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We study the new physics related to the recently discovered 125 GeV Higgs by employing an important

subset of the standard model (SM) gauge-invariant dimension-6 operators constructed by the SM Higgs

and gauge fields. Explicitly, we perform a model-independent study on the production and decays of

the Higgs, the electric dipole moments (EDMs) of the neutron and the electron, and we take into account

the anomalous magnetic dipole moments of the muon and electron as well. We find that, even if all Higgs

decay channels agree with the SM predictions, the SM theoretical uncertainties provide a lot of room to

host new phyiscs associated with the 125 GeV boson. A linear relation is revealed in our numerical study

that �ZZ ’ �WW and 0:6 & �ZZ;WW & 1:4 at 95% C.L. with or without the EDM constraints. The neutron

and electron EDMs severely constrain the relevant Wilson coefficients. Therefore the CP-violating

components in the h ! WW, ZZ channels are too small, �Oð10�5Þ, to be detected at the LHC.

However, we point out that, even though the parity of the 125 GeV boson has been largely determined

to be even in the h ! ZZ channel, one should pay special attention to the potentially large CP violation

in the h ! �� and h ! �Z channels. This should be seriously checked in the future spin correlation

experiments.
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I. INTRODUCTION

The high-energy physics community has been excited
about the recent finding of a standard model (SM)-like
Higgs boson h, the final piece of the SM we had long
craved, at the mass around 125 GeV at the LHC [1,2]. So
far, except the Higgs diphoton decay, which is �1�
higher than its SM prediction, all other Higgs decay
modes agree with the SM predictions within the experi-
mental accuracies [3–20]. The diphoton excess could be
just the statistical fluctuation or due to some unknown
systematic error, or it indicates the existence of new
physics (NP), especially those connecting the Higgs and
gauge sectors. Since last year, there has been much dis-
cussion and speculation about the diphoton excess; see,
for example, Ref. [21]. Whether the diphoton excess is
due to new physics or not will be settled by more experi-
mental efforts in the coming years. Although the statistics
is still weak, the current Higgs decay data have already
set some limits to the NP associated with the Higgs
boson. On the other hand, we should also bear in mind
that the uncertainty of the SM theoretical prediction for
the Higgs productions range from �2% for the vector
boson fusion (VBF) to �15% for the gluon-gluon fusion
(GF) [22], the dominate Higgs production mechanism at
the LHC; see Table II. As for the decay branching ratios,
the theoretical uncertainties range from �3% for h ! bb
to �12% for h ! c �c [22]; see Table III. So even the
experimental precision can be improved to reach the few
percent level in the future; still, we will not be able to

conclude the total absence of NP associated with the
�125 GeV boson. The interesting question will then be
the following: How much room for new physics is still
allowed due to the intrinsic SM theoretical uncertainty?
The main purpose of this paper is to aim for a model-
independent constraint on the new physics associated with
the Higgs based on the current and future data.
Meanwhile, the mass scale of exotic degrees of freedom

(DOF) has been pushed tobegreater than around (0.4–8)TeV

in various scenarios with different assumptions [23,24].

Although a general analysis is lacking, it is now wildly
believed that the cutoff scale, �, for physics beyond

SM which begins to show up, should be much greater than

the electroweak symmetry breaking scale, v� 250 GeV.
Motivated by the diphoton excess and the exotic DOF(s)

that is (are) heavier than the electroweak scale, it is reason-
able to assume that the new physics effects can be captured

and described by the dimension-6 (dim-6) gauge-Higgs

operators.We assume that theNPdecouples at� � vwhere

the SM electroweak symmetry is not yet broken. Below the

cutoff, there are only SMDOFs, and the SMgauge symmetry
is still honored by the low-energy effective theory. The

information and effects of NP are encoded in the form of

the effective operators and their corresponding Wilson co-

efficients; see Refs. [25,26] for the early general discussion.

It is not new to study the Higgs physics by using the gauge-
Higgs operators; see Refs. [27–31] for the previous studies

along the same line and Ref. [32] for recent update including

the Moriond 2013 data. However, some constraints have

been overlooked by those authors. The current analysis is

so far the most comprehensive one to our best knowledge.
We found that those contributions that had been overlooked

indeed play a significant role to constrain NP.
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In this work we shall perform a model-independent
analysis based on a subset of SM gauge-invariant dim-6
gauge-Higgs operators. The presence of these dim-6 op-
erators modifies the gauge-Higgs couplings, leading to
different Higgs decay and production at the tree-level.
We should discuss the constraints on the relevant Wilson
coefficients based on the LHC Higgs data and compare
them to a benchmark case in which all Higgs decay chan-
nels sit at the predicted SM values and the SM theoretical
uncertainties are used as the experimental errors. We shall
show that indeed the parasitic NP can live comfortably
within the SM theoretical uncertainties without much up-
setting of the global fit.

In addition to the tree-level processes, the coefficients of
CP-odd operators can be further constrained by estimating
the loop-induced electric dipole moment (EDM) at low
energy. The apparent drawback of using effective operators
is that we do not have a sensible prediction of the quantum
effects at the loop level. The dim-6 gauge-Higgs operators
do not close under the renormalization group (RG) running
[30]. To proceed, we consider the class of new physics in
which the fermion EDM operators can be ignored at �1

and the divergent part of loop integral can be removed by
the counter terms. Practically, we use dimensional regu-
larization to calculate the leading contribution of the
CP-odd operator to the fermion EDM in the modified

minimal subtraction (MS) scheme. Similarly, just for a
ballpark estimation of how the (g� 2) will limit the NP,
without any better argument, we also assume the charged
lepton (g� 2) is negligible at �. We calculate the loop-
induced muon and electron (g� 2) by using the gauge-
Higgs operators at low energy and further constrain the
relevant CP-even Wilson coefficients. At the end, we will
discuss a UV-complete toy model as an example for this
assumption to work. But we should keep in mind that this
assumption is not valid for the general case.

The paper is organized as follows. In Sec. II, we will lay
out the important subset of the dim-6 gauge-Higgs opera-
tors. The needed Feynman rules for later calculation will
be summarized there. The modifications to the Higgs decay
and production due to these gauge-Higgs operators at the
tree level will be discussed in Sec. III. The 1-loop contri-
butions to EDM and g� 2 will be given in Sec. IV. In
Sec. V, we present the numerical results and some remarks
from the global fitting. In Sec. VI, we briefly discuss how a
degenerate solution can be resolved by the Higgs pair-
production cross section. As an example of the UV origin
of the gauge-Higgs operators and to illustrate in what

condition our analysis is valid, two simple models with a
scalar color octet, but in different SUð2Þ representations,
will be discussed. A brief summary will be given there as
well. Finally, some technical details will be collected in the
Appendix.

II. EFFECTIVE LAGRANGIAN

As discussed in the previous section, we assume that
the NP associated with the SM Higgs production and
decay could be largely captured and described by a set of
SUð3ÞC � SUð2ÞL �Uð1ÞY-invariant dim-6 gauge-Higgs
effective operators and their Wilson coefficients [28,33]:

LNP ¼
X
i

ðciOi þ ~ci
~OiÞ ði ¼ 1; 2; 12; 3Þ: (2.1)

The relevant effective gauge-Higgs operators are

O1 ¼ g21
2�2

HyHB��B
��;

~O1 ¼ g21
2�2

HyHB��
~B��;

O2 ¼ g22
2�2

HyHWa
��W

a��;

~O2 ¼ g22
2�2

HyHWa
��

~Wa��;

O12 ¼ g1g2
2�2

Hy�aHB��W
a��;

~O12 ¼ g1g2
2�2

Hy�aHB��
~Wa��;

O3 ¼ g23
2�2

HyHGA
��G

A��;

~O3 ¼ g23
2�2

HyHGA
��

~GA��;

(2.2)

where the dual field strength tensor is defined as ~F�� ¼
1
2 �����F

�� (F ¼ B, W, G) and the others are in the stan-

dard notations. Note that we have absorbed the SM gauge
couplings and the cutoff � into the definition of the
operators. The operator O12 gives the direct SUð2Þ-Uð1ÞY
gauge mixing and modifies the oblique parameter S [34]
at the tree level [33],

