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In this paper, we loosen the zero equation of state of dark matter to a constant wdm. By using the

currently available cosmic observations, which include the type-Ia supernovae, the baryon acoustic

oscillation, the WiggleZ measurements of matter power spectrum, and the cosmic microwave background

radiation from the firs release of Planck data through the Markov chain Monte Carlo method, we found the

equation of state of dark matter in 3� regions: wdm ¼ 0:000707þ0:000746þ0:00146þ0:00193
�0:000747�0:00149�0:00196. The difference

between the minimum of �2 between the �CDM and �wDM models is ��2
min ¼ 0:446 for one extra

model parameter wdm. Although the currently available cosmic observations favor the �wDM mildly, no

significant deviation from the �CDM model is found in 1� regions.
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I. INTRODUCTION

The first release of Planck data improves the quality of
cosmological data extraordinary [1]. It allows us to give a
tighter constraint to the cosmological parameter space.
And the cold dark matter plus a cosmological constant
�, the so-called �CDM model, can almost agree with
the most recent cosmic observations, which include the
type-Ia supernovae (SN), the baryon acoustic oscillation
(BAO), and the cosmic microwave background radiation
(CMB), successfully at large scales. However, it has
several potential problems on smaller scales [2–6]. How
to explain the discrepancies on large and small scales is
currently still under debate [7]. The warm dark matter has
been proclaimed as a potential solution to the small scale
difficulties of cold dark matter [4,8–12]. It leaves some
space to an alternative to the cold dark matter model. The
focus point is whether it is cold or warm. Actually, the hot
dark matter was ruled out due to the difficulty in forming
the observed large scale structure. To characterize the
properties of warm dark matter, the equation of state,
wdm, is an important indicator in a fluid perspective. And
the value of wm should be determined by the cosmic
observations. A significant nonzero value of wdm indicates
the dark matter is warm rather than cold. In the literature,
the equation of state of warm dark matter was constrained
by many groups under the assumption of a constant, wdm;
a time variable, wdm, with a cosmological constant; or
w ¼ constant dark energy. For an example, please see
Refs. [13–15] and references therein. See also Ref. [16],
in which the difficulties of the small scale behavior of
warm dark matter were pointed out. If the dark matter is
really warm, the model parameters would be different even
it were to have the same background evolution history as
that of the �CDM model. A different large scale structure

would form due to the different perturbation evolutions.
Therefore, the large scale structure information will be
important to break degeneracies between model parame-
ters and to determine the properties of dark matter, which is
the main part of the large scale structure of our Universe.
We would also like to mention the particle side of dark
matter; please see Ref. [17] for brief reviews.
Thanks to the measurements of WiggleZ Dark Energy

Survey, a total 238, 000 galaxies in the redshift range z < 1
were measured. These galaxies were split into four redshift
bins with ranges 0:1< z < 0:3, 0:3< z < 0:5, 0:5< z <
0:7, and 0:7< z < 0:9. The corresponding power spectrum
in the four redshift bins was measured; for details, please
see Ref. [18]. We estimate the nonlinear growth from a
given linear growth theory power spectrum based on the
principles of the halo model; actually, the HALOFIT
formula is used in this paper [19]. At the scale of halo,
the growth of halos depends on the local physics and not
on the details of precollapse matter and the large scale
distribution of matter. Thus, in the nonlinear regime, the
growth depends only on the nonlinear scale and the slope
and curvature of the power spectrum [20]. In this paper,
we loosen the constraint to a zero equation of state and
investigate the simplest model for dark matter, i.e., the one
with a constant wdm. Therefore, the main information is
stored in the matter power spectrum. Also, we assume the
HALOFIT formula is still suitable for this case, although
the formula would be modified due to the freestreaming
of warm dark matter [21]. By a combination of CMB,
Sloan Digital Sky Survey (SDSS) BAO, SN, and
WiggleZ, the equation of state of dark matter will be tested.
In our results, we did not find significant deviation from
wdm ¼ 0 in 1� regions.
Actually, this simplest form dark matter was already

constrained by using 580 SN, CMB shift parameter R, and
BAO distance parameter A [15] (see also Refs. [13,14], in
which a time variable equation of state of dark matter was*lxxu@dlut.edu.cn
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also considered. The authors of Ref. [14] discussed the
degeneracies between model parameters extensively
and found the equation of state of dark matter in the
range of 1� 2� regions wdm ¼ 0:0007þ0:0021þ0:0041

