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Electroweak oblique corrections from quark-lepton substructure
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We consider the electroweak oblique corrections from quark-lepton substructure through its form
factor. We derive general formulas for the oblique correction parameters T, U, and S for a general
class of the form factors. Then we precisely calculate them for the case of the single-pole form factor.
It turns out that the effects on T become sizable when the new physics scales break global isospin
symmetry at the order of the weak interaction scale.

PACS number(s): 12.15.Lk, 12.60.Rc

I. INTRODUCTION

Recent precision experiments at high energies have
confirmed the standard-model predictions of the strong
and electroweak interactions [1]. This seems to suggest
that the field theory based on the gauge principle pre-
cisely holds, at least in the presently accessible energy
region. Many theorists, however, do not take that the
standard model is the ultimate theory of the nature, be-
cause it involves too many semiempirical parameters, it
requires unnatural fine-tuning of the bare parameters,
etc.

They expect that there exists some new physics such
as compositeness [2], supersymmetry [3], technicolor [4],
etc. , and that the standard model is an effective theory
which holds in the far less energy region than the new
physics scale. Within the presently accessible energy re-
gion, the effects of new physics are expected to be re-
vealed through small deviations from the standard model
in precision experiments. Recently many people have
studied the contributions to the electroweak oblique cor-
rections &om the new physics inodels [5], but only a few
Rom the composite-model viewpoint 6. In this paper,
we investigate the contribution to the electroweak oblique
corrections from quark-lepton substructure through its
form factor at the vertices with the weak bosons. At low
energies, the efFects of the form factor through the tree
diagrams [7] are very small, but they can become sizable
in the loop-diagram effects because the momentum of the
internal lines can be very large.

In the composite models of quarks, leptons, gauge
bosons, and/or Higgs scalars, the interactions among the
composite particles may lose their meaning at the energy
scale of subconstituent physics. Naively, we can describe
this situation by multiplying the interaction vertices by
form factors which suppress the vertex above the com-
positeness scale A. In general, the form factor X(q ) is
a function of the relevant four-momentum squared q,
such that W(0) = 1, and W(q ) = 0 for q2 )) A . Un-
fortunately, there exists no such function W(q ) which is
analytic in the whole complex q plane. In this sense, it is

merely an approximation which is useful much below A,
and only the gross features make sense around A and be-
yond. We assume that the form factor X(q ) is analytic
except for a number of points in the q~ plane. Then it is
written as a sum of functions which is analytic except for
a point and vanishes at q2 = oo. Each function can be
expanded with positive power terms in A2/(A2 —q2) with
its singular point A2. Thus the most general form factor
is a Gnite or infinite linear combination of the terms with
the form

( A2
!(A2 q2 )

(n = positive integer).

The plan of this paper is as follows. In Sec. II, we con-
sider the general functional form of the form factors, and
derive general formulas of the oblique correction param-
eters T, U, and S. In Sec. III, we perform the calcula-
tion of them for the case of the single-pole form factor
(see Appendix for the detailed derivation), and investi-
gate their dependence on the compositeness scale A. In
Sec. IV, we show the S-T and the S-U plane trajecto-
ries of the form factor effects and compare them with the
phenomenological bounds.

II. GENERAL FORM FACTOR

where D"—:8"+ ieQA" is the covariant derivative with
respect to the electromagnetic gauge symmetry U(1),
Ai' and W&~ (l=l, 2,3) are the photon and the weak boson
fields (to be diagonalized), respectively, e and g are the
electromagnetic and the weak coupling constants, respec-
tively, m, , Q, and w are the mass, the electric charge, and
the Pauli matrices, respectively, and pr, = (1 —ps)/2. In

Now we incorporate the form factor P(q ) to the
electroweak-interaction Lagrangian of the iso doublet
fermion g (quark or lepton) in the form
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(2), rn and Q should be taken as matrices operating on
the (global) isodoublet space of the fermion g: i.e. ,

(q) (o Q) ~o m)
The subscripts u and d denote the up-type and the down-
type fermions, respectively. We have no reason to ex-
clude the possibility that A violates isospin symmetry
at the order of weak interaction scale A~. Then A
and accordingly X(—17 ) are also matrices in the isodou-

blet space of the fermion, i.e., A =
l

"
A l

with
(A„O

0 Ag
A„—Az = O(Ai4 ). In the low energy region where

q (( A, i.e. , X(—17 )
—1, the Lagrangian (2) is re-

duced to the Hung-Sakurai form [8] which is equivalent
to the standard model as far as the non-Higgs sector is
concerned.