4 S ¼ 8�v2

�2
c12; (2.3)

when the two Higgs fields are replaced by their vacuum
expectation values (VEVs). The current S parameter
bound, S ¼ 0:00þ0:11

�0:10 [35], already sets a strong limit on

c12. Similarly, the ~O3 operator yields an effective QCD
	QCD-term and thus ~c3 is strongly constrained by the

neutron EDM. Therefore, we will set c12 ¼ ~c3 ¼ 0 in our
global analysis, which will be discussed in the numerical
section.
There are three more dim-6 gauge-Higgs operators that

give rise to the tree-level modification to the coupling
between Higgs and gauge fields:

1This working assumption is also reasonable from phenome-
nology point of view. The current experimental limits require
that the cutoff scale of these EDM operators to be greater than
104 TeV if the corresponding Wilson coefficients are all �Oð1Þ.
Here, we further assume the relevant Wilson coefficients for
fermion EDMs generated by higher loops at� or RG running are
negligible.
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ðD�HÞyðD�HÞB��;

ðD�HÞy�aðD�HÞWa
��;

jHyD�Hj2:
(2.4)

However, these operators are severely constrained by
electroweak precision tests; for example, the SM gauge
boson mass matrix will be altered by these operators at tree
level. Since we are focusing on the Higgs physics at the
LHC and it is safe to ignore these operators, we confine our
analysis with six out of the eight gauge-Higgs operators
given in Eq. (2.2).

The relevant hV�ðk1ÞV 0�ðk2Þ Feynman rules are sum-
marized in Table I, where ðk1; k2Þ are the 4-momentum
carried by the gauge bosons and ð�; �Þ are the correspond-
ing Lorentz indices. The two gauge-invariant form factors
are defined as

S��ðk1; k2Þ ¼ k
�
2 k

�
1 � k1 � k2g��;

P��ðk1; k2Þ ¼ �
���k1
k2�:
(2.5)

Also, we define

a1 � c1 þ c2 � c12 ’ c1 þ c2;

~a1 � ~c1 þ ~c2 � ~c12;

a2 � s2W

�
c2 � c1t

2
W � 1

2
c12ð1� t2WÞ

�
’ s2Wðc2 � c1t

2
WÞ;

~a2 � s2W

�
~c2 � ~c1t

2
W � 1

2
~c12ð1� t2WÞ

�
;

a4 � c2Wðc2 þ c1t
4
W þ c12t

2
WÞ ’ c2Wðc2 þ c1t

4
WÞ;

~a4 � c2Wð~c2 þ ~c1t
4
W þ ~c12t

2
WÞ; (2.6)

where sin	W is denoted as sW for notational convenience.
Similarly, we adopt the following abbreviations: cos 	W !
cW , sin 2	W ! s2W , tan 	W ! tW , etc. From Table I, one
can easily obtain the corresponding hhVV0 Feynman rules
by replacing the VEV, v, by the Higgs field. Because of the

non-Abelian nature of SUð2ÞL, the operatorsO2,
~O2;12 also

give rise to the tree-level �WW coupling when both SM
Higgs fields take their VEVs. The extra �WW interaction
has been overlooked in the previous studies. However,
it gives nonzero contributions to the fermion EDM and

(g� 2). Explicitly, after electroweak spontaneous symme-
try breaking, the relevant Lagrangian is

�L�VV ¼ c2g
2
2

v2

4�2
Wa

��W
a;�� þ ~c2g

2
2

v2

4�2
Wa

��
~Wa;��

� ~c12g1g2
v2

4�2
B��

~W3;��: (2.7)

The ~c2 term is equivalent to a total derivative that has no
effect in the local perturbation calculation. The c2 term
modifies the canonical normalization of the kinematic term
of SUð2Þ gauge fields. Thus the c2-corresponding �WW
form factor is same as in the SM, but the coupling is now
the SM one times �c2g

2
2v

2=�2.
For the triple �
ðk1ÞWþ;�ðk2ÞW�;�ðk3Þ coupling, where

all three momenta are entering the vertex, the correspond-
ing Feynman rules for ~c12 can be spelled out:

~�
��
6 ¼ i

g32sWv
2

2�2
~c12�

�
��k1�: (2.8)

III. HIGGS PRODUCTION AND DECAY

The SM Higgs production cross sections and their
branching ratios have been calculated and maintained by
the LHC Higgs Cross Section Working Group [22]. For
later convenience, we collect the SM results in Tables II
and III. Note that the inherent theoretical uncertainties of
the SM prediction for both Higgs production and decays
range from a few percents to about �20%.
Both CP-even and CP-odd operators affect the Higgs

production and decay at tree level, and the two kinds of
contributions do not mix. It is useful to define the following
ratios to characterize different production and decay chan-
nels of the SM Higgs


ij ¼ �ðh ! ijÞ
�SMðh ! ijÞ ; �XY ¼ �ðXY ! hÞ

�SMðXY ! hÞ ; (3.1)

where ði; jÞ and ðX; YÞ stand for the final states and the
initial particles respectively. At tree-level, the gauge-Higgs
operators have no effects on the SM Yukawa couplings
so that 
ff ¼ 1. Since the gluon-gluon fusion(GF) is the

dominate contribution to the Higgs production at LHC, for
simplicity we will ignore the change to the other produc-
tion channels due to the presence of the gauge-Higgs
operators. Next, we discuss how the gauge-Higgs operators
modify �gg and the relevant 
ij.

A. Gluon fusion

The effective operators that describe short-distance fea-
tures will not change the gluon parton distribution function
and kinematics, so we just need to focus on the partonic
cross section, which is

TABLE I. Feynman rules for the hV�ðk1ÞV0�ðk2Þ vertices,
where ðk1; k2Þ are entering the vertices.

S��ðk1; k2Þ P��ðk1; k2Þ
h�� i

2vg2
2
s2W

�2 a1 i
2vg2

2
s2W

�2 ~a1

h�Z i
vg2

2

�2 a2 i
vg2

2

�2 ~a2

hgg i
2vg2

3

�2 c3 i
2vg2

3

�2 ~c3 ’ 0

hZZ i
2vg2

2

�2 a4 i
2vg2

2

�2 ~a4

hWW i
2vg2

2

�2 c2 i
2vg2

2

�2 ~c2
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�̂LOðgg ! hÞ ¼ �h
0m

2
h�ðŝ�m2

hÞ

¼ �2

8mh

�ðh ! ggÞ�ðŝ�m2
hÞ: (3.2)

Then, the ratio of the cross section is

�gg � �̂ðgg ! hÞ
�̂SMðgg ! hÞ ¼

�ðh ! ggÞ
�SMðh ! ggÞ : (3.3)

In the SM, the Higgs decays to two gluons via a heavy
quark loop, and the decay width is well-known [36],

�ðh ! ggÞ ¼ GF

2
sm

3
h

64
ffiffiffi
2

p
�3

jA1
2
ð�tÞj2; (3.4)

where �t ¼ m2
h

4m2
t
and A1

2
is given by

A1
2
ð�Þ ¼ 2½�þ ð�� 1Þfð�Þ���2;

fð�Þ ¼
8><
>:
arcsin 2

ffiffiffi
�

p
� � 1

� 1
4

�
ln 1þ

ffiffiffiffiffiffiffiffiffiffiffi
1���1

p
1�

ffiffiffiffiffiffiffiffiffiffiffi
1���1

p � i�

�
2

� > 1
: (3.5)

Incorporating the CP-even and CP-odd effective opera-
tor contributions, the total decay width can be calculated
to be

�ðh ! ggÞ ¼ GF

2
sm

3
h

64
ffiffiffi
2

p
�3

���������A1
2
ð�tÞ þ 16

ffiffiffi
2

p
�2

GF�
2

c3

��������
2

þ
��������
16

ffiffiffi
2

p
�2

GF�
2

~c3

��������
2
�
; (3.6)

which agrees with Ref. [29]. But as already stated, the ~c3 is
severely constrained by the neutron EDM; only the
CP-even operator O3 is relevant to the ratio of the gluon-
gluon fusion cross section,

�gg ¼
��������1þ

16
ffiffiffi
2

p
�2

GF�
2A1

2
ð�tÞ

c3

��������
2

: (3.7)

B. Diphoton decay

The h ! 2� decay width relates to the amplitude

� ¼ 1

32�mh

jM��j2; (3.8)

where

M�� ¼ Mh!��
SM þ 2vg22s

2
W

�2
a1S


�ðk1; k2Þ�	1
�	2�

þ 2vg22s
2
W

�2
~a1P


�ðk1; k2Þ�	1
�	2�; (3.9)

with the SM contribution [36,37]

Mh!��
SM ¼ M1S��ðk1; k2Þ��	

1 ��	2 ;

M1 ¼ 


2�
ð ffiffiffi

2
p

GFÞ12
�
A1ð�WÞ þ 4

3
A1

2
ð�tÞ

�
;

(3.10)

where A1
2
is from top quark loop as given in the GF section

and A1 is from the W boson loop,

A1ð�Þ ¼ �½2�2 þ 3�þ 3ð2�� 1Þfð�Þ���2; (3.11)

and parameter �i ¼ m2
h

4m2
i

. It is straightforward to calculate

the ratio of decay rates:

TABLE II. Cross sections of the SM Higgs boson at 125 GeV [22], where WH and ZH stand
for the associated production with W and Z, respectively. The uncertainties are shown in
percentages.