�0:0021�0:0042 by

using the data combination of WMAP5þ SDSSþ
Supernovae Legacy Survey ðSNLSÞ. It implies the cold
dark matter wdm ¼ 0 is compatible in the 1� region. As a
revisit to the work of Ref. [14] and a comparison to the work
of Ref. [15], here we will use the full information of the
CMB, which includes the recently released Planck data sets,
which include the high-l temperature angular power spec-
trum (TT) likelihood (CAMSpec) up to a maximum multi-
pole number of lmax ¼ 2500 from l ¼ 50; the low-l TT
likelihood (lowl) up to l ¼ 49; and the low-l temperature-
polarization cross-power spectrum, E-mode polarization
power spectrum, and B-mode polarization power spectrum
likelihoods up to l ¼ 32 from WMAP9; the data sets are
available online [22]. For the SN data points as ‘‘standard
candles,’’ the luminosity distances will be employed. In this
paper, we still use the SNLS3, which consists of 472 SN
calibrated by SiFTO and SALT2; for details, please see
Ref. [23]. Although the photometric calibration of the
SNLS and the SDSS Supernova Surveys were improved
[24], they are still unavailable publicly. For the BAO data
points as ‘‘standard ruler,’’ we use the measured ratio of
DV=rs, where rs is the comoving sound horizon scale at the
recombination epoch and DV is the ‘‘volume distance’’
defined as

DVðzÞ ¼ ½ð1þ zÞ2D2
AðzÞcz=HðzÞ�1=3; (1)

where DA is the angular diameter distance. Here, the BAO
measurements fromWiggleZ are not included, as they come
from the same galaxy sample as the PðkÞ measurement.
Because the full information of CMB and WiggleZ power
spectrums is employed, a tiger constraint is expected. Our
results will show that it is indeed the case.

The plan of this paper is as follows. In Sec. II, we present
the main background evolution and perturbation equations
for dark matter with an arbitrary equation of state. In
Sec. III, the constrained results are presented via the
Markov chain Monte Carlo (MCMC) method. Section IV
is the conclusion.

II. BACKGROUND AND PERTURBATION
EQUATIONS

The equation of state of dark matter is given as

wdm ¼ pdm

�dm

: (2)

The Friedmann equation for a spatially flat Friedmann-
Robertson-Walker universe reads

H2 ¼ H2
0½�ra

�4 þ�ba
�3 þ�dma

�3ð1þwdmÞ þ���; (3)

where �i ¼ �i=3M
2
plH

2 are the present dimensionless en-

ergy densities for the radiation, the baryon, the dark matter,
and the cosmological constant, respectively, where �dmþ
�rþ�bþ��¼1 is respected for a spatially flat universe.
In this paper, the dark matter is taken as a perfect fluid

with a constant equation of state, and then, in the synchro-
nous gauge, the perturbation equations of density contrast
and velocity divergence for the dark matter are written as

_�dm ¼ �ð1þ wdmÞ
�
�dm þ

_h

2

�
� 3H

�
�pdm

��dm

� wdm

�
�dm;

(4)

_�dm ¼ �H ð1� 3c2s;adÞ þ
�pdm=��dm

1þ wdm

k2�dm � k2�dm

(5)

following the notations of Ma and Bertschinger [25], in
which the definition of the adiabatic sound speed

c2s;ad ¼
_pdm

_�dm

¼ wdm � _wdm

3H ð1þ wdmÞ
(6)

is used. Here, the equations are also ready for a general
form of dark matter. When the equation of state of a pure
barotropic fluid is negative, the imaginary adiabatic sound
speed can cause instability of the perturbations. To over-
come this problem, one can introduce an entropy perturba-
tion and assume a positive or null effective speed of sound.
Following the work of Ref. [26], the nonadiabatic stress or
entropy perturbation can be separated out,

pdm�dm ¼ �pdm � c2s;ad��dm; (7)

which is gauge independent. In the rest frame of dark
matter, the entropy perturbation is specified as

wdm�dm ¼ ðc2s;eff � c2s;adÞ�rest
dm ; (8)

where c2s;eff is the effective speed of sound. Transforming

into an arbitrary gauge

�rest
dm ¼ �dm þ 3H ð1þ wdmÞ�dm

k2
(9)

gives a gauge-invariant form for the entropy perturbations.
By using Eqs. (7)–(9), one can recast Eqs. (4) and (5) into

