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Mass-matrix ansatz and constraints on B — B? mixing in 331 models
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Comparing the theoretically predicted and measured values of the mass difference of the BY system, we
estimate the lower bound on the mass of the Z’ boson of models based on the SU(3). ® SU(3); ® U(1)x
gauge group. By assuming zero-texture approaches of the quark mass matrices, we find the ratio of the
measured value to the theoretical prediction from the standard model and the Z’ contribution from the 331
models of the mass difference of the B? system. We find lower bounds on the Z’ mass ranging between
1 TeV and 30 TeV for the two most popular 331 models, and four different zero-textures ansétze. The
above results are expressed as a function of the weak angle associated to the b — s — Z’ couplings.
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I. INTRODUCTION

Although the standard model (SM) [1] is considered an
effective low energy theory that should be embedded into a
more fundamental theory, many of the SM predictions have
been successfully tested by precision measurements. The
latter impose strong restrictions to new physics contribu-
tions associated to any extension of the SM [2]. Thus, small
deviations between the experimental data and the SM
predictions allow us to set stringent limits on new physics
from a more fundamental theory that contains new types of
matter and interactions at the TeV scale. It will be explored
with the new generation of accelerators and detectors like
the forthcoming Large Hadron Collider (LHC) [3]. Among
the possible extensions of the SM, the models with gauge
symmetry SU(3), ® SU3); ® U(1)y, also called 3-3-1
models [4,5], arise as an interesting alternative with new
physics content and some motivating features. First of all,
from the cancellation of chiral anomalies [6] and asymp-
totic freedom in QCD, the 3-3-1 models can explain why
there are three fermion families. Second, since the third
family is treated under a different representation, the large
mass difference between the heaviest quark family and the
two lighter ones may be understood [7]. Third, the models
have a scalar content similar to the two-Higgs-doublet
model (2HDM), which allow us to predict the quantization
of electric charge and the vectorial character of the elec-
tromagnetic interactions [8,9]. Also, these models contain
a natural Peccei-Quinn symmetry , necessary to solve the
strong-CP problem [10,11]. Finally, the model introduces
new types of matter relevant to the next generations of
colliders at the TeV energy scales, which do not spoil the
low energy limits at the electroweak scale.

In the SM, the flavor-changing neutral currents (FCNC)
are strongly suppressed with respect to the charged-current
weak interactions, which follows from the experimental
data on neutral meson decays and the mass difference in
meson systems exhibiting particle-antiparticle mixing

*remartinezm @unal.edu.co
Tfaochoap @unal.edu.co

1550-7998/2008 /77(6)/065012(7)

065012-1

PACS numbers: 12.60.—1i, 12.15.Ji, 12.60.Cn, 14.40.Nd

[12]. In particular, some extensions of the SM produce
new FCNC contributions at tree level, as, for example,
some models with an extra neutral Z’ boson, which repre-
sents an stringent limit for new physics. Although not all
models with new neutral Z' bosons exhibit additional
FCNC contributions [13], many interesting ones contain
FCNC effects at tree level [14—16]. In 3-3-1 models, the
contributions in meson systems have been considered be-
fore [17] in K® — K°, and BY — BY systems, which induce
the flavor-changing transitions s < d and b < d, respec-
tively, while no information other than a lower bound
associated to the b < s transition was available for the
BY — BY system. However, the b — s sector was recently
confirmed in the B; mixing by both CDF and DO [18]:

CDF: AM, = 17.337042 ps ™/,
DO: AM, = 19.0 = 1.215 ps~!
Ref. [16] uses the following averages
AMS® = 17.461547 ps~1,

(1)
AMM = 19,52 + 528 ps™ |,

for the experimental and SM prediction, respectively. Since
the study of B physics has been an important tool to extract
information on CP violation and new physics [19], we will
use the above data for the mass difference of the B system
to explore the FCNC contribution induced by the Z’' boson
in the two most popular 3-3-1 models. However, since
FCNC contribution in these models are very sensitive to
the rotations of the fermionic spectrum to mass eigenstates,
it is necessary to implement some criterion to fix the values
of the components of the rotation matrices, and to get
numerical predictions on the meson mass difference. In
contrast to other studies in D%, K, and BY systems [17], we
will consider various cases for the rotation matrix, includ-
ing the texture-zero approaches, where an ansatz on the
texture of the fermion mass matrices is adopted in agree-
ment with the measured masses and mixing angles of the
Cabibbo-Kobayashi-Maskawa matrix. An additional moti-
vation to study the B system comes from the fact that the
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b — s sector induces the maximum flavor-changing con-
tribution, as will be confirmed in this work. This offers a
good opportunity to extract information on new physics at
low energy.