� (pb)

LHC 7 TeV (%) LHC 8 TeV (%) LHC 14 TeV (%)

GF 15:32þ14:7�14:9 19:52þ14:7�14:7 49:85þ19:6
�14:6

VBF 1:205þ2:7�2:4 1:578þ2:8
�3:0 4:180þ2:8

�3:0

WH 0:5729þ3:7
�4:3 0:6966þ3:7

�4:1 1:504þ4:1�4:4

ZH 0:3158þ4:9
�5:1 0:3943þ5:1

�5:0 0:8830þ6:4
�5:5

TABLE III. Branching ratios of different decay channels for the SM Higgs boson at 125 GeV
[22]. The uncertainties are shown in percentages.

102 �Bðh ! ijÞ
bb (%) cc (%) �� (%) �� (%) ZZ (%) WW (%) gg (%) �Z (%)

57:7þ3:2
�3:3 2:91þ12:2�12:2 6:32þ5:7

�5:7 0:228þ5:0
�4:9 2:64þ4:3

�4:2 21:5þ4:3
�4:2 8:57þ10:2

�10:0 0:154þ9:0
�8:8
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�� ¼ jMðh ! ��Þj2
jMSMðh ! ��Þj2

¼
��������1þ

8
ffiffiffi
2

p
�2a1

GF�
2½A1ð�WÞ þ 4

3A1
2
ð�tÞ�

��������
2

þ
��������

8
ffiffiffi
2

p
�2~a1

GF�
2½A1ð�WÞ þ 4

3A1
2
ð�tÞ�

��������
2

: (3.12)

C. h ! �Z

The decay rate for h ! �Z in the rest frame of the Higgs
boson is

� ¼ 1

16�mh

�
1�m2

Z

m2
h

�
jM�Zj2: (3.13)

The amplitude including high-dimensional operators’
contributions is

M�Z ¼ Mðh!�ZÞ
SM þ vg22

�2
a2S

���	1��	2�

þ vg22
�2

~a2P
���	1
�	2�; (3.14)

and the SM contribution [36,38,39] is given as

Mðh!�ZÞ
SM ¼ M2S

���	1��
	
2�;

M2 ¼ 


2�
ð ffiffiffi

2
p

GFÞ12ðAF þ AWÞ;

AF ¼ � 2v̂t

cWsW
A�Z

1
2

ð�t; �tÞ;

AW ¼ � 1

sW
A�Z
1 ð�W; �WÞ;

(3.15)

where �i ¼ m2
h

4m2
i

, �i ¼ m2
Z

4m2
i

(i ¼ t, W) and fermion vector

coupling v̂f ¼ 2I3f � 4Qfs
2
W . The relevant functions are

A�Z
1
2

ð�; �Þ ¼ ½I1ð�; �Þ � I2ð�; �Þ�;
A�Z
1 ð�; �Þ ¼ cWf4ð3� t2WÞI2ð�; �Þ þ ½ð1þ 2�Þt2W

� ð5þ 2�Þ�I1ð�; �Þg;
I1ð�; �Þ ¼ 1

2ð�� �Þ þ
1

2ð�� �Þ2 ½fð�Þ � fð�Þ�

þ �

ð�� �Þ2 ½gð�Þ � gð�Þ�;

I2ð�; �Þ ¼ � 1

2ð�� �Þ ½fð�Þ � fð�Þ�;

gð�Þ ¼
8><
>:

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
��1 � 1

p
arcsin

ffiffiffi
�

p
� < 1ffiffiffiffiffiffiffiffiffiffiffi

1���1
p

2

�
ln 1þ

ffiffiffiffiffiffiffiffiffiffiffi
1���1

p
1�

ffiffiffiffiffiffiffiffiffiffiffi
1���1

p � i�

�
� 
 1

: (3.16)

Then, the ratio of the decay rates is


�Z ¼ jMðh ! �ZÞj2
jMSMðh ! �ZÞj2

¼
��������1þ 8

ffiffiffi
2

p
�2a2

GF�
2ðAF þ AWÞ

��������
2

þ
��������

8
ffiffiffi
2

p
�2~a2

GF�
2ðAF þ AWÞ

��������
2

: (3.17)

D. h ! WW	, ZZ	

Unlike the cases of h ! gg, ��, �Z, which are 1-loop
processes in the SM, the leading contributions to
h ! WW	, ZZ	 start at tree level in the SM. Moreover,
the SM tree-level hV�V� vertex is �g��, which mixes
nontrivially with the form factor S�� when squaring the
amplitude. So, 
WW;ZZ cannot be expressed as j1þ
�cevenj2 þ j�0coddj2, where �, �0 are some small numbers,
as in the previous cases. To obtain the h ! VV	(V ¼ W,
Z) decay, one needs to perform a straightforward tree-
level calculation and take care of the phase-space inte-
gration of the 3-body final state. When the decay final
states of the gauge boson V	 are massless, the expression
can be largely simplified but is still not very illustrating.
The details can be found in the Appendix. With the
presence of the gauge-Higgs operators, the ratio of
h ! VV	 decay rates is


WW ¼ R1ðmW=mh; aWÞ
R1ðmW=mh; 0Þ þ ~c22

32m2
hm

2
W

�4

R2ðmW=mhÞ
R1ðmW=mh; 0Þ ;


ZZ ¼ R1ðmZ=mh; aZÞ
R1ðmZ=mh; 0Þ þ ~a24

32m2
hm

2
Zc

4
W

�4

R2ðmZ=mhÞ
R1ðmZ=mh; 0Þ ;

(3.18)

where the relevant CP-even NP is encoded by two
parameters:

aW ¼ 8m2
W

�2
c2; aZ ¼ 8m2

W

�2
a4:

Our results for 
gg;��;�Z agree with Ref. [29], and the

explicit expression for 
WW;ZZ is, however, new. Now, we

are fully equipped for the later numerical analysis on the
LHC Higgs decay data.

E. Numerical expressions for �’s

Taking� ¼ 1 TeV as a reference point, numerically, we
have
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gg ¼ �gg ¼ ð1þ 13:90c3Þ2;

�� ¼ ½1� 1:48ðc1 þ c2Þ�2 þ 2:18ð~c1 þ ~c2 � ~c12Þ2;

�Z ¼ ½1þ 0:46c1 � 1:54c2�2 þ 0:71½0:55~c1

� 1:82~c2 þ 0:64~c12�2;

WW ¼ 1� 0:019c2 þ 1:3� 10�4c22 þ 5:2� 10�5~c22;


ZZ ¼ 1� 0:86� 10�3c1 � 0:0096c2 þ 2:6� 10�7c21

þ 5:8� 10�6c1c2 þ 3:0� 10�5c22

þ 1:3� 10�5ð~c2 þ 0:09~c1 þ 0:28~c12Þ2: (3.19)

By rescaling ci ! ci � ð�=1 TeVÞ2, one can easily obtain
the numerical expression for the cutoff scale, which differs
from 1 TeV. Since the h ! ��, Z�, gg are the loop
precesses in the SM, these modes are more sensitive to
the NP. One can see that the prefactors associated with c’s
and ~c’s in 
gg;��;�Z are all around 1:0. On the other hand,

the leading contributions for h ! WW, ZZ begin at tree
level in the SM. The NP modification to these modes is
relatively 2 orders weaker, by a loop factor �1=16�2,
compared to h ! gg, ��, �Z.

