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We study the interactions of quarks and antiquarks with the changing Higgs field during the
electroweak phase transition, including quantum mechanical and some thermal effects, with the
only source of CP violation being the known CKM phase. We show that the GIM cancellation,
which has been commonly thought to imply a prediction which is at least 10 orders of magnitude
too small, can be evaded in certain kinematic regimes, for instance, when the strange quark is
totally reflected but the down quark is not. We report on a quantitative calculation of the asym-
metry in a one-dimensional approximation based on the present understanding of the physics of
the high-temperature environment, but with some aspects of the problem oversimplified. The re-
sulting prediction for the magnitude and sign of the present baryonic asymmetry of the Universe
agrees with the observed value, with moderately optimistic assumptions about the dynamics of the
phase transition. Both magnitude and sign of the asymmetry have an intricate dependence on quark
masses and mixings, so that quantitative agreement between prediction and observation would be
highly nontrivial. At present uncertainties related to the dynamics of the EW phase transition and
the oversimplifications of our treatment are too great to decide whether or not this is the correct
explanation for the presence of remnant matter in our Universe; however, the present work makes
it clear that the minimal standard model cannot be discounted as a contender for explaining this
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phenomenon.
PACS number(s): 98.80.Cq, 12.15.Ji

I. INTRODUCTION

The nonzero ratio of baryon number to entropy,
ng/s ~ (4 — 6) x 107!, is an important challenge to
particle theory. Many possible mechanisms have been
advanced to explain it [1-6] (for reviews and references
to more recent work see, e.g., Refs. [7-13]). The standard
electroweak theory contains in principle all the elements
necessary [1] for generation of the baryonic asymmetry
of the Universe (BAU). (1) C and CP violations, in the
fundamental gauge and Higgs interactions of the quarks;
(2) anomalous electroweak baryon number violation?! [14,
15]; (3) a departure from thermal equilibrium, assuming
the cosmological SU(2)xU(1) phase transition [19, 20] is
first order.

However, conventional wisdom holds that the minimal
standard model (MSM) cannot by itself cause the ob-
served baryonic asymmetry of the Universe. The most
important reason is that the CP violation present in

*On leave of absence from Institute for Nuclear Research of
Russian Academy of Sciences, Moscow 117312, Russia.

'It was shown in Ref. [16] (for earlier discussion see [17, 6,
18]) that although anomalous B violation is negligible at zero
temperature, it is enormously enhanced at high temperature,
so that it can be large enough that the baryonic asymmetry of
the Universe may have been produced during the electroweak
phase transition.
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the MSM to account for the observed C'P violation in
kaon decays is commonly believed to be inadequate, by
10-12 orders of magnitude or more, to explain the ob-
served ~ 10711-10710 level of the asymmetry. The sec-
ond reason is that such a large asymmetry can only be
generated in a strongly first order phase transition, and
the Higgs sector of the MSM may not produce a suffi-
ciently strong phase transition. In particular, the rate
of sphaleron transitions after the phase transition must
be small enough not to wash out the asymmetry, so the
mass of the W just after the phase transition must not
be too small [21]. Using the one-loop high temperature
effective potential together with the one-loop sphaleron
rate results in the upper bound on the Higgs boson mass
in the MSM: Mgt = 45 GeV [22, 23], which is in con-
tradiction with the experimental lower bound reached at
the CERN eTe™ collider LEP:2 My > 60 GeV.

For these reasons, people have considered extensions of
the standard model in a search for a mechanism for elec-
troweak baryogenesis [16, 25-34]. Variants of the elec-
troweak theory contain more free parameters than the
MSM alone, allowing the introduction of an extra source
of CP violation and allowing the upper bound on the
Higgs boson mass to be relaxed [35-39]. The general con-

2For the current best limit from all four experiments, see
[24].
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clusion is quite optimistic: the baryon asymmetry of the
Universe can plausibly be a natural consequence of sev-
eral extended versions of the standard model, provided
the electroweak phase transition is sufficiently strongly
first order® and the additional source of CP violation is
strong enough. In these “scenarios,” however, the mag-
nitude and sign of the asymmetry cannot be predicted;
instead, the observed BAU must be used to constrain the
parameters of the extended theory.

We shall demonstrate in this paper that, contrary to
popular belief, known MSM physics alone may in fact
be responsible for the production of the baryonic asym-
metry, with no new source of CP violation required, as
long as the usual requirement of a sufficiently strongly
first order phase transition is met.* We make a detailed
calculation of the asymmetry which is produced when
the quarks and antiquarks, treated as quasiparticle exci-
tations of the plasma (whose dispersion relation we ob-
tain using one-loop high temperature perturbation the-
ory) are quantum-mechanically reflected from the bar-
rier presented to them by the interface between the re-
gions of small and large Higgs VEV. We simplify the
problem in several important respects, neglecting inco-
herent scattering of the quasiparticles and considering
only one-dimensional scattering. Since the results can be
consistent with observation in sign and magnitude, our
simplified treatment provides the necessary incentive to
investigate MSM production of the BAU with a more re-
alistic treatment. It also provides insight into the most
important and problematic aspects of the physics, and
thus can be of guidance in future work.

The bulk of this paper is devoted to elucidating the
essential aspects of the physics involved in production
of the BAU in the minimal standard model, developing
necessary theoretical machinery for solving the problem,
and presenting the quantitative results of a fairly realistic
but nonetheless oversimplified calculation.

3 All present models of electroweak baryogenesis depend on
two essential aspects of the strength of the phase transition
which are in principle independent, but which for simplicity
we lump together when speaking of a requirement that the
phase transition be strong enough: the vacuum expectation
value (VEV) after the transition must be large enough that
sphaleron transitions in the broken phase are turned off, and
the bubbles of low temperature phase which expand to fill
the Universe must not be too flimsy or slow moving. The
first condition is the one which is better understood, so that
it is normally the one whose constraint is given quantitatively.

“Whether or not the minimal standard model with a single
Higgs boson produces a sufficiently strongly first order phase
transition is a separate question from whether the MSM CP
violation in the CKM matrix is sufficiently large. In fact, it
is still an open question, since the uncertainties in the upper
bound on the Higgs boson mass are rather large. Although
the one loop calculation gives Mt = 45 GeV, taking into
account Debye screening effects reduces the critical mass to
M = 35 GeV [40, 41]. The two-loop corrections increase
the latter number by about 5 GeV [42, 43|, while nonpertur-
bative effects may change it up to M ~ 100 GeV [44].

The plan of the paper is as follows. We begin with a
section describing C'P violation in the MSM and the ar-
gument leading to the conventional wisdom on the small-
ness of MSM CP violation. We discuss CP violation in
the K° system, which is known to be ~ 1073, in order to
understand how the physics of the MSM may lead to C
and CP violation at the level required for the production
of the observed BAU. This allows us to identify aspects
of the physics which must be treated adequately if we are
to avoid missing the effect in cosmology.

In Sec. III we give an overview of the various dynami-
cal mechanisms for electroweak baryogenesis which have
been discussed in the literature, and describe the mech-
anism [32, 33, 45] which we quantitatively investigate in
the latter portion of this paper. In this mechanism, the
C P-violating scattering of thermal quarks from the bub-
ble wall of the expanding Higgs VEV produces a baryonic
current flowing from the unbroken to the broken phase.
In Sec. IV we make a rough estimate of the size of the
baryonic current which might be anticipated from this
process, when the important region of phase space is not
overlooked. The quantitative calculation of the current
is deferred to the latter portion of the paper.

Given a nonzero current of baryon number produced by
some process involving the bubble wall, we must estimate
the ratio np/s which remains after the phase transition
is complete, produced on account of sphaleron processes
which diminish the antibaryon excess in the unbroken
phase. We cannot give a firm estimate of this ratio as
a function of the sphaleron rate in the unbroken phase,
since it also depends on the nature of the bubble wall.
However we can obtain a conservative estimate of the
magnitude of ng/s by considering the case that the bub-
ble wall does not disequilibrate the medium as it passes,
i.e., in quasistatic approximation. This analysis is pre-
sented in Sec. V. Presumably improvements on the qua-
sistatic approximation will only increase the magnitude
of ng/s.

Interactions of the fermions with the gauge and Higgs
fields of the high temperature plasma are crucial to the
existence of nontrivial C P violation, as explained in Sec.
II. Moreover they are quantitatively important in other
regards. Thus we present in Sec. VI a discussion of the
properties of quark excitations in the thermal plasma.

While the discussion in the first part of the paper is
rather general, independent of the precise source of the
baryonic current, in order to make a quantitative predic-
tion of the asymmetry we must adopt a particular mech-
anism for its production. The formalism which we have
developed in order to calculate the asymmetry in the re-
flection probabilities of quarks and antiquarks scattering
from the domain wall, is given in Sec. VII and the Ap-
pendixes. Using this formalism, Sec. VIII is devoted
to obtaining analytic results under various simplifying
assumptions. The analytic expression presented here is
helpful for understanding how the Glashow-Ihopoulos-
Maiani (GIM) mechanism can be evaded, and explaining
the final dependence on quark Yukawa couplings. How-
ever in order to do a calculation with sufficient accuracy
to address the question of the sign of the result, we must
do an exact numerical calculation. The results of this
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are given in Sec. IX. We explore in some detail how the
asymmetry depends on quark masses and mixings.

Having determined the asymmetry in the reflection
probabilities, we then combine it with the estimates of
the sphaleron conversion efficiency and the asymmetry
in the fluxes, obtained in earlier sections, and give in
Sec. X our final estimate for n,/s. We review and elabo-
rate on the uncertainties and inadequacies of the present
calculation. The last section is the Conclusion, where we
summarize the present situation, describe the problems
which must be solved, and mention some consequences.

The main ideas of the paper can be understood by
reading Secs. II-IV, IX, X, and the Conclusion, although
Sec. V is important in that it shows how the final pre-
diction is connected to the kinetics and dynamics near
the bubble wall, and Sec. VI will aid in comprehending
some of the unusual properties of the thermal excitations
which are the actual eigenstates of the scattering prob-
lem. Many readers will also want to study the analytic
formula derived in Sec. VIII in thin wall, small p/w ap-
proximation, working to lowest nonvanishing order in the
mixing angles, in order to understand the dependence on
quark masses of the final asymmetry. Other sections and
the Appendixes are intended for readers wanting to un-
derstand the details as well as the general ideas.

A brief description this work has been published in
Ref. [46]. The present version of this paper corrects
some typographical errors in the original version and has
been somewhat reorganized (e.g., moving more to the
Appendixes) and elaborated (especially the section on
analytic results) in order to make it more readily un-
derstandable. In addition we include two effects which
were previously neglected: L — R mixing due to QCD
sphalerons, and a diminution of the electroweak gauge
and Higgs effects in the broken phase due to mass correc-
tions in the one-loop approximation to the quasiparticle
propagator. The results and conclusion are not signifi-
cantly modified; the discussion of the various uncertain-
ties is more complete and quantitative.

II. CP VIOLATION IN THE STANDARD MODEL

In the minimal standard model, CP violation occurs
because of relative phases between the electroweak gauge

dcp = sin(0;2) sin(f23) sin(6,3) sin écp(m? — m‘z:)(m

vanishes, C P violation vanishes. The basis-invariant for-
mulation of this statement can be found in Ref. [49].
Furthermore, it is essential for baryogenesis that not only
CP but also C be violated. Because of the chiral nature
of the SU(2) gauge interaction, left and right chiralities
of quarks have different interactions, so that Lysy has
both C-even and C-odd pieces.

The above remarks make it evident that in order for
MSM processes to produce a baryon asymmetry, all 3
quark generations, as well as dynamics which distin-
guishes between chiralities and which involve quark in-

interactions and the Higgs interactions of the quarks. As
shown by Kobayashi and Maskawa [47], if there are at
least three generations of quarks, there can be a phys-
ically meaningful phase which leads to observable CP-
violating effects. The part of the MSM Lagrangian which
involves quarks is

L=Lc+Ly. (2.1)
In the “gauge” basis
Le =QrPQr +UrPUg + Dr DD (2.2)

and

gW - .. .. . - . .. .~
Ly = * K" M?’ D%, 6+Q% M'Ugp¢p+H.c.},
Y ﬁMW{QL 3 Dro+Q1L RO c.}

(2.3)

where D is the appropriate covariant derivative, Q) are
the left-handed quark doublets (z is the generation in-
dex), U, and D% are the right-handed quarks with elec-
tric charges % and —%, respectively, K is the Cabibbo-
Kobayashi-Maskawa (CKM) matrix, M, and M, are the
diagonal mass matrices of the quarks, and ¢; = eijqﬁ;'-. In
this basis, the Lagrangian has been written in terms of
the fields which are eigenstates of the SU(2); gauge in-
teractions, and the CP violation is contained in a phase
in the matrix K, relating the gauge eigenstates to the
mass eigenstates. When a specific parametrization of the
CKM matrix is required, we adopt that of the Parti-
cle Data Group [48]. Note that by redefining the basis,
any one of the three types of fermionic interactions, with
charged or neutral Higgs bosons, or gauge bosons, can be
made purely real. This means that in order for a process
in the minimal standard model to violate CP, it must
involve in an essential way two or more of these interac-
tions.

If either mass matrix My or M, has two or more de-
generate elements, or if one or more of the mixing angles
in the CKM matrix vanishes, then with a physically un-
observable change of phases of the quark fields, the CKM
matrix can be made purely real and there is no CP vio-
lation. Thus if the combination

¢ —ma)(mp — m)(mf —m@)(my —m3)  (2.4)

teractions with both neutral and charged bosons,® must
play a significant role. In the next section we will de-
scribe how both these elements are incorporated in the
mechanism we investigate.

The “conventional wisdom,” that CP violation origi-
nating from the KM phase is too small to be relevant to

5Le., not only the Higgs VEV but also W* or charged com-
ponents of the Higgs field.
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the observed baryonic asymmetry, results from arguing®
that the only natural scale for the baryogenesis problem
is the temperature of the electroweak phase transition,
T ~ 100 GeV. One might think that at this temperature
the Yukawa interaction can be treated as a perturbation,
because quark masses are small compared with the tem-
perature. Then, since the baryon asymmetry is a dimen-
sionless nuniber, the quantity (2.4) should be divided by
something with the dimension of (mass)!?. The natural
mass parameter at high temperatures seems to be the
temperature itself, so that the asymmetry is argued to
be at most

np . _dop

~ 10-20
s ~ _e'f;i'ﬁ 10 .

(2.5)

This reasoning has been widely accepted, but, as has
been the case with many “no-go” theorems, proves not
to be watertight when examined carefully.”

In order to reveal one important point of weakness in
the above argument, it is instructive to consider C'P vio-
lation in the K system. Here the C P-violating param-
eter is known to be quite large, € = 2 x 10~3. By anal-
ogy with the above discussion one could say that since
K° & K° oscillations are described by the box diagram,
the typical scale associated with this process is the mo-
mentum in the loop, p ~ My, leading to the conclusion
€ ~ dop/M}? ~ 10717, This is, however, wrong by 14
orders of magnitude.

Of course, everybody knows why this “derivation” is
incorrect. The mass of the W boson is not the only scale
of the problem here. There are numerous other scales,
such as the mass of the kaon itself. Moreover, since mg
is smaller than the masses of the ¢, b, and ¢t quarks and
myg ~ m,, a perturbative expansion in the quark masses
does not work, so that detailed calculation is necessary.
The box-diagram contribution was found [51], in the orig-
inal KM basis, to be

\Im M, s2¢y183¢283¢3 sindop(m? — m?)
~
Am 282 c2m?2m?2 2
2.2.2 | 4,92 4,2 2727t e m
sicics |cam? + somi + —a— ey In{ =

%Here we give a popular version of the more sophisticated
treatment of Ref. [26].

"This paper is not the first one to look for and point out pos-
sible loopholes in this argument. In Refs. [26,50] a mechansim
of MSM baryogenesis was explored based on the possible exis-
tence of a Chern-Simons condensate in the high temperature
phase and the decay of nontrivial fluctuations of gauge and
Higgs fields during the first order electroweak phase transi-
tion. There, a measure of CP violation in the effective action
for the gauge fields in the expanding Universe was found to
be [50]

4
aw ( aw

4 2
™ my,

which is not analytic in Yukawa coupling constants. More re-
cently, in [45] it was observed that for some processes occur-
ring in the hot plasma, Yukawa interactions cannot be treated
as a perturbation neither in the unbroken nor in the broken
phase due to mixing effects, so that the formal argument lead-
ing to the estimate (2.5) does not hold.

8283 sin Jmfmsz

2273270 T s 10710 2.6
a3(m? + s3m?) (2:6)

‘___m‘z] } (2.7)

Evidently, the dependence on mixing angles and quark
masses is much more complicated than in® Eq. (2.4).

It is interesting to note that the expression for e con-
tains no dependence on the charge —1/3 quark masses.
How then does C'P violation disappear when mg = m,?
If the d and s quarks were degenerate in mass, then kaons
and pions would be degenerate, and the expression for
mixing between particles and antiparticles would contain
box diagrams connecting, e.g., dd with d5 pairs, etc., in
such a way that the sum would vanish (GIM cancella-

8Sometimes it is said that any CP-violating quantity, in
particular the BAU, must be proportional to dcp since it
has a basis-invariant representation, the “Jarlskog determi-
nant” [49]. This reasoning is incorrect, however, because
dcp is not the only CP-violating quantity with a basis-
independent representation. Indeed e itself, given in a par-
ticular basis in Eq. (2.7), provides an example of a quantity
besides dcp with a basis-independent representation, as is
obvious since it is a physical observable.
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tion). While it is surely true that CP violation must
disappear if any pair of like-charge quarks is degenerate
in mass, we see from this example that this does not mean
that C P-violating quantities are manifestly proportional
to all pairs of mass-squared differences. The first term in
a Taylor expansion in mass-squared differences may be
a very poor representation of the dependence on masses,
for physically relevant values of masses.

We can draw two lessons for cosmology from the kaon
example. First, one should look for a process involving
some small energy scale so that perturbative expansion
in the quark masses does not work. This scale should
be of the order of the strange quark mass or less, since
otherwise the contribution from the strange quark will
tend to cancel the d-quark contribution. Second, the
analysis must be concrete and based on some specific
mechanism, otherwise one cannot know which scale is
relevant.

There are many different energy scales at high tem-
peratures. We shall argue that the most important of
them (from the point of view of C'P violation) may be
the thermal momenta p of the quarks. While the typical
momentum in the heat bath is of the order of the temper-
ature, some fraction of the particles carry much smaller
momenta and, for them, C P violation can be substantial.
In order to make a real calculation of the effect, one must
choose a mechanism for baryogenesis. In the next section
we discuss some of them, and make a rough estimate of
the asymmetry which can be generated in a particular
one.

III. OVERVIEW OF MSM BARYOGENESIS

A number of schemes for baryogenesis at the elec-
troweak scale have been suggested [16, 21, 22, 26, 25, 52,
53], [27-29, 31-34, 30, 54] (see also reviews [10, 55, 11,9,
13,12]). These mechanisms rely heavily on the dynamics
of the first order phase transition [17,57,58] during the
spontaneous breaking of the SU(2)xU(1) gauge symme-
try, which is assumed to occur through the nucleation
of bubbles of the new phase, at a temperature of about
100 GeV . Inside the bubbles, the vacuum expectation
value (VEV) of the Higgs field is nonzero and assumed
to be large enough that anomalous processes with B vio-
lation are switched off. However in the high temperature
phase outside the bubbles, the electroweak symmetry is
unbroken and the rate of B-violating sphaleron reactions
is high, so that a net baryonic number density cannot be
maintained. Hence baryogenesis must be related to the
presence of the bubble wall.

Roughly speaking, the mechanisms for EW baryogen-
esis can be divided into two categories. In the first cat-
egory [26, 52, 53, 27-29], nontrivial configurations of the
gauge and/or Higgs fields (sphalerons or thermal fluctu-
ations) are supposed to have CP-violating interactions
with the moving domain wall, biasing the anomalous B-
nonconserving processes in such a way that net fermionic
number is produced when these field configurations de-
cay. In the second class of mechanisms (“charge trans-
port baryogensis” [31,32]), C P-noninvariant interactions
between fermions and the bubble wall lead to a separa-

tion of some C' P-odd charge by the bubble wall, which is
then converted to an asymmetry in the baryonic number
by sphaleron processes in the unbroken phase.

In Ref. [45], one of us [MS] observed that if the CP vi-
olation in the interaction of thermal quarks with the bub-
ble wall in the Higgs field is strong enough, it could result
in a direct separation of baryonic number in the second
type of mechanism mentioned above, without the need
for separation of a surrogate C P-odd charge. Baryons®
inside the bubble survive till the present time because the
rate of B-violating reactions is (required to be) highly
suppressed in the broken phase, while the anti-fermions
outside the bubble (partially) disappear through equilib-
rium B-violating reactions.

In this paper we will elaborate this mechanism [33,
45] in more detail and compute the baryonic asymme-
try in it in the framework of the MSM. This does not
mean that we insist that this mechanism is the best one;
others should be investigated as well. However this is
a good first case, since the MSM CP-violation effects
can be explored in a very simple and physically trans-
parent way. If the wall is thin, as suggested by recent
work [44], this is likely to be the dominant mechanism.
The most important new element of the present work is
the understanding of how the GIM cancellation, present
when quarks are taken to have typical thermal momenta,
can be circumvented in particular regions of momenta.
One such relevant region of momentum is identified and
its contribution is estimated. Presumably in the other
mechanisms there may be a similar failure of the GIM
cancellation when the relevant regions of momenta are
treated sufficiently accurately.

Reference [45] both noted the importance of including
thermal interactions with gauge and Higgs particles in
the plasma, and proposed a specific mechanism for pro-
ducing the asymmetry. While our work here is a natural
extension of that work, it differs in several important
ways. In Ref. [45] the asymmetry in reflection proba-
bilities of quarks and antiquarks was estimated, taking a
contribution near the top quark reflection threshold (the
dominant region of phase space) and conjecturing that
O(a;) loop effects would produce phases which would
cause the net asymmetry to be nonvanishing. In this pa-
per we identify a mechanism which evades the GIM can-
cellation without invoking loop effects, and really calcu-
late the asymmetry in reflection probabilities. We use a
purely quantum mechanical treatment of the scattering,
noting that the ordinary scattering phase shift provides
the nontrivial CP-conserving phase needed to interfere
with the C P-violating phase to give a difference in reflec-
tion probabilities between quarks and antiquarks. Our
treatment of the fermionic excitations in the hot medium
is more exact than that of [45] because we include some
loop effects in the broken phase [45] which are necessary
to get a quantitatively accurate result. In this paper

9As opposed to antibaryons, on account of the known sign
of the present asymmetry.
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we also relate the asymmetry in reflection probabilities
to the final baryonic asymmetry by studying the baryon
number diffusion in the vicinity of the bubble wall (Sec.
V).

