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We present our best estimates of the uncertainties due to heavy particle threshold corrections on
the unification scale MU, intermediate scale MI, and coupling constant o.U in the minimal nonsuper-
symmetric SO(10) models. Using recent data from the CERN e+e collider LEP on sin eiv and
o.,t, „gto obtain the two-loop-level predictions for MU and o.U, we update the predictions for the
proton lifetime in minimal nonsupersymmetric SO(10) models.

PACS number(s): 12.10.Dm, 12.60.—i, 13.30.Ce, 14.20.Dh

I. INTRODUCTION

The hypothesis of a single unified gauge symmetry de-
scribing all forces and matter at very short distances is a
very attractive one from a practical as well as aesthetic
point of view. Right now there are several good reasons
to think that this gauge symmetry may indeed be SO(10)
[1]. The most compelling argument in favor of SO(10)
comes &om ways to explain [2] the observed deficit [3]
of the solar neutrino Aux compared to the predictions
[4] of the standard solar model in terms of a two-flavor
Mikheyev-Smirnov-Wolfenstein (MSW) [5] neutrino os-
cillation. Consistent understanding of the data from all
four experiments using the MSW oscillation hypothesis
requires the neutrino masses and mixings to lie in a very
narrow range of values. It was shown in a recent paper
[6] that the minimal SO(10) theory that implements the
seesaw mechanism [8] is a completely predictive theory
in the neutrino sector and predicts masses and mixings
between v, and v~ that are in this range. We wish to
note however that the MSW explanation is by no means
the only way to resolve the solar neutrino puzzle and also
the minimal SO(10) model predicts four sets [9] of val-
ues for neutrino masses and mixings, only one of which
[6] accommodates the MSW solution. Therefore, even
though there are good arguments for the SO(10) model,
it is by no means proven to be the only possibility. How-
ever, our strong belief in SO(10) is due to several other
attractive features of the model, such as fermion unifica-
tion into a single (16) representation, a simple picture of
baryogenesis [10], asymptotic parity conservation of all
interactions, etc. In view of these, we have undertaken a
detailed quantitative analysis of the symmetry-breaking
scales of this minimal model in order to pinpoint its pre-
dictions for the proton lifetime, especially the unertain-
ties in it arising &om unknown Higgs boson masses in
the theory.

Since we are going to discuss the minimal SO(10)
model, let us explain what we mean by the word "min-

imal. " It stands for the fact that (a) the Higgs sector
is chosen to consist of the smallest number of multiplets
of SO(10) than is required for symmetry breaking and
(b) only those fine-tunings of the parameters needed to
achieve the desired gauge hierarchy are imposed. The
above Axes the order of magnitude of the Higgs boson
masses of the model. Of course, we cannot determine
the Higgs boson masses precisely and this will be the
source of the uncertainty in our predictions for the pro-
ton lifetime. In order to estimate this uncertainty, we
will consider the range of Higgs boson masses between
M/10 to 10M, where M stands for the relevant gauge
symmetry-breaking scale.

Before we proceed further, we wish to make the follow-
ing important remark about the minimal SO(10) model.
For a long time it was thought that this model cannot be
realistic since it predicts [ll] the relations among fermion
masses such as m, = m~ and mg ——m at the grand uni-
fied theory (GUT) scale M~, which, after extrapolation
to the weak scale, are in complete disagreement with ex-
periment. However, it was shown in Ref. [6] that in the
minimal SO(10) models where the small neutrino masses
arise from the seesaw mechanism [8], there are additional
contributions to charged fermion masses that solve this
problem. They arise from the fact that the (2,2,15) sub-
multiplet of the (126)-dimensional Higgs multiplet used
in implementing the seesaw mechanism automatically ac-
quires an induced vacuum expectation value (VEV) [7]
without additional Gne-tuning. These additional contri-
butions correct the above mass relations in such a way as
to restore agreement with observations. The same theory,
as mentioned above, also predicts interesting values for
neutrino masses and mixings making the minimal SO(10)
models not only completely realistic but also testable by
neutrino oscillation experiments to be carried out soon.

Next, let us mention a word on our choice of the non-
supersymmetric version of the model. While the ques-
tion of gauge hierarchy certainly prefers a supersymmet-
ric (SUSY) SO(10) model, in the absence of any evidence

0556-2821/95/51(1)/229(7)/$06. 00 51 229 1995 The American Physical Society



230 LEE, MOHAPATRA, PARIDA, AND RANI

of supersymmetry at low energies as well as for the sake
of simplicity alone, we believe that minimal non-SUSY
SO(10) should be thoroughly explored and confronted
with experiments.