In (2), we consider only the form factor operating
on the ferinion field vP, but not that operating on the
weak boson R'&, because the latter does not contribute
to the oblique corrections where the invariant mass of
the weak boson is much smaller than the compositeness
scale. The Lagrangian (2) preserves the electromagnetic
gauge symmetry, but not the full electroweak symmetry
SU(2)LI3U(l)&. There is no nontrivial way to incorpo-
rate a form factor operating on the matter field so that
it preserves the full gauge symmetry. Such a violation
of the gauge symmetry can be taken as a physical conse-
quence of compositeness of the fermions and jor the weak
bosons.

To derive the Feynman rule for the Lagrangian (2),
we expand the form factor X(—V ) in terms of the field

A". The term of the zeroth order in A" contributes the
factor X(—02) to the vertex. The term linear in A" gives
a vertex attached with an additional photon line with the
following factor in the momentum space:

V„(k, q) = —2X'(k )k„—X"(k ) q k„+ (k q)q„

——X"'(k')(k. q)'k„+ O(q ), (3)

A2 l" ". f' A'

a l ?'-'A a l

j=l
ieQ(B„A" + A"8„) 5 A2

X A' gA'+ 8') (4)

Therefore,

. ( A2
V„(k, q) = —)

eQ(2k„+ q„) ( A2

A2 (A2 —k2)

where the primes denote the derivatives of P(k2) with
respect to A:, and k„and q„are the momenta of the
photon and the initial fermion, respectively. Equation (3)
is derived as follows. Since the most general form factor
is a finite or an infinite linear combination of (1), it is
sufficient to prove (3) for the forin factor of the form (1).
Then

Then the first two coefficients in the expansion of V„(k, q) in q are calculated to be

2n
V„(k, q)l~=o

———,eQl, „, l kp = —2&'(k')k„,

0 |9
Vp(»q)l~=o =—

|9qP Bqg
(2gppkp + gppkp + gppkp)

kP krak„

n(n+ l)eQ f A'
A4 gA2 —k2)

8n(n+ 1)(n+ 2)eQ f A

3A6 I, A' —k')
= —X"(k )(2gpgk„+ g„pkg + g„gkp) ——X"'(k )kpkpk„.P P

This completes the proof of (3).
The self-energy parts II&&" of the W& (l = 1, 2, 3) and the mixing amplitude Ils& between Wg and A" arise from

the diagrams in Fig. 1, and are given by

o"" = —~
3Q

id4k „X'((k+ q)') „a'(k')
d'k „W((k + q)') „W(k') „QV"(k, q)

( )4
Tr 73'Y 'YL

~ ~
'Y

g
+ 2rs'Y

(8)

(9)

where the second term in the trace in Eq. (9) arises &om the second term in the A„expansion of X(—27 ) [Eq. (3)]. It
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is necessary to guarantee the electromagnetic gauge invariance. Owing to the fact that the form factors are suppressed
at high momenta, (8) and (9) are convergent integrals. The self-energy parts II,"" (i, j = 1, 2, 3, Q) are represented
by the form

II, " = g"—II; ~(q ) + (q~q" terms).

To extract the oblique correction parameters S, T, and U defined in Ref. [9], we perform Wick rotatiozz izz the
complex ko plane, and integrate them over three angular variables in the four-dimensional Euclidian k space. After
a lengthy calculation, we obtain the vacuum polarization amplitude II,~(0):

1
11„(0)=—

1
1133(0) =—

1II'„(0) =-
48m2

/ 1
Ilss(0) =-

96vr2

1
II'~(0) =—

&.'(-s)&~ (-s)
(1 + m2 /s) (1 + m~2/s)

'

( a'( —s) l f ~'(—s) l
ds

I

"
2 +

~
1 + m„/s) g

1 + m&/s
~

, ( d ~„'(-.) l f d ~; ( .) Ir-

(ds s+m2 ) ~ds a+m&)
~ d &2(—s)) (d Xq~( s)l—

2 + 2(ds s+ m2 ) (ds s+ m,')