IV. ROUGH ESTIMATE OF THE BAU FROM
MSM CP VIOLATION

We have ng/s ~ [Jop][fspn]/[entropy], where Jcp is
the baryonic separation current produced by quark inter-
actions with the wall and f,pp, is the sphaleron efficiency
in removing the antibaryon excess in the unbroken phase.
Before going to the technical details of the full calcula-
tion in the latter portions of this paper we give a qualita-
tive discussion of C'P violation in quark scattering from
the domain wall, ignoring higher order corrections in a,.
This will permit us to estimate the left baryonic current,
Jep.-

Some difference in reflection probabilities between
quarks and antiquarks is possible due to the interfer-
ence between the CP-violating phase in the coupling of
the thermal quarks!® to the bubble wall, which changes
sign in going from quarks to antiquarks, and the ordi-
nary (CP-conserving) scattering phase shift, which is the
same for quarks and antiquarks and is nonvanishing even
when dcp = 0. However how can we expect to “evade”
the GIM cancellation which lies at the heart of the con-
ventional argument that CP violation from the CKM
matrix is far too small to account for the observed bary-
onic asymmetry? Evidently, an important variable for
the scattering problem is the momentum of the particle
perpendicular to the bubble wall, p. The other essential
scales are the mass, M, of the particle and the inverse
thickness of the wall, a. The component of the momen-
tum parallel to the wall is conserved in the scattering
process and is unimportant in a qualitative discussion!!.

Let us discuss first the most typical situation, when
p~T, p> M, and p > a. Then the interaction of
fermions with the domain wall is suppressed semiclas-
sically by the factor exp(—np/a). According to several
estimates [40, 41] a ~ T/(40 — 10), so that for typical
quark momenta in the plasma, p ~ T, the light fermions
do not scatter off the wall at all. The only reflection co-
efficient which can be significantly different from zero is
that for the ¢t quark. It is clear, according to the discus-
sion in Sec. II, that for this region of phase space one
cannot expect any non-negligible C P-violating effect. If
the domain wall is very thin (p/a < 1), the reflection am-
plitude is suppressed only by Yukawa coupling constants
rather than by the exponential factor. Nevertheless, for
p ~ T the light quarks are effectively degenerate due

1By working with the quasiparticles of the high tempera-
ture plasma, interactions with gauge and higgs particles are
included and nontrivial CP violation is possible. See Sec. VI.

1'However parallel components play a nontrivial role in the
dynamics, contrary to the T' = 0 situation where no thermal
medium breaks Lorentz invariance, and could be quantita-
tively significant, as discussed in Sec. X and Appendix E.

to the tiny difference between their masses as compared
to their typical momenta, so that their contributions to
the net separation of baryon number, when summed over
all generations, cancel nearly perfectly due to the GIM
mechanism. That is, even if the phase in the CKM ma-
trix means, say, that a d is more likely to reflect than a
d, this contribution to the baryonic asymmetry will be
nearly perfectly compensated by, say, the 5 being more
likely to reflect than the s, with the cancellation being
perfect if m, = mgy. In this region the “conventional
wisdom” reasoning is correct.

Let us consider now the region of phase space in which
the momentum perpendicular to the wall is low enough
that the interactions of the s quark with the bubble wall
are strong and its reflection coefficient does not contain
any powers of Yukawa coupling constants. Roughly, we
have

Jcp ~ [fraction of phase space] X [asymmetry of fluxes]
x|[CP violation] x [dynamical details] .

The breaking of the GIM cancellation is most profound
in the region of the thermal spectrum in which the s and
5 are totally reflected, but the d and d are partially re-
flected and partially transmitted. The fraction of phase
space corresponding to this situation is of order ™ez"™4,
so that CP violation vanishes when m, = my, as re-
quired.

Another important factor arises because the contribu-
tion to the baryonic current coming from quarks incident
from the two sides of the wall would exactly cancel if the
Fermi distributions on the two sides of the wall were the
same. How the distributions near the wall differ from
the equilibrium distribution is not yet understood due to
uncertainties in the physics of bubble propagation and in-
teraction with the quarks. However just from the motion
of the themal medium with respect to the wall, the flux in
the wall rest frame of particles of a given energy incident
from the unbroken phase is generally greater than the flux
incident from the broken phase, producing an asymme-
try even for equilibrium distributions. The asymmetry in
the fluxes is thus expected to be 2 2v(p/T)nr(1 — nr)
for small wall velocity v but less than ~ np, as it would
be if the wall carried along all the quarks ahead of it,
eliminating the flux from the broken phase.

The natural measure of CP violation is just J =
sin(f12) sin(f23) sin(613) sin(écp). Global fits to deter-
mine CKM parameters place J in the range [59] (1.4-
5.0) x 1075. Of course, there will be a further depen-
dence on quark masses and dynamical details, but this
can give us a very rough estimate to use as a guide for
our expectations. The analogous estimate of € is just
J, so that for the kaon system the dynamics increases
the ratio of C'P-violating to CP-conserving rates by a
factor of ~100. An explicit analytic expression for the
additional quark mass and other dynamical dependence
under certain conditions is given in Sec. VIII.

Putting together the factors above and dividing by the
entropy demnsity, s = 2w2N.gT3/45, where N.g ~ 100
is the total number of particle degrees of freedom, one
anticipates a baryon asymmetry of order
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[ns/s| ~ (3 —9) x 10720 foop faynfaus, (4.1)

where fyyn accounts for additional dynamical effects
which will be included in a real calculation. Studies of
the behavior of the expanding bubble wall suggest that v
is in the range 0.1-0.9, so the flux asymmetry factor faux
can range from 107 1p/T to 1. For the one dimensional
problem, total reflection of the quasiparticles occurs for
p/T ~ 107'. We shall see in Sec. V that fy,, is esti-
mated to lie in the range ~ 107 %-1. We see, then, that
the C P violation present in the CKM matrix may be suf-
ficient to account for the observed baryonic asymmetry
of the Universe. In any case, the conventional estimate
<1072 must be discarded.

Predicting the sign of the asymmetry requires a quan-
titative calculation. As shall be seen from the results
given in Sec. IX, the crude estimate given in this sec-
tion is roughly correct in magnitude. Moreover the sign
predicted by the quantitative calculation does agree with
the observed positive sign, corresponding to an excess in
our Universe of baryons rather than antibaryons.

Another region of phase space which a priori might
seem interesting is that in which the ¢ quark and anti-
quark are totally reflected, but the u’s are not. However
since c—u is not the most degenerate like-charge pair, lift-
ing their degeneracy dynamically is less significant than
for the d — s pair. As could be expected and is borne out
in our quantitative results, the near degeneracy of the
d — s quarks asserts itself in a reduction of the degree of
asymmetry in the scattering of charge +2/3 quarks. We
also note that regions in which only the heaviest. quark
is totally reflected, or none are totally reflected, do not
make important contributions to the separation of baryon
number, since in these regions the dynamics of the d and
s quarks are essentially indistinguishable.!?

This qualitative discussion can only be considered as a
guide for a real calculation. To be more quantitative, we
must examine in greater detail the mechanism of baryonic
number separation by the domain wall, which requires
finding the correct excitations in the hot plasma, then
computing the reflection coefficients for their scattering
off the domain wall. One thus determines the baryonic
current which is produced by a flux of equal numbers of
quarks and antiquarks on the domain wall, from either
side. In the next section we imagine that this current
is known and we investigate the connection between this
baryonic current and the present-day np/s. After de-
voting Secs. VI and VII and a number of appendixes to
developing the necessary technology to do the quantita-
tive calculation, we report the results of this calculation
in Sec. IX, confirming the heuristic estimates presented
in this section.

'2This can cease to be true when higher order corrections,
which mix momentum scales and can generate phases which
do not rely on total reflection, are included. Then it may
happen that in the tradeoff between minimizing the GIM can-
cellation and maximizing the volume of phase space, another
region can be more important.

V. BARYONIC NUMBER SEPARATION AND
BARYONIC ASYMMETRY

The interactions of thermal quarks and antiquarks
with the domain wall are C P-noninvariant. Nevertheless,
unitarity and C PT constraints relate different transition
amplitudes in such a way that the net current of any C-
or CP-odd number vanishes in thermal equilibrium (see
Sec. VII and [33]). Of course, there is nothing surpris-
ing in this, since it would be too naive to expect BAU
generation in thermal equilibrium in any mechanism.

A first order EW phase transition, however, provides a
deviation from thermal equilibrium. In our case the im-
portant manifestation is in the movement of the domain
wall. Because of the interaction with the medium, the do-
main wall is expected to move with a constant velocity,
which is estimated [60,40,41,61] to be v ~ 0.1—-0.9. Thus
in the wall rest frame there is a net flux of particles and
almost equal flux of antiparticles!® flowing from the side
of unbroken phase toward the side of broken phase. A
crucial quantity for the mechanism of baryogenesis which
we study is the difference between the fluxes on the two
sides of the wall, viewed from the wall rest frame. This
difference of fluxes depends on the extent to which the
passage of the wall disturbs the equilibrium distributions
of the quarks. Treatments of the problem [60, 40, 41, 61]
based on a perturbatively calculated Higgs potential have
envisaged a wall which is sufficiently thick compared to
a mean free path that the equilibrium is approximately
maintained. That is, the velocity and temperature of
the medium is essentially the same on either side of the
wall. We present below a calculation of ng(Jcp) in this
case. However recent work (cf., [44]) suggests that non-
perturbative effects may cause the transition in the Higgs
VEV to occur much more abruptly than previously imag-
ined, opening the possibility that the quasiequilibrium
assumption is a poor approximation. We will return to
the consequences of this possibility below.

Let us go to the rest frame of the wall and assume
that the medium going through it with velocity v has the
same temperature inside and ouside the bubble. Since
fluxes from the two sides are unequal, the unitarity con-
straints do not apply and the asymmetry in reflection co-
efficients can produce a nonzero baryonic current Jop (as
well as currents of other C- and CP-odd quantities such
as left and right baryonic numbers, J&p and JEp). If
B-violating processes are in equilibrium in the unbroken
phase but not in the broken phase, such currents imply
the separation of baryonic number and other numbers.

For small v, we will have an approximately static sit-
uation in the wall rest frame, in which each of these
currents, say Jép, is balanced by an opposite current
through the wall due to an excess of the appropriate den-
sity, in this case L baryonic density. Particle densities
will depend on the temperature and velocity in the usual

13In the absence of CP violation the fluxes would be pre-
cisely the same.
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way, but will contain chemical potentials for the various
CP- and C-odd numbers which are nonvanishing in the
broken phase. To determine these chemical potentials,
one must solve the kinetic equations in the vicinity of
the domain wall. We shall write the kinetic equations in
a diffusive approximation, which is valid when the char-
acteristic length scale of the density variation is large
compared with the mean free path of the quarks. As
will be seen a posteriori, this condition is satisfied if the
velocity of the domain wall is not too large (v <0.3), al-
though it would be very nice to find the relation between
Jecp and np/s also for large velocities.

Quarks and leptons take part in many processes on
both sides of the wall with many different time scales. In
order to decide which processes must be included in the
equation describing diffusion, one needs to define a rele-
vant time scale and then include processes taking place
on shorter scales than that. Let us follow the evolution of
a particle after it has been reflected from the domain wall
toward the unbroken phase. Its typical distance from the
bubble wall is given by

v Dt — vt,

where the first term describes the random walk of the
particle in the rest frame of the plasma (D is the dif-
fusion coefficient for the particle of interest) and the
second term describes the motion of the bubble wall.
This particle will be trapped by the bubble after a time
tp ~ D/v?, so one can neglect any process with a char-
acteristic time 7 > tp. (Of course, B violation must be
included in any case, since if it is absent, no baryonic
asymmetry can be produced.) The characteristic diffu-
sion time tp is much smaller than the time scale of the
chirality breaking L — R transitions coming from inelas-
tic scatterings with Higgs particles, since those are sup-
pressed by small Yukawa coupling constants.'* However
the QCD sphaleron produces L — R transitions at rate
~ 3(Z2=)* ~ 300 times larger than the EW sphaleron
rate [62]. Thus even though the EW sphaleron only cou-
ples to L chiral particles and antiparticles, on account of
the action of the QCD sphaleron, we can simply discuss
the total baryonic number, with small modifications in
the diffusion equations as compared to the case without
the QCD sphaleron.

Let np(z,t) and ni(z,t) be the densities of baryonic
and leptonic numbers in the rest frame of the wall. We
place the wall at £ = 0 and take z > 0 to be the broken
phase where sphaleron processes are switched off. Then
the diffusion equations are, for z > 0,

g ng\ _ DBa%z;—va% 0 ng

(5.2)

(5.1)

4Except for t quarks, however this can be neglected since
the asymmetry resides in the charge —1/3 quark sector.

but for £ < 0 we have
3 (s
ot \nr

_ (D& —vE& -3ir T ng)
-3r Drs—ve -T) \m

(5.3)

where T' = 9T, /T2 and Ty is the rate of sphaleron
transitions per unit time and volume. (The relation be-
tween the rate of B violation and the sphaleron rate can
be found in Refs. [23,63].) Dp and Dj are diffusion
constants for quarks and leptons, respectively.!®

These equations must be supplemented by a number of
boundary conditions. At £ — —oo (the unbroken phase
far from the domain wall), ng and n;, — 0 because we are
considering the case that the BAU does not exist prior to
the EW phase transition. At £ — +00, ng and ny must
be finite. The other boundary conditions are specified at
z = 0; we will discuss them later.

We will assume that the velocity of the domain wall
is low enough that some “steady state” solution to the
kinetic equation can be established.'® In other words, in
the rest frame of the domain wall the densities of parti-
cles are time independent. For z > 0 the only solutions
consistent with the boundary conditions are constants:

ng(z) = By, nrp(z) = L4. (5.4)

For z < 0 they have the form

!5 According to the argument of Ref. [64], any kinetic equa-
tion written in terms of bare particles should also contain non-
trivial corrections associated with Debye screening of the hy-
percharge. These corrections, however, are absent for Egs.
(5.2) and (5.3) describing quasiparticles. Precisely on ac-
count of the Debye screening phenomenon, quasiparticles do
not carry hypercharge or any other gauged quantum number,
while they can have nonzero global numbers like baryonic
number and flavor. A physical excitation in the high tem-
perature plasma with the global quantum numbers of a left
quark would, for instance, be actually composed of a left chiral
quark, gluons, electroweak gauge bosons, and Higgs bosons,
such that it is actually an SU(3)xSU(2)xU(1) singlet. This is
discussed further in Sec. X D. Of course, the baryonic charges
of quasiparticles differ from the baryonic charges of the bare
particles. This fact is automatically taken into account in
our approach, since we define the various currents in terms of
quasiparticles (see Sec. VI). We thank S. Khlebnikov for a
discussion of this point.

16 Actually, this is only in order to enable us to solve the
problem relatively simply. If the velocity is larger, the effects
are presumably larger, but since we find an interesting level
of asymmetry even in this very conservative approximation,
we do not attempt to extend the treatment to large veloci-
ties. That is an interesting and important subject to develop,
however.
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np
(nL) = ZCiﬁ,- exp(k;z), (5.5)
where C; are arbitrary constants, and §; and k; are eigen-
vectors and eigenvalues to be found from the condition

Dpk? —vk;— 30 T o
( 30 " Dpk2 vk, T )& =0 (56)

One of the eigenvalues, say k4, is zero independently of
the parameters. It corresponds to a nonzero density of
the conserved number (B—L), so we put C4 = 0. One can
show that two other eigenvalues k; and k; have positive
real part and the third one k3 is real and negative. The
latter corresponds to a growing exponent as £ — —oo and
is therefore not consistent with the boundary conditions.
Hence, C3 = 0. All three nonzero roots can be found
analytically. They are solutions of the cubic equation

DBDLk3 - ’U(DL + DB)k2 - (DBF + %DLF - vz)k

+30'=0. (5.7)

We shall write down here the relevant roots (k; and k3)
in two limiting cases, when the dimensionless quantity
3DpI'/v? is small or large.

(i) 3DpI'/v? < 1. Then

v 3I'Dg
kl—D—B( + 3D ) (5.8)
v PDL
ky = —5: (1 + o2 > s (59)
¢ by |, ¢ (‘w’ ) (5.10)
= | srp |, &2= [ : .
! 2v2D, 1
(ii) 3DT/v? > 1. Then
5v
= — 5.11
kl 3DL, ( )
3r v
= 4 — 5.12
ka2 V205 T 2Dp’ (5.12)
1 1
6=(4) &=(oag_ sp,) 1)
2 Dy, V3IDg

In these expressions we have approximated Dy > Dp,
since leptons do not have strong interactions.

In order to define matching conditions at z = 0, one
has to find the total currents for baryonic and leptonic
number at £ = 0. Let us denote the densities of baryonic
and leptonic numbers next to the domain wall, in the
unbroken phase, by B_ and L_. Then, in the absence
of CP-violating effects, the baryonic and leptonic cur-
rents flowing through the wall toward positive z would
be, respectively,

J = K(B-—By)

—% (03% — (B, + B_)) (5.14)

l=r(L_—Ly)

—% (DLﬂLJ“—a:—L:—) —o(Ly + L-)) . (5.15)

The factor k connects the density in a box to the current
flowing through one side of the box. Essentially all quarks
are relativistic, including those which are responsible for
our effect which have small momentum perpendicular to
the domain wall, because even these typically have large
parallel momenta. Thus we have simply

us

2 fd cos @
K= Jo” cosbdcost CosPdcost _ 1, (5.16)
Jo dcosé 4

In addition to the above currents arising from nonuni-
formities in particle densities, there is an additional con-
tribution to the baryonic current due to the C' P violation
present in the interaction of quarks scattering from the
bubble wall, denoted Jcp. There is no such contribu-
tion to the leptonic current, since CP is conserved in the
leptonic sector due to the masslessness of the neutrinos.
Altogether we have then, for the baryonic and leptonic
currents,

Jg=j+Jcp, JL =1 (5.17)

Current continuity implies that the currents through the
wall are equal to those in the broken phase where there
is no B or L violation. The currents in the broken phase
are just due to the bulk transport of the charge densities
with velocity v, so that

JB = ’UB+, JL = ’UL+. (518)

Next equate the currents flowing into the unbroken phase
to the total rate of quantum number nonconservation due
to sphaleron transitions:

0

—vBy = —vL, = / F(%TLB +ng), (5.19)
which in turn satisfies
0 dB_
\/;oo F(%TLB + nL) = DBE - 'UB..
= DL6L—~ —vL_ (5.20)
Oz
because we require a static solution to (5.3).
From Egs. (5.18)-(5.20) we learn %’— = —v(Ly —

L_)/Dy, which when combined with Egs. (5.15), (5.17),
and (5.18) implies 8;‘—; = 0. Thus Ly = L_ and g} =
—g:;—:;. Similarly B, — B_ = Jcp/k; when combined
with B, = L, this gives an equation relating C; and C;
to Jop/k. Thus the baryonic number density inside the
bubble
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B+ = %Jcpfsph(p)a (5*21)
with & ~ 1/4 [Eq. (5.16)], p = 328T and
fuon(p) = 2 b — o
hlP) = 3 ka(1 — &11/€21) — k1 (1 — €12/&22)
(5.22)

¢ is the matrix whose first and second columns are the
eigenvectors corresponding to eigenvalues ki, k2, respec-
tively, defined by Eq. (5.6). For p > 1, fipn(p) = 1 and
for p € 1, fopn(p) = % p- The physical importance of p is
clear, since it represents the typical number of sphaleron
transitions to which a quark is exposed between the time
it enters the unbroken phase and the characteristic time
at which the bubble of low temperature phase envelops it.
Baryonic number density vanishes when baryon-number
violation is effectively turned off, i.e., p — 0. It also van-
ishes in thermal equilibrium, as required, since Jcp = 0
when v = 0. B is the net baryon number density in the
low temperature phase which, when divided by entropy,
gives the desired asymmetry, ng/s.

We remind the reader that the relation of Eq. (5.21) is
valid in a quasiequilibrium approximation, and provides
a lower limit for a more general situation. For instance,
if all the quarks were carried along in front of the wall,
the sphaleron rate would not matter at all, as long as it
is large compared to the expansion rate of the Universe.

The next sections are devoted to determining Jcp.

VI. FERMIONIC EXCITATIONS IN THE
HOT PLASMA AND CP VIOLATION

At zero temperature and omitting loop effects. the in-
teraction of quarks with a (neutral) domain wall would
be C and CP conserving.!” Indeed, the Lagrangian £
[see Eq. (2.1)] is CP and C invariant for any z depen-
dent Higgs VEV of the form

¢ = (0, U(w))’

if all the gauge fields are zero. In other words, the sepa-
ration of any C-odd or C P-odd quantum number is not
possible in this approximation.

An even more general statement is true: as long as the
Lagrangian for quarks has the form

L=iL PL+iR PR+ LM(z)R+H.c.,

(6.1)

(6.2)

where M(x) is an arbitrary mass matrix and the opera-
tor D is the same for L and R terms, C is not violated.
Since C relates the left quark to the right antiquark, the

17vThe reason that loop corrections modify the assertion that
C is not violated is that they involve interactions of the quarks
with charged as well as neutral components of the Higgs dou-
blet. Furthermore, the EW gauge interaction distinguishes
between L and R in the covariant derivative, providing yet
another source of C violation.

reflection coefficients will be the same for left quark as
for right antiquark and separation of baryonic number
(which is odd under C) is not possible. However chi-
ral currents such as axial quark number, U~y,vs¥, are
C even but CP odd, so that they can be produced by
this Lagrangian, as long as it violates CP. Several ex-
tensions of the standard model have been developed in
Refs. [31-33] making use of this fact to produce a BAU
in the electroweak phase transition.