Another interesting point that needs to be emphasized
is that for the minimal set of Higgs multiplets, SO(10)
automatically breaks to the standard model via only
one intermediate stage, that consists of the left-right-
symmetric gauge group with or without the parity sym-
metry [12], depending on the Higgs multiplet chosen to
break SO(10). This discrete Z2 symmetry is denoted by
the symbol D in what follows. This leads to the following
four possibilities for the intermediate gauge symmetry:

(I) G224D = SU(2)z x SU(2)z x SU(4)~ x D,
(II) G224 = SU(2)~ x SU(2)~ x SU(4)~,
(III) G22isii =—SU(2)z x SU(2)~ x U(1)z

xSU(3)z x D,
(IV) G22]3: SU(2)~ x SU(2)~ x U(1)~

x SU(3)~.
Case I arises if the Higgs multiplet used to break is a
single (54}-dimensional one [13]. Cases II and III arise
if a single (210}-Higgs multiplet is used. Depending on
the range of the parameters in the Higgs potential, ei-
ther case II or case III arises as the intermediate symme-
try [14]. Case IV arises when one uses a combination of
(45}- and (54}-dimensional Higgs multiplets [15]. Note
that both these representations are required to obtain
this symmetry-breaking chain and therefore satisfy the
criterion of minimality that we adopt. The rest of the
symmetry breaking is implemented by a single (126}-
dimensional representation to break SU(2)Rx U(1)ii
as well as to understand neutrino masses and a single
complex (10} to break the electroweak SU(2)r, x U(1)y
down to U(1), . These four cases therefore represent the
four simplest and completely realistic minimal SO(10)
models. In the rest of the paper, we present calculations
of the predictions for a proton lifetime (r„)in these mod-
els as well as the uncertainties in these predictions due
to unknown Higgs masses and the uncertainties in the
low-energy input parameters, in order to see if the next
round of proton decay search at Super-Kamiokande (SK)
[16] can test this model.

II. COMPUTATION OF THE THRESHOLD
UNCERTAINTIES IN Mv AND M

The two main equations in our discussion are (i) the
two-loop renormalization group equation for the evolu-
tion of the gauge couplings, i.e. ,

du, a, 2 b~= —n;+ CI CI~
dt 2' '

. Sm2
2

and (ii) the matching formula at the mass scale where
the low-energy symmetry group enlarges [17],

n, (Ms) nr(Ms)
(2)

In Eqs. (1) and (2), n; is the "fine-structure" constant
corresponding to the gauge group G; and

Pl Tr gv2 + Tr gH2l
I (3)

where 0, is the generator of the gauge group G; in the
representation of the Higgs submultiplet H. The expres-
sions for a,. and b;~ for the four cases are given in Table
I [18, 19]. In deriving the values of a, and b,z in various
cases as well as to obtain the threshold corrections A, ,
we need to know the order of magnitude of the masses of
the various Higgs submultiplets in the models. We obtain
these by invoking the survival hypothesis for the Higgs
multiplets as dictated by the minimal fine-tuning condi-
tion for gauge symmetry breaking [20]. Using this hy-
pothesis, in Tables II(a)—II(d), we list the various Higgs
multiplets whose masses are near the relevant symmetry
scales along with their contributions to A, . The omitted
fields from each multiplet are the ones that become lon-
gitudinal modes of' the gauge bosons and therefore do not
contribute to the threshold uncertainties discussed here.

We proceed as follows: first, using the two-loop equa-
tion, we derive the mean values for the mass scales in
various cases. These results already exist in the liter-
ature [18, 19, 21, 22] based on the earlier results from
the CERN e+e collider LEP. In Table III, we have pre-
sented their values from Ref. [22], mhich uses the inputs
o.i(Mz) = 0.016887+ 0.000040; a2(Mz) = 0.03322+
0.00025; ns(Mz) = 0.120+0.007, for further use in cal-
cuating 7„.These values of M~ and My were obtained
using analytic integration of Eq. (1) which has been done
exactly for case I. For cases II, III, and IV, we have used
the results of Ref. [22], which ignores terms whose effect
in the Anal result of the renormalization group equation
is smaller than the error coming from low-energy LEP
data by a factor of 10 or more. We have also checked
that inputing the most recent LEP data [23] gives results
for the mass scales which are within the level of accuracy
of our calculations. For instance, for MU the changes are10,10 10 ', and 10 for cases I, II, III, and
IV, respectively. Then, we estimate the uncertainties in
My and MU due to both the experimental uncertainties
in the low-energy parameters o.„sin0~ and o. as well
as the unknown Higgs boson masses. For the cases II and
IV, these mere discussed in Ref. [24] although we refine
these uncertainties somewhat, but the threshold uncer-
tainties for cases I and III are new. These uncertainties

TABLE I.
I—IV.