IV. EDM AND g� 2

First, we set our convention. The EDM of a fermion, df,

is defined by the low-energy effective Lagrangian

LEDM ¼ � 1

2
df �uðp2Þi�5���uðp1ÞF��; (4.1)

where u and �u are the spinor wave function. It is well-
known that the fermion EDM starts at least at the 3-loop
level for quarks and the 4-loop level for leptons in the SM.
However, with the CP-odd operators in the effective
Lagrangian (2.1), the fermion EDM can be generated at
the one-loop level, and there are three possible contribu-
tions from the CP-odd h��, h�Z, and �WW interactions;
see Fig. 1. We note in passing that quarks can acquire a
nonvanishing chromoEDM if ~c3 � 0. A similar considera-
tion of using the EDM to constrain the CP-odd Wilson
coefficients can be found in Refs. [27,28], in which only
the contributions from Fig. 1(a) have been taken into
account. As discussed in the introduction, we perform the
1-loop calculation by dimensional regularization and

extract the finite part by the MS scheme. Our result for
the complete 1-loop contributions is summarized as

df ¼ �e



�

mf

v2

�
Qf~a1K1ð�; mhÞ þ ~a2

1
2 If �Qfs

2
W

s2Ws2W

� K2ð�; mZ;mhÞ þ ~c12
4s2W

K1ð�; mWÞ
�
; (4.2)

where the definition of ~a1, ~a2 has been given in Eq. (2.6), If
is the fermion’s isospin, and, in our convention, e ¼ jej
and Qe ¼ �1. In the bracket, the first, second, and third
terms represent the contributions from Figs. 1(a)–1(c),
respectively. In the limit in which mf � mh, the functions

K1;2 take the form

K1ð�; xÞ � v2

�2

�
3

4
þ 1

2
ln
�2

x2

�
;

K2ð�; x; yÞ � v2

�2

�
3

4
þ 1

2

ðx2 ln �2

x2
� y2 ln �2

y2
Þ

ðx2 � y2Þ
�
;

(4.3)

where � is the dimensional regularization scale. A similar
result for the h�� contribution can be found in Ref. [28];
our result is different from Ref. [27] up to a finite term. For
the neutron EDM, we adopt the QCD sum rule estimation

dn ¼ ð1� 0:5Þ½1:1eð~dd þ 0:5~duÞ þ 1:4ðdd � 0:25duÞ�;
(4.4)

given in Ref. [40] to relate the quark EDM and neutron
EDM.2 We take mu ¼ 2:3 MeV, md ¼ 4:8 MeV, and 
 ¼
1=128:0 for our numerical study. The quark chromoEDMs
are ignored due to the 	QCD constraint. In terms of the

Wilson coefficients, we obatin

de ¼ ð7:00~c1 þ 7:39~c2 � 16:07~c12Þ � 10�26 e cm;

dn ¼ ð1:91~c1 þ 10:04~c2 � 16:25~c12Þ � 10�25 e cm:
(4.5)

From the latest bounds, jdej< 1:05� 10�27e cm
(90% C.L.) [43] and jdnj< 2:9� 10�26 e cm (90% C.L.)
[44], we obtain two inequalities:

j66:69~c1þ70:37~c2�153:01~c12j<1 ð1:6�Þ;
ð1�0:5Þ� j6:60~c1þ34:64~c2�56:02~c12j<1 ð1:6�Þ:

(4.6)

When combining the above two conditions together, the
allowed region is a solid tube with a tiny parallelogram
cross section passing through the origin along the
f0:735; 1:478; 1:0g direction in the f~c1; ~c2; ~c12g space.

FIG. 1. The 1-loop contributions to the electron and quark
EDMs and charged lepton g� 2. The gray bulbs represent the
effective gauge-Higgs operators. Note that the mirror image
diagrams are not displayed.

2In principle, when RG running is taken into account, one gets
a better estimation of the neutron EDM. See Ref. [41] for the
discussion of the RG running of dimension-5, dim-6 CP-odd
operators and the bound on the left-right model scale from the
neutron EDM. For a recent study on the RG running of dim-6
CP-odd operators and the neutron EDM bound, see Ref. [42].
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The same 1-loop diagrams in Fig. 1 with CP-even
operators give rise to af, the anomalous magnetic dipole

moment (AMDM) of charged leptons. The AMDM can be
extracted from the charged lepton’s photon form factor,

iM ¼ ie �uðp2Þ
�
��F1ðq2Þ þ i���q�

2m
F2ðq2Þ

�
uðp1Þ;

af � g� 2

2
¼ F2ð0Þ;

(4.7)

where the momentum transfer q ¼ p2 � p1. Again, we
perform the 1-loop calculation, in the unitary gauge,

with dimensional regularization and in the MS scheme.
We obtain the following result:

af ¼ �


�

m2
f

v2

�
2a1QfK1ð�; mhÞ þ 2a2

1
2 If �Qfs

2
W

s2Ws2W

� K2ð�; mZ;mhÞ þ 5

6

c2v
2

s2W�
2

�
: (4.8)

The first and second term in the bracket are the finite parts of
Figs. 1(a) and 1(b), respectively. The third term, which has
no divergence, stems from the effective dimension-4 (WW�)
interaction introduced by the operator O2. The contribution
to af from this new (WW�) interaction can be obtained by

multiplying the factor �ðc2g22v2=�2Þ with the well-known
SMWW� contribution [45]. Numerically, we obtain�a� ¼
1:61ðc1 þ 0:41c2Þ � 10�10 for � ¼ 1 TeV.

For the charged lepton anomalous magnetic diploe
moment, the deviation of the experimental measurement
from the SM prediction [35,46,47] is

�a� ¼ aexp� � aSM� ¼ ð2:39� 0:79Þ � 10�9ð1�Þ;
�ae ¼ a

exp
e � aSMe ¼ �10:6ð8:1Þ � 10�13ð1�Þ: (4.9)

Since the gauge-Higgs operators are flavor blind, the
resulting �af scales as m2

f so �ae ¼ ðme=m�Þ2�a�.
Assuming that �ae;� are solely attributed to the gauge-

Higgs operators and using the latest data, Eq. (4.9), we
obtain a best fit at �a� ¼ 2:37� 10�9 from the least-

square fit, and

c1 þ 0:41c2 ¼ 15:25� 5:09: (4.10)

The allowed region is basically a wide infinite strip away
from the origin on the c1-c2 plane.

V. NUMERICAL ANALYSIS

To quantify how each Higgs decay channel differs from
its SM prediction at the LHC, we follow Ref. [48] and use
the signal strength parameter �̂, which is defined as

�̂ij ¼ �ðX ! hÞBðh ! ijÞ
�ðX ! hÞSMBðh ! ijÞSM ; (5.1)

where X stands for the initial partons in the proton and i, j
represent the decay products. The branching fractions

are given by Bij � Bðh ! ijÞ ¼ �ij=�tot, and �tot is the

actual total Higgs decay width. The �tot is related to the SM
prediction by �tot ¼ Ctot�

SM
tot . Then, in terms of 
’s and

B’s, Ctot can be expressed as the sum of all contributions
from the major decay channels,

Ctot �BSM
bb þBSM

�� þBSM
cc þ 
��BSM

�� þ 
ggBSM
gg

þ 
WWBSM
WW þ 
ZZBSM

ZZ þ 
Z�BSM
Z�

� 0:67þ 0:0023
�� þ 0:086�gg þ 0:026
ZZ

þ 0:215
WW þ 0:0015
Z�; (5.2)

where the SM branching ratios for a 125 GeV Higgs are
adopted from Ref. [22] and we note that 
ff ¼ 1 at tree

level since the gauge-Higgs operators do not modify the
Yukawa interactions. Because of the parton distribution
function, the loop-induced gluon fusion is the dominant
production mechanism (� 87–88%) at the LHC for a
Higgs with mass around 125 GeV. And among all produc-
tion channels, it is the most sensitive to new physics.
Therefore, it is a fairly good approximation to take
�ðgg ! hÞ=�ðgg ! hÞSM � �gg. Therefore, we have

�̂ij �
�gg
ij

Ctot

: (5.3)

As the common practice, a function 2 is defined for
multiparameters fitting

2 ¼ X
i

ð�̂i � ��iÞ2
�2
i

; (5.4)

where ��i is the mean experimental value, �i is the com-
bined uncertainty from both the experimental and theoreti-
cal sides, and �̂i is the theoretic prediction either from a
specific model or determined by the effective gauge-Higgs
operators. We use the most updated Higgs data collected
and analyzed by the ATLAS and CMS groups, see
Table IV. Since we explicitly take �ðgg ! hÞ=�ðgg !
hÞSM � �gg ¼ 
gg, in the CMS h ! ZZ	 channels, we

only use the gluon-gluon fusion data. We drop ��bb from
the global fitting for both groups have large uncertainties
and both are via the VH production.

