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We bring together quantum field theory on Ss with the Coleman wormhole hypothesis, which
imposes constraints on terms in the gravitational Lagrangian. In particular, we investigate the
effect of matter fields on the trace anomaly, which is related to the (curvature)? terms, by the use of
the renormalization group equations. We consider a toy model of a nonconformally coupled Higgs
boson to a single “top” quark. By numerically solving the renormalization group equations for the
couplings of the model, we can find preferred values of the particle masses for various values of the
bare nonconformal coupling. By making the ad hoc assumption that the tree-level, Higgs boson
trace anomaly vanishes on shell, a unique prediction can be made within this model for the masses

of both the Higgs boson and the top quark.

PACS number(s): 11.10.Hi, 04.60.—m, 14.65.Ha, 14.80.Bn

I. INTRODUCTION

Recently, it was suggested [1] by Coleman that the
effect of wormholes in Euclidean quantum gravity is to
modify or even determine the observed values of the fun-
damental constants. In this idea, the effects of wormholes
can be described by a set of parameters {a;}. The cos-
mological constant A, the gravitational constant G, and
other matter couplings depend on {a;}, in a complicated
way, at the wormhole scale which is around or just be-
low the Planck scale. Furthermore, Coleman suggested
a mechanism by which A is exactly zero and G assumes
its minimum possible value. In the Euclidean functional
integral, it is possible [2] to integrate out the contribu-
tion of wormbhole configurations to give an integral over a
distribution of parameters. It is suggested that the dom-
inant contribution comes from classical saddle points of
the integral. The distribution is of the form

Q(a) — ee‘reff{“i} ] (1)

For the action
Tg] = f dz|a— L +aR,, ,AR**
167G uvod
+bR,, R*” + ch} R (2)

with A >0, the stationary point is a four-sphere of radius

with
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where d is a linear combination of a, b, and ¢. The dou-
ble exponential makes the A=0 surface in o space over-
whelmingly likely, and the minimization of G and d on
that surface should fix some or all of the other constants
of nature. Since the higher-derivative terms are related to
the trace anomaly [3], there have been attempts [4,5] to
use renormalization group techniques to relate the cou-
pling constants of interacting field theories to the con-
stant d. The tendency for A to vanish means that one
is forced to compute the effective action in the limit of
large radius, that is, in the far infrared limit, where all
but massless particles have been integrated out.

In this paper, we apply the renormalization group to
look at how minimizing d affects the masses of the Higgs
boson and the top quark. In Sec. II, we give a brief out-
line of how the minimization of d can determine particle
masses. In Sec. III, we present a toy model with a Higgs
scalar and a single top quark. We carry out the one-loop
renormalization of the model to derive the renormaliza-
tion group equations for the couplings of the model. We
then calculate the vacuum diagrams to two-loop order to
derive the corresponding equation for the parameter d.
These equations are then solved numerically, and regions
in coupling constant space are sought which minimize d
at low energies.

II. RENORMALIZATION GROUP ANALYSIS

In Refs. [3,6-8], quantum corrections to the constant
d were calculated. These give rise to a renormaliza-
tion group equation which describes how d changes as
the quantum fluctuations are integrated out going from
a high-mass scale down to a low-mass scale. Defining
D = 8n2d/3, we have an equation of the form

oD
W = A1+ (5)
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where A; is the one-loop free field contribution and vy(g;)
is the B function obtained from higher-order interactions.
Given that wormholes are unable to dictate the parti-
cle content of the world, which presumably arises from
some superstring theory or the like, the wormholes will
attempt to minimize D at large distances, that is, in the
infrared limit, by adjusting the fundamental couplings at
the wormbhole scale.

Putting aside the interacting part for the moment, one
can solve Eq. (5) to obtain

D(n) = D(Mwy) + ) AviIn(Mun/p) - (6)

This equation holds as one runs down from the wormhole
scale until the mass scale associated with each particular
field is reached. At this point, the field is integrated
out and stops contributing. In the standard model, the
only fields left in the massless limit are the photon and
graviton. Since wormholes will try to minimize D, the
sign of A; is important. Referring to Eq. (40) of Ref. [7),

Ay =—32Ngg — 35Ny — Tg—oNb , (7

180 180

we have A; > 0 for gauge bosons, fermions, and con-
formal scalar fields. Although the values were calcu-
lated for massless fields, dimensional analysis requires
that the results hold for massive fermions and scalars
as well, since masses will only contribute to A and G.
However, for nonconformally coupled scalars, the sign of
A; may change [4]. An investigation for spin—g and mas-
sive vector particles is given in Ref. [9]. For a field with
A; > 0, D(p) will increase with decreasing p. This leads
to the conclusion that if the field has an adjustable bare
mass at the wormbhole scale, then this mass will be driven
up to that scale in order to minimize the contribution
to D. This problem may be evaded provided there is a
symmetry such as gauge invariance for vector bosons or
exact chiral symmetry for fermions. Any physical mass
will then have to be induced through a process such as
spontaneous symmetry breaking. For a conformal scalar,
there is no such protection and one is forced to consider
that scalars may require a nonconformal coupling of the
form suggested in Ref. [4]. We investigate this possibility
in the next section.