Model

I
II
III
IV

One- and two-loop P-function coefficients for the intermediate symmetries for models

a;
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TABLE II. (a) The heavy Higgs content of model I. The G224 submultiplets in (a)-(1) acquire
masses when SO(10) is broken, while the G123 submultiplets in (a)-(2) become massive when G224D
is broken. The multiplets Q, R, , and L; in (a)-(2) arise from p(2, 2,0) in (10), from b, R(1,3,10),
and EL(3,1,10) in (126), respectively. Also listed, in the extreme right column of the tables, are
the threshold contributions A, of the different multiplets. (b) The heavy Higgs particles in model
II whose intermediate symmetry is Gz&4. The particles whose masses are on the order of MU are
listed in (b)-(1), and the particles on the order of M1 are listed in (b)-(2). Also listed are their
threshold contributions. (c) All the heavy Higgs particles in model III whose intermediate symmetry
is G2213D ~ The submultiplets with masses of order Mz are presented in (c)-(l), and the particles
with masses of order M1 are listed in (c)-(2). The entries in the extreme right column denote
their threshold contributions. (d) All the heavy Higgs particles in model IV whose intermediate
symmetry is G2213. The submultiplets with masses of order Mz are presented in (d.)-(1), and the
particles with masses of order M1 are listed in (d)-(2). The entries in the far right column give
their A, contributions.

SO(10) representation

10
126

54

SO(10) representation

10

SO(10) representation

10
126

210

G2q4 submultiplet

(a)-(1)
H(1,1,6)
(o(2,2,15)
S(1,1,6)

Sn (3,3,1)
Sq(1,1,20 )
S+(1,1,1)

G g 23 submultiplet

(a)-(2)

R1(—2~,1,1)
R2(+-', ~,1,3)

R3(+ 3 ~3,1,6)

L1(+~,3,1)
I2(+,' ~3,3,3)
L3(—-' ~3,3,6)

G2q4 submultiplet

(b)-(1)

H(1,1,6)
q. (2,2,15)
S(1,1,6)

b.L(3,1,10)
ZL (3,1,15)
ZR(1,3,15)
(,(2,2,10)
(2(2,2,10)
$3(1,1,15)
S (l,l, l)

(&2L»2R»4C)

(o, o, 2)
(30,30,32)
( 0, 0, 2)
{6, 6, 0)
( 0, 0, 8)
{0, 0, 0)

(&1V»2L,&3C}

(—,1, 0)

(—", , o, o)

(—2, 0, 1)

(18 4 0)
{3,12, 3)

(—',24, 15)

(&2L»2R»4C)

( 0, 0, 2)
(3O,3O,32)
( 0, 0, 2}
(40, 0,18)
(3o, o,12)
( o,3o,12)
(10,10,12)
(10,10,12)
(o, o, 4)
( o, o, o)

G$23 submultiplet

(b)-(2)

p, R1, R2, R3, R4, R3, Rs in Table II(a)-(2)

SO(10) representation

10

G22 $3 sub multip let
(c)-(1)

T1 (1,1,+ 3 ~2, 3)

U U U U
(~2L)~2R»13C &~3C)

( 0, 0, 1, 1)
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TABLE II. ( Continued) .

SO(10) representation G22q3 submultiplet (&2I,»sR»ix»so}

126

210

T2(l, l, —
s ~, 3)

HgR(1, 3,+ s ~, 6)

H21. (3,1,+-,' ~, 3)

Hs(2, 2,+-', ~2 3)

Hs(2, 2,0,8)
Hg(2, 2,0,1)

H, (1,1,+-,' ~, 3)

Br.g (3,1,0,8)
BR,(1,3,0,8)

BL,2(3,1,—2 ~, 3)

Bl.s(3,1,+-,' ~2, 3)

Bns(1,3,+ 2 ~s, 3)
BI,4(3,1,0,1)
B~4(1,3,0,1)

Bs(2,2,+-,' + 6)

Bs(2,2,+-,' ~,3)

Bgo(2,2,+~s, 1)
Bgg(1,1,0,8)
B (1,1,o,1)
B+(1,1,0,1)

(0, 0, 1, 1)
( 0,24, 6,15)
{24, 0, 6,15)
(O, 4, 3, 3)
(4, O, 3, 3)
(6, 6,16, 4)