A. Pseudoglobal fit of ATLAS and CMS results

To proceed, we first treat the five 
’s in Eq. (5.2) as
mutually independent free parameters and conduct a
pseudoglobal fit by using the current LHC data listed in
Table IV. The best fit is located at

�LHC
gg ¼ 0:99; 
LHC

�� ¼ 1:26; 
LHC
WW ¼ 0:84;


LHC
ZZ ¼ 1:30; 
LHC

Z� ¼ 1:00; (5.5)

with minimum 2
0 ¼ 4:94, and the 1� boundary corre-

sponds to the contour of 2
1� ¼ 2

0 þ 5:89 for a five-

parameters fit. And the 1�model-independent correlations
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between 
ij and �gg are displayed in Fig. 2. Basically, the

message from doing this trivial exercise is clear and sim-
ple: (1) The current LHC data more or less agree with the
SM, and (2) the larger the Higgs gluon-gluon fusion pro-
duction, the smaller the Higgs decay widths and vice versa.
We see that the global fit prefers a SM-like Higgs gluon
fusion production. However, this still introduces a degen-

erate solution to c3, ð1þ 13:92c3Þ ¼ � ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1:0� 0:7

p
. And

the two corresponding 1� allowed regions for c3 are 2
½�0:167;�0:114� and 2 ½�0:029; 0:023�. This degener-
acy for c3 also inevitably exists in the later global fitting.
We will discuss how to lift this degeneracy phenomeno-
logically in Sec. VI.

B. Limits on the gauge-Higgs Wilson coefficient
by using the Higgs data alone

Next, we do the global fit by using the current LHC
data in terms of c1;2;3 and ~c1;2;12. For a 6-dimensional

parameter fitting, the 95% C.L. (68% C.L.) contour
corresponds to 2

95ð68Þ ¼ 2
min þ 12:59ð7:01Þ. To have

an idea how the Wilson coefficients will be constrained
when the experimental sensitivity is improved and even-
tually compatible with the SM theoretical uncertainties,
we also consider a ‘‘fake’’ data set that all signal
strengths equal one, �� ¼ 1:0. And we take the combined

SM theoretical uncertainties, �SM ¼
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
�2

BR þ �2
GF

q
, from

Tables II and III, as the ‘‘experimental’’ errors. The

95% C.L. results are shown in Fig. 3. Some features of
our results are as follows:
(1) The CP-even Wilson coefficients are well-

constrained by the current LHC data. The LHC
limits on c1, c2, and c3 are basically compatible,
around two times bigger, with the benchmark ex-
perimental sensitivity by using the SM theoretical
predictions and uncertainties as input.

(2) On the other hand, the constraints on the CP-odd
Wilson coefficients ~c1;2;12 are poor by using the

Higgs decays data alone. However, they seem to fall
on a long line segment in the parameter space. This
linear relation can be easily understood as roughly the
solution to make the CP-odd contributions vanish
simultaneously in 
�� and 
�Z, Eq. (3.19), since the

two are most sensitive to the presence of CP-odd
contributions.

The most important message from this drill is that there
still is the allowance for NP with c1;2 � a few and ~c’s
�Oð100Þ for � ¼ 1 TeV hiding in the SM theoretical
uncertainties.
Interestingly, from our numerical study, we find a linear

correlation among
WW vs
ZZ and the signal strength�WW

vs�ZZ; see Fig. 4. Our results show that at 95%C.L.,
ZZ �
1:5
WW and 1:0 & 
ZZ & 1:6. However, when converted
to signal strength, it becomes �ZZ ��WW and 0:6 &
�ZZ;WW & 1:4. The best-fit values for both cases are

SM-like.
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FIG. 2 (color online). The 1� correlations between: (a) 
�� and �gg, (b) 
WW and �gg, (c) 
ZZ and �gg, and (d) 
�Z and �gg.
The best-fit locations are marked by dots.

TABLE IV. The signal strength �� from Moriond 2013.

��ij CMS ATLAS

ZZ	 0:91þ0:30
�0:24 (inclusive) 1:7þ0:5

�0:4 (inclusive) [3,9]

1:0þ2:4�2:3 (qqH, VH)

0:9þ0:5
�0:4 (GF) [13,17]

WW	 0:76þ0:21
�0:21 (inclusive) [13,18] 1:01� 0:31 (inclusive) [4,10]

�� 0:78þ0:28
�0:26 (MVA) 1:65þ0:34

�0:30 (inclusive) [3,8]

1:11þ0:32
�0:30 (cut based) [14,16]

�Z <9 [20] <18:2 [3,7]

bb HCP12: 1:3þ0:7
�0:6 (VH) [6] 1:09� 0:20� 0:22 (VH) [5,12]

�� 1:1þ0:4
�0:4 (inclusive) [15,19] 0:7� 0:7 (inclusive) [6,11]
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FIG. 4 (color online). The 95% C.L. correlations between the h ! WW	 and h ! ZZ	 decay rate ratios, subdiagram (a), and signal
strength, subdiagram (b). The best-fit point is marked by the dot/cross, and the blue (darker)/ brown (lighter) region is used for the
LHC/SM data.
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FIG. 3 (color online). The 95% C.L. allowed region in (a–f) the Wilson coefficient space, and (g–i) the hVV couplings, by
using the LHC data (blue/darker) and the SM predictions(light brown/lighter). The best fit location is shown at the dot(cross)
for LHC data (SM). The minimum 2 ¼ 6:413ð0:0Þ for LHC data(SM). In subdiagram(b), we only display the SM like allowed region
for c3.
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FIG. 5 (color online). The 95% C.L. allowed region in (a–f) the Wilson coefficient space and (g–i) in the Higgs-gauge couplings
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The best-fit point is marked by the dot/cross, and the blue (darker)/brown (lighter) region is for using the LHC/SM data.
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C. Constraints on the gauge-HiggsWilson coefficient by
using the Higgs data plus EMDs and AMDMs

Finally, we include four more data points, de, dn, 4ae,
and 4a�, into the global fitting. And the 95% C.L. results

are shown in Fig. 5. One can clearly see that, when the
electron and neutron EDM are included in the global
fitting, the limits on the CP-odd Wilson coefficients are
dramatically improved. Even giving extra, say �Oð10Þ,
uncertainties to the 1-loop EDM estimations by using the
effective operators, the inclusion of EDMs into the analysis
still plays an important role to limit the CP properties of
the 125 GeV boson. More implications of including the
EDM constraints will be discussed in Sec. VI C.

Some interesting correlations emerge among 
�Z;ZZ;WW ;

see Figs. 6 and 7(a). Roughly, we observe that

ð
WW � 1Þ � 2ð
ZZ � 1Þ;
ð
�Z � 1Þ � 6:5� 103ð
WW � 1Þ2

� 2:57� 104ð
ZZ � 1Þ2: (5.6)

These relations can be easily understood. Since the EDMs
strongly constrain the CP-odd Wilson coefficients, the 
’s
will be dominated by the CP-even Wilson coefficients c1
and c2. From Eq. (3.19), we see that 
�Z;WW;ZZ are more

sensitive to c2 than c1; thus, the approximate relations
follow. However, when translated into the signal strength,
only the relation between �ZZ and �WW holds; see
Fig. 7(b). Therefore, we find that �ZZ ��WW and 0:6 &
�ZZ;WW & 1:4 are quite robust with or without taking

EDM constraints into account. Better than � 1% accuracy
of determination the individual absolute Higgs decay width
is required to test the relations given in Eq. (5.6).
This will be very challenging at the LHC but could be
done at the precision Higgs machines in the future.