The case of nonzero temperatures is quite different. In
the high temperature plasma, quarks and antiquarks in-
teract incessantly. Each flavor and chirality of quark has
a distinct interaction with the Higgs particles in the heat
bath, lifting the degeneracy between them. Interactions
with SU(2) gauge bosons further split L and R chiralities,
and even their common interaction with gluons is dynam-
ically important since it affects their propagation. As is
well known, it is essential to work in the correct basis of
particle states. In standard perturbation theory one sim-
ply takes the quadratic part of the Lagrangian and finds
particle states for it. At zero temperatures and densi-
ties this usually is successful for theories with small cou-
pling constants, since higher order corrections are small.
Fermion masses, for instance, receive corrections of the
form f2my, where f is a Yukawa coupling constant. The
high order correction are small if f < 1. However, at
high enough temperatures and densities, naive perturba-
tion theory fails even for theories with small couplings.
The reason is that at high temperatures an additional di-
mensionful parameter appears, namely the temperature
T itself. Corrections to masses can be large when the
product of Yukawa coupling and temperature is compa-
rable to the zero temperature mass. In more physical
language this means that the particles appearing in the
tree Lagrangian are not the actual particle excitations of
the problem under consideration. There are many exam-
ples known from condensed matter and statistical physics
in which particle excitations have little in common with
the fundamental particles: phonons, sound waves, plas-
mon excitations, etc.

In order to find physical excitations one usually con-
structs the effective Lagrangian for the theory incorpo-
rating high temperature and/or high density effects, and
then determines a better set of fields for doing perturba-
tion theory. This problem is not very well-defined math-
ematically, since it is not clear precisely what the word
“better” means. In practice, one usually calculates all
mass operators of the theory and constructs fields cor-
responding to the poles of “exact” propagators (usually
defined as an infinite sum of some subset of graphs). One
gets in this way the properties of one-particle excitations
of the medium and can consider the interactions between
them, which will be, hopefully, weak enough. Of course,
if one would be able to solve the problem exactly, the
choice of variables would not matter at all. However,
since we are confined to using perturbation theory for
most problems, the starting approximation is very im-
portant.

Although we can solve the quantum mechanical prob-
lem of quarks scattering from the domain wall of Higgs
VEV without the use of perturbation theory, we still
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must be careful in our choice of particle states, in order
to be able to ignore the (most significant) interactions of
the particles with the heat bath during the course of their
propagation through the domain wall. That is, we must
determine what happens with the fermionic excitations
of the plasma when they go through the domain wall.
First, we have to define them far from the domain wall:
outside the bubble, where the symmetry is unbroken, and
inside, where it is broken.

Quite an extensive literature exists on the fermionic
excitations in a hot plasma. For the reader’s convenience
we will partially summarize what is known about them
from the literature, and then describe some additional
properties which, as far as we know, are not discussed
in the literature elsewhere. We work to one-loop accu-
racy in the quasiparticle propagators. This has the phys-
ical consequence of neglecting inelastic scattering of the
quasiparticles, which may not be an adequate description
of the problem, but is at least a first step. Improving this
approximation is quite nontrivial for a number of reasons.
For further discussion see Sec. XD.

A. Unbroken phase

Fermionic excitations correspond to the poles of quark
propagators at high temperature. For a review see, e.g.,
Ref. [65]. We work in Minkowski space and use the
following convention for the tree level Dirac operators:

Yir=wxd-p (6.3)

with w > 0 for particles and w < 0 for antiparticles, o;
are the usual Pauli matricies. Then, in high temperature
approximation (w and |p| <« T) the one loop fermionic
mass operator in the gauge basis for the unbroken sym-
metry phase is [66, 67]

Etli,R(wai)’)

e (]2 () o

where

F(e) =3 [m (zf;)] .

Note that Lorentz invariance is broken because the
plasma rest frame provides a preferred frame. For the
left quarks,

2ma, T2

3
3rawT?

+ (1+

(6.5)

Q3 =

. 2
sin” 6 1

w L
27 3

(M2 + KM2KY)
(6.6)
For the right quarks with charge +2/3,

2ma, T2 + rawT? 2 sin? O + Taw

TZ
2
3 9 8M

“ M,

(6.7)

Q% =

and for the right quarks with charge —1/3,

0 — 2na,T? mwawT?sin®0y maw M2 T?
R= "3 2 9 8 TdMz’
w
(6.8)

where the first and the second terms come from the gluon
and weak gauge boson corrections, respectively, and the
last term comes from Higgs boson exchange.

An important point is that in spite of the fact that
the vacuum expectation value of the Higgs field is zero,
particle excitations in the unbroken phase are some spe-
cific mixture of the initial fields. The physical fermionic
fields (denoted by the bold letters) are three component
spinors in flavor space,

L=0%qg,, U=V¥y,, D=Yp,, (6.9)
where the unitary matrix O diagonalizes the matrix Q%:
0020" = w? = diag. (6.10)

Since M, > M, the matrix O is close to one. In the right
sector the mixing is absent and we will use the notation

QRz“)U,D- (611)

We use wy to represent any one of the wr g. The disper-
sion relation for physical excitations has the form

(b= G- br ()

(6.12)

For each chirality, there are two solutions to this disper-
sion relation. For small momenta the spectra are

2p 7 p?

2 2
=125 + 25 4.0, 6.13
e =i (163215 0). 619)
while for high momenta, p > wo, we have
4 2
2 2 2 W, P
= 2wy — — In —;,
w?(p)+ =p° + 2wy o nwg
(6.14)

2
W3(p)_ = p? {1 +4dexp (—2% - 1)] .
0

The dependence of energy on p is shown in Figs. 1 and 2
for the strange and bottom quarks, in the approximation
of neglecting mixing.!® Unlike the situation at zero tem-
perature, the eigenstates are split due to their differing
interaction with Higgs particles in the plasma, even when
the VEV vanishes. Moreover at every energy there are
two distinct collective excitations having different mo-
menta. This phenomenon is analogous to photon excita-
tions in the plasma: in addition to the usual transverse

18 There is no visible difference between the strange and down
quark dispersion relations on the scale of these figures, but it
is nonvanishing.
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FIG. 1. Dispersion relation for s quarks in the unbroken

phase, neglecting mixing. The figure is essentially identical for
the broken phase, except for the neighborhood of the crossing.

excitations, a longitudinal one also occurs. We will call
the mode labeled + (—) normal (abnormal), respectively.
Note the mass gap which these solutions exhibit. It does
not contradict the chiral invariance of the underlying La-
grangian, but is connected with the breaking of Lorentz
invariance at nonzero temperatures [66, 67]. Higher or-
der corrections to these dispersion relations have been
studied in a number of papers [68, 69]. It was shown
in [68] that the abnormal branch is actually unstable at
momenta p > gT.

The knowledge of the Dirac operator allows us to con-
struct the effective Lagrangian for the fermionic excita-
tions in the plasma. Let us take for definiteness left chiral
fermions and consider one fermionic flavor.!®  Then, the

effective Lagrangian is
Leg =LY (X +T%)L. (6.15)

To become more familiar with the properties of the
various excitations, let us study them first for small mo-

70 [
65}
60
55}
so}
45¢p
a— 1‘0 7‘0 3n a0
FIG. 2. Dispersion relation for b quarks in the unbroken

phase, neglecting mixing.

1®The treatment of right chiral fermions and multiple flavors
is completely analogous.

menta p. As we shall see later, reflection amplitudes for
particles are most substantial in this kinematic range.
At small momenta [see Eq. (6.13)] the energies of the
fermions are close to the mass gap, wo. Expanding the
Dirac operator for small p and small w — wp one obtains
a linearized version of the Lagrangian:

Leg = 2L (8 — 186 + iwo)L. (6.16)
One can define in the usual way creation and annihilation
operators for the normal (a},a,) and abnormal (af,a,)
excitations, so that the part of the field L which annihi-
lates particles can be decomposed as2®

L — 1 d3k 1 k —twyttikz,
(z) = ﬁ (710—3[%( Je Ui
+ai (k)e tw-t+ikay ] (6.17)
here the two-component spinors u and v obey the equa-
tions

(k| +k-&)u=0, (k|-E-&)v=0, (6.18)

and

wi =wpx %]k',
(6.19)
{a(k),at ()} = (2m)%6(k — K.

From (6.18) one can see that the two branches have dif-
ferent relations between their chirality and their helicity.
For the normal branch the chirality and helicity are equal
while for the abnormal branch the helicity is opposite to
the chirality.

In the same way one can construct the effective La-
grangian for the right chiral excitations. We do not write
the corresponding equations for this case; they can be
derived from the equations for the left particles using wq
corresponding to right quarks.

The direction of the group velocity of the abnormal
excitation is opposite to the direction of E, since from
Eq. (6.13) the group velocities of the two branches (v =
g_:) are

N T

Uy = R - = 3" (6.20)
It is interesting and physically important that for both
branches the magnitude of the group velocity — 1/3 as
the momentum vanishes. For large momentum, k > wy,
the group velocities of both branches — 1, as can be
found from Eq. (6.14).

The left baryonic current is

0 &’k t 1
JW = W(anan + a,aa,a), (621)

20The part for creation of antiparticles is obtained by ex-
panding the Lagrangian for small w + wo.
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; Bk Kk
C— —_— 1 —_ T
J / (2m)7 3] (alan, —ala,). (6.22)

The minus sign in front of the abnormal mode contribu-
tion reflects the fact that the abnormal excitation moves
in the opposite direction to k.

We need to transform between the plasma rest frame
and the wall rest frame.?! (w(k), E) is a four-vector, so
that the dispersion relation in the moving frame is easily
obtained from the invariance of (w(k),E) - (1,v)y. De-

noting the wall rest frame variables by (w(k), E) and the
plasma-rest-frame energy by @, we have @ = y(w — k- v),
where U is the velocity of the plasma with respect to the
wall. Since the phase space volume is a Lorentz invari-
ant, if we denote the Fermi distribution in the plasma
rest frame by np(®), then in the rest frame of the wall,
where the plasma moves with velocity v normal to the
wall, the number distribution is np(w — k- ¥). Thus in
the wall-rest-frame, particles with momenta in the di-
rection of the plasma have a higher density than if the
plasma were at rest with respect to the wall, as expected
intuitively.

To give a simple example of the frame dependence of
the dispersion relation, let us work in linear approxima-
tion so the plasma-rest-frame dispersion relation is given
by Eq. (6.19), and let v be nonrelativistic. This gives

(w—vks) = wo = %ﬁﬁ + (ky — vw)? (6.23)
where k; is the component of the momentum parallel to
v (i.e., perpendicular to the domain wall) in the wall rest
frame, and k)| is the orthogonal component. From here
one obtains the dependence w = w(ky;, ks, v). Continuing
with this simple example, and taking k;; = 0, one finds
the relationship between w and k in the wall rest frame,
for the normal and abnormal excitations, respectively:

1 k 2
wn,azwg(legv):{:é(li?v).

From the definition of the current (6.22) and these con-
siderations, we have for the flux factor in nonrelativistic
|

(6.24)

[ Gy e {i;ﬁ[l"F (Bﬁ%)] - (i

approximation, but now for a general dispersion relation
and not just the linearized version:

/d3kn (w—vki Ow
3 F\ T Ok,

(6.25)

The formal expressions for the left fermionic current in
terms of the effective fields will be

)N
J =10t =L .26)
L L(1+ aw)L’ (6.26)
i / oxu
Ji =1Lt (oi + Bpf) L, (6.27)

and analogous relations for the right baryonic current.

B. Broken phase

In order to determine the properties of the fermionic
excitations in the broken phase one has to calculate the
Dirac operator, which now will be a matrix in the space
of right and left fields. In the one loop high temperature
approximation the Dirac operator is

(zgwg M )

6.28
Mt 9+ 3 (6.28)

The mass term M is proportional to the scalar field VEV,
and depends on whether one is considering the charge

+2(U) or —3(D) sector:

20w M, 29K My
My = . Mp = w2 d
VT "My ¢ Mp Mw

In high temperature approximation, one-loop corrections
to the off-diagonal mass term describing left-right tran-
sitions, M, vanish.

In the broken phase electroweak gauge bosons and
quarks have non-zero mass already in tree approxima-
tion so the one-loop contribution to the Dirac operators,
El}dy r» of any diagram has the generic form

o. (6.29)

)}

+/ a3k nBe(;B) {i;ﬁ[l_F(%ﬂ ‘5F(|;ﬁ:n)} (6.30)

(2m)?

where the + sign is for left fermions and — for right
ones, ng and ng are Bose and Fermi distributions, and

21We thank G. Baym for pointing out an error in our orig-
inal discussion of the following, and for calling our attention
to Ref. [70], where a detailed discussion of the Lorentz trans-
formation properties of quasiparticles can be found.

f

€5 p = k* + m} p with mp r denoting the appropriate
bosonic or fermionic mass.

In comparison with the unbroken case, the Dirac op-
erator in the broken phase has additional corrections of
the type mp/T and m%/T?In(T/mp). Corrections of
the first type do not influence quark mixing in the bro-
ken phase and are numerically small in comparison with
the leading flavor independent terms. They reduce the
W=, Z°, and Higgs contribution to w} p compared to the
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unbroken phase, causing the coefficient of the awd/dt
term in X to be multiplied by the factor 1 — %ﬂ, where
Mgp is the relevant boson’s mass at temperature T'. The
coefficient of the aw d/dx term in X* also receives a cor-

]

787

rection, however it is less important than the correction
to the coeflicient of w since p/w is ~ 1/8. Thus the net
effect of these corrections can be described by replacing
Eq. (6.6) for Q% by

(6.31)

2 2
~ 2na,T + 3rawT [(1

4Mw ' | sin 0w
s’ ~ - ) +
3 8

T 27

We have discarded the correction to the sin?6y, term be-
cause the correction is suppressed by an additional factor
of sin®fw since the photon does not get a mass. The dif-
ference between wg and w, can be discarded because the
Higgs boson and EW gauge boson contributions there are
totally insignificant [except for the splitting between bg
and sg where the splitting will be reduced by the factor

(1- %1)] Except where specifically noted, corrections

due to the difference between w? and w are not included
in the results reported in this paper.??
Fermionic mass corrections in the diagram with a gluon

’ 3 27 en
167a, d3k np(|k|) g-p
3 ) @oe M {i P [“F(_

where for the left sector we have

€2 =k + M2+ KMIK'.

1(M2+ KMZKY) (

1- 4My
3 M3, T )

—

loop are comparable in magnitude to the corrections com-
ing from loops containing Higgs boson exchange, which
are responsible for the VEV-independent splittings be-
tween eigenstates. [See Eq. (6.6).] Thus they must be
taken into account and a good approximation to the
Dirac operator in the broken phase is

For right quarks with charge +2/3, €2 = k% + M2, and for right quarks with charge —1/3, eZ = k* + M2.
For sufficiently small momenta, |p| < w, and small fermionic masses, mp < T, this becomes

2
=225 (s (2) o= 2o
F

where v = 0.577 is Euler’s constant. The expansion in
small fermionic masses is a poor approximation for the
top quark, and the integral (6.33) should be calculated
precisely. Numerical integration shows that the change
due to including a nonzero value of the top-quark mass
in the diagram with a gluon loop is about 10% of the
contribution of the diagram with the Higgs boson loop,
and, therefore, can be ignored. This is not the case for
the light quarks where the Higgs boson contribution is
much smaller than in the heavy-quark sector. For exam-
ple, a nonzero charmed quark mass in the diagram with
a gluon loop induces a negative correction to wg in the
broken phase, which is numerically about factor 2.5 times

22These corrections were not included in the original version
of this work.

2} r =%t r+65LR, (6.32)
with
-2
)|-5r ()} @55
(6.34)
)0+ 1)

[

larger than the corresponding diagram with Higgs boson
exchange.

Finding the physical eigenstates is more complicated
in the broken phase than it was for the unbroken phase.
Even ignoring mixing between different generations (for
a discussion of mixing in the broken phase see Appendix
F), the dispersion relation is a quite complicated function
of w and p:

0 b
det (EL + M

As an example Fig. 3 shows the dependence of w on
p for a b quark in the broken phase, neglecting mixing.
For low momentum or small VEV, ¢, there is a one-to-
one correspondence of the normal and abnormal branches
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in the broken and unbroken phases. In particular, the
remarks regarding the group velocity of the excitations
apply to the broken sector also.

It is worthwhile studying the properties of the

i

Lo = 2iLY (8o — 187 + iwr)L + 2R (80 + 197 + iwgr)R + L'MR + H.c.

Now, left and right chiralities are mixed through the mass
term. (We continue to denote by wy g the different wq’s
corresponding to the L and R interactions, as in the pre-
vious section.) This Lagrangian describes four different
particle excitations with the dispersion relations

M? — K\’
povrter M (wr—wr KN g
2 4 2 3

In the absence of the Higgs-boson-induced mass term,
the correspondence of the signs in Eq. (6.38) to the var-
ious particle excitations is as follows for |k| < %(wL -
wgr): (+,+) & L, normal; (+,—) « L, abnormal;
(=,—) ¢ R,normal; (—,+) & R, abnormal. Note that
in the unbroken phase there is a coincidence in the left
abnormal and right normal branch at momentum energy
= %(wL — wR), %(wL + wg). At larger |k| the correspon-
dence between signs in Eq. (6.38) and the excitations is
changed and (—, —) & L, abnormal; (+,—) ¢ R, nor-
mal, so that the levels cross. This level crossing in the
unbroken phase persists even if one takes into account
higher order perturbative corrections, since no transitions
between SU(2) doublet L and SU(2) singlet R are allowed
due to the unbroken gauge invariance. In the broken
phase the Higgs boson condensate is nonzero, and these
levels do not cross.?3

With the use of the dispersion relations one can define
the contribution of the particles in the broken phase to
the baryonic current as well as to the total momentum of
the media, following the procedure of the previous sec-
tion.

C. Full effective Lagrangian

Equation (6.28) allows one to write down an effective
Lagrangian for the fermions in the background of the -
dependent scalar field. It has the form

Leg = L[S} + 2} (2)]L + R[Sk + Zh(2)]L + Ly (2),
(6.39)

where the z dependence in the ¥’s comes from the z-

Z3However it is possible that off-diagonal terms in the Dirac
operator are produced by nonperturbative effects, even in the
unbroken phase. If true, the dispersion relation in the un-
broken phase would more closely resemble that of the broken
phase and in particular the level crossing would be removed.
This is discussed in Appendix E.

fermionic excitations in the broken phase for small mo-
menta p. In complete analogy with the unbroken case one
can write a linearized effective Lagrangian, again taking
for simplicity the one flavor case:

(6.37)

[

dependent masses of quarks in loop corrections to the
propagator, as discussed in the previous section.

This effective Lagrangian has an important property:
it does not conserve C and C' P symmetry, nor parity, pro-
vided the Higgs field is = dependent. As noted previously,
this would not be the case if thermal effects, namely, the
W+, Z° and Higgs loop corrections to the fermionic
mass operator, were neglected. Moreover, because of the
fact that left and right mass operators are different, the
interaction of left-handed particles with the domain wall
is not the same as the interaction of right-handed an-
tiparticles. Thus, separation of C- and C'P-odd quantum
numbers is potentially possible, in contrast to the zero
temperature case. Of course, the CP-violating proper-
ties of this Lagrangian are the same as that for the initial
electroweak Lagrangian, so that if (with three genera-
tions) there is a degeneracy in the up or down sectors or
some of the mixing angles are zero there exists a trans-
formation removing all complexities in the kinetic terms
and mass matrix simultaneously, and L.g would be CP
conserving. This however is not the case in nature.

With the help of this effective Lagrangian one can de-
termine the conserved baryonic current related to the
problem. The current with components

Jg=Jf +Jg (6.40)
is conserved, where the left and right baryonic currents
are defined as in Eq. (6.27).

Having fixed the relevant properties of the quasiparti-

cle excitations in the hot plasma we can turn now to the
question of their scattering on the domain wall.

70}

65| 4

60 |

S5 )

50t

45t 1

0 S 10 15 20 25 30 35

FIG. 3. Dispersion relation for b quarks in the broken
phase, for zero CKM angles.
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VII. QUARK SCATTERING FROM
DOMAIN WALLS

A. Preliminaries

As we have argued in Sec. IV we expect the most
interesting part of phase space to be that in which the s
quark is reflected from the domain wall. Let us identify
the momenta for which this occurs. We begin with a
static domain wall, and discuss the moving domain wall
later on.

There are two conserved quantities in the interaction
of the quark with the domain wall, namely, the energy,
w, and the component of the momentum parallel to the
domain wall. For definiteness we will first consider par-
ticles incident from the unbroken phase. Let us consider
the case when the total momentum is perpendicular to
the domain wall (the discussion of the more general case
is contained in appendix E). Then (see Figs. 1 and
4) at any energy?* w > wp = 0.502 T, there are 4 s-
quark excitations with different momenta, namely, the
left and right normal and abnormal excitations. At en-
ergies wy, > w > wfi“ (the minimum value of the energy
of the left abnormal branch) the normal left chiral exci-
tation is absent and there are just three types of s-quark
excitations: R,, R,, and L,; however, for each value
of the energy there are actually two distinct L, excita-
tions having different momenta. In the unbroken phase,
wPin = 0.463 T. In the range wp = 0.459 T < w < wiin
there are just two excitations, R, and R,, while in the
range wE® < w < wp there is only a single type of exci-
tation, the right abnormal one, with however two distinct
momentum states for each energy. As will be seen below
(Sec. VIIF), in order to compute the total baryonic cur-
rent in the one-dimensional (1d) problem it is sufficient

48.8} -
P
-
48.6 P
“".
8.4 mwe e _ o
P S
48.2 ""’ i y
—
-
6.25 6. %.75 7 7.25 7.5
47.8
4
FIG. 4. Dispersion relation for d (short-dashed), s (long-

dashed), and b (solid) quarks in the broken phase, focusing
on the region of total reflection of the d and s. It is the R,
branch of the b which is visible in this region. CKM angles
have been set to zero.

?4Quoted numbers in this section are to clarify the discus-
sion and thus correspond to the figures, which do not include
mixing — thus they do not correspond precisely to the results
of the real calculation where mixing is included.

to determine the reflection coefficients for quarks (and,
of course, antiquarks) incident from the unbroken phase,
which become L upon reflection, since all other contri-
butions can be obtained from these. Consistent with
angular momentum conservation, we have the following
possibilities: (i) w > wg : Rq = Lo, Rn = La, R, —
L., R, = Ly; (ii) wPit < w <wp: Ry, = Ly, Ry — La;
(iii) for w < wP'™ no processes involving left chiral parti-
cles are possible.

The interaction of the s quark with the domain wall is
strongest when it is totally reflected. To find this region
of w, consider the dispersion curves in the broken phase.
Because of the small value of the s-quark mass in com-
parison with temperature, they look almost the same as
the dispersion curves in the unbroken phase, shown in
Fig. 1, except for a shift in w? relative to w¥. The only
qualitative difference is the absence of the intersection of
the right normal branch with the left abnormal one near
w = Y(wp +wr), p= 3(wr—wr) ~ 6 GeV. This region
is shown “close up” in Fig. 4. Hence, for

3(wr +wr—m,) <w < 3 (wr +wr +m,) (7.1)

instead of four solutions to the s-quark dispersion rela-
tions (as in the unbroken phase) we have in the broken
phase only two, which we can designate left and right
abnormal branches, with momenta about 40 GeV. Since
chirality is not conserved in the presence of the Higgs-
induced mass, the labeling of these states is just a matter
of convention, which we fix by analogy with the zero-mass
case.