( 6, 6,16, 4)
(16,16, 0,24)
(2, 2, o, o)
(0, 0, 1, 1)
(0, 0, 1, 1)
(16, 0, 0, 9)
( 0,16, 0, 9)
(6, o, 6, -', )
( o, 6, 6, —',)
(6, 0, 6,-)
{o, 6, 6, -', )
( 2, 0, 0, 0)
(o, 2, o, o}
(6, 6, 410)
{6,6, 410)
( 3, 3, 2, 2}
( 3, 3, 2, 2)
(1, 1, 6, O)

(1, 1, 6, 0)
( 0, 0, 0, 3)
(o, o, o, o)
( 0, 0, 0, 0)

G$ Q3 submultiplet

(c)-(2)
P, Rq, Lq in Table II(a)-(2)

SO(10) representation

10
126

G22qq submultiplet

(~)-(I)
Tly T2

All H's in Table II(c)-(1)
Ha (3,1,~s,1)

Sy (1,1,0,8)
S2(3,1,0,1)
S,(1,3,O, 1)
S (1,1,0,1)

(A»», , A

{4,o, 9, o)
{o,o, o, 3)
{2,0, 0, 0)
(o, 2, o, o)
( 0, 0, 0, 0)

G] 23 submultiplet

(~)-(2)
P, Bq in Table II(a)-(2)
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Model

I
II
III
IV

M, (GeV)
1pl3.64

1010.70

1010.16

109.08

M~ (GeV)
1015.02+0.25

1016.26+0.25

1015.55+0.20

+0.23
1p16.42 0 22

—1

40.76 +0.16
46.35 + '

—0.22
43.86 +0.18

46 12 + . 5
—0.16

TABLE III. The values of MU, MI, and o.U obtained by
solving the two-loop renormalization group equation, Eq. (1)
for models I—IV. The results were taken from Ref. [22].

Model IV:

Aln(M~/Mz) = +0.124 138qip —0.082 758 6rti2s

+0.006 896 55g45 —0.062 069g4,

+0.220 69g~g —0.193 103gH

Aln(M~/Mz) = —0.078 160 9rIio —0.170 115ili2Q
—0.041 379 3g45 + 0.039 080 5gy

+0.009 1954@~i + 0.15862liIH~. (4d)

Aln(Mc /Mz) = Orhp + Oili2s + Orls4

+Op@ + 0.431 818gR —0.454 545gL„

Aln(MU'/Mz) = —0.04ilip —0.08rh2s —0 04ils4

+0.02gy —0.106 818gR + 0.194 545gI. .

(4a)

Model II:

Aln(Mc/Mz) = +0.051 8135rlio + 0.103 627rli2s
+0.051 8135g2yp —0.025 906 7gy

+1.129 53'~ —1.295 34'~~,

Aln(M~/Mz) = —0.062 176 2ilio 0.124 352rjizs
—0.062 176 2g2yp + 0.031 088 lpga
—0.405 44gR + 0.554 404'~ (4b)

Model III:

b, ln(MR+ /Mz) = +0.095 238 lilip —0.095 238 lili2s

+Or/2yp —0.047 619gy + 0.190476'~~
—0.142 857gL, g,

Eln(M~/Mz) = —0.054 421 8rlip —0.159 864ili2s
—0.035 714 3g2yp + 0.027 210 9gy
+0.034 0136gRg + 0.117347gr. g. (4c)

are presented in Table IV. We have allowed the Higgs
masses to be between 1/10 and 10 times the scale of the
relevant symmetry breaking .

The formulas for the threshold eAect on the mass scales
MI and MU, which were used to obtain Table IV, are
given below for each symmetry-breaking chain. We have
defined il, = 1n(MH, /M), where M is the relevant gauge
symmetry-breaking scale near M~,

Model I:

In obtaining the above equations, we have assumed
that the particles from a single SO(10) representation
which have masses of the same order are degenerate.
This is the same assumption as in Ref. [24]. Since we
are interested in estimating the maximum and minimum
values of the uncertainties, we believe that this is not too
unreasonable an assumption to make. Before proceed-
ing to give our predictions for the proton lifetime, a few
comments are in order.

(a) We want to clarify how we get the uncertainties
presented in Table IV. First, as already mentioned, we
chose MH/MI or M~/M Uto vary between 10 and
10+ . The maximum values of the uncertainties are ob-
tained by allowing the diferent g's to vary independently
to their extreme values that lead to the largest positive
or negative uncertainty. The only exception to this are
the two parameters g~~ and gH, which are always kept
negative. (See below. ) Second, in chains I and III we do
not assume that the left- and right-handed. Higgs submul-
tiplets have the same mass (that would lead to ql, = FAIR).