VI. DISCUSSION AND CONCLUSION

A. Discriminate the degenerate solutions

From the global fit of the latest LHC Higgs data, in
the presence of effective gauge-Higgs operators, we

obtain �gg ’ 1:0� 0:4. This introduces a degenerate

solution to c3, 1þ 13:92c3 ¼ � ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
1:0� 0:4

p
. One solution

is SM-like with c3 centers around zero. Another possible
solution, c3 ��0:14, corresponds to the fact that the
NP gluon-gluon fusion amplitude equals minus two
times the SM amplitude. We would like to point out
that this degeneracy can be easily lifted once the LHC
has enough Higgs pair production data in the high-
luminosity phase. The Higgs pair production by gluon-
gluon fusion in the SM, G�ðpaÞG�ðpbÞ ! hðpcÞhðpdÞ,
has been analyzed in Ref. [49] and summarized in the
review paper [36]. In the SM, the two gluons must carry
the same color, and this process receives contributions
from the triangle diagram and box diagram. Both dia-
grams yield the spin-0 form factor while the box
diagram contributes an additional spin-2 form factor.
The SM amplitude is

MðGaGb ! HcHdÞ ¼ GF
ss

2
ffiffiffi
2

p
�

�
3m2

h

s�m2
h

FTA0��

þ ðFBA0�� þGBA2��Þ
�
��a ��b;

(6.1)

where s ¼ ðpa þ pbÞ2 and the spin-0=2 form factors
A
��
0 ð/ S��Þ=A��

2 are given by

A��
0 ¼ g�� � p�

ap
�
a

pa � pb

;

A��
2 ¼ g�� þ p2

cp
�
ap

�
b

p2
Tðpa � pbÞ

� 2ðpb � pcÞp�
ap

�
c

p2
Tðpa � pbÞ

� 2ðpa � pcÞp�
b p

�
c

p2
Tðpa � pbÞ

þ 2p�
c p�

c

p2
T

: (6.2)

For more details, see Ref. [49]. The operator O3 pro-
vides an additional contribution to the spin-0 amplitude,
and the amplitude square becomes
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FIG. 7 (color online). This plot is similar to Fig. 4 but with additional constraints from EDMs and AMDMs.
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jMj2¼G2
F


2
ss

2

8�2

���������
3m2

h

s�m2
h

FTþFB�8
ffiffiffi
2

p
�2

GF�
2
c3

��������
2þjGBj2

�
:

(6.3)

If taking � ¼ 1 TeV, the exotic solution, c3��0:14,

gives �8
ffiffi
2

p
�2

GF�
2 c3 �þ1:34 inside the spin-0 amplitude

square. Because of the cancelation between the contribu-
tions from FT and FB,

3 this exotic solution generates a
sizable deviation from the SM prediction. Therefore, this

two-fold degeneracy could be resolved by the future Higgs
pair production data.

B. UV complete models

Here, we discuss and make comparisons of the validity
of our effective operator analysis of two UV complete toy
models. Let us first examine the model that contains an
additional color octet scalar S for which the SM quantum
number is (8, 2, 1=2) [33] on top of the SM. The most
general scalar potential is

V ¼ �

4
ðHyiHiÞ2 þ 2m2

S TrS
yiSi þ �1H

yiHi TrS
yjSj þ �2H

yiHj TrS
yjSi

þ ð�3H
yiHyj TrSiSj þ �4H

yi TrSyjSjSi þ �5H
yi TrSyjSiSj þ H:c:Þ

þ �6 TrS
yiSiSyjSj þ �7 TrS

yiSjSyjSi þ �8 TrS
yiSi TrSyjSj þ �9 TrS

yiSj TrSyjSi
þ �10 TrSiSj TrS

yiSyj þ �11 TrSiSjS
yjSyi; (6.4)

where i, j are the SUð2Þ indices and mS is the mass of the
color octet scalar. The custodial symmetry requires the
following relations to hold: 2�3 ¼ �2, 2�6 ¼ 2�7 ¼ �11,
�9 ¼ �10 for the real couplings [33] and �4 ¼ �	

5 for the
complex ones [50]. And the SM quarks can now couple to
both H and S by

�LY ¼ yUij
�QLi

~HuRj þ yDij
�QLiHdRj þ YU

ij
�QLi

~SATAuRj

þ YD
ij
�QLiS

ATAdRj þ H:c:; (6.5)

where TA is the SUð3Þ generator and A is the color index.
The Yukawa couplings y and Y are, in general, complex.
In Fig. 8 we show how we can generate these effective
gauge-Higgs operators. One typical diagram to produce
CP-even operator is Fig. 8(a), which is at one-loop level.
Based on a naive dimensional analysis, the Wilson coef-
ficients are given [33]:

c3
�2 ¼ 3

2

c2
�2

¼ 3

2

c1
�2

¼ 2�1 þ �2

64�2m2
S

;
c12
�2

¼ �2

48�2m2
S

:

(6.6)

And the CP-violating operators are generated at the two-
loop level; see Fig. 8(b). A ballpark estimation gives

~c1;2;12;3
�2

�X
i;j

Im½u	ijvij�
ð16�2Þ2

mqimqj

m2
S max fm2

qi;j ; m
2
Hg

; (6.7)

where qi;j are in the mass basis and the octet Yukawas are
parameterized as �qiT

Aðuij þ vij�
5ÞqjSA. Even though the

CP-violating phase is of order 1, the strength of the ~c’s
are roughly 2 orders smaller than the CP-even Wilson
coefficients in this model.

Since this model is UV complete, we are able to discuss
the fermion EDM and AMDM at above the electroweak
scale without encountering any divergence. The charged
lepton (g� 2) starts at the two-loop level; see Figs. 9(a)
and 9(b).4 Both Figs. 9(a) and 9(b) can be related to the
diagram shown in Fig. 8(a) by substituting VEV(s) for
either one or two of the externalH legs. And this is exactly
what we have performed in the gauge-Higgs operator
analysis for 4ae and 4a�.

For the most general Yukawa coupling, Eq. (6.5), SM
quarks receive a nonzero EDM at the 2-loop level; see
Figs. 9(c) and 9(d).5 Both Figs. 9(c) and 9(d) are independent
of Fig. 8(b), and our gauge-Higgs operator estimations for
quark EDMs are subleading. On the other hand, there are two
kinds of contributions to the SM lepton EDM: (1) 3-loop
diagrams, by connecting Fig. 8(b) to the lepton line by either
the SM Higgs or gauge bosons. These leading contributions
have been taken care of by our gauge-Higgs operator analysis.
(2) 4-loop diagrams, first by joining the two external quark
lines to form a loop in Figs. 9(c) or 9(d), and then connecting
the resulting bulb to the lepton lines via either SM Higgs or
gaugebosons.These are 4-loopdiagrams. Soourgauge-Higgs
operator estimation for lepton EDMs are indeed the leading
contribution. Nevertheless, in the case that Yukawa couplings
aremost general, one needs to incorporate the Fermion EDM/
AMDMeffective operators in the analysis; seeRef. [53] for an
earlier studyon the interplay of the four-fermion operators and
the electric and magnetic diploe operators.
To avoid the flavor-changing neutral current and other

phenomenological problems, it is a common practice to

3In the large quark mass limit, FT ¼ 2
3 þOðs=m2

QÞ, FB ¼
� 2

3 þOðs=m2
QÞ, and GB ¼ Oðs=m2

QÞ [49].

4The resulting 2-loop (g� 2) can be read and translated from
Ref. [51], in which the similar diagrams due to exotic scalars
have been considered.

5The formulas in Ref. [52], in which EDMs are generated via
the similar diagrams in supersymmetry models, can be easily
translated for use in this octet model.
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assume thatYU=D
ij ¼ �U=DyU=D

ij , where�U=D are real. In that

case, both Yukawas are real in the fermion mass basis, and
the contributions from Figs. 9(c) and 9(d) vanish. However,
the CP-violating gauge-Higgs operators, Fig. 8(b), vanish
as well, and we do not have any say about the CP-violation
constraint. Assuming that � ¼ mS ¼ 1 TeV, our numeri-
cal study gives �3 & c1 & 4, �2:5 & c2 & 3, �0:25 &
c12 & 0:25 (from the S parameter) and �0:02 & c3 &
0:015; if we take the SM-like solution, then

�118 & �2 & 118; �12:6 & 2�1 þ �2 & 9:5: (6.8)

In addition to the positivity conditions for the scalar poten-
tial, Eq. (6.4), the above limits provide further nontrivial
constrains on the parameter space of this model.