Equation (1) shows good agreement between the experi-
mental data and the SM one-loop prediction of AM,,
however, due to the hadronic parameters, the SM predic-
tion contains a large uncertainty which we use to find
allowed regions for the mass of the Z' boson and the
weak angle associated to the b — s — Z' coupling by as-
suming four specific forms in the rotation matrix of the
quark mass.

II. THE 331 SPECTRUM

The fermionic structure is shown in Table I where all
leptons transform as (3, X%) and (1, XX) under the
(SU(3)., U(1)y) sector, with X% and (X¥) the U(1)y gen-
erators associated with the left- and right-handed leptons,
respectively; while the quarks transform as (37, Xé ,
(1, X% ) for the first two families, and (3, X7,), (1, X¥)
for the third family, each one with its U(1)y values for the
left- and right-handed quarks. The quantum numbers X,
for each representation are given in the third column from
Table I, where the electric charge is defined by

Q=T+ BT + XI, )

with T, = 1/2diag(1, —1, 0), Tg =
(1/2~/3) diag(1, 1, —2) and B = —1/~/3 and —+/3, where
the first case contains the Foot-Long-Truan model (FLT)
[20] and the second contains the Pisano-Pleitez-Frampton
model (PPF) [4,5].

For the scalar sector, we introduce the triplet field y with
vacuum expectation value (VEV) (x)” = (0,0, »,), which
provides the masses of the third fermionic components. In
the second transition, it is necessary to introduce two

TABLE I. Fermionic content for three generations with 8 =
—1/+/3, —/3. We take m* =1, 2 and j = 1, 2, 3

representation Oy Xy
— _ * El L 1
e = | ~Um | 3 3 2 A W
. . . _1.2.14 V38 yR —2 _11.+38
A g5 U &5 T 1 337 5 Xdsss, =3 "36 T2
us §] s
- ) 1 _1
g3 =\|ds | :3 L3 X0 =6 24
B3/ T/ p
. . . 2._1.1_ V38 —2 _11_+3
usgs dagi Jag 2 1 5736 2 Xdw, =3 T36 T 2
V; 0
= e -1 L — _1_ B
€/L *JQI 1 ﬁﬁ Xf, 2 23
E; 172
o _1._1_138 R _— _q1 _1_138
ejrs Ejr”’ L=3—-% Xog=-"L—-3—7%
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tripletsp and n with VEV (p)" = (0, v,,0) and (n)" =
(¥,, 0, 0), in order to give masses to the quarks of up- and
down-type, respectively [21].

In the gauge boson spectrum associated with the group
SU(3); ® U(1)x, we are just interested in the physical
neutral sector that corresponds to the photon, Z, and Z/,
which are written in terms of the electroweak basis for 8 =

—1/+/3 and —+/3 as [22]
A, = SyW; + Cy(BTy W} + V1 — BTB,),
Z, = CyW3 — Sy(BTyWS + /1 — B°T}B,), ()

Z), = =1 — BT}, WS + BTyB,,

where the Weinberg angle is defined as [22]
8x
Vi + (Lt B

and g;, gx correspond to the coupling constants of the
groups SU(3); and U(1)y, respectively.

“4)

Sw = sinfy =

ITII. NEUTRAL COUPLINGS

Using the fermionic content in weak eigenstates from
Table I, we obtain the neutral coupling for the SM quarks
(22]

g - 0 0
LYC = f[Qom(gg — g9 v5)0°Z
w

- 0 0
+0%,(80 — 8¢ v5)0"Z] (5)
where Q% U° = (u,¢c,1)°, D° = (d,s, b)° for up- and
down-type quarks, respectively. The vector and axial-
vector couplings of the Z boson are
0 p—

U 1 _ 2 v’ _ 1
8v ) 2'QUOSW’ 8a -

DY _— _1 2 ©)
8v __E_Q'QDOS ’

0
g =%
with Qo po the electric charge of each quark given by

Table I, while the corresponding couplings to Z' are given
by

Cw 1 T2
gue = 8xtw [—(diag(l, 1)+ Plw W)

2g.Tw V3 V3

+ ZQUUBT%V}
o &xCw L[, oL BT @
o Sy L (e 0+ )