Let us consider first what happens in the broken phase
if we send, say, a right normal s or § from the unbroken
phase toward the domain wall, with energy just above the
interval (7.1), case (ii). Helicity is conserved in transmis-
sion, so two transmitted waves are possible: R,, with
practically the same momentum as the incident R,, and
another, L,, with a much higher momentum, ~ 40 GeV.
The transmission probability for production of the high
momentum mode (L,) is semiclassically exponentially
suppressed by the factor?® exp(mp/a), so that one can
neglect this process. Therefore, only the right normal
excitation will be transmitted to the broken phase when
aright normal excitation is incident. For the same reason
the reflection probability for producing a left abnormal
state from an incident R, is exponentially suppressed,
since in this case the reflected particle has large mo-
mentum in comparison with the momentum of the inci-
dent particle. In other words, only the reflection process
R, — L, and the transmission process R, — R, have
non-negligible amplitudes. If the energy is well above
(7.1) the reflection coefficient will for all cases be small,
since then the s-quark mass can be neglected.

Thus we can deduce that in the interval of energies
(7.1), the reflection coefficient for an incident R,, s quark
is essentially unity. This is because in this energy range
there is no physical R, excitation of the s quark in the

254 is the inverse wall thickness.
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broken phase, so that the transmission process R,, — R,
is not allowed, while at the same time the transmission
coefficient for producing the high momentum L, excita-
tion, and the reflection coefficient for R, — L,, are still
exponentially suppressed. This is the part of phase space
where one can expect to have a substantial contribution
to the left chiral current, due to an asymmetry in the
reflection coefficients for s, which can be significantly
different from the asymmetry in reflection coefficients for
d,d as long as the d quark is not also totally reflected.
Thus to be precise, the energy range of interest is

30 +wh —m,) <w < J(wp +wh —ma),

(7.2)
1wl +wh +ma) <w < 3(wh + wh +my).

Another region in which the reflection coefficients can
be large, and thus produce a net quark-antiquark asym-
metry, occurs at a slightly lower energy where there is a
coincidence of solutions to the dispersion relation for sy,
or d;, and bg excitations, as can be seen from Fig. 4.
Because of off-diagonal pieces in the matrix M [see Eq.
(6.28)], especially my sin 23 which mixes b and s, these
levels actually repel in the broken phase, producing an-
other region of total reflection in which an (abnormal) sz,
incident from the unbroken phase is reflected to a (nor-
mal) bg or vice versa. This phenomenon produces the
lower energy region of nonvanishing asymmetry which
will be evident in the figures of Sec. IX.

The momentum of the s and d quarks in both these
energy ranges is small compared with wy and wg. This
allows one to expand fermionic self-energies with respect
to momentum and keep only the first term in p. Thus
the scattering can be described in terms of first order
differential equations, as will be discussed next.

B. Basic equations

In Sec. VI we derived the effective Dirac equation
describing the interaction of quark excitations with the
scalar field. Let the scalar field of the domain wall be

= ¢0f(vt - r)7 (73)

where ¢g is the vacuum expectation value of the Higgs
field inside the bubble at T' = T, , v is the velocity of the
bubble wall, and r is the bubble radius. Letting ¢ = 0 at
the moment of bubble formation at r = 0, f = 0 for neg-
ative argument and f = 1 for positive argument larger
than the wall thickness. For sufficiently large bubbles,
the domain wall can be considered as planar and perpen-
dicular to, say, the z3 axis, and in the rest frame of the
wall we have the Higgs VEV:

¢(z) = ¢poF(z3) with F(—o0) =0, F(+o0) = 1.
(7.4)
We will consider the scattering problem in the rest
frame of the wall. In order to solve the problem of reflec-
tion from the domain wall one has to specify boundary

conditions. Particles incident from the unbroken phase
and particles transmitted to the broken phase have a

wave function proportional to

exp(—iwt + ik - z), (7.5)

with w > 0 and g—,:; > 0, while reflected particles have a
wave function proportional to

exp(—iwt + ik - £), (7.6)

with w > 0 and T:‘:Bki < 0. The conditions on 8k guaran-
tee that the direction of the group velocity has the correct
sign.

The equations for antiparticles can be derived from
those for particles by CP conjugation. They differ from
the equations for particles only in one place: everywhere
the CKM matrix K appears, it should be replaced by
its complex conjugate K*. The boundary conditions for
antiparticles are the same as for particles.

The Dirac operator (6.28) is highly nonlocal in space
and time and it is extremely difficult to solve the Dirac
equation as it stands. For a domain wall at rest the non-
locality in time does not matter very much, since energy
is conserved so that every time derivative can be elimi-
nated by % — —iw. The same applies to derivatives with
respect to the coordinates parallel to the domain wall,
smce the momentum parallel to the wall is conserved:
3::2 — ika, 8 — ik;. However, the dependence of the
equation on 9:3 is still nontrivial. The following physical
consideration simplifies the problem substantially. It is
clear that scattering amplitudes should depend strongly
only on k3, being the component of the momentum of the
particle normal to the bubble surface. As we argued in
the discussion of C'P violation, we are particularly con-
cerned to treat reliably the regime of energy in which
the s quark is reflected but the d is not. We shall see
that in this regime the perpendicular momenta are small
compared to w, the energy, so that we can expand the
fermionic kinetic term operator with respect to k3 and
take into account only the first term. (Improvement of
this approximation is discussed in Appendix H.) This
results in a first order differential equation which can be
solved. This kind of approximation is not good at all
for the up quark sector due to the large value of the top
mass. However, as we have argued in the previous section
and shall confirm below, the magnitude of C P-violating
effects in the up-quark sector is not important.

In this paper we solve the scattering problem only for
the case when the momenta of the fermions are normal to
the bubble wall. This simplifies the problem significantly
while giving results which are at least qualitatively appli-
cable. A discussion of the formalism for the general case
is given in Appendix E. We will return to the quality
of this approximation in the discussion of uncertainties
in Sec. X. Henceforth we consider the one-dimensional
scattering problem and denote the coordinate normal to
the wall, previously called z3, simply by z.

The system of equations describing the reflection of
fermions from the domain wall is then
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(w(1+aL+ﬂL)1+i%(l+aL) Muy,p

MU,D

where L and R correspond to up and down components of
two-dimensional Weyl spinors which have 3 flavor com-
ponents. In the plasma rest frame, and neglecting for
the moment corrections due to mass insertions in one-
loop diagrams, the 3 x 3 diagonal matrices o and (3 are
defined as

arup = =PLup=—7 (7.8)

and

Myp =0 My, (7.9)

with wr v,p, My,p and O as defined in Sec. VI. As in
that section, we use the subscript R to generically de-
note the relevant U or D subscript for the right chiral
states. Expressions for finite plasma velocity are given
in Appendix C. Aside from a small (but important) cor-
rection due to W* and Higgs boson masses, and quark
mass insertions in a gluon loop, discussed in Sec. VIB,
the above expressions for @ and 3 are valid in the bro-
ken as well as unbroken phases. For the quantitative
calculations reported below we use the exact expressions
including the change in o and 3 in going from unbroken
to broken phases.

These equations correspond to left chirality particles
incident from the unbroken phase (right particles are re-
flected in this case) and right chirality particles incident
from the broken phase (with left particles reflected). If
the sign of the ia% term is reversed one gets the com-
plementary cases. The treatment of both equations is
similar, so we will deal in this section with one equation
only, in the down quark sector to be concrete.

We introduce new variables

_p(L
Y=R (R)

where R is a diagonal matrix
_ RLL 0
r= ("t pn)

Rir=(Q1+ar)™', Rrr=—-(1+agr)™"

(7.10)

(7.11)

In terms of these new variables the equations can be
rewritten in the convenient form

o .
%—‘I’ = ‘LDR‘I’, (7.12)
where the Hermitian matrix D is defined by
w(l +ar + ﬁL) M
D= . .
(R s dnas) 09

The expression for the baryonic current [see Eq. (6.27)]
in terms of these new variables is simply

w(1+ar +Pr) —ig%(1+a3)) (f%) =0,

(7.7)

[

JB = vtRY. (7.14)

Consider first the asymptotics of the solutions at z —
—oo and £ — +o0o. We can write

¥(z — +oo) — e(xoo) explip(oo)z] ¥y, (7.15)

where p(£o0) are the eigenvalues of the matrix D(+o0)R
and e(%o0) is the matrix whose columns are the eigen-
vectors of D(+o0)R:

DRe=ep. (7.16)

One can introduce also a scattering matrix (which is
determined by solving the Dirac equation) mapping the

incident onto the outgoing wave function:
U, =V¥_ (7.17)

First we note that at £ — —oo all eigenvalues of DR
are real and are given by

l1+ar+p8L .
p,(—‘OO) = p}‘; = w—l——{—La—L£’ 1 < 3, (7.18)
_ l+ar+fBr .
pt(—OO) = p’é = —w——m—, 1> 3. (7.19)

The first three of these correspond to left chiral incident
particles and the last three to reflected right chiral out-
going particles.26

We cannot write the corresponding analytic expres-
sions for the particle momenta in the broken phase in
closed form due to the mixing of the quark generations.
We denote them as

pi(+o0) =p}, i<3, pi(+o0) =pk, i>3.  (7.20)
These momenta are not necessarily real due to the fact
that the matrix DR is not Hermitian. Complex eigenval-
ues appear in complex conjugate pairs (see Appendix A).
Physically, a pair of complex conjugate eigenvalues cor-
responds to complete reflection of some particular quark
flavor eigenstate.

Let us order the particle momenta in the broken phase
in such a way that the first three correspond to prop-
agating modes with positive group velocity or to non-
propagating modes with positive imaginary part (this
will produce an exponentially decaying wave function)
and the last three have negative group velocity or nega-
tive imaginary part.

28Since ar,r and BL,r are negative and proportional to ;1,—,
for small enough w the sign of the momenta will change, but
not the group velocity. Thus our asymptotic behavior is cor-
rect for all w.
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C. Reflection and transmission coefficients

It is not difficult to relate the scattering matrix V to
the reflection and transmission amplitudes. The wave
function corresponding to the reflection (and transmis-
sion) of a left particle incident from the unbroken phase
of, say, the first flavor, has the form, at z — —oo,

1

0

0
T
T3

_ = (7.21)

u
T31
and, at £ - +o0,

11
21
\II 4+ = (3)1
0
0

(7.22)

where r* and t* are the reflection and transmission coef-
ficients to be determined. The overall phase is irrelevant
to us, since we use in the end only the magnitudes of r;;
and t;;.

The wave functions for right-handed particles of the
first flavor, incident from the broken phase, have the
asymptotic behavior, again dropping an irrelevant phase:

T = —00 (7.23)

<
-

-

<
O O WTNTHO
[

U, = , T 400 (7.24)

where 7® and ° are the reflection and transmission coef-
ficients for the particles incident from the broken phase.
Note that the labeling of which flavor is “first,” etc., is
arbitrary and not related between broken and unbroken
phases, except in the limit of no mixing.

If we denote

V= (VLL V”‘) (7.25)

Vrr Vrr
then the reflection and transmission coefficients are

r* = —VzaVar, t*=Vir —VirVaaVr, (7.26)

rb = VLRV[;}%y tb = VR_I; (7.27)

The determination of the scattering matrix V is dis-

cussed in Appendixes A and G. Let us denote the various
reflection coefficients of interest as follows: (r% R)ij is the
reflection coefficient for left particle of flavor j incident
from the unbroken phase, which becomes upon reflection
a right particle of flavor i. r%; is the reflection coeffi-
cient matrix for right particles incident from the broken
phase, etc. Thus, for instance, the r* given in the equa-
tion above would be more precisely denoted as r¥ .

D. CPT properties of amplitudes

C PT-invariance puts a number of constraints on the
reflection and transmission amplitudes. To find them, let
us write all the equations we have for our problem.

(1) For left particles incident from the unbroken phase
we have

7] .

5‘;\1’1 = lDR‘I’l. (7.28)
(2) Left (chirality) antiparticles obey

0 .

5:;‘1/2 =1D R‘I’z (729)
(3) Right particles obey

0 .

8_.’1,"1’3 = —ZDR\I';;. (730)
(4) Right (chirality) antiparticles obey

9 -

One can see that Egs. (7.28) and (7.31) as well as
(7.29) and (7.30) are related by complex conjugation.
Therefore, the reflection and transmission coefficients for,
say, left incident particles are related to those for right
incident antiparticles. Let us find this relation.

As we noted in the previous subsection, and develop
in detail in Appendix A, the solution to Eq. (7.28) can
be written in the form

U, = eEVY,, (7.32)

where Uy is some constant vector and E is a diagonal
matrix whose entries are expli [ pdz| . Evidently, then,

U, =e*E*V*U5. (7.33)
However in this expression at z — —oo, the first three ex-
ponentials in E correspond to waves going from right to
left while the last three correspond to the incident right
antiparticles. To make the calculation of the reflection
coefficients transparent, we wish to return to our conven-
tion in which the first three describe (now antiparticle)
waves going from left to right. Therefore we introduce
the matrix T, with 72 = 1, of 0’s and 1’s which reshuffle
the positions of the eigenstates relabeling the eigenvalues
in the broken phase in the following way:

Uy = e*T2E*T?V*T?V}, TpT = p*. (7.34)
Then, when # — +oo the last three exponentials in
TE*T will correspond to the waves transmitted to the
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broken phase, as desired. If some of the particles undergo
complete reflection from the domain wall then T # 1. If
we denote

(?LL ?LR) =TV*

7.35
Vrr Vrr (7.35)

we see that the reflection coeflicients for right chirality
antiparticles incident from the unbroken phase are deter-
mined by the same V which determined the reflection co-
efficients of L particles incident from the unbroken phase:

F}‘lL = —VL_LIVLR, = VRR - VRLVL_LIVLR, (736)

= VRLVL—Ll, = VL_Ll (7.37)
This means, in particular, that there is no need to sepa-
rately solve all four initial equations; one can solve first
two of them and CPT will fix all other matrix elements.

E. Unitarity constraints

From any of the equations one finds the general state-
ment that the “probability” current (coinciding in our
case with baryonic current) is conserved: namely,

d

—U'R¥ = 0.

dz
From here one can find a number of useful relations be-
tween reflection and transmission amplitudes. In partic-
ular, the following relation holds true at £ — +o0:

(7.38)

VIE*e'ReEV = VIR*V = R, (7.39)
where the matrix R® is defined by
R® = ¢'Re. (7.40)

It is a diagonal matrix when there is no total reflection

(Jir) = / éw—Tr{nF(w’v)uL(RLL)—l[(TZR)fRRRTER_ (FER)TRRHFZR]}’

2

and contains nondiagonal pieces when some of the eigen-
values are complex. From here one finds

t*)'R} pt* — (™)' Rppr® = Ry, (7.41)

(Tb)TRl},LTb - (tb)TRRRtb = —R%p, (7.42)

which reflects the fact that one can calculate the bary-
onic current either from transmission or from reflection
coefficients.

Combining CPT symmetry and unitarity one finds the
following relations between reflection and transmission
coeflicients:

|(rtr)? " Rin/RYy = |(Fhs ) [P RE L/ ¥R, (7.43)
|(r5R) |2 (R R)* /(RS L)
= |(Fhr) P (REL)* /(Ryp).  (7.44)

These relations guarantee the vanishing of any C- and
CP-odd currents through the domain wall in thermal
equilibrium, as will be seen when they are used in the
explicit expressions for currents given in the next section.

F. Baryonic current in terms of reflection coeflicients

One can show (see Appendix D) that the thermal av-
erages of the currents of interest are, for the one dimen-
sional problem:

(1) If we send toward the domain wall an equal number
of left quarks and antiquarks from the unbroken phase,
with the distribution of quasiparticle momenta given by
the Fermi distribution in the unbroken phase, their con-
tribution to the net baryonic current is

(7.45)

where the 7’s are the reflection coefficients computed with K — K*.
(2) The contribution of right quarks and antiquarks incident from the unbroken phase is

(JrL) = / %T‘I{W(w,V)uR(RRR)_l[("EL)fRLLT'éL— (FEL)TRLLF;L]}‘

(7.46)

(3) “Left” particles incident from the broken phase, now using the equilibrium momentum distributions appropriate

to the broken phase, contribute

2m

d _ | _
e =- [ —“—’T&{nF(w,v)u(RzL) (rd p) Ranrtn — (rzn)*Rerznl}.

(7.47)

(4) “Right” particles incident from the broken phase contribute

27

) =- [ f‘ﬂTr{nF(w,v)m<R';m>-1[(rzL)*th§L - (f;L)*R',:Lr-;L]}.

(7.48)
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Here np(w,v)yL,ur,bL,br are the distributions of the par-
ticles in the rest frame of the wall defined in Appendix D.
Note that only propagating modes in the broken phase
contribute to the asymmetry, so that the trace in Eqs.
(7.47) and (7.48) is taken only over eigenstates having
real p% and p%.

The total C' P-noninvariant component of the baryonic
current through the surface is given by

(JP) = (Jir + Jh + I + JRL)- (7.49)
It is the same in the broken and unbroken phases, since
baryonic number is conserved in the interaction with the
scalar field. Left and right fermionic currents are not
conserved, and cannot be defined in the broken phase.
In the unbroken phase they are equal to

(JBY = (Jhp + JiR) (7.50)

and
(JBY = (Jtr + JRL)

QCD sphaleron transitions violate chirality, so that on
time scales long compared to I"(SéD oph ~ 100/T these
currents are not separately conserved, even in the unbro-
ken phase.

In thermal equilibrium with v = 0, all distribu-
tions of the particles have the standard form np(w) =
[exp(w/T) + 1]~ 1. In this limit, using?” Eqgs. (7.44),

(7.51)

Vi) = ~Utn) = ~Ukn) = Vo) = [ GoAWme()

L E@) o
™ Aint, (7.52)
where
A(w) = Tr{(Rrr) '[(rk) ' Reorhr — (Fhr) ' RLL7R]}
(7.53)

thus all C- and CP-odd currents vanish due to the
CPT and unitarity relations between different ampli-
tudes given in Egs. (7.44), as expected.

The main quantity of interest for us is A(w), so in
the next section we turn to the problem of finding the
reflection coefficients. If we are satisfied with the linear
term at small v, we can use the differential equation for
v = 0. Jop will be nonzero due to the difference between
Fermi distributions for the particles incident from broken
and unbroken phases, when v # 0. In fact, however,
keeping the v dependence in the differential equation (see
Appendix C) is quantitatively significant for v’s in the
expected range, v > 0.1, as is reported in Sec. IX where
we parametrize the velocity dependence of A;,; which

*"Since the range of w for which A(w) is nonzero is very
narrow and ng does not change significantly in this range, we
take it out of the integral and evaluate it at the central value
of w: @.

enters JgP as Aipt(v) = A¢(1+(v). In Appendix C it is
shown that for Jgp, Aint(—v) enters.

At small but nonzero plasma velocity v in the wall rest
frame, we saw in Sec. VI A that

1
exp[%(1 — %")] +1°

np(w,v) = (7.54)

For the various contributions to the current enumerated
in Egs. (7.45)-(7.48), we encounter different k’s. For
instance, for J§;, k = k% is the momentum of the R
quasiparticle incident from the unbroken phase. The
main contribution in this region comes from sg or bg
being reflected to sy or dz,. The flavor dependence of
the R-quasiparticle momenta can be neglected as it is
a higher order effect, so k is just the momentum of the
right normal branch?® at @ = 3 (w} +wg), which from Eq.
(6.19) is k% = 3(w? — wgr). For J%, we have right nor-
mal branch excitations incident from the broken phase.
Thus k for this case has the opposite sign as for Jg; .
Moreover since the right branch does not shift in going
from broken to unbroken phase, the magnitude of & is
the same as in the previous case, so k = —k%. For J}p
and J? the incident excitation is left abnormal. As we
saw in Sec.VI A the abnormal branches have k opposite
in sign to the group velocity, which must be positive for
particles incident from the unbroken phase and negative
for particles incident from the broken phase. Thus for
J2p we have k = +k%, Since total reflection occurs at
the value of @ for which levels cross in the broken phase,
k% = k%. Similarly, for J¥z we have k = —k}, where

¥ = 3(w} — @). Neglecting the shift in going from the
unbroken to broken phase for the average of wy and wg
compared to the shift in that difference, we have from
Sec. VIB that (w8 —wg) = (1— %‘Tﬂ)(wz —wR), so that
kY = 3(w} —wr)(1+ 4Mw ) Combining the above with
Eq. (7.52) gives

int
2
+np(@ + kjvy) — np(@ — kpve)),

Jep = [np(@ — kjvy) — np(@ + kivy)

(7.55)

where the terms come in order from Jg;, J7 R, J}’u/, and
J}:R and v,,, vp > 0 are the velocities of the plasma in the
wall rest frame in the unbroken and broken phases. In
general the temperature differs slightly in going through
the wall and that can be taken into account if quantita-
tively relevant. If the actual distribution functions are
not those of thermal equilibrium, say because the wall
carries along particles in front of it, then the true distri-
butions may be substituted for the equilibrium distribu-
tions we have assumed.

For the quasiequilibrium assumption of equal tempera-
tures and equal velocities, we can make the small velocity
expansion of Eq. (7.55). In this case, contributions from
J%, and J%; cancel to leading order in the flavor depen-
dence of the fluxes, leaving

28Recall that there is no need to distinguish between w} and
b
wg.
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Jor = 52 np@)[1 - np@))(k}, - Kh)o.

= (7.56)

Inserting the expressions obtained above for k} and k},

2 .
and using (w} — wg) ~ 32T gives

Jop = %np(u‘))[l — np(@)] (7.57)

We can also consider, as an extreme alternative, the
case when the distribution functions vanish in the bro-
ken phase, corresponding to all quarks (in the relevant
energy range) being swept along by the wall. Now the
v dependence of Ay (see Appendix C) is of the same
order as the v dependence from the fluxes. Taking
Aint(v) = Ao(1 + (v), we find

1
JCP = 57_|' ['nF((D — k}‘{’uu)Aint('U) - nF(‘D + k'[‘,vu)Aint(—’U)]

~ %np(a) (2( +[- nF(o)]s(‘"E—“"R)) v,

w

again having expanded for small v.