_�dm ¼ �ð1þ wdmÞ
�
�dm þ

_h

2

�
þ _wdm

1þ wdm

�dm

� 3H ðc2s;eff � c2s;adÞ
�
�dm þ 3H ð1þ wdmÞ �dm

k2

�
;

(10)

_�dm ¼ �H ð1� 3c2s;effÞ�dm þ c2s;eff
1þ wdm

k2�dm � k2�dm:

(11)
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TABLE I. The mean values with 1, 2, 3� errors and the best-fit values of model parameters for general relativity and modified gravity theory, where SNLS3, BAO, and
PlanckþWMAP9 with and without WiggleZ measurements of matter power spectrum are used.

Model parameters Priors �wDM (no WiggleZ) Best fit �wDM (WiggleZ) Best fit �CDM (WiggleZ) Best fit

�bh
2 [0.005, 0.1] 0:0220þ0:000302þ0:000600þ0:000787

�0:000300�0:000579�0:000757 0.0220 0:0220þ0:000290þ0:000576þ0:000762
�0:000288�0:000557�0:000738 0.0222 0:0222þ0:000242þ0:000481þ0:000633

�0:000242�0:000474�0:000608 0.0221

�ch
2 [0.01, 0.99] 0:117þ0:00169þ0:00341þ0:00448

�0:00170�0:00336�0:00442 0.117 0:117þ0:00161þ0:00323þ0:00428
�0:00160�0:00313�0:00408 0.119 0:118þ0:00151þ0:00295þ0:00393

�0:00150�0:00291�0:00379 0.118

100�MC [0.5, 10] 1:0415þ0:000566þ0:00112þ0:00147
�0:000574�0:00112�0:00145 1.0414 1:0415þ0:000571þ0:00111þ0:00144

�0:000572�0:00113�0:00146 1.0414 1:0416þ0:000555þ0:00109þ0:00143
�0:000556�0:00108�0:00141 1.0415

� [0.01, 0.8] 0:0895þ0:0122þ0:0271þ0:0361
�0:0143�0:0244�0:0312 0.0969 0:0893þ0:0126þ0:0263þ0:0352

�0:0139�0:0243�0:0318 0.0860 0:0920þ0:0123þ0:0264þ0:0350
�0:0137�0:0242�0:0314 0.0839

wdm [� 0:2, 0.2] 0:00102þ0:000814þ0:00160þ0:00208
�0:000813�0:00161�0:00211 0.000858 0:000707þ0:000746þ0:00146þ0:00193

�0:000747�0:00149�0:00196 0.000491 � � � � � �
ns [0.5, 1.5] 0:962þ0:00625þ0:0124þ0:0163

�0:00628�0:0123�0:0165 0.964 0:963þ0:00615þ0:0121þ0:0161
�0:00606�0:0119�0:0158 0.963 0:965þ0:00551þ0:0108þ0:0140

�0:00550�0:0109�0:0142 0.965

lnð1010AsÞ [2.4, 4] 3:0902þ0:0238þ0:0513þ0:0686
�0:0270�0:0467�0:0616 3.107 3:0887þ0:0240þ0:0497þ0:0666

�0:0265�0:0467�0:0621 3.0869 3:0897þ0:0243þ0:0514þ0:0679
�0:0269�0:0478�0:0622 3.0713

�� � � � 0:709þ0:0120þ0:0229þ0:0297
�0:0118�0:0246�0:0331 0.707 0:704þ0:0115þ0:0220þ0:0285

�0:0114�0:0235�0:0321 0.695 0:697þ0:00948þ0:0168þ0:0216
�0:00872�0:0176�0:0236 0.698