B 2QD0ﬂT%V:|’

which are written for 8 = —1/ V3 and —/3.In particular,
for the Z’ coupling in the neutral Lagrangian in Eq. (5), we
can write
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' _ 8L (A =0° 2’
L7 = ﬁ[QOY”(Eg P, + & PRQ°Z,]  (®)

0 0 0
where €2, =(1/2)(g% +§9), and P, = (1/2)(1 T ys)
the chiral projectors. Using the neutral Z’-couplings from

Eq. (7), the new chiral couplings éz(),‘eDo are written as
follows
~ U0 DO gxCw |: 1 . 1 2 :|
o= —diag(1,1, —1) + = BT% |,
t 2¢.Tw 3 & : 3'8 v )
- 0 g C
&’ =220 [0y BT
8Tw

On the other hand, we will consider linear combinations
among the three families of quarks to obtain couplings in
mass eigenstates

0= Ry0, (10)

where Q: U = (u, ¢, 1), D = (d, s, b) denotes the quarks in
mass eigenstates, Q° in weak eigenstates and Ry the
rotation matrix that diagonalize the Yukawa mass terms.
Thus, we can write the Eq. (8) as

L7 = [0y (BPP, + BRPYQZ,L (1)
w

where the chiral couplings in mass eigenstates are defined
as

~ ~0°
B2, =RLE R, (12)

Because of the fact that ERO in Eq. (9) is family indepen-
dent, the right-handed couplings remain flavor-diagonal in
the mass eigenbasis, such that E,% = gg’. However, due to
the diag(1, 1, —1) term from Eq. (9) (family dependent
couplings), we obtain nondiagonal components in the
left-handed couplings E’g in Eq. (12), which is sensitive
to the form of the rotation matrix Ry. In order to have a
predictive model, we adopt a different ansatz on the texture
of the quark mass matrices in agreement with the six quark
physical masses and the four physical parameters of the
Cabibbo-Kobayashi-Maskawa  quark-mixing  matrix
(CKM). The SU(3); ® U(1)yx Lagrangian for the Yukawa
interaction between quarks is

2
_'EYuk = Z Qm*L[F"g*DnD% + le*UpU%
m=1
+ T X0 1+ G5, [T3P pDY + T3V nUY,
+ I3/ xJ9x1 + Hee, (13)

with 7 and p being the two scalar triplets necessary to give
masses to the SM fermion spectrum from Table I, and y the
scalar triplet that gives masses to the new extra fermions
J123, Ey153, as explained in Sec. II. Thus, we are not
interested in the couplings of y. F;Q are the Yukawa
interaction matrices. Taking into account only the SU(2);
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sector (which lies in the two upper components of each
scalar triplet), and omitting the couplings of y, the mass
eigenstates of the scalar sector can be written as [22]

_ ¢7 I
H‘(hg+y:i¢g)‘psﬂ 7 Cp
- (14)
¢=<—h2itih?>=pcﬁ+’7*sﬂ’

where 7" denotes the conjugate representation of 7,
tanf = v,/v, and v = ,[v2 + v2. Thus, after some alge-

braic manipulation, the neutral couplings of the Yukawa
Lagrangian can be written as

_ 70 _1po 0 4 0 0 h) ¥ i
LYuk - [DL(MDO)DR + UL(MUO)UR] 1+ f

+ [D(Tp0) Dy + Uy (Fyo)UpJ(hg * ihi)
+He, (15)

where the fermion masses and Yukawa coupling matrices
are given by

Mqll = V(FIC,B + F2SIB) and qu = FlS,B - F2CB’
(16)

where I'y =1, and I', =T,. The Lagrangian from
Eq. (15) is equivalent to the two-Higgs-doublet model
(2ZHDM) Lagrangian [23], which exhibits FCNC due to
the nondiagonal components of I'. In the literature, there
are various approaches on the zero-textures of the quark
mass matrices M o from Eq. (16), where the most popular
are listed as follows
(1) Fritzsch ansatzz  In the basis U%D°) =
(°(d), c°(s°), °(b°)) the quark mass matrices in
the Fritzsch ansatz are defined as [24]

0 Ip] 0
Mp=|ID) o IFI|  an
o [|F,l IC,l

with |C,| = m,,,, |F,| = /mm.;, and |D,| =
JMuaMes, Where m, corresponds to the physical
mass of the quarks. The above ansatz is diagonal-
ized by the following rotation matrices for both the
up- and down-type quarks