) (s+ mz)s 3(s+ m2)

(12)

(13)

(14)

(15)

In Eqs. (11)—(15), we have assumed the following behaviors of the form factors for s -+ oo:

W;(s) ( 0(s ), —X;(s) ( 0(s ) . (i6)

Then the oblique correction parameters are given by the general expressions involving the arbitrary form factors:

167lsln Ogrcos HzvMz p 1+m~/s
&~ (—s)
1+ m„'/s

(17)

d X„'(—s) d X„'( s)—
6' 0 ds s+ m„ds s+ m&

where Q„= 2/3, Q~ = —1/3 for quarks, Q„= 0, Q~ = —1 for leptons, Ogr azzd Mz are the Weinberg angle and
the Z boson mass, respectively, and N, is the color factors (N, = 3 for quarks and N, = 1 for leptons). From
Eqs. (17) and (18), we can conclude that T ) 0, U ) 0 for the arbitrary form factors while S can be either positive
or negative. Equations (17), (18), and (19), however, involve the contributions from the corresponding part of the
ordinary radiative corrections in the standard model. After subtraction of them, T and U can be slightly negative.

III. SINGLE-POLE FORM FACTOR

As a simple example, let us see how the oblique correction parameters T, U, and S depend on the new physics scale
A for the case of the following covariant single-pole form factor

A2
X(—17)= V'+ A' (20)

We expand X(—17 ) in terms of the electromagnetic coupling constant e:
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X(—17 ) = ) ej iB"A„+iA„O"—eA„~

8'+ A' H+ A' " " 8'+ A'

A 2 1
2+ A2 PQ2+ A2

(8"A„+A„O") 2 2 + O(e")(n & 3) .g2+ A2 (21)

In Fig. 2, we illustrate the Feynman rules for each term in the form factor (21). Then the self-energy parts II&&

and II3 are given by the diagrams in Fig. 3. It is laborious but straightforward to calculate the oblique correction
parameters T, V, and S. We derive them in the Appendix. The analytic results are very complicated, as are given
by (All) —(A13) with (A14)—(A22).

To see the behavior of T, U, and S for large cutoff, we expand them in inverse powers of A; (i = u, d). Equation (All)
is expanded in terms of A, as

, 72 + 7& + 7 2 + O(A '),
87tsin Owcos ewMz-

(22)

where 72, 7O, and 7 2 are the O(A ), O(A ), and O(A ) contributions, respectively:

2A'„A', A„' (A„'+ A„')(A„' —8A„'A„'+ A„')

A„m„—3A„A~m„—3A„Aqm~ + Aqmq A~
(A' —A')' A„'

(5A„—22A Ad + 5A&)(m„+ m&) m4 —m&+ 2m„m& in(m&/m„)
6(A' —A'„)' 2(m' —m~2)

(23)

(24)

4 A„+ Ag 2(Aq —2A„Aq)
I

tC u% u QJ

+2 m„ ln(m„) —m&~ ln(mz~) 17m4 6m4 A2
(25)

The third term in 7o corresponds to the standard-model contribution, and should be subtracted to get the pure new-
physics contribution. The higher order terms of O(A ) (n ) 4) are negligiblly small because the masses of ordinary
fermions are very small compared with the new physics scales. If A„g Ad, 72 diverges quadratically with increasing
A;, while if A„= Ag, 72 vanishes. This realizes the general statement that the oblique correction parameter T vanishes
when the global isospin symmetry (custodial symmetry) holds [10]. The breaking of this symmetry is parametrized
by the diR'erence 6 = A„—A~ of the scales. We naturally expect that the symmetry is broken at the order of 6 = A~
(A~ is the weak interaction scale). If it is the case, its effects on T are well observable. Since the top quark mass mq
is large, we cannot ignore the higher order terms 7o and 7:2 of the top-bottom quark generation.