Based on the above discussion, one can tailor a modified
UV-complete model in which our gauge-Higgs operator
analysis is applicable. In one of the modified versions, the
octet scalar is replaced by a real SUð2Þ triplet, St, which
carries the SM quantum number (8, 3, 0). Because of the
SUð2Þ representation, it has no Yukawa couplings to all
SM fermions, and thus there is neither flavor-changing
neutral current problems nor the EDM contributions
from Figs. 9(c) and 9(d). The most general renormalizable
potential of the octet-triplet scalar is

VðStÞ ¼ �

4
ðHyHÞ2 þm2

St
TrðSitSitÞ þ i�t�

ijk TrðSitSjtSkt Þ
þ �t1H

yH TrðSitSitÞ þ �t2 TrðSitSitSjtSjt Þ
þ �t3 TrðSitSjtSitSjt Þ þ �t4 TrðSitSitÞTrðSjtSjt Þ
þ �t5 TrðSitSjt ÞTrðSitSjt Þ; (6.9)

where i, j, k ¼ 1, 2, 3 are the SUð2Þ indices for adjoint
representation. Moreover, we introduce a pair of exotic
vector fermions, c L;R, for which the SM quantum numbers

are (6, 2, 1=2). The vector fermions admit a Dirac mass and
a Yukawa coupling to St,

L  mc
�c Lc R þ �t

�c LStc R þ H:c: (6.10)

The Dirac mass mc is taken to be real without losing any

generality and assumed to be much larger than v so that the
exotic fermionsdecouple asSt doeswhen energy is below the
electroweak scale. The Yukawa �t is complex, in general.
TheCP-violating gauge-Higgs operators can be generated at
two-loop levels, by replacing ðS; qÞ ! ðSt; c Þ in Fig. 8(b),
and a rough estimation for the Wilson coefficients are

~c1;2;12;3
�2

� 1

ð16�2Þ2
Re�t Im�t

max fm2
St
; m2

c g
: (6.11)

For mSt �mc � 1 TeV, the 	QCD gives the strongest con-

straint that j�tj2j sin 2	tj< 1:01� 10�6. The CP-even
Wilson coefficients are generated at the 1-loop level [by
replacing S by St in Fig. 8(a)],

4

3

c3
�2

¼ 3

4

c2
�2

¼ �t1

16�2m2
St

; (6.12)

but nonzero c1 and c12 need to be generated at the higher-
loop level since St carries no hypercharge. And our global fit
yields that�4:2 � �t1 � 3:2.

C. Predictions for the CP-odd decays

The spin and parity of the 125 GeV boson have been
largely determined to be JP ¼ 0þ from the analysis of the
polar angular distribution in the h ! 2� mode [8,16] (for
spin) and the polarization correlation in the h ! ZZ ! 4l

FIG. 9 (color online). Some typical leading loop diagrams that generate quark or lepton AMDMs, (a) and (b), and quark EDMs and
chromoEDM, (c) and (d), in the color octet scalar model. S’s, the red (thick) dashed lines, are the color octet scalars, and f is the SM
fermion, either lepton or quark. Note there are many other ways to attach the external photon if gauge symmetry allowed.

FIG. 8 (color online). Some typical loop diagrams that gener-
ate the effective gauge-Higgs operators in the color octet scalar
model. Where S’s, the red (thick) dashed lines, are the color octet
scalars, q’s are the SM quarks, H is the SM Higgs doublet, and V
and V0 are the SM vector bosons. Note there are many other
ways to attach the V and V 0 if gauge symmetry allowed. Diagram
(a) is the leading contribution to the CP-even gauge-Higgs
operators. The CP-odd gauge-Higgs operators begin at the
two-loop level, diagram (b).
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decay [9,17] (for parity). However, the current spin-parity
analyses are all based on a limited number of events and
simple working assumptions; namely, the boson is assumed
to be either purely scalar, pseudoscalar, a spin-2 object, etc.
But we have to keep in mind that even though the 125 GeV
boson is an elementary scalar, the CP-violation decays can
still be generated by quantum corrections. For a given
model, whether we have the required experimental sensi-
tivity to detect the CP-odd composition is the question.

If at low energy the new physics can be indeed described
by the gauge-Higgs operators alone, our numerical study
predicts interesting model-independent relations among
the Higgs CP-odd decay modes. As was discussed in
Sec. IV, also in Figs. 5(e) and 5(f), the three CP-odd
Wilson coefficients follow a linear relation on a line seg-
ment with end points at ~c212 � 0:56=1:0 for using the SM
predictions/ LHC data as input. For � ¼ 1 TeV, we have
[c.f. Eq. (3.19)]


CP
�� �3:21~c212; 
CP

�Z �1:92~c212; 
CP
ZZ �4:3�10�5~c212;


CP
WW �1:13�10�4~c212: (6.13)

Note that both h ! WW and h ! ZZ channels are not
sensitive to the presence of the CP-odd gauge-Higgs
operators.

We are interested in the CP-violation fraction, CPVij ¼
�ij
C=P=�

ij, which is more relevant for the parity determi-

nation. In Fig. 10, we show the 95% C.L. CP-violation
fraction correlations between (a) h ! ZZ and h ! �� and
(b) h ! WW and h ! ��. Note the possible large CP-
violating fractions due to the gauge-Higgs effective opera-
tors in the h ! �� and h ! �Z modes, which are not
constrained at all by the global fit.
Apparently, it is not likely to probe the CP-violation

fractions, at the level of & ða fewÞ � 10�5, in the h !
WW, ZZ channels at the LHC.6 This agrees with the
current parity determination results [9,17]. And, hypotheti-
cally, any future observation of the approximately few
percent level CP-violation fraction in the h ! ZZ mode
will definitely indicate the existence of new physics
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FIG. 10 (color online). The 95% C.L. CP-violation fraction correlations between (a) h ! ZZ and h ! �� and (b) h ! WW and
h ! ��. The constraints are from EDMs, AMDMs, and the LHC data (blue, darker) or SM predictions (brown, lighter).
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FIG. 11 (color online). (a) The 68% C.L. and (b) the 95% C.L. CP-violation fraction correlations between h ! �� and h ! �Z. The
constraints are from EDMs, AMDMs, and the SM predictions.

6See Ref. [54] for other proposals of measuring the CP nature
of the Higgs at the LHC.

WE-FU CHANG, WEI-PING PAN, AND FANRONG XU PHYSICAL REVIEW D 88, 033004 (2013)

033004-14



beyond the gauge-Higgs sector, and additional effective
operators must be included.

For making use of h ! 2�, �Z channels to probe the
CP-odd components of the 125 GeV boson, we need to
study the vector boson spin correlation. This could be
neatly done in the future eþe�, e�, or �� colliders; see,
for example, Ref. [55]. For that we have a model-

independent prediction: 
��
CP:


�Z
CP � 1:67:1. However, as

shown in Fig. 11, when the above relation is converted
into the CP-violating fraction, the relation is smeared but
more or less follows a linear relation. From the plot, the
CP-violating fraction correlation between these two modes
is roughly

CPV�z � ð0:65� 0:35ÞCPV�� ð68% C:L:Þ: (6.14)

However, the slope becomes (0:92� 0:7) for the 95% C.L.
fit. Although not very predictive, this prediction can be
checked once the experimental sensitivities meet the SM
theoretical uncertainties and the CP-violating fractions in
�� and �Z modes are measured in the future.

Nevertheless, from our numerical study, we found po-
tentially large CP-violating compositions in the h ! ��,
�Z decays.