1 my,q _ My, d
Mg myp
m m.
Ry=| = 1 - [l (18
q Meg mp ( )
0 M s 1
Myp

(2) Matsuda-Nishihura ansatz: This texture takes the
same form as Eq. (17), but with |B,| = m,  in the
(2, 2) component of the mass matrix [25]. This form
has the following rotation matrices
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1 my,q me, Smid d
Mud 2o ud
Mes b + mY my + m‘
Ro=| =0 | 09 e R
"y I ) 1 m; + m,
me gMyp myp

The above ansatz was reconsidered by the authors in IV. B" — B? MIXING CONSTRAINTS
Ref. [26], where the parameter C, in the (3, 3)
component is taken as a free parameter. In particu-
lar, they define the ratio x, = C, /my, such that

The left-handed coupling in Eq. (12) contains nondiag-
onal components, which induce mixing between the neu-
. . tral Z' boson and quarks from different families. This will

the experimental values of the CKM matrix are h o .
. . produce new physics contributions to the mass difference
derived by fine tuning of the parameter x,. : . 50
q in neutral meson systems as for example in kaons K° — K?,
Thus, the nonzero components of the mass bottom BO Bg . and bottom- strange BO BO mesons,
matrix takes the form |D,| = \/mm, ,/x, in the  eachone 1nduced bythes — d,d — b, and s — b transition,
(1, 2) components, |Bq| =m (1 —x,) + mg, — respectively. In particular, we take the most recent data of
, ’ the BY difference mass given by Eq. (1) in order to con-
strain new physics induced by the Z' interaction. The ratio
\/(mt pXg + my, g)(mx, —m.)(1 —x,)/x, in the between the experimental value and the SM prediction in

’ ’ ' ’ Eq. (1) is [15]

m,, in the (2, 2) component, and |F,|=

(2, 3) components, where the hierarchy m,; <

C, <my, is required. The rotation matrix is Amg™® = |1 +3.57 X 1052} (& gm)z I
Am{YWE le L
! N = 0.894 + 0.243, (24)
R, = — [y - . ith B3" the sb component of B? defined by Eq. (12), and
q A/ X JT—x with 57 the s p L y Eq. (12),
e Mo Vi ! sb the weak phase. The above data constrain the values of
\/m_;:(l —xg) T x o the Z' mass and the weak phase assuming different ansatz

(20) in the texture of the mass matrices of the quarks, as

discussed in Sec. III. For the rotation matrix Rp in the

The authors in Ref. [26] obtain the values x, = down sector, we consider the Fritzsch ansatz (Ry) in
0.9560 and x; = 0.9477. Eq. (18), the Matsuda-Nishihura ansatz (Ryy) in

(3) Matsuda ansatz: Another consistent possibility isto  Eq. (20), and the Matsuda ansatz (R,,) in Eq. (22). In order
consider different texture assignment for the up-and  to achieve a complete comparison, we also consider the
down-type quarks, as follows [27,28] flavor-changing contribution assuming that |B’| =
[Vip Visl, with Vi) the t— b(r — s) component of the
N 0 Dl 1D,] CKM matrix, where we use the values |V, q| =
Mg =| 1Dyl |Bgl 1F,I ], @D 0.77(4.06 X 10™%) [18]. We use the notation Rcky for
D ql | ql |Bq| this last case. Figures 1 show plots of the contours at 1o

. . . C.L for both (a) B = —1/+/3 and (b) B = —+/3 models,
with [By| = (m, + m, — m,)/2,1Fyl=(m; —m. = and for each ansatf of the rotation matrif, where we use the

m,)/2, and |Dy| = /mm,/2 for the up sector, following data at the Z scale
while for the down sector the structure is |Bp| =

(my, +m; —mg)/2,  |Fpl=(mg; —my, —mg)/2 My =91.1876 = 0.0021 GeV;
and |Dp| = \Jm,m /2. The above textures are di- $2, = 0.23113 = 0.00033;

agonalized by [28] (25)

m,(M;) = 1.38 MeV, my(M,) = 3.05 MeV,

¢ 0y m.(M,) = 0.626 GeV;  m,(Mz)= 58.04 MeV;
Ro=1 v 2 2 my(Mz) = 2.89 GeV;  m,(My) = 171.8 GeV.
o2 (22)  The regions below each curve correspond to excluded
¢ ) f 01 points in the M, — ¢3° plane. We can also see excluded
Rp=|"9%5 ©# ~ &4 regions in the center of each curve, as shown in the plots.
- % % é The minimum values for M are found when ¢3> = /2.
In particular, the ansatz Rckyy induces the lowest bounds
where with values M, = 1 TeV, while the Matsuda ansatz R,
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o
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FIG. 1. Allowed regions at 1o- C.L. of the Z'-mass and the weak phase in models with (a) 8 = —1/+/3 and (b) —+/3 for different
ansatz, where R, is the rotation matrix in the Matsuda ansatz, Ry in the Matsuda-Nishiura ansatz, Ry in the Fritzsch ansatz, and