Equation (A12) is expanded in terms of A, as

U= ' Up+0 2+O(A )6m
(26)

where Uo and U 2 are the O(A ) and O(A ) contributions, respectively:

A~ —5A~A~ + 28A~A~ + 28A~A~ —5A„A~+ A~ A~ 48A~A

m-' md '
2A4 (A4 —5A2 A~2 + 16A4) A2 ) A~q(31A4 —8A2 Aq2 + A~~)

(A~ —A2) s A~2 A2 (A2 —A2q) 4

19
15

(27)

+ 2m~(u++ dj .2 (28}
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FIG. 1. (a) The self-energy diagram of W&" (l = 1, 2, 3), and
(b), (c) the mixing diagrams between Ws" and A". The blobs
indicate the general form factors. The solid, the dashed, and
the wavy lines indicate the fermion, the weak boson, and the
photon propagators, respectively. The diagram (c) guarantees
the electromagnetic gauge invariance.

FIG. 3. (a) The self-energy diagram of WP (I = 1, 2, 3),
and (b), (c) the mixing diagrams between Ws" and A" for the
case of the covariant single-pole form factor. The thick solid
lines indicate the single-pole form factors. The thin solid, the
dashed, and the wavy lines indicate the fermion, the weak
boson, and the photon propagators, respectively.

The fourth and fifth terms in Mo are the contributions
from the standard model, and should be subtracted to
get the pure new-physics contribution. If we send one of
A„and Ag to infinity, Mo diverges logarithmically. On
the other hand if A„= A~, Mo vanishes. Even though
the global isospin symmetry is broken, i.e., A„g Ag, U
is not so large, because U does not involve the terms of
O(A )

We also expand Eq. (A13) in terms of A, as

symmetry is broken, i.e. , A„P Ag, S is not so large, be-
cause S does not involve the terms of O(A2) as is the
case of U. Even if the global isospin symmetry of the
new physics scales holds, i.e. , A„= Ap, the value of S
does not vanish but becomes —8%,/457r which is inde-
pendent of the new physics scales, the fermion masses,
and the weak hypercharge.

S= ' 8, +8, +O(A ')
6m

(29) IV. S-T AND 8-U PLANE TRAJECTORIES

where 8o and 8 2 are the O(A ) and O(A 2) contribu-
tions, respectively:

A2 m2
o —————Yln 2 +1+Yln 2, 30

(m2 l (8 2 =2(l —Y) "ln " +2(l+Y) "ln
As

I A„) A~~ (Ag)
(64+ 45Y)m2 (64 —45Y)m~~+

where Y (= Q„+ Qg) is the weak hypercharge of the
lefthanded component of the fermion. The third and
fourth terms in So correspond to the standard-model
contribution, and should be subtracted to get the pure
new-physics contribution. Even though the global isospin

FIG. 2. The Feynman diagrams for each term in the covari-
ant single-pole form factor in Eq. (20). The thick solid lines
indicate the single-pole form factors. The thin solid and the
wavy lines indicate the fermion and the photon propagators,
respectively.

In Figs. 4 and 5, we plot the S-T and the S-U plane
trajectories of the form factor efFects for various values
of A = (A„+ Ag)/2 and b, = A„—Ad. The solid lines
denote the trajectories with A fixed, and the dashed lines
denote the trajectories with 4 fixed. In Figs. 4 and 5,
(a), (b), and (c) show those for a lepton doublet (v, -e,
v„-p, or v -~), a light quark doublet (u-d or c-s), and
the top-bottom quark doublet, respectively. In this cal-
culation, we used the value mq ——174 GeV for the mass of
the top quark [11].From these diagrams, we can see that
T increases rapidly with increasing ~A~, while S weakly
depends on 4 if A is small. For the top-bottom dou-
blet, the higher order terms 7o, 7 2, M 2, and 8 2 in
Eqs. (22), (26), and (29) also have sizable contributions.
Furthermore, T and U becomes asymmetric as a func-
tion of 4, and can be slightly negative, because the top
quark and the bottom quark have a large mass difFer-
ence [Fig. 4(c) and Fig. 5(c)]. On the other hand, for the
light-fermion doublets, T and U are almost symmetric in
A and positive definite [Figs. 4(a) and 4(b), Figs. 5(a)
and 5(b)]. Hence we can see that the effects of the
form factors to the oblique correction parameters become
sizable only when the new physics scales break global
isospin symmetry, i.e. , A~ g Ag. When b, = A„—Ag
is the order of weak interaction scale A~, the efFects of
form factor to T can be observed by experiment because
T = O(A2/Mz2) = O(A~/M&). Notice that T does not
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strongly depend on A as far as 4 is fixed. On the other
hand, it is difFicult to detect the efFects of form factor
on V and S unless A is as small as the weak interaction
scale.