D. Summary

We have studied the new physics associated with the
125 GeV boson for which the NP is assumed to be char-
acterized by the effective gauge-Higgs operators. By
global fitting, we studied the correlations among various
Higgs to diboson decay modes. In addition to the updated
Higgs measurements accumulated at the LHC, we also
considered the case in which the experimental sensitivities
are compatible with the SM theoretical uncertainties. We
found that there is plenty of room for new physics to hide in
the shadow of the inherent SM theoretical uncertainties.
From the global fit, we found a robust prediction that
�ZZ ’ �WW and 0:6 & �ZZ;WW & 1:4 at 95% C.L.; see

Figs. 4 and 7. This can be tested at the LHC with more
data in the near future.

Moreover, we take into account the constraints of EDMs
and AMDMs under the assumption that the gauge-Higgs
operators give the dominate contributions to them.We found
very strong constraints on the CP-odd Wilson coefficients,
and our numerical study indicated that the CP-violating
hVV interactions in the h ! WW and h ! ZZ modes are
too small,�Oð10�5Þ at most, to be detected at the LHC; see
Fig. 10. However, the CP-odd fraction in the h�� and h�Z
channels could be as large as Oð1Þ.

Two more intriguing relations are predicted if the EDM
constraints are included: (1) ð
WW � 1Þ � 2ð
ZZ � 1Þ and
(2) ð
�Z�1Þ�6500ð
WW�1Þ2. These predictions could

be tested at the future precision Higgs machines.
The caveats are that we should keep in mind that

our results are valid only for the class of NP which

manifests itself in the form of the gauge-Higgs operators
discussed in this work. So, our results are not applicable
if (1) the existence of any light exotic degree of freedom
below the electroweak scale that interacts with the
Higgs boson or (2) the NP is beyond the realm that
can be largely charted by the gauge-Higgs operators.
On the other hand, any violation of our above predic-
tions will indicate that the new physics must go beyond
the gauge-Higgs sector.
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APPENDIX: DECAY WIDTH OF h ! WW	, ZZ	

Details of calculating the width of h ! VV	 (V ¼ W, Z)
are collected in this section. We consider the case that the
virtute gauge boson V	 subsequently decays into two fer-
mions f and f0 with their momentums labeled as hðPÞ !
Vðp1Þ þ fðp2Þ þ f0ðp3Þ. In the center-of-mass frame of f
and f0, the three-body decay width is given by the follow-
ing phase integral:

� ¼ 1

256�3m3
h

Z ðM�m1Þ2

ðm2þm3Þ2
ds1

Z s2þ

s2�
ds2ðjM1j2 þ jM2j2Þ;

(A1)

s2� ¼m2
1þm2

3þ
1

2s1
½ðs� s1�m2

1Þðs1þm2
3�m2

2Þ

��
1
2ðs1;m2

3;m
2
2Þ�1

2ðs1;M2;m2
1Þ�;

�ða;b;cÞ�a2þb2þc2�2ab�2ac�2bc; (A2)

where the kinematical variables are defined as s ¼ P2,
p4 � ðp2 þ p3Þ, s1 ¼ p2

4, s2 ¼ ðp1 þ p3Þ2, and s3 ¼
ðp1 þ p2Þ2 and M1 and M2 are the CP-even and
CP-odd amplitudes, respectively. The phase space integral
is largely simplified when the final-state fermions are
massless, which is a good approximation in our case.
Besides the SM contribution, the CP-even amplitude

also receives contributions from O1 and O2 and

jM1j2 ¼ 4Nf
c ðg2V þg2AÞ

ðs1�m2
VÞ2

�½ðm2
V4

ffiffiffi
2

p
GF�a02V s1Þ

�ð2p1 �p2p1 �p3�p2
1p2 �p3Þþðm2

V2ð
ffiffiffi
2

p
GFÞ12

�a0Vp1 �p4Þ22p2 �p3�; (A3)

where a0W ¼ 2c2vg
2
2=�

2, a0Z ¼ 2a4vg
2
2=�

2, Nf
c is

the color factor of the final state fermions and
ðgV; gAÞ ¼ ðg2=2cWÞðI3 � 2Qfs

2
W;�I3Þ for Z0 and
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gV ¼ �gA ¼ g2=2
ffiffiffi
2

p
for W�. And M2 is completely

beyond the SM,

jM2j2 ¼ 8ðg2V þ g2AÞ
�

~a0V
s1 �m2

V

�
2

� ½ðp1 � p4Þðp3 � p4p1 � p2 þ p2 � p4p1 � p3Þ
� p2

4p1 � p2p1 � p3 � p2
1p2 � p4p3 � p4�; (A4)

where ~a0W ¼ 2~c2vg
2
2=�

2 and ~a0Z ¼ 2~a4vg
2
2=�

2. Summing
up all massless final states, the corresponding CP-even
decay widths are

�W
1 ¼ 9G2

Fm
4
Wmh

8�3
R1ðmW=mh; a

0
WÞ ðfor WÞ;

�Z
1 ¼ 3G2

Fm
4
Zmh

32�3
�ZR1ðmZ=mh; a

0
ZÞ ðfor ZÞ;

(A5)

with �Z ¼ ð7� 40
3 s

2
W þ 160

9 s4WÞ; the phase space factor R1

will be given in below. The �Z factor is different from
Ref. [36] and differs by a factor of 3 for theW case, but our
results are consistent with Ref. [47].
For the CP-odd part, the decay widths for W and Z

bosons are

�W
2 ¼ ~c22

9m3
hg

6
2v

2

32�3�4
R2ð�Þ

¼ ~c22
9G2

Fm
4
Wmh

8�3
� 32m

2
hm

2
W

�4
R2ð�Þ;

�Z
2 ¼ ~a24�Z

3G2
Fm

4
Zmh

32�3
� 32m

2
hm

2
Zc

4
W

�4
R2ð�Þ: (A6)

The two functions R1, R2 can be expressed in the form of
integrals,

R1ð�; a0VÞ � �2
Z ð1��Þ2

0
d~s1

Z ~s2þ

~s2�
d~s2

1

ð~s1 � �2Þ2
��
1� a02V ~s1

4
ffiffiffi
2

p
GF�

2

��
ð1� ~s1 � ~s2Þð~s2 � �2Þ 1

�2
� ~s1

�

þ 2~s1

�
1� a0V

1� �2 � ~s1

4ð ffiffiffi
2

p
GFÞ12�2

�
2
�
;

R2ð�Þ �
Z ð1��Þ2

0
d~s1

Z ~s2þ

~s2�
d~s2

~s1
ð~s1 � �2Þ2

�
1

4
ð1� �2 � ~s1Þ2 � 1

2
�2~s1 � 1

2
ð~s2 � �2Þð1� ~s1 � ~s2Þ

�
;

with the relevant parameters introduced as � ¼ mV

mh
, ~s1 ¼ s1

m2
h

, ~s2 ¼ s2
m2

h

and ~s2� ¼ 1
2 ð1þ �2 � ~s1Þ � 1

2 �ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi½ð1þ �Þ2 � ~s1�½ð1� �Þ2 � ~s1�
p

. The analytical form for R1;2 can be obtained:

R1ð�; aÞ ¼ � 1

72�2

�
Aþ B arctan

ð1� �2Þ
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
4�2 � 1

p

1� 3�2
þ C ln �

�
; (A7)

A ¼ ð1� �2Þ½36a�2ð�5þ 9�2Þ þ 6ð2� 13�2 þ 47�4Þ þ a2ð17� 82�2 þ 89�4Þ�;
B ¼ 6ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi

4�2 � 1
p ½6ð�2 � 8�4 þ 20�6Þ þ 12að�2 � 8�4 þ 14�6Þ þ a2ð�1þ 11�2 � 40�4 þ 54�6Þ�;

C ¼ 6½6ð�2 � 6�4 þ 4�6Þ þ 12að�2 � 6�4 þ 2�6Þ þ a2ð�1þ 9�2 � 30�4 þ 6�6Þ�;

R2ð�Þ ¼ ð1� �2Þ
36

ð�17þ 64�2 þ �4Þ þ ln �

6
ð1þ 6�4 � 9�2Þ þ ð7�2 � 1Þ

6

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
4�2 � 1

p
arctan

ð�2 � 1Þ
ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
4�2 � 1

p

3�2 � 1
;

(A8)

where

a �
8<
:

8m2
W

�2 c2; for W

8m2
W

�2 a4; for Z
: (A9)

One can check that, when a0V ¼ 0, the SM result is recovered, and 6R1 ¼ Fð�Þ as defined in Ref. [56].
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