Rexw assuming |B3?| = |V, Vil.

leads high values with bounds from M, = 10 TeV for
B = —1/+/3 models, and M, =~ 30 TeV for 8 = —/3.
Although the flavor-changing contribution is very sensitive
to the rotation matrix, we find points that overlap regions
from different ansatz in the curves of the plots. For ex-
ample, in Fig. 1(a), we find the same value M, = 10 TeV
for Ry, Ryn» and Ry if ¢$P = 5a/12, 57/24, and 7/12,
respectively.

The differences exhibited by each curve in the above
figures arise from the size of the mixing components of the
couplings B? for each ansatz. In Table II, we compare the
nondiagonal components of the left-handed coupling in the
down sector. We also compare the FCNC contribution for
the uc¢ component in the up sector, as shown in the last line
from Table II. First of all, we observe that the maximum
mixing resides in the b — s sector, which is about 1 order
of magnitude bigger than other flavor-changing transitions,
like, for example, in K — K° BY — BY and D° — D°
systems, which induce the flavor-changing transitions s <
d, b < d, and u < c, respectively. Second, the Matsuda
ansatz yields the biggest couplings, so that in order to
control the low energy limits exhibit by Eq. (24), it is
necessary to impose stronger restrictions to the new phys-

TABLE II. Magnitudes of the left-handed couplings for differ-
ent ansatz of the rotation matrix. We consider 331 models with

B=—1/V3, and B = —+3.

1B2|(x1072)

DlD_ RM RMN RF RCKM

B —1/V3 =3 —1/3 =3 =1/3 =3 -1/3 -3

ds 5.8 176 0.6 1.9 0 0 0.01 0.04
db 6.0 18 2.7 82 1.6 37 04 12
sb 260 787 119 360 74 225 22 6.8
uc 0076 023 0.11 033 225 53 — —

ics contribution induced by this ansatz, such as seen in
Figs. 1.

In addition to the low energy differences shown by the
plots in the above figures, the different sizes of the coupling
BP leads to different predictions of the decay width of the
Z' boson into quarks. In particular, the flavor-changing
width can be written as

2 2
8 M ~ad ~ad g My <
= L5 [(@07)? + (887)*] = S [(B17))

r
z 167C2, 8w C%,

'—gq'
(26)

From Table Il it is evident that the main source of flavor-
changing decay is Z' — b5, with a decay probability of
about 80% bigger than others flavor-changing decays. A
detailed study of FCNC decays is carried out in Ref. [29] in
the Matsuda ansatz. Other anséitze, as the ones considered
here, will yield lower values in the width.

V. CONCLUSIONS

In the framework of the 3-3-1 models, we have de-
scribed the contribution to the mass difference AM, in
B, meson systems. These models behave as a purely left-
handed neutral flavor-changing model. Using the recent
experimental data and the SM one-loop prediction of AM,,
we found bounds for the mass of the Z’ boson in the Foot-
Long-Truan model (FLT) and the Pisano-Pleitez-Frampton
model (PPF). The lowest values of M, are found when the
weak angle associated to the b — s — Z’ coupling is ¢3? =
/2. By assuming four different ansitze in the texture of
the mass matrices of the quarks, we obtained plots of the
allowed regions in the M, — ¢3 plane. We considered the
Fritzsch ansatz (Rf), the Matsuda-Nishihura ansatz (Ryy),
and the Matsuda ansatz (Rj;) for the rotation matrix Rp,
in the down sector. We also assumed another alternative,
where |B3¢| = |V, Vi|. Lower bounds from M, =~ 1 TeV
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to =~ 10 TeV in the FLT model, and from M, = 2 TeV to
~ 30 TeV in the PPF model are found for each ansatz of
the rotation mass matrix. Since the Matsuda ansatz leads to
the biggest size of the left-handed couplings as shown by
Table 11, this ansatz exhibit stronger low energy limits than
the other ansétze. Also, the Matsuda texture yields a bigger
probability of flavor-changing decay for the Z’ boson than
the other ansitze.
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