VIII. SOME ANALYTICAL RESULTS

Some properties of the fermions’ reflection from the
domain wall can be studied analytically. Namely, the
case without fermionic mixing allows an analytical solu-
tion for some specific profiles of the domain wall, while
the real case with mixing can be solved perturbatively in
a thin wall approximation.

A. No mixing

If mixing between different quark flavors is absent and
the kinetic term is independent of the VEV,?° then the
quark scattering problem simplifies significantly. We
have just two differential equations for the scattering
problem, which can be transformed to the equation for a
hypergeometrical function for some profiles of the domain
wall. For instance, for

1

F(z) = 1 + exp(—azx)

(8.1)

the problem can be converted to one which is solved
in, e.g., Ref. [71]. We do not go to the details of the
derivation and only present the result. The differential

J

In(e) = exp [i (PRSP 1 V) o] P (5 - L@+ VE), 1@ - VE)1 - 2VEi )

and

2

Ly(z) = exp [z (ML—) - «/Z?‘) a:] F (% - -Z—(w - VB), 2(@ +VB),1+ ?\/1_3; —e*“) )

(7.58)

=

equations describing the scattering of the fermion on the
domain wall can be written as

(7]
(8.2)

g
u i— |R =
MLL+ (pR“l"Lam) 0,

where Mp p = M/(1+ ar r), and pf p are as defined in
Egs. (7.18) and (7.19). M in this expression is the Higgs-
induced mass in the broken phase, = Mr—¢ (\XE—%%) .

Introduce

ng(wamm 1+an+ﬂn) _PL—PR
=5 =

1+ ar 1+ ag 2
(8.3)
and
B 2 M
=w - . 8.4
Y T U+aer)(1+ar) (84)

There are two solutions to this differential equation.
They are

(8.5)

’
a

(8.6)

2°That is, ar,r and Br g are x independent, as is the case when mass corrections to loops in the broken phase are dropped.
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The right-handed component of the wave function corre-
sponding to these solutions is given by

Rj(z) = Ml—R (pz + i%) Lj(z).

Here F(a,(,7;z2) is the usual hypergeometric function,
whose asymptotic behavior fixes the reflection coeffi-
cients. The result can be cast into the form

(8.7)

rml? = (i{%}) 2w), (8.8)

ol = (125 ) ) (89)
with

y(w) = sinh27m(@ — vVB)/a (8.10)

sinh27(@ + vVB)/a

for B> 0,and v =1 for B < 0.
If the energy of the fermion is much higher than the
barrier height, then

ol = 2rM? exp [~ 27
L-R| = (1 +4(1L)20.G.3 P —-a .

As expected, reflection from the domain wall is sup-
pressed by the semiclassical exponent in this case. Note
that this dependence of the amplitude on M can be in-
terpreted as reflecting the perturbative coupling of the
fermion to the Higgs potential. On the other hand, in
the energy region where total reflection occurs (B < 0)
the amplitudes are of order 1. In this energy regime per-
turbation theory in Yukawa coupling constants does not
work.

Complete reflection of some flavor corresponds to the
case when B < 0. With m; = 150 GeV, m. = 1.6 GeV,
m, = 5 MeV, mp =5 GeV, m, = 0.15 GeV, and myq =
10 MeV, T = 100 GeV, and the temperature-dependent
Higgs VEV such that mw (T.) = 50 GeV, ie., VEV=
150 GeV, the regions of total reflection (ignoring flavor
mixing) are (1) for the ¢t quark, w < 117.764 GeV, (2)
for the ¢ quark, 47.892 < w < 48.886 GeV, (3) for the
u quark, 47.384 < w < 48.387 GeV, (4) for the b quark,
49.491 < w < 52.531 GeV, (5) for the s quark, 48.146 <
w < 48.237 GeV, and (6) for the d quark, 48.188 < w <
48.194 GeV.

It is interesting to note that, contrary to expectations
based on the zero-temperature dispersion relation, the re-
gions of complete reflection are in general limited by some
minimal and maximum values of energies. The reason is
the peculiar dispersion relation of the thermal excitations
in the hot plasma: as p is increased from p = 0, the en-
ergy of the abnormal branch initially decreases with in-
creasing momentum, as shown in Figs. 1 and 2. We also
note that the region of d-quark reflection lies inside the
region of s reflection, and u quark reflection lies inside
the region of ¢ reflection. The interesting region of w is
shown in Fig. 4. As we shall see in the section on numeri-
cal results, the region of w in which the momentum of bg
is nearly degenerate with that of sy or dy also produces

(8.11)

total reflection, with a bg incident from the unbroken
phase being reflected as an sz.

The consideration of this subsection confirms that the
interesting part of phase space is the region where reflec-
tion is substantial. Consideration of the thin wall ap-
proximation, with CP effects taken into account, allows
one to be even more specific.

B. Thin wall approximation

Many properties of the fermionic interaction with the
domain wall can be seen already in thin wall approxima-
tion. In this subsection we will suppose that the function
F in Eq. (7.4) has the step form

F(z) = 0(x). (8.12)
Now the solution of the Dirac equation for all z < 0 is

¥ = exp(ip“z)¥o, (8.13)
and, for z > 0,

¥ = eexp(ipba:)V\Ilo. (8.14)

We will suppose that the matrix of eigenvectors and
eigenvalues are known in both the unbroken and broken
phases and that the first three eigenvalues in the broken
phase correspond to the transmitted waves, as has been
our convention. The aim is to determine the scattering
matrix, V. The wave function is continuous at z = 0,
giving the very simple relation

V=el (8.15)

The reflection coefficients, which are determined by V
[see Egs. (7.26) and (7.27)], can therefore be expressed
via the £ — +o00 eigenvalue matrices; e.g., for incident L
quark by using Ve =1 we find

rt = eRL(eLL)_l, r® = —(eLL)“leLR‘ (8.16)

Now let us consider the propagation of the antiparti-
cles. The corresponding equation for them is

~8—\Il =1D*RY, (8.17)
Oz

with their eigenvalue problem in the broken phase giving
D*Re = &p’. (8.18)

As demonstrated in Appendix A, one can prove that the
set of p® and p° are the same. This is fundamentally a
CPT theorem result. We choose a basis in such a way
that pb = pb.

With these simple relations we can investigate in which
ranges of energy CP-violating effects can be important.
Suppose first that all particle modes can propagate in the
broken phase. This means that all eigenvalues are real in
the broken phase. Making then a complex conjugation
of Eq. (8.18) and comparing to Eq. (7.16) one finds that

g =e* (8.19)

and, therefore, V = V*. This means that reflection co-
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efficients for particles are precisely the same as those for
antiparticles. Therefore, in thin wall approximation, one
cannot expect any CP-violation effects in this region of
the phase space.

The other extreme case is also quite simple. Suppose
that all eigenvalues are complex so that all fermions are
completely reflected from the domain wall. Clearly no
separation of baryonic number can occur here.

Now, let one fermionic flavor be reflected while all oth-
ers are transmitted. This means, that, e.g., p% and p} are
complex and p¢ = (p})*, Imp® > 0 (by our convention).
Then, complex conjugation of Eq. (7.16) for particles
does not give (8.18). Instead, we get

e=¢e'T, (8.20)
where

T?=1, TpT =p*, T #1. (8.21)
So we have

V=TV* (8.22)

and reflection coefficients for particles and antiparticles
are different [see (8.16)]. The same conclusion is true also
for the case when two quark flavors are reflected.

It would be nice to have an analytical expression for
the asymmetry covering the whole range of quark masses
and mixing angles. Unfortunately, it does not generally
exist even for the case of the thin wall. Since we have [Eq.
(8.15)] V = e~ !, simply finding the eigenvectors in the
broken phase is sufficient to solve the problem. However
doing this requires finding analytically the roots of a sixth

det (w(1+aL +,3]1(/I)—p(1+aL) -M

The solution, using the notation defined in the previous
subsection, is

p+ =w+ VB. (8.28)

The reflection coefficient for R — L with no mixing is

1+ag
M

with the root chosen so that » — 0 when M — 0.

The physical case with mixing can be solved by per-
turbation theory in mixing angles. Equation (8.26) pro-
vides an ideal recursion procedure for that. For re-
gions of w with flavor-diagonal total reflection one writes
r =ro+0r, M = M +6M, where § M is the nondiagonal
part of the mass matrix M, and defines 6r order by order
in mixing angles. The expansion parameters are roughly

(6M);;

doa

ro = (@ £ VB), (8.29)

(8.30)

where

order polynomial, which is not generally possible as is
well known. However we can proceed perturbatively in
the mixing and obtain some useful insight.

Rather than deal with the 6 x 6 matrix e, we derive an
equation for the reflection coefficient %, a 3 x 3 matrix.
From the eigenvalue equation [Eq. (7.16)] in the broken
phase, DRe = e p®, one can show

pterr + MRRrrerr = eLrps, (8.23)

(8.24)

Now, multiply Eq. (8.23) by the matrix eZ}J from the
right and Eq. (8.24) by ey} from the left. Then insert
pY defined by the second equation into the first equation.
The result of these transformations is

M'Rprerr + pherr = errp.

pL + MRRRCRLCZ[I,

= eLLeE}IMfRLL + eLLeEEpEeRLeZ}J. (8.25)

Then, using the fact [Eq. (8.16)] that the matrix r of
reflection coefficients for R particles incident from the
unbroken phase can be written r = eg LeZ}I, we arrive at

rp} — PrT + TMRRRT = MIRLL. (8.26)

We will solve this equation perturbatively. Let us start
first from the case without mixing. The eigenvalue prob-
lem for one flavor, using the linear Dirac equation since
p is small, can be written (see Sec. VII) as

w(l+agr+ Br) +p(1 + aR)) =0 (8.27)

dit = (PL)k — (PR)1 + (oM RRR)kk + (roMRRR)u-
(8.31)

The procedure is straightforward, and the calculation can
be done with the use of MATHEMATICA or MAPLE. For
the region of w with off-diagonal bg — sz, reflection, one
first rotates the basis and the equations become more
complicated, but present no fundamental problem. 7 is
obtained in the same way as r with dcp = —dcp. Since
in regions of total reflection r¢ is complex [see Eq. (8.29)],
r # 7. A nonzero asymmetry first appears in the third
order of perturbation theory, as expected, since mixing

30These results are for the case that the kinetic term is VEV
independent, i.e., w} = w¥. More generally, the Pi,r Which
appear should be replaced by p®; p, the broken phase eigen-
momenta for M = 0.
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between all three generations is essential.

The full expressions are too lengthy to be quoted here;
however, if we make further approximations, valid for
p/w << 1, we can obtain a more compact result as fol-
lows. We present here the result of the computation of
the asymmetry in the region where only the s quark is re-
flected. We shall work in the approximation in which the
velocity of the domain wall is equal to zero and mass cor-
rections to the left-left and right-right transitions in the
broken phase are neglected. Modifications of the result
for more realistic cases is discussed later. Recall that the
quantity A in which we are interested is defined by Eq.
(7.53). It is convenient to redefine reflection coefficients
in the following way:

r=7K'O'Ryy. (8.32)

In terms of 7, Eq. (8.26) for the reflection coefficients is
FK1O'pt OK —p%i+7KTOTRL, L OK MR = M1,
(8.33)

where M is the diagonal down quark mass matrix at 7.
(recall that M = OKM for the charge —1/3 sector).
The expression for A is a bit more complicated in this
basis and contains the matrices K and O. There are two
nondiagonal entries in Eq. (8.33). Namely, the second
term on the left contains the momenta of charge —1/3
quarks in the unbroken phase rotated by the matrices
O and K, and the last term contains the rotated matrix
Rr1. Now let us take advantage of the fact that reflection
of the s-quark occurs at small incident particle momenta,
so that an expansion with respect to p/wp can be used.
In zeroth order in this expansion, Rr;, = —Rgr = 3/2,
and

A = ITx[ftF - 717, (8.34)
One perturbs in the nondiagonal pieces of KTOfp% OK,
which are to a good approximation

3mawT? KIM2K

8.35
16 wME, (8.35)

In the limit my, m, € w, mg = 0, r3amp > m,, and
p} — py for the b quark <« my (which are actually quite
good approximations as long as m; ~ 150 GeV) the ex-
pression simplifies to

3 .
mawT?\ "~ mim2s12s23813sindcp
Im(rs),

Alw) = -2 ( SoMZ mim,
(8.36)

where all masses are taken at high temperature and r, is
the reflection coefficient for the strange quark given by
Eq. (8.29).

The dependence of this result on quark masses has a
simple physical interpretation. Let us work in the basis of
7, where the bubble wall presents a diagonal barrier, i.e.,
the basis of zero temperature physical quarks. The main
contribution to the amplitude for s — s, i.e., the contri-
bution which is present even when mixing angles are zero,

50

we call r,. When there is total reflection the reflection
coefficient has unit magnitude but a nontrivial phase, so
r, = €%, However the incident s quark actually is a
mixture of the broken phase eigenstates which we could
call dy, sp, bp. Thus there are additional contributions to
the amplitude for s - s coming from “paths” in which
another quark is present as an intermediate state. CP
violation is first encountered when one considers paths
such that, for instance, the b, component of the s re-
flects, and is projected back onto the s via a d. Thus we
have an amplitude which is of the form

€ + Ay in 5)To A in ) A(d in #)- (8.37)

The path in which an intermediate d is reflected makes
a negligible contribution as long as the d is not totally
reflected, since then ry ~ my4 and is thus very small com-
pared to r,. Note that as long as the b is not totally
reflected, r, is purely real. From standard perturbation
theory, the amplitudes A(; i, ;) are just the relevant mix-
ings divided by the level separations. Thus from Eq.
(8.35) we have, e.g., A(gin 5) ~ :li’é’f—:lﬁw;imgsm, divided
by the level separation, m,. From A( ins) - A in a)
we have (———-W,———_fg;aMfz)2m§523sl3eisc“’, divided by the 2-
3 and 1-3 level splittings. Some care must be taken
to determine them, using Egs. (8.35), but one finds
=~ 1 /m2, which is anyway the naive guess when
the momentum of the bottom quark is small. Therefore
the relevant portion of the amplitude for s quark reflec-
tion is

(8.38)

2\3 .2 4
~ eibr 4 3rawT mcmt523313312€iscp
16wM3Z, mem? ’

where ¢ is a constant of order 1. Taking the absolute
value squared of this, minus the corresponding quantity
with dcp — —dcp for the antiparticles, then produces
the form seen in the actual analytic result above. Of
course to get the overall coefficient and do the sum over
flavors requires the real calculation outlined earlier in this
section.

This heuristic derivation is useful for realizing that the
quark masses which appear in the denominator of (8.36)
are just the usual level-splitting denominators in pertur-
bation theory. It shows us that as long as the levels are
split by m, # myg, so that there is a region in which the
s but not the d quark is totally reflected, the asymmetry
is actually enhanced by a near-degeneracy in the levels,
since that increases the intergenerational mixing which is
essential to the asymmetry. Clearly, when the masses of
the b and s quarks go to zero, perturbation theory breaks
down and Eq. (8.36) does not hold. Furthermore, we see
from yet another point of view how the total reflection
of one or two quark eigenstates is crucial to obtain a
nonvanishing asymmetry: had there been no total reflec-
tion, the only phase in (8.38) would have been the CP
violating phase dcp, and there would be no asymmetry
in rates, as is familiar from B physics, where the neces-
sary interference is between a C'P violating phase and a
strong interaction final state phase shift. In the case at
hand, the only source of a phase shift to interfere with
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the CP violating phase is the phase shift which devel-
ops when the reflection is total, as is evident from Eq.
(8.29). The resultant asymmetry is proportional to the
product sindcp siné,, and the shape of the upper peak
we will see in the numerical results reflects the shape of
the function siné, = Im(r,) as the reflection phase shift
moves from 0 to «.

Taking into account the mass corrections to the left-
left part of the Dirac operator, discussed in Sec. VIB,
requires one to replace m?2 in Eq. (8.36) with

16a, M2 «T 1

2 2 s My

m< — —m — =W (ln— — + =} -1].
¢ € [371‘2aWT2 (nmc v 2) ]

(8.39)

This is because the dispersion relation, when modified for
this correction, can be rewritten in its original form with
that substitution. The correction due to bosonic masses
in the broken phase can be incorporated by replacing aw
in Eq. (8.36) with aw (1 — 2Mw),

For nonzero but small velocities the result increases
by a factor [(1 — v/3)(1 + v)]® for J3; and J2; while
for J¢p and J%, the same factor appears with v — —v,
due to the velocity dependence of the coefficients ar, g
and B gr (see Appendix C). For physical quark masses,
the analytic result presented here reproduces the exact
numerical result in the region of the upper peak for which
Eq. (8.36) is applicable, to about factor-of-2 accuracy.
Keeping terms of order p/w is necessary to do better
than this.

The total asymmetry also includes a contribution at
a slightly lower energy from b — s reflection which is
comparable in magnitude to this contribution and of the
opposite sign. Thus as parameters change, the sign of the
total predicted asymmetry can change as shall be seen in
the next section, and for a quantitative description we
must do the full calculation.

We see that the asymmetry in the up-quark sector is

e, 2
suppressed by a factor of roughly %g%% ~ 10711 and is

therefore numerically unimportant, as argued heuristi-
cally in Sec. II.

IX. NUMERICAL RESULTS FOR A

The analytic results of the previous section are help-
ful for our comprehension, but we wish to go beyond a
perturbative expansion in the mixing, in particular not
to miss level-crossing phenomena, and also to investigate
the dependence of the result on wall thickness. This must
be done numerically.

In this section we present the results of our full compu-
tation of the baryonic asymmetry current. We solve nu-
merically the one-dimensional quantum mechanical scat-
tering problem for the thermal Dirac equation (6.28) us-
ing the methods described in Appendixes A and B. We
neglect the shift in the broken phase kinetic term due
to mass corrections for thermal W* and Higgs boson.
The differential equation is solved twice, once using K
and once using K*. As described in Secs. VIIC and
VIID, this enables us to determine all the reflection and

transmission coefficients which we need, for particles and
antiparticles of both chiralities, incident from either the
broken or unbroken phase. We can then determine the
various contributions to the baryonic current, using the
formulae of Sec. VIIF. In this section we present our
results for this current.

We take as our “canonical” values of parameters: m; =
150 GeV, m. = 1.6 GeV, m,, = 0.005 GeV, mp = 5 GeV,
m, = 0.15 GeV, mq = 0.01 GeV, 815 = 0.22,823 =
0.05,5;3 = 0.007, sin(écp) = 1, Mw(Te) = 50 GeV,
T. = 100 GeV,3! and inverse wall thickness [see Eq. (8.1)]
a = T/10. Our result is proportional to sindcp. As we
shall illustrate with a series of figures, the total asymme-
try current depends sensitively on some quantities, and
little on others. Figures 5-8 shows A(w) as a function
of w in the range of w for which the total asymmetry is
non-negligible, for several choices of masses and mixing
angles.

For the canonical values of the masses and mixings, the
region of total reflection of the s, found in the section on
analytical results, is w = 48.15 — 48.24 GeV. This can
be seen to coincide with the region of the upper pair
of peaks in Fig. 5. The “notch” between them, from
w = 48.188 — 48.194 GeV, is the region in which both the
s and d is totally reflected. As can be seen from Fig. 4
and was discussed in Sec. VII, the broad peak of opposite
sign at lower w corresponds to a region of w in which

6x10-81— i : —

4x1078[
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FIG. 5. Dependence of A on w, in GeV, for the “canon-

ical” choices of masses and mixing angles, and wall velocity
v=0.

31While T and Mw (T.) are not precisely known, from (8.36)
one sees that it is the ratio Mw (T¢.)/T. which is important.
This ratio is constrained to be near 1/2 from the requirement
that the sphaleron rate in the low temperature phase is suffi-
ciently suppressed.
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FIG. 6. Dependence of A on w, in GeV, for m¢ = 90
GeV and the “canonical” choices for the other masses and
the mixing angles, and v = 0.

the momentum of the bg» becomes degenerate with the
momentum of the sy« or dr« somewhere in its traversal
of the bubble wall, inducing resonant level crossing and
total reflection to an s or d quark.

The interpretations we have given above of the peaks
are borne out by their dependence on the quark masses
and CK M parameters, as seen by comparing the various
figures to one another. The width and positions of the
upper peaks are very insensitive to changes in the mixing
angles, or to changes in any masses other than m, or
mgy. By contrast, the position, width, and shape of the
lower peak is very sensitive to the mixing angles and m;.
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FIG. 7. Dependence of A on w, in GeV, for m,; = 210

GeV and the “canonical” choices for the other masses and
the mixing angles, and v = 0.
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FIG. 8. Dependence of A on w, in GeV, for 625 = 0.01

and the “canonical” choices for the masses and other mixing
angles, and v = 0.

The height of the upper peaks is given to within ~ 30%
by the thin wall analytic expression (8.36), and varies
qualitatively correctly as the relevant masses and mixings
are varied.

In the regions between the peaks, the asymmetry is less
than ~ 1072, consistent with zero given our numerical
precision. This confirms our expectation that the asym-
metry is negligible except in a region in which either the
s or the d, but not both, is totally reflected.

The character of the lower peak is sensitive to the
top mass and the intergenerational mixing, particularly32
023. Moreover it has the opposite sign and the same order
of magnitude as the upper peaks. Thus as m; and 63
are varied, the sign of the total asymmetry, integrated
over w, can change. This can be seen by comparing Figs.
5, 6, 7, and 8. The integrated asymmetry, A is shown in
Fig. 9, over the range 90 < m; < 250 GeV. For m; = 90
GeV, the sign of the asymmetry current is negative, then
changes to positive [for positive sin(dcp)] for larger m..
Its magnitude increases by a factor of 4 in going from
m; = 150 — 210 GeV, and decreases by a factor of 2
(50) in going from m,; = 150 — 130 (110) GeV. Figure
10 shows the sensitivity of the integrated asymmetry to
@23, which is far from “perturbative” in the physically
interesting region, due to growth of the lower peak. On
the other hand, for values of sin(6;3) < .01, the baryonic
current is linear in sin(;3), so we give no figures for that.

320ne can crudely estimate its width and location in analogy
to the argument used for the upper peak, as follows. Since it
occurs on account of the level crossing of the sy and bgr dis-
persion curves, one can approximately use Eq. (7.1) replacing
the mass of the s quark with the mixing-induced contribution
of the b quark, so that the width of the peak is ~ ms sin(623)-
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We have checked that when charge +2/3 sector masses
are made degenerate, e.g., m, — M., the asymmetry also
vanishes. This occurs through a reduction in the size of
the asymmetry for all w.3® When mqy — m, the notch
between the upper peaks grows until there is nothing left,
with the magnitude of the asymmetry inside the peaks
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FIG. 10. Dependence of Ajn: (in GeV) on sin(623).