�m � � � 0:291þ0:0118þ0:0246þ0:0331
�0:0120�0:0229�0:0297 0.293 0:296þ0:0114þ0:0235þ0:0321

�0:0115�0:0220�0:0285 0.305 0:303þ0:00872þ0:0176þ0:0236
�0:00948�0:0168�0:0216 0.302

�8 � � � 0:851þ0:0252þ0:0514þ0:0682
�0:0254�0:0490�0:0644 0.854 0:843þ0:0227þ0:0461þ0:0623

�0:0228�0:0444�0:0573 0.840 0:824þ0:0110þ0:0227þ0:0304
�0:0121�0:0215�0:0281 0.816

zre � � � 11:0229þ1:109þ2:212þ2:898
�1:0991�2:161�2:836 11.684 11:00480þ1:101þ2:154þ2:836

�1:0973�2:146�2:907 10.738 11:192þ1:0786þ2:156þ2:805
�1:0643�2:131�2:840 10.536

H0 � � � 69:304þ1:0553þ2:0665þ2:730
�1:0299�2:0829�2:729 69.0552 68:831þ0:983þ1:952þ2:574

�0:977�1:924�2:583 68.186 68:149þ0:686þ1:332þ1:728
�0:684�1:324�1:735 68.127

Age=Gyr � � � 13:710þ0:0653þ0:130þ0:170
�0:0657�0:127�0:167 13.727 13:738þ0:0612þ0:123þ0:162

�0:0618�0:122�0:157 13.756 13:786þ0:0356þ0:0688þ0:0905
�0:0359�0:0696�0:0890 13.800
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and Fig. 3. The difference of the minimum �2 between
the �CDM and �wDM models is ��2

min ¼ 0:446 for

one extra model parameter, wdm. Although the currently
available cosmic observations favor the �wDM mildly, no
significant deviation from the�CDMmodel is found in 1�
regions.

To show the effects of wdm on the matter power spec-
trum, we fix the other relevant model parameters to their

mean values as given in Table I and vary the values of wdm

from the negative to the positive. Their effects on the
matter power spectrum due to different values of wdm are
shown in Fig. 4, where the redshift is fixed to z ¼ 0. The
constrained result showed the values ofwdm is very close to
the cold dark matter wdm ¼ 0; then, the linear matter
power spectra of them will not be too different as expected.
As shown in Fig. 4, larger negative values of wdm move the
matter and radiation equality to later times and oscillate the
matter power spectrum (blue, dotted line). And large posi-
tive values of wdm move the matter and radiation equality

FIG. 2. The same as Fig. 1, but with the WiggleZ measure-
ments of the power spectrum.

FIG. 3. The same as Fig. 1 but with the WiggleZ measure-
ments of the power spectrum for the �CDM model.
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FIG. 4 (color online). The matter power spectra at redshift
z ¼ 0 for different values of the equation of state of dark matter
wdm, where the other relevant model parameters are fixed to their
mean values as shown in Table I.

FIG. 1. The one-dimensional marginalized distribution on
individual parameters and two-dimensional contours with
68% C.L., 95% C.L. for the �wDM model by using CMBþ
BAOþ SN data points.
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to earlier times and increase the matter power spectrum.
Therefore, it can be easily understood that hot dark matter
is ruled out due to the significant difference on the obser-
vations of the large scale structure of our Universe.

IV. CONCLUSION

In this paper, we have investigated the constraints to the
equation of state of dark matter by using the currently
available cosmic observational data sets, which include the
CMB of the first 15.5 months from Planck, SNLS3, SDSS
BAO, and WiggleZ measurements of power spectrum. The
previous results were updated. We have found that the latest
data provide the constraints wdm ¼ 0:000707þ0:000746

�0:000747 at

95% C.L.. This result is compatible with the previous

results, but a relative tighter constraint was obtained due to
the high quality of the currently available data points.
The difference of the minimum �2 between the �CDM
and �wDM models is ��2

min ¼ 0:446 for one extra model

parameter wdm. Although the currently available cosmic
observations favor the �wDM mildly, no significant devia-
tion from the �CDM model is found in the 1� region.
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