Now we consider the total contributions &om all the
fermion doublets. In Fig. 6, we show its S-T plane trajec-
tories with varying L together with the phenomenologi-
cal bound on S and T given in Ref. [9] for the top quark
mass mq ——150 GeV and the Higgs scalar mass m~ ——1
TeV. The phenomenological bound is insensitive to mH.
The reason why we adopt mz ——150 GeV in drawing the
phenomenological bound is that it is about the safest

(a)
&, e, && p or &r ~, doublet

The phenomenological constraint onTABLE I.
A (= A„—Ag).

A 68% C.L. 90% C.L.
1 TeV —55 GeV& 4 & 76 GeV —77 GeV& 4 & 98 GeV

10 TeV —33 GeV& 4 & 36 GeV —66 GeV& 4 & 69 GeV

value within the experimental error of mq determined
&om the Collider Detector at Fermilab (CDF) experi-
ment [11]. Figures 6(a) and 6(b) represent the cases of
A = 1 TeV and A = 10 TeV, respectively. In Table I,
we show the phenornenological constraint on 4 read oK
from the diagrams in Fig. 6.

In general, the contributions of the form factors to the
oblique correction parameters depend on the functional

0-

O
II+=0.3TeV —0.3

0.01—

0.3
U 0-

&=10TeV
/ I

II . O
OO O I

0.1 0 -0.1
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0.3
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U 0-
0

I I I I I

—0.2 —0.18 —0.16 —0.14
S

—0.01—
ud or cs doublet

I I I I I I I I

I I I I

&=-0.3TeV
I I

tb doublet c

0.01—

—0.2 —0.15

I I I I I

tb doublet
(c)

+ =—0.3TeV

U 0-

0—

—0.2 -0.18 -0.16 -0.14
S

—0.01—

—0.2
0,1

—0.15

0.3

FIG. 4. The S-T plane trajectories of the form factor eff'ects
for various values of A = (A„+Ad)/2 and A = A„—Aq for each
fermion doublet: (a) a lepton doublet (v, -e, v„-p, or v 7), -

(b) a light quark doublet (u-d or c-s), and (c) the top-bottom
quark doublet. The solid lines denote the trajectories with A
6xed, and the dashed lines denote those with A fixed.

FIG. 5. The S-U plane trajectories of the form factor ef-
fects for various values of A = (A„+Aq)/2 and A = A„—As
for each fermion doublet: (a) a lepton doublet (v -e, v~-p,
or v -7 ), (b) a light quark doublet (u-d or c-s), and (c) the
top-bottom quark doublet.
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4

0-

2 4

4

A=1 TeV

90

& =-200-
GeV

-150—

-100—

- 200

— 150

(a)
oblique corrections on the compositeness scale, as far as
its scale is much larger than the weak interaction scale.

To summarize, we have considered the contributions of
the form factors to the oblique correction parameters T,
U, and S. The effects of the form factors to the oblique
correction parameter T become sizable when the new
physics scales A; (i = u, d) break global isospin sym-
metry. The effects, if they exist, are so large that they
might affect the present day experiments. We found that
4 = A —Ag should be restricted in the region given in
Table I. We expect that the compositeness, if any, might
disclose itself through the electroweak oblique corrections
in more accurate experiments in the future.

0—

&=10TeV

90

&=-200- 2pp
GeV

-150 -150

-100 -100

(b)

ACKNOWLEDGMENTS

We would like to thank Professor H. Terazawa and
M. Yasue for invaluable discussions and their kind hos-
pitality during our stay in Institute for Nuclear Study
(INS), University of Tokyo. Thanks are also due to the
members of the theory group of INS, for their kind hos-
pitality during our stay.

-2 —4

FIG. 6. The S-T plane trajectories of the form factor eft'ects
in total, and the phenomenological bound (the ellipses).