331f m., is varied from 0.005 to 1.4 GeV the asymmtery de-
creases by a factor of 6, although neither a linear nor quadratic
dependence on mass differences provides a perfect fit over this
entire mass region, as is not very surprising.

staying approximately constant and the magnitude of the
negative peak vanishing like m2 — m2. We give also, in
Fig. 11, the dependence of the total asymmetry on mg,
mainly for its conceptual interest, since the value is well
enough known to not be a major source of uncertainty. It
is interesting however that had the bottom mass been 2
GeV lower, CKM CP violation would have been insuffi-
cient to account for the BAU in this mechanism, at least
for 3 generations.

An important result, shown in Fig. 12, is the rel-
ative insensitivity of the asymmetry current to a, the
inverse thickness of the wall, for wall thickness up to
~ (20 GeV)™1, and then strong increase for large wall
thickness. As previously noted, the result does not vanish
for zero wall thickness. Furthermore, as could have been
anticipated, the positions of the peaks are independent
of a. A thick wall enhances the asymmetry, although the
quantum mechanical approach becomes invalid when the
wall thickness is greater than the quasiparticle scattering
length.

Modifying the expressions for ar r and B g to cor-
respond to their finite velocity expressions, given in Ap-
pendix C, we can rerun the program to have an idea of
the dynamical effect of finite wall velocity. The left bary-
onic asymmetry increases as v is increased, as shown in
Fig. 13. Using the linear approximation to the dispersion
relation, the asymmetry reaches a maximum at v = 0.25,
where Ay is a factor of 4 greater than at v = 0. We
cannot trust the results of the linear approximation for
larger v, because the value of p/w corresponding to the re-
gion of total reflection increases rapidly for v 2 0.25, with
p/w=>0.4 for v20.3. However blindly using the small
p/w and high-T' approximation formulas, even outside
the region where they can be trusted, suggests that Ay
may not continue to increase, and may even decrease, for
v > 0.3. Thus although the figure suggests that A;; will
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FIG. 11. Dependence of Ain: (in GeV) on ms(T = 0), in

GeV.
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thickness a, in units of T = 100 GeV, other parameters having
their canonical values.

continue rising for larger v, that may be misleading and
further work is necessary to know what actually happens
for larger v. For v <0.25 we can use the linear approx-
imation Ajn(v) = Ag(l + (v) with Ay = 2.3 x 107°
GeV and ¢ = 12. We remind the reader that for nonzero
v, JBp is determined by the usual equations but with A
determined using —v (see Appendix C).

As noted in Appendix E, a remnant of GIM cancel-
lation between the asymmetry for s(3)p — d(d)r and
that for s(5)g — s(8)r suppresses the total asymmetry
by a factor ~ 102-10% in comparison to the asymmetries
in individual flavor channels. Figure 14 demonstrates
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FIG. 13. Dependence of Ain: (in GeV) on wall velocity,
other parameters having their canonical values.
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vidual reflection sg — di. Also shown is the sum of this
asymmetry and that for sg — s, which is practially equal
and opposite, so that the sum is 2-3 orders of magnitude less
than the individual asymmetries.

this point, for “canonical” masses, mixing and v = 0,
by showing the individual s — dy vs 5 — d asym-
metry, and the sum of it plus the spg — s asymmetry.
If there is some mechanism which we have not incorpo-
rated in this calculation which lifts this degeneracy, e.g.,
by a flavor-dependent modification of flux factors, then
the result could be 2-3 orders of magnitude larger than
we find.

The quantitative results presented in this section raise
some interesting questions. Firstly, how does the sensi-
tivity to m; and my arise, given that the heavy quarks
might be expected to decouple from the scattering of the
light quarks? Since at least three generations are required
for there to be C'P violation, it is clear that they cannot
decouple altogether, but one would like to understand the
mechanism through which they exert their influence. Sec-
ondly, how do the properties of the charge +2/3 quarks
manage to affect the CP violation in the scattering of the
charge —1/3 quarks? For instance we could have removed
the KM phase from the charge —1/3 sector and put it in
the charge +2/3 sector, where one might have thought
that it could not affect the scattering of the charge —1/3
quarks at all, and would have transferred the effect to
the +2/3 reflection coefficients, which on account of the
larger splitting between ¢ and u might have produced
a bigger effect. Of course this does not happen, since
the physics must be independent of the convention as
to which sector contains the KM phase. Moreover an
appropriate measurement at the time of the EW phase
transition could have determined that the baryonic asym-
metry was in the charge —1/3 sector. Similarly, it must
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be3* the case that if two quarks of the charge +2/3 sector
were degenerate in mass, the asymmetry in the reflection
coefficients in the charge —1/3 sector would disappear.
But how do these consistency requirements on the scat-
tering get enforced? Appendixes F, G, and H, are de-
voted to developing the technology necessary to answer
these questions. Using those techniques one can see that
heavy quarks do not participate significantly in the scat-
tering, but do participate in the fixing of the eigenstates,
and play their crucial role this way. The independence
of the convention as to which charge sector contains the
KM phase arises because it is the change in the rela-
tive phases of the eigenstates when the bubble wall is
traversed which matters, and this is independent of con-
vention. It is nonvanishing in the charge +2/3 sector,
just much smaller than for the charge —1/3 sector. Like-
wise, the masses of the charge +2/3 quarks play a role
in fixing the charge —1/3 eigenstates, both in the broken
and unbroken phases.

X. PREDICTION FOR np/s AND DISCUSSION
OF UNCERTAINTIES

A. Prediction

In Eq. (5.21) we found the relation between the left-
baryonic current and the ultimate baryon number density
in the low-temperature phase: ng = 1—52Jcp fspu(p), in
quasistatic approximation. We have given in the previous
section our results for A;,:, which determines this cur-
rent, in the one-dimensional problem. From it, we might
attempt to estimate the current corresponding to the full
3D problem. As explained in Appendix E, this cannot
be done reliably. Instead we divide the one-dimensional
current by the one-dimensional entropy corresponding to
the known particle content at the temperature of the EW
phase transition:

BT _ 76.44T,

S1-a= (10.1)
and insert a factor fzg as a reminder of this source of
uncertainty.

The results for A;,; shown in the figures of the previous
section must be multiplied by sindcp. We can reexpress
sin dcp in terms of J = sin(6;2) sin(f13) sin(f23) sin(dcp),
in order to reduce the overall uncertainty due to CKM an-
gles and phase, since this combination is relatively better
constrained than the individual angles and phase. The
“one-sigma” range on J, (1.4—5.0) x 1075, obtained from
a global fit [59] to data, allows us to replace sindcp in
Ajnt by

J
(0.22 x 0.05 x 0.007) = (0.2—-10.7).

We have seen that the final asymmetry is sensitive to

(10.2)

34 And, we checked, it is.

the asymmetry in the fluxes from broken and unbroken
phases, and have considered two extreme models of this.
In the first, the only deviation from perfect equilibrium
comes from the nonzero velocity of the plasma with re-
spect to the bubble wall, taking it and the temperature to
be the same on both sides. In this case, using Eq. (7.57)
to find Jop from Ay and taking my = 150 GeV, and
otherwise “canonical” values as defined in the previous
section, we obtain, to leading order in v,

3 12
ng/s~ mJCP?fsphfliD

A
=(2-8) 10—5?0 v foph fap

=(1—-4)x107 2y . (10.3)
For the other extreme of no flux from the broken phase,

we use Eq. (7.58) to determine Jcp from Ay and find

np/s~ (3—9) x 107 f.on(p) fap.

The range in the parentheses reflects the uncertainty
in J, the product of sines of CKM angles. Letting m,
be 135 (180) GeV multiplies the above results by about
2/3 (2). We shall discuss other sources of uncertainty
below.

First, however, let us note that comparison with the
observed asymmetry, ng/s ~ (4 — 6) x 10711, is quite
encouraging. Not only is the magnitude in the right ball-
park, the sign is correct as well.3> This is highly non-
trivial, given the intricate dependence of A(w) on quark
masses and mixing angles as discussed in Sec. IX. How-
ever until a number of uncertainties in our calculation
and in the theory of the electroweak phase transition are
removed, and quasiparticle behavior in that environment
is better understood, this result can only be taken as in-
dicative that minimal standard model physics can be re-
sponsible for the observed baryon excess of the universe.
We now turn to a discussion of the factors fypn and fap,
and a critique of the calculation which we have done to
obtain Ajy.

(10.4)

B. Sphaleron efficiency factor, f,pn(p)

The sphaleron efficiency factor fs,n(p) depends a lot
on whether the wall perturbs the fermionic distribution
functions in its vicinity. Recall that if the quasiequi-
librium approximation employed in Sec. V is valid,

35To be precise, only the sign of the product B sindcp is
actually measured at present, where B connects quark matrix
elements to hadronic matrix elements for the K meson. If it
is positive as is generally believed to be the case, then J is
positive and our prediction has the same sign as observation,
namely, a baryonic, not antibaryonic excess. Fortunately, the
sign of sindcp can be separately determined experimentally,
given the correct set of measurements [72].
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fepn(p) = 1 when p = %?—E > 1, while for p <
1, fepu(p) = 3p. In order to estimate p we need rather
detailed knowledge of the high temperature environment:
the sphaleron rate, velocity of the domain wall, and, to
estimate Dp, the mean free path of the quasiparticles.

Assuming the wall does not disturb the quark distri-
bution functions, which is correct for walls thicker than
a typical mean free path, the rate of sphaleron transi-
tions in the unbroken phase directly enters the expression
for the final baryonic asymmetry through the function
fspu(p), with p = 328L and3® T = 9T, ,/T3. Only two es-
timates of the sphaleron rate in the unbroken phase have
been made [73-75] so far. In the first, an attempt was
made to analytically compute the rate of sphaleron tran-
sitions, taking some sphaleronlike configuration (namely,
the standard instanton in A, = 0 gauge at ¢t = 0) with
a fixed size and half integer topological number, and
then integrating over the size of this configuration. This
yielded the estimate [73]:

Tsph ~ 20(awT)* ~ 2 x 107°T*. (10.5)

It is not clear how reliable the analytical calculation is,
since the corrections to it are not under control.3”

In Refs. [74,75], lattice simulations of the sphaleron
transitions were performed. A lower limit was found to
be38

Lsph 2 0.45(awT)*. (10.6)

The actual sphaleron rate may be much larger than this
lower limit, and to find it with better accuracy much
larger lattices and larger values of the lattice coupling
B¢ must be used. In addition to the usual lattice arti-
facts (finite spacing and finite-size effects) which make
it difficult to accurately estimate the sphaleron rate on
available computers, there is also a subtle problem con-
nected with the renormalization of the Debye screening
mass in three dimensions. This problem, however, is not
supposed to affect the main conclusion of Ref. [75].3°
We shall take ',y = 10~5%17 for our estimates below,
although given the many uncertainties and inadequacies
of the existing estimates, the actual value may well wind
up outside this range.

The parameter p also depends on the velocity of the
bubble wall which has about one order of magnitude un-
certainty [60, 40,41, 61] v ~ 0.1 — 0.9, and on the quark
diffusion constant, Dg, which has never been calculated.
Roughly speaking, Dp is the quark mean free path which
has been estimated to be A ~ 4/T [40, 41] based on
strong interaction scattering cross sections. Another sim-

36See Sec. V.

37Estimates of the prefactor for the sphaleron rate in the
broken phase differ by many orders of magnitude [76-78].

38The values of & in Table 4 of Ref. [75] must be multiplied
by the factor 4.4, due to an arithmetic mistake in Eq. (50),
which should be replaced by N(t) = 0.01ng—2:.

3%J. Ambjorn and M. E. Shaposhnikov (in preparation).

ilar estimate of the mean free path comes from the cal-
culation of the damping rates of the quasiparticles [68,
69], A ~ (0.15¢2T)~! = 5/T. Yet another estimate can
be had by taking the viscosity of a 5-flavor quark-gluon
plasma as determined in [79] and dividing by the typi-
cal energy density. This gives A ~ 4/T. In Appendix I
we discuss the specific case of relatively low momentum
quasiparticles and include the effect of Debye screening.
We conclude that Dg ~ (3 —5)/T and A ~ (4 — 25)/T.
Combining the above results gives

p ~ 1073%1 /32, (10.7)
As can be seen, one can get either no suppression of the
baryonic asymmetry, or 4 orders of magnitude of suppres-
sion. In the latter case, MSM baryogenesis seems practi-
cally impossible, unless there is a fourth family of quarks.
Clearly, a more precise determination of the sphaleron
rate in the unbroken phase is of crucial importance.

We also recall to the reader that our derivation (Sec.
V) of the relation ng = %Jcpfsph(p) assumed almost-
equilibrium conditions, while in fact if the domain wall is
much thinner than a typical mean free path this may be a
poor approximation. In the extreme case that quarks in
front of the wall are at rest with respect to it, with a void
immediately behind the wall, then one has simply ng =
Jep/k, from the definition of k (~ 1/4, see Sec. V). In
this case the spahleron rate only needs to be greater than
the expansion rate of the Universe to do the necessary
job. While we do not advocate this extreme example
as a good description, it does serve to emphasize the
necessity of understanding how the bubble wall affects
the quark distribution functions in its neighborhood, in
order to determine the magnitude of the final asymmetry.
Clearly, a treatment which goes beyond the quasistatic
approximation is needed.

To summarize this section we have seen that it is rea-
sonable to suppose that there is no significant suppression
from fepn(p). However there could instead be a huge sup-
pression. We can take 107* < f,pn, < 1. From Appendix
I we have also seen that the effective collision length of
the relevant quasiparticles may be as large ~ 25/T, al-
though a value as small as 4/T cannot be ruled out.

C. 3D versus 1D prediction, fsp

We have developed the technical tools for carrying out
the quantum mechanical (QM) scattering problem for ar-
bitrary p (see Appendix E), but this calculation is sub-
stantially more work, and requires solving other problems
first. The contribution coming from the region of p; 2 p1
is much more sensitive to the issue of the asymmetry in
the fluxes than is the small p; contribution, because the
velocity perpendicular to the wall is much smaller in this
case. In addition, we should improve our approximation
methods, especially the high-T expansion, in order to ob-
tain a valid Dirac operator for large momentum particles
and to deal with large velocities of the plasma with re-
spect to the wall rest frame.

Even if the Dirac operator we have obtained here were
valid under the more extreme circumstances encountered
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in the full 3D problem, it would be difficult to reliably
deduce even the order of magnitude of the 3D result,
from the 1D results obtained so far. This is because the
level crossing structure is quite different in the two cases,
and one needs R — R and L — L reflection amplitudes
as well as the L — R and R — L amplitudes required in
the 1D case. These complications appear as likely to
give an enhanced result as a decreased result since, for
instance, the residual GIM cancellation mentioned in Sec.
IX seems to be lifted for at least some of the kinematic
regions relevant to large*® p|. Therefore for the time
being we must retain the uncertainty factor fzp, which
we believe is in the range! ~ (1073 — 10%3).

D. Other uncertainties in the calculation of Jcp

One source of uncertainty is the calculation of the ther-
mal Dirac operator in Sec. VI. We used and even ex-
tended the state-of-the art calculations of the quark prop-
agator, which are done in 1-loop, high-temperature ex-
pansion. However one can think of various effects which
are clearly physically important and which are not in-
cluded in this approximation. Simply going to higher-
loop approximation and to higher order in mass inser-
tions could make a quantitative difference in the predic-
tions, given their strong sensitivity to the small splittings
between eigenstates. Moreover, lattice studies suggest
that nonperturbative effects may be very important. We
can expect that these effects could also modify the propa-
gation of the fermionic quasiparticles and their inclusion
could modify the result for A;,;, although we have not
identified any effect of this sort which would modify the

“*When p| = 0, with the approximations of the present
work, the degeneracy between the momenta in the unbroken
phase of sy and dy is almost perfect: (ps — pa)/(ps + pa) ~
1073, due to the dominance of the thermal inertia when p
is small. This degeneracy in the flux factors determines the
extent of GIM compensation between the individual asym-
metries in the final result, causing the pj = 0 asymmetry
summed over flavors to be ~ 1072 times a typical individual
asymmetry. A number of effects might lift this, either asso-
ciated with the full treatment of large p|, or coming from
nonperturbative effects on the propagation which we have
not taken into account. In our numerical study of the one-
dimensional system (see Sec. IX), the asymmetries in the
individual processes are found to be quite large, of the order
of 10~ for v = 0.25. Thus the net contribution could be 2-3
orders of magnitude larger than when the cancellation men-
tioned occurs. To minimize the proliferation of symbols, this
possible source of enhancement will be included in f3p, even
though it may also appear in a more complete treatment of
the 1D problem.

“'In the first preprint version of this paper we had not yet
included the effects of QCD-sphaleron-induced L — R transi-
tions, nor the effects of mass corrections to bosonic propaga-
tors in the broken phase. When these are included, the naive
estimates of fsp which we attempted then break down, and
must simply be discarded. See Appendix E for details.

result by more than numerical factors of order 1.

Related to working to lowest nontrivial order in cou-
pling constants in obtaining the quasiparticle propagator,
is our purely quantum-mechanical approach to fermion
scattering from the domain wall. This neglects non-
diffractive collisions of the fermions on the particles in
the plasma which occur while they are scattering from the
domain wall in the Higgs VEV. While this effect is tech-
nically of a higher order (2-loop), we must ask whether it
is physically unimportant or not. One can neglect the in-
fluence of these processes, provided the effective collision
length Aj,e of the quarks in the plasma is much larger
than the bubble wall thickness a~! and smaller than the
imaginary part of the momenta of totally reflected parti-
cles, in the broken phase.

The first requirement, that the quasiparticles can scat-
ter through the wall without having a collision, depends
on the wall thickness. Because of uncertainties in the ef-
fective potential, the wall thickness is poorly known. For
instance, using a perturbative calculation of the effective
potential yields a wall thickness of (10 — 40)/T [61, 40,
41], while recent work including nonperturbative effects
in the unbroken phase indicates that the wall may be
much thinner than this, ~ 1/T [44]. Evidently, if the
wall is as thin as the latter estimate, our calculation is
valid, but if its thickness is 40/7T, our calculation can
only be considered an indication of the possible order of
magnitude of the asymmetry. For a thick domain wall,
a better approximation to the problem would be consid-
eration of the plasma in the background of a (slowly)
varying uniform scalar field.

The second requirement for the validity of our quan-
tum mechanical approach, Im(p;)A large compared to 1,
arises because we specify boundary conditions at infinity
in which the coefficient of the growing exponential is set
to zero while the falling exponential is kept. This is not
physically sensible if there is a collision at a distance A
from the wall, with Im(p;)A not large compared to one.
From the discussion in Sec. VIII, one can see that in the
region of s-quark total reflection, Im(p;) ~ m, so that
for this region at least, the condition is not met. This is
an aspect of the present calculation which must be im-
proved before the result can be considered quantitatively
reliable. However if it is the flavor-decoherence length,

AFD ~ %Ainel, which proves to be the relevant quan-
tity, there r;1ay be no problem with our method since
mgArp ~ 200. Unfortunately, improving the calculation
to systematically include these effects seems quite non-
trivial, since one must also include at this order emission
and reabsorption of thermal quanta during the scatter-
ing itself. We have not found a convincing method for
estimating the consequences of these effects. Since they
are formally of a higher order in a4, including them may
not qualitatively change the conclusions.

E. Effect of a fourth generation

Presently feasible experimental measurements are gen-
erally insensitive to a possible fourth generation of
quarks, unless there is a large difference between the ¢’
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and b’ masses.*? This is not the case for the baryon asym-
metry produced in the MSM. If there is another genera-
tion, then the relevant GIM cancellation will be between
the second-most-degenerate pair of generations, namely,
the second and third generations. Then the s—b degener-
acy will limit the magnitude of the CP violation. Taking
the analytic thin-wall result of Eq. (8.36) as a guide, sug-
gests an enhancement over the 3-generation prediction by
a factor

4 2 2
I (mt mp ) 523524534
e ot —b ) 22372474
my me mMp 512523513
where we used the fact that A(w) is nonzero over a range
~ m4(my) in the two cases, respectively, and replaced

all CP-violating sines by 1. For ;’:—%’n—t = 10, and tak-
ing the ratios of the sines of the mixing angles to be
~ 1, this produces an enhancement by a factor ~ 103. It
would appear to be unnatural for the contribution of a
fourth generation to be very much less than this, at least
given our present inability to account for quark masses
and mixings, so that we can consider three-generation
results to be a lower bound on the baryonic asymmetry
produced in the MSM. If refinements in the theory of
MSM baryogenesis significantly lower the prediction in
comparison to observation, it could signal the existence
of a hitherto-unsuspected fourth generation.

(10.8)

XI. CONCLUSION

We have shown that the baryonic asymmetry of the
Universe may be a natural consequence of the CP vi-
olation present in the minimal standard model. Within
our present treatment of this problem we have found that
the MSM prediction is very sensitive to quark masses and
mixings, for instance, changing sign for m; < 110 GeV
and increasing by a factor of 8 when m; increases from
130 — 210 GeV and for m; = 150 GeV and a plausible
choice of wall velocity (v = 0.25) we found

np/s ~ (0.1 — 10) x 10~ "v fopn fap.

The range reflects the experimental uncertainty in J, the
product of sines of CKM angles, and in the asymmetry
in the flux factors. Varying m; from 135 to 180 GeV
would introduce a factor % to 2. The greatest uncertain-
ties in this prediction come from dynamical aspects of
the electroweak phase transition which are still unclear.
To remove the uncertainty from the flux factor requires
knowing the quark distributions in the vicinity of the
wall, specifically, understanding how the passage of the
wall affects these distributions. The sphaleron conversion
efficiency, feph, is 1 if the rate of sphaleron transitions in
the unbroken phase is large compared to the typical time
the quarks remain in the unbroken phase before being
overtaken by the expanding bubble of low temperature

420f course a fourth generation neutrino must be heavy
enough to not have influenced too much the Z° width.

phase. While f,,;, may be 1, it could also be as small as
10~%, in which case the known CP violation of the MSM
is inadequate to explain the observed BAU. f3p is very
hard to estimate. We believe it lies between 1073 —107+3;
it also depends sensitively on the flux asymmetry.

