboson decay scenario is
revised to 60–68 GeV depending on the estimation of the
signal efficiency in the search. We have estimated by
naive extrapolation that the limit can be extended up to
85–90 GeV, if full analysis with the available 20 fb−1 data
set at the 8 TeV run is performed.
Our analysis shows that relatively light H�� with

mH�� ≃ 100 GeV are still allowed if H�� dominantly
decay into (off-shell) dibosons. In the near future at the
LHC run with 13–14 TeV, the searches for H�� in the
diboson decay scenario will be performed to push the limit
toward a few hundred GeV [30,36]. At the future lepton
colliders, such as the ILC [58] and CLIC [59,60], we also
have a chance to study the properties of not only H�� but
also the other tripletlike Higgs bosons [61] as long as the
masses of them are within the reach of these colliders.
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APPENDIX: H�� PRODUCTION CROSS
SECTIONS AT THE LHC

In this Appendix, we present the cross sections for H��
production at the LHC. We consider the three processes
pp → HþþH−−, HþþH−, and HþH−− at the LHC withffiffiffi
s

p ¼ 7, 8, 13, and 14 TeV. We evaluate the total cross
sections at the NLO in QCD [48] with CT10 PDFs [64]
and also their uncertainties by taking into account the
scale ambiguity and the PDF uncertainty. For the latter
two processes, the mass of H� is taken to be mH� ¼ mH��

for simplicity.
The scale ambiguity is estimated by seeking the maxi-

mum and minimum cross sections by varying the factori-
zation and renormalization scales μ ¼ μF ¼ μR in the range
Q2=10 < μ < 10Q2, where Q is the invariant mass of the
final-state scalar pair. The PDF uncertainties are calculated
according to the Hessian method with 26 eigenvector set
provided in Ref. [64].
In Table III, the total cross section at the NLO with

μ ¼ Q, its uncertainties from the scale choice, and the PDF,
in order, are presented for the three processes for various
values of mH�� at the LHC with

ffiffiffi
s

p ¼ 7 TeV. The same
results but for

ffiffiffi
s

p ¼ 8, 13, and 14 TeVare also presented in
Tables IV, V, and VI, respectively.

TABLE VI. The same as Table III, but for the LHC with
ffiffiffi
s

p ¼ 14 TeV.

LHC
ffiffiffi
s

p ¼ 14 TeV, NLO with CT10 PDFs

Mass [GeV] σðHþþH−−Þ [pb] σðHþþH−Þ [pb] σðHþH−−Þ [pb]
80 2.49 × 100 þ1.8%

−0.9%
þ3.0%
−3.4% 2.87 × 100 þ1.7%

−0.9%
þ3.4%
−4.1% 1.83 × 100 þ1.9%

−0.9%
þ3.3%
−3.8%

90 1.64 × 100 þ1.5%
−0.7%

þ3.1%
−3.3% 1.87 × 100 þ1.4%

−0.6%
þ3.6%
−4.0% 1.17 × 100 þ1.6%

−0.6%
þ3.5%
−3.8%

100 1.13 × 100 þ1.2%
−0.5%

þ3.1%
−3.3% 1.28 × 100 þ1.1%

−0.4%
þ3.5%
−4.2% 7.84 × 10−1 þ1.3%

−0.5%
þ3.6%
−3.8%

120 5.93 × 10−1 þ0.8%
−0.2%

þ3.1%
−3.5% 6.71 × 10−1 þ0.7%

−0.1%
þ3.7%
−4.3% 3.96 × 10−1 þ0.8%

−0.2%
þ3.7%
−4.1%

140 3.43 × 10−1 þ0.4%
−0.0%

þ3.2%
−3.7% 3.89 × 10−1 þ0.3%

−0.0%
þ3.8%
−4.5% 2.22 × 10−1 þ0.3%

−0.0%
þ3.9%
−4.3%

160 2.12 × 10−1 þ0.4%
−0.0%

þ3.3%
−3.8% 2.41 × 10−1 þ0.5%

−0.1%
þ3.7%
−4.8% 1.34 × 10−1 þ0.4%

−0.0%
þ4.2%
−4.5%

180 1.38 × 10−1 þ0.5%
−0.3%

þ3.4%
−4.0% 1.58 × 10−1 þ0.6%

−0.4%
þ3.9%
−5.0% 8.53 × 10−2 þ0.5%

−0.3%
þ4.3%
−4.7%

200 9.33 × 10−2 þ0.7%
−0.5%

þ3.4%
−4.2% 1.08 × 10−1 þ0.7%

−0.6%
þ4.0%
−5.2% 5.67 × 10−2 þ0.7%

−0.6%
þ4.4%
−5.0%

250 3.99 × 10−2 þ1.1%
−1.1%

þ3.8%
−4.6% 4.70 × 10−2 þ1.0%

−1.2%
þ4.3%
−5.8% 2.33 × 10−2 þ1.1%

−1.2%
þ4.9%
−5.7%

300 1.94 × 10−2 þ1.4%
−1.7%

þ4.0%
−5.1% 2.33 × 10−2 þ1.4%

−1.7%
þ4.7%
−6.3% 1.10 × 10−2 þ2.5%

−1.7%
þ5.4%
−6.3%

350 1.03 × 10−2 þ1.6%
−2.1%

þ4.3%
−5.6% 1.26 × 10−2 þ1.6%

−2.2%
þ5.1%
−6.9% 5.66 × 10−3 þ1.7%

−2.2%
þ5.9%
−6.9%

400 5.85 × 10−3 þ1.9%
−2.5%

þ4.7%
−6.0% 7.28 × 10−3 þ1.9%

−2.5%
þ5.5%
−7.5% 3.13 × 10−3 þ2.0%

−2.6%
þ6.5%
−7.4%

450 3.49 × 10−3 þ2.1%
−2.8%

þ5.1%
−6.4% 4.41 × 10−3 þ2.1%

−2.9%
þ6.0%
−8.2% 1.82 × 10−3 þ2.2%

−2.9%
þ7.1%
−7.9%

500 2.16 × 10−3 þ2.3%
−3.2%

þ5.5%
−6.8% 2.77 × 10−3 þ2.3%

−3.2%
þ6.5%
−8.8% 1.10 × 10−3 þ2.5%

−3.3%
þ7.6%
−8.5%

550 1.38 × 10−3 þ2.6%
−3.5%

þ5.8%
−7.3% 1.79 × 10−3 þ2.6%

−3.6%
þ7.1%
−9.5% 6.93 × 10−4 þ2.7%

−3.6%
þ8.2%
−9.0%
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