APPENDIX

form of the form factors X(—172). We have no way to
determine it except for that by high energy experiments
in the future. However the explicit form of P( 'D ) it-—
self is not important to determine the dependence of the

In this appendix, we give the detailed derivation of the
oblique correction parameters for the case of the single-
pole form factor. The self-energy parts II~&& and the mix-
ing amplitude II3 arise &om the diagrams in Fig. 3,
and are given by

(Al)

(A2)

(A3)

It is straightforward to obtain the following expressions for the oblique correction parameters per one isodoublet
fermion:

N 1
dx 2C„d (x) —C„„(x)—Cdd (x)

8msin O~cos 0~M&

U = ' dz 2D„d(x) —D„„(x)—Ddd(x)
7f p

N
tu(z) + ~d(Z) Qu Ju(z) + Qd Jd(z)

7t p

(A5)

(A6)

where



3902 KEIICHI AKAMA AND TAKASHI HATTORI

A4A,' (A2x + m2y) (m2x + A2y)

(A' —m')'(A' —m')' ' * ' (A'z+ A'y)(m'x+ m'y)

A4A4~y (A2x + A2y) (m2x + m y)
(A —m2) (A2 —m2)2 (A2x+ m-y)(m x+ A y)

(A,' —m, ,') (A,' —m,'. ) ] ] ]

zy, (A7)A2x+ A2y

(A8)

Asxy A2m. ;
(A2 —m2)4 (A2z+ m2y)(m2z+ A2y)

"(A* A2x + m2y (A9)

2A,'xy A4m,'
(A' —m')' (A'x+ m'y)'(m'x+ A'y)

A;xy m;; (1+2y)— m,'(A,' + m,') +2x —1
(A2z + m2y) (m2x + A2y)

(A10)

with y = 1 —z and i, j = u, d. Performing the integration with respect to the Feynman parameter x in the
Eqs. (A4) —(A6), we obtain the expressions

N
T1 (A„, Ad, mu, md) + T1(Ad, A„,md, m„) —T2(A„, Ad, m„, md) —T2(Ad, A„, md, m„)

87rsin O~cos20~M&2

(All)

N,
U = '

U1 (A„,Ad) —U1 (A„,md) —U1 (m„, Ad) + U1 (m„, md) + U2(A„, Ad, m„, md) + U2 (Ad, A„,md, m„)6'

+Us (Au, Ad, m„, md) + Us(Ad, A, md, m„) —U4(A„, Ad, m„, md) —Us (A„,m„) —Us (Ad, md) (A12)

N
~1(Aui mu) + ~1(Ad~ md) Qu~2(Au~ mu) + Qd~2(Ad~ md)

6m

where

A,'A4 A2
2 2

(A2 A2)2(A2 m2)(A2 m2) A2 A2 A2 m2 A2 m2

A A4m41n(m2)
+

(A. —m. )2(A —m. )2(m —m. )
' (A14)

T2(A;, A~, m, , m~) =
2

'
2

—(A; + 10A;m, +m;)+ ' '2 ' ' 1n
A2 —m2 A2 (A15)

A4A4

(A2 m2)2(A2 m2)2
(3~,2. —~,2. )~4

(p2 p2)3 (p2) (p2 p2)2

A4A4 A2 2
tc d 2 6A,'. A4

(A17)

A4A4 A2 —m2
U„iA, , A-, m, , m-~ = d (A18)



51 ELECTROWEAK OBLIQUE CORRECTIONS FROM QUARK-. . . 3903

2W4W4

(A2 A2)4(A2 2)(A2 2) ~ + j + ~ j
6A,'A,'(A,'+ A,') A,

'
p2 p2 A2

2

(Alo)

A; As —3A; m, —15A2m4 + m; m2 2(A; —7A; m; —2m4) 7m,™2(A2 m2)4 (A2 m2)s A2 (A2 m2)2 5A2

m4 7
5A4 15

(A2O)

S,(A, , m, ) =
A, m, )

A —3A m2 —15A m + m m 2(A; —7A2m —2m4) 7m2 m 7
(A2 m2)3 A2 (A2 m2)2 5A2 5A4

(A21)

(A2 m2)2 3(A2 m2)3 A2 (A2 m2)2 3A2 (A22)

Note that Eqs. (All) —(A13) involve the contributionst from the ordinary radiative corrections in the standard model.
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