While the present result can be considered only a pre-
liminary indication of the true prediction, the possible
consistency in magnitude with the observed ng/s ~
(4—6) x 1071 is encouraging. The sign of the prediction
is very sensitive to quark masses and mixing angles, but
is correct when these quantities lie in their experimen-
tally allowed ranges. Many of the uncertainties which
affect the magnitude of the final asymrr ~try, such as the
sphaleron efficiency and the effect of the bubble wall on
the quark distributions in its neighborhood, and our sim-
plified quantum-mechanical treatment neglecting inelas-
tic effects, do not affect the sign of the prediction. Thus
it is heartening that the prediction of the sign is correct,
because this is likely to not change as the calculation is
improved.

In any scenario of electroweak baryogenesis the Higgs
potential must be such that it produces a strongly first or-
der phase transition, and such that sphaleron transitions
after the phase transition are suppressed. When non-
perturbative effects are better understood in the MSM,
this should imply a firm upper bound on the Higgs boson
mass [80,44]. In addition to the LEP experimental lower
bound, there is a theoretical lower bound resulting from
requiring the T = 0 vacuum to be stable, which for a
MSM Higgs boson is actually more stringent:

in GeV, for 130 < m; < 150 GeV [81]. Combining the
theoretical bounds will either exclude, or precisely pre-
dict, the mass of the MSM Higgs boson, if the minimal
standard model with no extensions whatever can be re-
sponsible for the baryonic asymmetry of the Universe.

If the upper bound from requring the sphaleron rate
in the low temperature phase to be small enough is vi-
olated, it does not mean that electroweak baryogenesis
must be rejected or that the mechanism we have devel-
oped in this paper cannot be responsible for the BAU. It
could instead indicate, for instance, that the Higgs sec-
tor is more complicated than in the MSM, so that the
upper bound on the Higgs boson mass is relaxed. The
real test, eventually, of whether the phenomenon we have
discussed is responsible for the observed baryonic asym-
metry of the Universe, will be in its quantitative compar-
ison with the measured sign and magnitude of the BAU.
Once the dynamical aspects of the EW phase transition
are well enough understood, this can be done.

Our work underlines the importance of a reliable and
precise observational determination of ng /v, which fixes
npg/s =~ inp/n,. The most recent comprehensive anal-
ysis [82] quotes the range 2.8 x 107!° < np/n, <
4.0 x 1071° However many aspects of the determina-
tions of the primordial abundances are complex and con-
troversial, and the true uncertainty may be larger than
reflected in these error bars. For instance, if the pri-
mordial *He abundance, Yp, proved to be 0.228 & 0.005
as claimed in Ref. [83], i.e., below the big bang nucle-
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osynthesis (BBN) “lower limit” of 0.236, some change
in determinations of D and D+3He or in the simple,
homogeneous BBN theory would be necessary for self-
consistency, since we know now that there are three light
neutrinos. Such changes could cause the prediction for
np/s to move outside the (4-6) x 10~!! range. For in-
stance, using only Yp = 0.228+0.005 and three neutrinos
would lead to [82] ng/s = 2 x 10711,

If the minimal standard model is responsible for baryo-
genesis, we will be able to use a well-determined value for
np/s to quantitatively test our understanding of the dy-
namics of the electroweak phase transition. This could
eventually be as powerful a test of our dynamical under-
standing, as nucleosynthesis has been for later stages of
cosmology. Conversely, anticipating the day when the
physics of the electroweak phase transition can be con-
sidered understood, one can even imagine being able to
constrain the particle content, masses and mixing of the
MSM on account of the sensitivity of the BAU to these
quantities. As noted in Sec. X, a fourth generation would
characteristically increase the asymmetry by a large fac-
tor in comparison to the 3-generation prediction. Just as
the theory of nucleosynthesis, combined with measure-
ment of the relative abundances of primordial nuclei, led
to the correct conclusion that there are three light neu-
trinos, we may one day be able to rule out the existence
of a fourth generation, or infer properties it must have,
by comparing the observed baryonic asymmetry to the
predicted one.
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APPENDIX A: THE SOLUTION OF THE
DIRAC EQUATION

In spite of the fact that the problem of finding the
reflection coefficients can be given a transparent formu-
lation, as discussed in Sec. VII, it is not so easy to solve.
In this appendix we will describe a method suitable for
high accuracy numerical solution.

First we note that the problem we want to solve is a
problem with boundary conditions rather than a Cauchy
problem. We should be able to separate incoming and
outgoing waves, exponentially rising and decaying func-
tions. There are many different scales, and there is no
way to separate them looking at the numerical solution
for the wave function.

The linear character of the differential equations is very
helpful. The following trick converts the boundary con-
dition problem to the Cauchy problem. Let us look for

solutions of Eq. (7.12) in the form

U(z) = e(z)E(2)V(2)¥o, (A1)

where ¥, is a constant vector, e is a matrix constructed
from the eigenvectors of the matrix D(z)R,

D(z)Re(z) = e(2)p(2),

p(2) is a diagonal matrix of eigenvalues of the matrix

D(2)R,

E = exp (z / dzp(z)) ,

and zg is some arbitrary point. Here z is a complex vari-
able.

We shall suppose that F(z) is an analytic function of
the complex variable z in some region of the complex 2
plane including the real axis. Most numerical studies we
have done are based on the following choice of the domain
wall profile:

2 1
" 14 exp(—az)’

(A2)

(A3)

(A4)

There is no serious motivation of this particular choice of
the domain wall structure. It resembles, however, some
basic features of the expected behavior of the scalar field
near the domain wall. Namely, when z — oo,

F - 1— 1exp(—az), (A5)

so that the parameter a can be identified with the ef-
fective Higgs boson mass in the broken phase, while, for
T — —o0,

F — exp(—a|z|/2), (A6)
incorporating the expectation that the effective Higgs bo-
son mass in the unbroken phase is generally smaller than
in the broken phase. The other advantage of this choice
is that, for it, we can find the reflection and transmission
coeflicients analytically for the case without mixing (see
Sec. VIII) and compare them with the numerical solu-
tion, checking in this way the correctness of the numerical
calculations.

In order to get an equation for V let us consider in
more detail the properties of eigenvectors and eigenvalues
of the matrix D(z)R on the real axis. One can show
that for any real z the set of eigenvalues p obeys the
following properties. We have either 6 real eigenvalues
or 4 real eigenvalues and 1 complex conjugate pair or 2
real eigenvalues and two conjugate complex pairs or 3
conjugate complex pairs.

The proof. The equation for determining the eigen-
values of the matrix DR can be written in the form
det(DR — p) = 0, where p here is any one of the eigen-
values, not a matrix. It can also be written in the form
det(RDR — Rp) = 0, since det R # 0. The equation
for the complex conjugate of the eigenvalue has the same
form, due to the Hermiticity of the matrices RDR and
R: det(RDR— Rp*) = 0. Therefore the set {p} coincides
with the set {p*}, proving the statement.

This fact has a transparent physical meaning: if all
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eigenvalues are real, all particle states can propagate in
the background of the scalar field ¢(z), while if two eigen-
values are complex then those states cannot propagate,
etc. From this result one can derive the following orthog-
onality conditions for the eigenvectors. Let us denote by
e; the eigenvectors of the matrix DR, and define the ma-
trix e = (ey,...,e¢). It is easy to see that if p; # p}, i # j,
the vectors e; and e; are orthogonal in the following sense:

e;Rei =0. (AT)

Therefore, if eIRe,- # 0, then p; is real and given by

_ elRDRe;

;i = A8
P eIRe,- (A8)

If, for some ¢ and j, p; = pj, then eIRe,- =0and e;Rej =
0. However, generally speaking, ef Re; # 0.

It is convenient to introduce also another eigenvalue
matrix f obeying the equation on the complex axis

fRD = pf.

One can easily see that eigenvalues defined by Egs. (A2)
and (A9) are the same. To prove it, we notice that the
eigenvalues of the problem Eq. (A2) can be found from
the equation

(A9)

det(DR — pI) = 0, (A10)

and the eigenvalues of the other one from the equation

det(RD — pI) = 0. (A11)

Taking into account the fact that detR # 0, one sees
that the roots of (A10) and (All) are the same. There-
fore, one can choose a basis in which the matrices p and p
are identical. The important property of the matrices f
and e which motivates the introduction of f is that they
are orthogonal everywhere in the complex plane in the
sense that

f Re = diagonal matrix. (A12)
This follows from the relation

pfRe = fRep. (A13)
A convenient normalization is

fRe = R. (A14)

On the real axis, where the operator D is Hermitian,
f and e can be related as

f =Tet, (A15)
where
T? =1, Tp'T =p. (A16)
Then, the equation for V has the form
oV —1,p0€
5= —(RE) fRa;EV. (A17)

One can also find the equations for the evolution of eigen-
vectors and eigenvalues:

dpi _ 1 dD
de _ eR7'A, a7 _ —AR'f, (A19)
dz dz
where
1 dD
A; =0, Aj;=—— fR———Re) . A20
7 Pi — Pj < az ij ( )

One can see that the matrix A is singular when p; —p; =
0; therefore the complex contour should be chosen in
such a way that A is regular everywhere along it. The
advantage of this formalism is that we have explicitly
separated the waves corresponding to the different fla-
vors and helicities. The other helpful feature is that
these equations are local in the sense that the matrix
V changes only in the vicinity of the domain wall, pro-
vided all Im p;(+0o0) < a/2. In this case the exponential
tail of the domain wall is stronger than the exponentially
rising functions appearing in the complete reflection case.
If some Im p;(+00) > a/2, then the equation for V does
contain an exponentially rising term and it is difficult
to achieve high accuracy. The formalism for treating this
case is described in Appendix G. It was necessary for the
numerical analysis of the charge +2/3 sector in the re-
gion of momenta in which the ¢ quark is totally reflected
but the u is not.

It is easy to find the eigenvectors and eigenvalues of the
operator DR far from the domain wall in the unbroken
phase. Eigenvalues are given by (7.18) and (7.19) and
the matrices e and f are just unit matrices.

It is convenient to choose the initial condition for the
matrix V:

V(z0) = 1. (A21)

Then, choosing 2o to lie on the real axis and far from
the domain wall (zp & —o0), if one can determine the
asymptotic value of the matrix V for z — 400 on the
real axis, all reflection and transmission coefficients are
determined as shown in Sec. VII.

Even in the case without total reflection it is useful
to integrate the equation for V along a complex con-
tour, due the physical phenomenon of level crossing. In
spite of the fact that ¥(z) is an analytic function in the
same region of the complex z plane as the potential is
analytic, including the real axis, the matrix V has dif-
ferent analytical properties. For example, if at some z,
some of the eigenvalues of the matrix DR are degenerate,
the eigenvectors corresponding to those eigenvalues are
not uniquely defined and, in general, are singular at this
point. Furthermore, eigenvalues of the matrix DR have
branch cut singularities on the real axis for the case of
the complete reflection of some fermionic flavor. There-
fore, the equation for V has singularities of various types
at the points where p and e have singularities. Of course,
these singularities would be canceled in the expression
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for V, but this fact does not help when solving for V.

So, our strategy is to solve the equation for V' on some
contour in the complex plane of the variable z, lying in
the region of analyticity of the function F(z). The initial
and final points of the contour lie on the real axis, far
from the domain wall. For example, for the function F
in Eq. (8.1), a suitable contour is

]

b cosh(cz) (A22)

zZ = —

where b > a/m to avoid singularities of the function F,
and c is an arbitrary number. The function ¥ at the
end point does not depend on the choice of contour, on
account of the analyticity. However, the function V as
well as the normalization of the eigenvectors can depend
on the contour. Nevertheless, observables, such as the
baryonic current, are, of course, contour independent (see
below).

Suppose now that we have chosen some contour and
have calculated at the end point the matrix V as well as
the eigenvector matrix and eigenvalues, taking for defi-
niteness the case of particles incident from the unbroken
phase. In order to find the reflection amplitudes, we first
must decide which eigenvalues correspond to acceptable
boundary conditions and which must be excluded. For
complex eigenvalues it is simple: the exponentially dying
wave function (Im p > 0) can exist in the broken phase
(400), while the coefficient in front of the exponentially
rising wave function (Im p < 0) must be equal to zero.
The situation with propagating waves (real eigenvalues)
is more complicated. In order to decide which one is
allowed in the broken phase, one should calculate the
group velocities corresponding to the various eigenval-
ues. Those with positive group velocities at © — +o0o are
acceptable transmitted waves, while those with negative
group velocities correspond to waves traveling in from
+o00 and must have zero coefficient in the solution. In
the unbroken phase the sign of the group velocity corre-
sponding to the eigenvalue p; is the same as the sign of
the matrix element:

(eTRe)ﬁ. (A23)
One can check that this is also true in the broken phase,
at least when the mass of the fermion is not much larger
than its momentum, which is the region of interest.

Having decided which waves are allowed in the broken
phase, let us relabel the eigenvalues p in such a way that
the first 3 eigenvalues at +oo correspond to transmitted
waves. This relabeling causes columns of the matrix V,
and rows of the matrix e, to be interchanged:

¥ = eEV¥, = ePPEPPV,, (A24)

where the matrix P with the property P? = 1 “reshuffles”
the eigenvalues in the desired way. If we denote

PV = (VLL VLR) ’

Vrr Vrr (A25)

then the reflection coefficients are determined by Egs.
(7.26) and (7.27).

APPENDIX B: NUMERICAL INTEGRATION

Even taking an optimistic view that the asymmetry
could be as large as sin(6;2) sin(f13) sin(f23) sin(écp) ~
10~4-10-% in the most favorable regions of energy, it is
clear that very precise calculations are required. Fur-
thermore we wish to investigate the dependence of the
result on many parameters including quark masses and
mixing angles and the wall thickness, and we must de-
termine the asymmetry as a function of energy with a
fine grid spacing in order that the integrated asymmetry
be accurately determined. Thus an integration method is
required which is at the same time efficient and accurate.

We have used C++ as a programming language, in or-
der that complex numbers and matrices could be treated
as natural units while retaining the benefits of C. We
adopted the Burlirsch-Stoer integration algorithm de-
scribed in Ref. [84], although we wrote our own programs
in order to use C++ functionality and the customized
matrix manipulation procedures we required. The rou-
tines in Ref. [85] we mimicked were ODEINT, BSINT,
MMID, and RZEXTR. The Burlirsch-Stoer method is well
adapted to our situation: most of the nontrivial variation
occurs in a range which is small compared to the full in-
tegration range, so that an adaptive stepsize is required,
while rational function extrapolation enhances the pre-
cision in a minimal number of steps. We checked, by
comparing our numerical results with the exact analytic
solution for the case with no mixing (see Sec. VIII),
that the actual precision of the numerical integration was
what it was supposed to be, even when the precision was
required to be 1 part in 104,

We require reflection coefficients to be known, typi-
cally, with an accuracy of one part in 108, in order to
be able to take differences between the quark and anti-
quark sectors, sum up over all the flavors, and still have
a result which is accurate to one part in a thousand or
better. Depending on the energy and other parameters,
we could achieve a final precision on the total asymme-
try at each energy of one part per mil by running our
integrations at a precision of 1078-10710, We verified
that our results are independent of the precision of the
integration, at this level, under these conditions.

An extremely important check of our results was to
verify that they are independent of the complex contour
chosen. We integrated along the complex contour

]

2= b cosh(cz)

(B1)
and varied b between 1 and 100 and ¢ between 0 and 2.
We also checked that the result does not change as the
initial and final points of the integration, (Zmin, Tmax);
are varied.*® For routine use we took Zyi, = —60/a and
Tmax = +30/a, where a is the inverse wall thickness in

31t is essential to begin and end the integration on
the real axis, but the contributions of the segments be-
tween Tmin, Tmax a0d Z(Tmin), Z(Tmax) can be represented
analytically.
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GeV. When the mass and mixing parameters are such
that there is level crossing, one cannot allow the contour
to be too close to the real axis, or the kernel of the differ-
ential equation becomes singular. However even in these
cases we verified that we could vary b and c each by fac-
tors of 5 without changing the final asymmetry by more
than one part in a thousand, the typical precision of our
numerical calculation for the overall result, as discussed
above.

The continuity with w of the asymmetry, shown in the
figures of Sec. IX, testifies to the quality of the numerical

(w(l +op+PBL)+iZ(1+ag)
MT[y(z + vt)]

where L and R correspond to the upper and lower com-
ponents of two-dimensional Weyl spinors which have 3
flavor components. v = 1/v/1 — v2, t is time and v is the
velocity of the domain wall. Positive v corresponds to
the wall propagating into the unbroken phase, as is the
case physically. The 3 x 3 diagonal matrices a and (3 are
defined to be

2
1YL r

St (C2)

1
ap g = ‘éﬁL,R = -

Due to the explicit time dependence of the Higgs field,
the energy w in this equation is a time derivative: w —

|

(w(1+a“L+ﬂ"L)+i;,%(1+dL) M(z)

Mi(z)

with
or=ar(l —3v— 2’1)2)(1 — ),
(Cs5)
ﬂ}d =2ar(l+ v)2(1 - ),
and
dr = agr(l + 3v — 20?)(1 +v),
(C6)

Br =2agr(1 —v)3(1 +v).

The consideration of right particles incident from the
unbroken phase goes along the same lines. Now, one
can solve these equations by the methods described in

w(l+ anﬁ[ggﬁf?gu + aR)> (1%) =0

w(l+dr+Pr) — i1+ o[R)) (}Lz) =0

integration, since roundoff and many other types of errors
would be uncorrelated in the runs at each different w, and
would therefore show up as jitter in the w dependence.

APPENDIX C: VELOCITY DEPENDENCE OF
THE REFLECTION COEFFICIENTS

The equation describing the reflection of left fermions
(incident from the unbroken phase) from the moving do-
main wall, in the rest frame of the plasma, for small
momenta of fermions is

(C1)

[

10/0t, rather than a ¢ number. It is more convenient
to solve this equation in the rest frame of the domain
wall, where the energy of the fermions interacting with
the classical scalar field is conserved. In order to go to
the rest frame of the wall one can make the standard
Lorentz transformation of coordinates z — y(z+vt), t —
v(t+wvz) together with the transformation of spinor fields:

L (AL 0 L

R 0 Ag R/’
with A = if:’,)}l, Ar = (%ﬁ)% Now, keeping only
the linear term in space derivatives (which is correct for
small enough momenta of incident fermions) one obtains

the equation

(C3)

the paper and in the Appendixes. The only important
difference is that the reflection coefficients entering Jg
and J? are obtained from the same equations with v —
—v. It is necessary to solve for V twice, with D(v) and
D(—v) since when v # 0 parity relates the equation for
right particles to the one for left particles with v = —w,
modifying Eqgs. (7.28) and (7.30).

For the case of incident R particles (whose reflection
contributes to the left baryonic current) and v 2 0.4, some
momenta become so large that the techniques of Ap-
pendix G are required. One must also take care not to
leave the regime of applicability of the approximations
which have been made in obtaining Egs. (C1), (C2), and
(C4). For instance, a small p with respect to the wall,
corresponding to s-quark reflection, may come from a
plasma-rest-frame momentum which is large, for large
enough v. In practice we can safely work to v ~ 0.25
with these approximations, for the case of interest.
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APPENDIX D: FLUX FACTORS IN
ONE DIMENSION

The calculation of the flux factors is a bit nontrivial
in this scattering problem, since we deal with quasipar-
ticles rather than particles. This means that we must
take care regarding such things as wave function normal-
ization, etc. Let us first fix these factors for left chiral
particles incident from the unbroken phase. We recall
that the current of interest is

j=9RU. (D1)
This current is conserved (8;j = 0) so that we can find
it wherever it is most convenient, e.g., at £ — —oo. If we
send a quark of the first flavor toward the domain wall,
then the initial wave function is given by

0
0
™
27}
T3

v_ = m ) (D2)

where 7, is the normalization factor to be determined
later. Then the current is

i =Iml® [(Ree)yy + (r'Rrr7)11] - (D3)

The normalization factor n should be chosen in such a
way that we have just one particle in the initial state. To
find it, let us consider the initial left flux in the unbroken
phase. According to Eqgs. (6.27) and (6.25) it is given, in
the one-dimensional case we are considering, by

dky 1
— ———nF. D4
/ 27 (RLL ) 11 nE ( )

Comparing (D4) and (D3) one finds 7, = 1/(RLz),;-
Now, integrating the result (D4) with respect to the mo-
mentum of the initial fermion and changing the integra-
tion variable from dk; to dw we arrive at Eq. (7.45).

The calculation of the flux factors in the broken phase
is precisely the same, with the obvious substitution R —
R?, and we do not present it here. This amounts to as-
suming that the distribution functions of the quarks in
the broken phase are just the equilibrium thermal distri-
bution functions of the broken phase. For a sufficiently
slow bubble wall this is a good approximation.

We have found the flux factor for the one-dimensional
problem. In the real three-dimensional problem, one

KU = (w(l + ar, +,BL) + (ia;;% - 315“)(1 + aL)
= Mt

must integrate over the components of the momentum
parallel to the surface. As is argued in Appendix E, the
reflection coefficients may strongly depend on the paral-
lel components of the momentum, and the solution of the
exact equations is required. We do not attempt to solve
here the problem of parallel motion. Instead, we will just
use the one-dimensional entropy of the plasma when we
estimate the final baryonic asymmetry.

APPENDIX E: PARALLEL MOMENTA

In the main body of the paper we deal with the case
in which the momenta of the fermions are perpendicular
to the domain wall. In this appendix we construct the
formalism for the more general case and discuss the influ-
ence of parallel momenta on the asymmetry. Evidently,
when p;| # 0 angular momentum can be conserved in
the scattering while at the same time L — L and R — R
reflection can occur, in addition to L— R and R— L reflec-
tions. Thus the matrix equations will be 12x 12 instead of
6 % 6. In the familiar situation without a plasma, one can
Lorentz boost to a p;; = 0 frame where the problem can
be reduced to one involving just L — R and R — L reflec-
tions. However Lorentz invariance is lost in the plasma,
so that a trivial boost in the direction parallel to the do-
main wall does not produce the problem we have already
solved and the additional R — R and L — L amplitudes
are physically important.

The study of the new problem can be divided into
steps. The first step is the construction of a formalism
allowing one to compute the reflection coefficients in this
more complicated case. The second step is the deriva-
tion of the general expressions for the asymmetry cur-
rent, assuming that the reflection coefficients are known
as a function of the energy and p||. The third step is the
kinematic analysis to determine in which part of phase
space the asymmetry can be substantial. We do not pro-
ceed in this paper to the final step of actually computing
the reflection coefficients for finite p| quantitatively.