The reason is that since the masses are close to the in-
termediate scale, where left-right symmetry is broken,
the multiplets need not necessarily be degenerate. If we
assumed the degeneracy, there would be a cancellation
between the gl. and gR terms reducing the threshold un-
certainties [25]; the uncertainties we present in Table IV
are, therefore, rather conservative.

(b) In cases II and IV, since D parity is broken at
the GUT scale, the masses of El, in Table II(b)-(l) and
H~ in Table II(d)-(1) are always above the scale MI,
but below MU [24]. Although a priori M~ could be
bigger than MU, we have kept it smaller in presenting
the uncertainty in w„. Therefore, g~~ and g~~ in Eqs.
(4b) and (4d) are always negative, since we use M = MU
to de6ne them. In any case, from an experimental point;
of view, the upper value of the uncertainty is not too
relevant and making M~~ bigger than MU simply adds
to the upper value of the uncertainty.

TABLE IV. The threshold uncertainties due to the difFerence between the symmetry-breaking
scale and masses of Higgs bosons on the order of that scale. For the cases where threshold efFects
in MI and MU are maximized, corresponding threshold uncertainties are given in the 6rst two lines
and the last two lines, respectively.

Threshold uncertainty

MI /Mr

Mp/M~
MI/MI
M~/MU

Model I

10+0.886

10+0.481

10+0.886

1p+0.481

Model II
+2.668

1 P —0.067
+O. 131

10—1.240
+2.668

10 0.067
+O. 13110-1.24o

Model III

10+0.571

10+0.031

10+0.000

10+0.429

Model IV
+0.690

10 0 303
—0.138

10—o.179
+0.303

10+o.o83
+O. 179

10 —0.497
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(c) The first set of entries in Table IV is obtained by
maximizing the uncertainty in Ml whereas the second
set is obtained by doing the same for M~.

(d) Note that, in case I, the intermediate mass scale
MI and. the uniBcation scale MU are so close that one
might think of this as an almost single step breaking.
This is similar to the D-parity broken scenario (case II)
recently discussed in Ref. [26]. For the proton lifetime
estimate, this is inconsequential.

Model I:
y 44 & y p 32.1+0.7+1.0+1.S

+p—+e+~0—
Model II:

]..44 X yp37. 4+0.7+1.0+5 0

Model III:
p34. 2+0.7+0.8+1.7

Model IV:

44 y p37.7+0.7+0.9

III. PREDICTIONS FOH THE PB.OTON
LIFETIME

Now, we present our predictions for the proton lifetime
in the four SO(10) models I—IV. For this purpose, we need
the values of Mir and nU and remember that in SO(10)
there are extra gauge bosons contributing to proton de-
cay compared to the SU(5) model. We use the following
formula &om the review by Langacker [27], where the
original literature can be found. We write

7p T Fp7(0)

where Fp denotes the uncertainty arising from threshold
corrections as well as the experimental errors in o.„o.
and sin giv. From Ref. [27], we get, for 7„~ 2 (0)

sUlsl

p~e+ m 8 S(10)n~ )
4

q2. 1 x 10'4 GeV)

Including the Fp factors, we present below the pre-
dictions for the proton lifetime in SO(10) (noting that
o.& n& ). The first uncertainty in the predic-SU(5) SO(10}

tions below arises from the proton decay matrix element
evaluation which is included in ~„,whereas the second
and the third ones come from I EP data and threshold
corrections, respectively [28].

IV. CONCLUSION

We have computed the threshold uncertainties in both
the intermediate and the unification scales for all four
possible minimal nonsupersyrnmetric SO(10) models I—
IV. We then update the predictions for the proton life-
time in all these cases including the most conservative
estimates for the threshold uncertainties in them. We
see that for case I, 7„is very much within the range
of the Super-Kamiokande search even without thresh-
old corrections. This is the most useful new result of
the paper not discussed in the paper [24] on the subject.
For cases II and III, the threshold uncertainties have the
efFect of bringing the proton lifetime within the range
of the SK search. In our discussions, we have worked
within the &amework of a renormalizable Beld theory
and have therefore not included the effects of any higher-
dimensional nonrenormalizable terms. Their presence
will of course add uncertainties by changing the inter-
mediate scales and GUT scales, etc. ; but, our philosophy
in this paper is to stay strictly within a renormalizable
model as was for instance done in the case of the conven-
tional SU(5) model.
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