Reflection coefficients. Here we will construct a
transformation which allows the problem to be studied
by the one-dimensional methods given above. We shall
work in the approximation in which the component of
the momentum perpendicular to the surface is small (the
region relevant to CP violation), while the component
of the momentum parallel to the wall is arbitrary. At
first order in derivatives with respect to z, the coordinate
normal to the wall, the Dirac equation is

M L\ _
w(1+aR+,3R)_(‘I:0'3% —5PT|)(1+QR)) (R) _0’ (El)
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where pj| denotes the momentum parallel to the wall,
i.e., transverse to z. Now although p; is small, the to-
tal momentum need not be small so o and 8 cannot be
simplified as in Eq. (7.8). We must use

OtLR=—w%—’R [1_F<E):|1 (E2)
’ p? p

Brn= LRy (3) (E3)
’ p? p

Note that the spinors L, R here have 2 components for
each of the three flavors. In the p;; = 0 case the equations
decouple and we could reduce to a description in which
L, R have just one component for each flavor. Here that
will not be possible.

We want to find some transformation to the new vari-
ables in which this equation has a diagonal form in the
unbroken phase, so we can apply the methods which have
been already developed. In other words, we want to re-

J

ky — (@A +or+Br)/vtiosg(1+ar)
ARMtAL

where

vo,r = (1 —v} g) "% = chOL k. (E9)

In a sense, vy, g is the velocity of the Lorentz boost, and
vL,r is the analog of the usual v factor.

As we see in this more complicated case the equa-
tions for the upper and lower components of the two-
dimensional (for each flavor) spinors L, R do not decouple
and one must solve the complete system of 12 differential
equations. (Note that for the vacuum case where o and
[ are zero the equations do decouple, as expected from
Lorentz invariance.) To keep the analogy with the one-
dimensional case it is convenient to “reshuffle” the rows
and coulums of the matrix K’ in such a way that its first
6 rows correspond to particles moving from left to right
and the other 6 to particles moving in the opposite di-
rection. After this reshuffling, in full analogy with the

J

) = [ ER e (i (R ()R r ()R]},

(2m)?

where 7 denotes the matrix of antiparticle reflection coef-
ficients, and n% is the Fermi distribution for the incident
particle as in Eq. (6.25). The same equation can be
derived for particles incident from the broken phase.
Phase space analysis. We would like to determine
in which regions of phase space the reflection of strange
quarks can be substantial. To find this, one must deter-

ALMAR ) (L) —0
w(l+ar+Br)/Yr — 1033 (1+ar)) \R ’

move somehow the matrix G - pj| from these equations.
We introduce an analog of the spinor Lorentz transfor-
mation, which is different for the left and right sectors:

AKAY' =0, ¥ =A"1g, (E4)
(AL O
where Af, and Ag are given by
Arp :exp(%&-ﬁ@L), Ag :exp(%&'-ﬁ@R), (E6)

Here 7 = pj|/|p)| is the direction of the momentum par-
allel to the wall, and ®f and ®f are matrices in flavor
space to be determined. One finds

p(1+ ar r)
vp,R =thOp p=F : . E7
LR w(l+ar,r + PBL,r) (&)
The equation in terms of the new variables is
= (E8)

[

one-dimensional case, one can introduce matrices D and
R,
_(R++ O
a= (el
so that the equation for nonzero p;| has the form (7.12).
We do not solve this equation in this paper.

Flux factors. Suppose that the reflection coefficients
are determined from Eq. (E8) and are now functions of
energy w and parallel momentum p|. Let us take for
definiteness an initial particle in the unbroken phase of
type i [i is the index according to Eq. (E8)] and compute
the baryonic flux coming from its interaction with the do-
main wall. We denote the matrix of reflection coefficients
by 7(pj|,w);i or r for short. Now, using the analysis of
the one-dimensional case contained in Appendix D, one

obtains, for the asymmetry current, summed over all final
states,

(E10)

(E11)

mine the region of energies, w, and momenta parallel to
the surface, p|, for which the s-quark excitations exist in
the unbroken phase but not in the broken phase, or vice
versa.

Consider first the case when the parallel momenta of
the incident particles in the unbroken phase are large,
P|| > wo. For this region of phase space the dispersion
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relations for normal quasiparticles have the same form
as the familiar Lorentz-invariant dispersion relations for
massive particles but with a modified effective mass. In
the unbroken phase we have (Sec. VIA)

w? = || + 2wy?, (E12)
while in the broken phase we have
w? = |k + 2wb” + m2. (E13)

One can make a Lorentz boost in the direction parallel to
the wall and remove p| from the problem, as done above.
In this frame the dispersion relations are again (E12) and
(E13) with the substitution |k| = k: and w? — w?/42%.
Since w¥ > w% > wg, there are additional forbidden
regions, depending on which chiralities are under con-
sideration, which are not present for the p; = 0 case
analyzed previously, making it difficult to estimate the
contribution from this region.**

Let us turn now to consideration of the case p;| < wo.
We can ask what fraction of s quarks are totally reflected
due to level crossing as was discussed for p;; = 0 in Sec.
VII. The L — R and R — L level crossings occur for

|p| = 3(wp — wgr) ~ 6 GeV. (E14)

Simple geometry gives the flux coming from particles sat-
isfying this condition. If the reflection coefficients depend
only weakly on p||, then the contributions from L — R and
R — L s-quark total reflections give Jsp = & |p|?Jip ~
5 x 10~*T2J,p. This provides a rough estimate of the
minimal contribution of this region of phase space; how-
ever, we should not place much confidence in it as a real
estimate. Studying the differential equation (ES8), it is
far from clear that we are justified is assuming a weak
p|| dependence of the A’s. Moreover neglect of the L — L
and R — R scattering amplitudes cannot be justified, but
their contribution cannot be determined without going
much farther toward the solution of these equations than
we have.

Range of validity of the Dirac operator. The
actual values of wg and T of interest are wg ~ 50
GeV and T = 100 GeV. From the dispersion relation
(E12), one sees that the condition for the validity of the
high-temperature expansion (w? — |p|> < T?) is only
marginally satisfied for the large p)| relativistic kinemat-
ics. Thus the dispersion relation needs to be obtained in
a more suitable approximation before one can accurately
describe the physics of the 3D problem.

APPENDIX F: MIXING IN THE
BROKEN PHASE

Our purpose in this appendix is to give the reader a
feeling for the qualitative differences between the eigen-

“4In the original version of this paper we did not distinguish
between broken and unbroken w’s and thus this complication
was overlooked.

states in the broken and unbroken phases, and especially
for the effects of mixing. We will therefore restrict the
discussion here to the case of p — 0, and make a per-
turbative expansion in the scalar field VEV, ¢, dropping
quadratic terms. The mixing in the broken phase for the
charge —1 sector is then described by the matrix Op (D
for down), where

2
Op (Qi + ;ﬁa‘(ﬁ

(F1)

p— KMjK*) opt = a2,

where wy, and wg are given in Eq. (6.10) and (6.11)
above, and it is henceforth understood that when the
notation R is used, one must substitute, e.g., wy or wp
for wg, as appropriate. o = 246 GeV is the zero temper-
ature VEV. The particle eigenstates*® are related to the
initial fields by

32959
D =0p'Dy, D = ———22"—-M;K'0p'D
L p' Dr, Dr 3Vogh o d p' Dy
(F2)
and
32g,¢
= ——""M;Dpg, D = Dp. F3
L= 3V6g2,0 MéPR Dr=Dr (F3)
The mass gap in the broken phase is u";f’z for Dy, and
_ 16a,¢°
wp =0p - WMf (F4)
for DR.

The equations for the up quarks can be written in the
same way and we present them for completeness. The
mixing in the up sector is described by the matrix OY,
where

16a,¢>
Yawo?

Oy (Q% + Ms) OU‘t = {D%U. (F5)

The particle eigenstates are related to the initial fields by
32g,¢

Uy =0p'UL, Up = -2 M, 0utU., (F6
L U L R 3\/6_1]%‘,0' U L ( )
and
3293¢
=" M,Ug, Ug = Ug. F7
L N R, Ur R (F7)

The mass gap in the broken phase is @2, for Uy and

2
{thj _ QZU _ 160(,(15 M2

F8
9awo?2 ¢ (F8)
for Upg.

It is important to notice that the mixing matrices of
quarks in the broken phase differ from the correspond-

45Note that physical states in the broken phase do not carry
any fixed chirality, so that subscripts L and R have nothing to
do with actual chirality and are merely labels to distinguish
the two distinct states.
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ing matrices in the unbroken phase. Note also that the
change of mixing between unbroken and broken phases
in the down sector is considerably larger than in the up
sector, due to the fact that masses of up quarks are larger
than masses of down quarks. This reveals the mechanism
by which degeneracy in one sector inhibits C' P violation
in the other, independently of the convention in which
sector CKM phases occur. It is the reason that CP-
violating effects are most profound for scattering in the
down quark sector.

APPENDIX G: EQUATIONS IN TERMS OF
OBSERVABLES

As we discussed in Appendix A, the equation for the
scattering matrix does not contain exponentially rising
terms only if the imaginary parts of the particle momenta
in the broken phase are small enough: |Imp;| < a/2.
While this inequality holds for the charge —1/3 quarks
for all energies, for zero wall velocity, it breaks down for
the top quark, since its mass is quite large in the bro-
ken phase, and also for the change —1/3 sector when
the wall velocity becomes larger than ~0.4. Therefore,
under these circumstances the equations should be mod-
ified. The idea is quite simple. It is obvious that all
physical reflection and transmission amplitudes must be
perfectly finite independently of the top quark mass or
wall velocity. In other words, if we would write equations
for the scattering amplitudes themselves, there would be
no exponentially large terms floating around.

Let us concentrate on the problem of left quark re-
flection and choose the contour in the complex plane for
which at £ — +o0o the first three eigenvalues of the ma-
trix DR correspond to the transmitted wave. In par-
ticular, Im p;(+o00) > 0 for ¢ = 1,2,3. We denote the
eigenvectors by

PL = Pi, i:172,37 PR = Pis Z:47576 (Gl)
In order to simplify the notation we write an equation
for the scattering matrix V in the form

|

Ry =exp (—Im/ puiz) 7P exp (Im/ dez) , Ry =r",
T, = tbexp (Im/ dez) , T1 =exp (—Im/ pLdz> T,.

Now, the equations for these new variables do not con-
tain any exponentially large terms at all due to our sign
convention:

OR, = —TzﬂRLTl, (G12)
Oz

Ty = =

—2 = —ImpTy + QT — R2QrTh, (G13)

0z

v

9 = G2
57 =W (G2)

Oe
Q L — -1 -
(RE)"'fR5-E, (G3)
_( QL QLr
Q= ( P QRR) . (G4)

Some of the elements of the matrix {2 can be exponen-
tially large. Using the equation for V and expressions for
transmission and reflection coefficients through V [see
Egs. (7.26) and (7.27)] we get a set of nonlinear equa-
tions:

or®

—_—= —tbQRLtu, (G5)
0z
tu
8— =Qrpt* — TbQRLtu, (Gﬁ)
0z
b
%% =Qprr® — r’Qrr + QLr — r’Qrer?, (G7)
b
O tQpir® — t*Qnn, (G8)
oz
with initial conditions at  — oo
rt=rb=0, t*=t"=1. (G9)

The important point is that not all of the reflection and
transmission coefficients are observable. If, for instance,
ps and pe are complex, we cannot have the third fla-
vor in the broken phase since it cannot propagate there.
In other words, only the quantities (rb),-j, i,7 = 1,2,
(t%)i;, J # 3 and (t*)i;, ¢ # 3 have direct physical
meaning. We will not change physical quantities if we go
to another set of matrices defined by

(G10)

(G11)

OR _ _
5, = ~ImpLRs + Rolmpr + QurRz — Rofre
+Qrr — R2QrLR, (G14)
T, _ _
5 = +T2Impr — T2QrL Rz — T2S2RR, (G15)
where
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_ de
- rn—1 '
Q=—(RE") fRBzE’

E'=exp (iRe/ p(z)dz) .

We have checked that these equations give precisely the
same values for the reflection coefficients as the scattering
matrix formalism, which is a good check of the correct-
ness of the numerical integration schemes. We also used
them for scanning the up-quark case, but no significant
asymmetry was found there. This was expected since for
the up quark sector the change in mixing angles in going
from the unbroken to the broken phase is substantially
smaller than it is for the down sector.

The equations in this form are quite convenient and
allow one to integrate out particles with momenta large
compared with some typical scale. For example, for up-
sector reflection one expects that an interesting effect
can appear only near the c-reflection threshold, since at
higher energies the momenta of the ¢ and u quarks are
nearly degenerate. Near the ¢ threshold the momentum

of the ¢ quark is huge, and the approximate solution to
Egs. (G12)-(G15) is

(R2)3: = (R2)iz = (T1)3: = (T2)i3 = 0,

with other equations unchanged. In this approximation
the equations for physical reflection amplitudes do not
contain either the momentum of the ¢ quark nor the
eigenvectors corresponding to it. Nevertheless, the ¢
quark does not decouple completely since it influences
the structure of other particle eigenstates through the
mixing. Formally, the ¢ quark must be taken into ac-
count at the stage at which one solves the equation to
determine the eigenstates and eigenfunctions.

The same kind of procedure can also be used to inte-
grate out the b quark. In the region of s-quark reflection,
the momentum of the b quark is large compared with
other particle momenta. In a sense, rapid oscillations of
the wave function are equivalent to exponential suppres-
sion. This observation actually works quite well, as can
be checked by solving the equations for reflection coeffi-
cients in terms of observables, throwing away the b quark
as in Eq. (G17) but keeping it in the equations for e, f,
and p. This procedure gives essentially the same result
for the asymmetry as obtained by our standard proce-
dure.

We can understand the strong dependence of the asym-
metry on the top quark mass as follows. The mass of the
top quark contributes to the mass gap of the left chiral b
quark. Changing the top mass therefore changes the mix-
ing among the charge —1/3 left chiral quarks, and thus
influences the properties of the light flavors indirectly,
through the mixing in the physical eigenstates.

(G16)

(G17)

APPENDIX H: QUADRATIC APPROXIMATION

In the low momentum approximation to which we con-
fined ourselves in other sections, the relation between
energy and momentum of the quasiparticles was unam-

biguous. For any fixed energy we had just one momen-
tum corresponding to it. This fact is lost when one treats
the dispersion relations exactly. For example, at second
order in the momentum, the dispersion relation looks like

1 2
w=w0+—p+£_

3 3w0 ’ (Hl)

so that if w > %wo, there are two solutions for the par-
ticle momenta. Physically, this means that there are
two quasiparticle excitations degenerate in energy but
not in momentum, one of which corresponds to the nor-
mal branch and the other to the abnormal one. If the
energy is close to the mass gap, then the momentum of
one of the excitations is small, and it is this excitation
whose scattering off the domain wall we have considered.
The other value of the momentum corresponds to the
abnormal branch and is not small: p ~ wqy. If we leave
aside the question of the stability of the abnormal exci-
tations at such high momentum (in Refs. [68, 69] they
are argued to be unstable), then the scattering problem
is much more complicated than we had before. Instead of
3 possible initial and 3 possible final states, we have now
6 initial and 6 final states. The three additional states
are the high momenta excitations corresponding to the
abnormal branch. On the other hand, if w < %wg, the
momenta are complex so that particles with these ener-
gies cannot propagate even in the unbroken phase and
their wave function must be zero everywhere. Actually,
in the region of energies corresponding to s-quark total
reflection, w lies well below wy, for the b quark, so that
the b quark actually is absent in the initial states. (Note
that this is not the case in linear approximation.)

As we discussed in Appendix G, particles with large
momenta decouple from the low-momentum s and d
quarks. This justifies the use of the linear approxima-
tion in the paper: in spite of the fact that we treat b-
quark excitations in the wrong way, as having very short
wavelength rather than zero amplitude, the b quark de-
couples from the equations for the scattering matrix in
either case, so that it is immaterial which method we
use. The influence of b-quark properties on the asym-
metry is due to its effect in fixing the initial physical
eigenstates in the light sector, which we do correctly no
matter what approximation is used for the b quark in the
differential equation. The linear approximation is much
faster to numerically integrate, so that is our method
of choice. We present, however, for the sake of com-
pleteness, the method which one can use for more com-
plete analysis of the system. In particular it would be
useful if one wished to study an intermediate range of
momenta: large enough that linear approximation is in-
adequate, but small enough that the decoupling is not
complete.

Let us expand the fermionic mass operators in the mo-
mentum, up to second order terms in p. The change
p— i% gives then an equation
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aL(—Q)z'f'bLi% +cr M L
8z 5 .
MT aR(?ﬁ 2+szﬁ- + cr R
where
2 2 2
ﬂ,L:ﬁ, bL—l—-—3—‘;-2-, cL—w( wz), (H3)

and corresponding equations for the right quarks. Let
Ap r and Brp r be the momenta of the left and right
particles in the unbroken phase. They are solutions to
the quadratic equation

ar,rp® —br,rRPp —cL,r = 0. (H4)

Let us introduce new variables, which correspond to par-
ticle excitations in the unbroken phase with momenta

Ar.r,BL R:

o

v, = (Z-—a- — BL) Var¥yr, ¥, = (7,—- — AL) ver¥r,
Oz oz

(H5)

J

= (H2)
N
Uy = (1 4 — Bgr | /ar¥
3 = 2% R ARYR,
(HS)
U, = ;0 Ap | V/ar¥
4= 15; — AR GRYR.

Now, the equaiton for thee variables have the same form
as in the usual case,

2 9~ DRy,

Oz (H7)

where the operator D and matrix R are Hermitian and
defined by

Red; ilmdy
e oE O 0
—ilmd; _Red 0 0
a1z
R=| 4l &l e ilmde | (H8)
0 0 Tr Tmr
—ilmapRr —hedp
0 0 TaGmE Tamm
- 1 1 1 1
Arieds LML g e e Ve
D= —lALIIIldL ——BLRedL ——EM\/T—R —\/‘T—L \/T_R (Hg)
— A mrt L L pmq L AgrRedp 1Aplmdg ’
var ™ Jar ~ Vet T A
‘J.%Mf\/'i—j"ﬁ;Mtﬁ —iARImdr —BgRedg
L /s
di,r = E‘/b” +4ar rer,r- (H10)

The conserved baryonic current is given by the usual ex-
pression

JB = viRY. (H11)
Now these equations can be solved with the help of for-
malism described in Appendixes A and G.

APPENDIX I: Dg AND SCATTERING LENGTH
OF THE QUASIPARTICLES

One might think that with such a degree of concur-
rence among the estimates for the scattering length listed
in Sec. X that we can be rather confident that A ~ (4-
5)/T. However when one considers the calculations lead-
ing to these estimates, one sees that the scattering length
in those discussions is that of a particle with the typical
momentum ~ T, while we need the scattering length of a

f

quasiparticle, with relatively low momentum. The quasi-
particles are gauge singlets when viewed at a scale longer
than some screening length, given by the inverse Debye or
magnetic mass. Moreover at least in the one-dimensional
problem, the quarks which produce the asymmetry, and
thus the quarks whose diffusion length is relevant to de-
termining f,pn(p), have energies considerably lower than
the thermal average. Let us therefore investigate whether
the scattering length obtained in the references quoted
above is a good approximation to the actual diffusion
length which we require.

The diffusion of the quasiparticles is clearly a three-
dimensional phenomenon, so we must consider the gen-
eral problem in which the quarks incident on the domain
wall have nonzero p;;. We first must decide whether, in
the full three-dimensional problem, the quarks carrying
the asymmetry current will have relatively low energies,
as is the case for the 1D problem. Since we know that
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the p; of s quarks which reflect is in all cases low (see
Appendix E), the only way these quarks could have an
energy typical of the thermal medium would be if they
have p;| > wo. However quarks with this large value of
p|| see a bubble thickness of ~ (p)|/p:)a~! which may be
much larger than the expected mean free path ~ 5/T of
quasiparticles having typical thermal energies. If this is
the case, these particles will experience many inelastic
collisions in the scattering process and the purely quan-
tum mechanical description of their scattering would be
inapplicable. In fact, on account of the loss of quan-
tum coherence, the contribution of such particles to the
asymmetry should be very much reduced, since CP vio-
lation arises because of the difference in phases between
dcp and the quantum mechanical scattering phase shift,
which changes sign in going from particles to antiparti-
cles.

Thus the particles whose scattering contributes to the
asymmetry current have p|| and p; < %(wL —wpg) ~ 6 GeV
(see Appendix E), so the mean free path which is rele-
vant to estimating the Dp which enters p, is the mean
free path of a quasiparticle with physical?® (energy, mo-
mentum) ~ (50,6) GeV. Denoting the typical energy of a
collision mate by E ~ T and doing the angular average,
one finds (s) = 2wE.

Now we need the effective Lagrangian governing the
quasiparticle interaction. On account of Debye and
magnetic screening of the color of the quasiquark,
the propagator appearing in the matrix element is ~
(¢> = M2, .cning) "'+ Taking the Debye screening length
as a lower limit to this scale, M2 ... > M} =
(Ny+2Ne) "(;ZNc)ngz, and assuming the coupling constant to
be just the ordinary QCD coupling appropriate for this
energy scale, leads to [79]%7

46See Sec. VI for a discussion of the physical momenta of
the quasiparticles. On account of averaging over all directions
of incidence of its collision mate, the magnitude of the quasi-
particle momentum is in any event irrelevant to estimating
the average s of its collisions.

4"Their calculation included all tree level diagrams.

al(s) (s)

UGQS Aalf) = (87I'T2)2’ (Il)
where we have made use of the fact that the squared
momentum transfer is less than (s)/2 and thus is small
compared with M2. Now summing over quark and gluon

collision mates, and noting that o4y = %aqq, we find

9
no = 0qq(ng,q+ an) <0.0137T. (12)
The standard estimate of the mean free path in a gas is

1
no

) (I3)

<

where 7 denotes the average speed of the particle whose
mean free path is being computed and V denotes its av-
erage speed relative to other particles in the gas. The
diffusion coefficient for a gas is

D=-". (14)

Taking the average speed of quasiparticles to be ~ 1 while
taking U, the average speed of the the low-momentum
quasiparticle which is diffusing to be ~ 1/3, gives a
low and thus conservative estimate*® Dg>3/T and
A225/T. Hopefully this discussion has revealed that
the problem of estimating A and Dp require real un-
derstanding of the nature of the quasiparticles and their
short- and long-distance interactions. Thus estimates of
these quantities must be regarded as highly provisional.
In the following we use the ranges Dp ~ (3 — 5)/T and
A~ (4-25)/T.

8 Another reason that the true D and A may be larger than
this estimate is that in modeling the effective Lagrangian we
reduced just the range of interaction but not the effective
coupling, as compared to the fundamental Lagrangian.
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