Another conclusion which may be drawn is that if
we have a model with a Higgs field, then the worm-
hole parameters will adjust the couplings to raise the
symmetry-breaking scale to eliminate the gauge bosons
and fermions as quickly as possible. However, this is
barely more than a restatement of the hierarchy problem
in a different context.

III. TOP QUARK AND HIGGS BOSON MASSES

In this section, we investigate the possible effect of
wormbholes on the values of the top quark and Higgs bo-
son masses. There have been attempts to address these
questions separately [4,5], but because of the strong influ-
ence on the Higgs boson mass by the top quark Yukawa
coupling, it would appear to be necessary to look at both
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together. The interdependence of the Higgs boson and
top quark masses has been investigated previously by a
variety of authors [10-15] and collected in a review by
Sher [16]. The various results will be useful in what fol-
lows.

We choose a simple model containing a single neu-
tral “Higgs” boson coupled to a Dirac “top” quark. The
quark is coupled to SU(3), and we assume that the other
quarks in the standard model contribute to the running
of the QCD coupling constant. The scalar field has a
quartic self-coupling as well as a nonminimal coupling to
the gravitational field. The importance of this nonmini-
mal coupling will become clear shortly.

We are neglecting here the effect of the electroweak
couplings since they only have a large effect on the Higgs
boson mass for small values of the top Yukawa coupling.
This implies that this model will only be useful provided
the bound 4m} > 2M3, + m%, given in Ref. [12], is satis-
fied, which at the tree level gives m; > 77 GeV. Given the
current experimental fits to the top mass, for example,
del Aguila, Martinez, and Quiros [17] with m, = 122725
GeV, this would appear to be a reasonable assumption.

The action for the model is

1 1
I= /da[§Z¢¢ <—M + ch) P
1 A < n
+5“1‘§Z¢6C¢2 + ZZ,\C{)‘I + Zayy (Da - 2a2 TIa) 4

02" QuANTAY + 22, qsw] , (8)

where the counterterms and wave function renormaliza-
tions have been included. The Feynman rules for this
model are given in the Appendix. Of course, there is also
the non-Abelian sector as well as the other quarks which
we have omitted.

The major difference between this model and those of
previous papers [7,8] is the nonminimal coupling of the
scalar field. This has the effect of modifying the scalar
propagator

Gelnn') = | ~M+ 5¢| )

~ a2 G WYY (),  (9)
=0
where
Ge(l) = ! (10)
0= L+ %(n—1)+Y][l+ %(n—l)—Y]
and

Y =4/3-¢. (11)

That this modification has little effect on the complexity
of the calculations is another example of the power of
the complex l-plane technique. The sums are evaluated
in the same way, with the dependence of the propagator
poles on ¢ being the only difference.



A. One-loop renormalization

The one-loop renormalization of this model is carried
out in a straightforward way using the techniques of
Ref. [7]. The diagrams are given in Fig. 1. The ¢ coun-
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1 (6,
Hh=l-1gn (Xg‘

Ny - ;,\) (%) ., (1)

where we have kept the non-Abelian Casimir invariants
general, using the conventions of Ref. [18].

terterm and the relevant renormalization constants are

found to be
1 9 B. Vacuum diagrams
Z=1-gatirc; -4 (2) . ) | |
Now as we have seen in Ref. [7], vacuum diagrams also
require a renormalization of the gravitational part of the
1 2 L 2 2 action. To one loop we have the diagrams of Fig. 2. For
Zy=1- 7 (9°Cy + 9= ) (13) the fermion we have, from Refs. [6,7],
16w €
2
1 5 2 rio] = L Ny (—) +0(e% , 17)
Z¢ =1- Wgth (‘E—) s (14) f 180 €
¢ 9 but for the nonconformal scalar the procedure is slightly
& = @Ns+I0 (=), (15) modified as a result of the presence of the coupling (. We
16m2 277 \e have
J
| 1 1 \17?
1101 — il
;0] =—-1In {det [_;ﬁ (—M+ azC)]
— 1 .
=1 Eln [_;Lzaz l+in-1)-Y|l+ in—-1)+ Y]] dim(l, 0)
=0
= g {h(m) + L)} , (18)
I'(n)sinm(n/2 —2)
-
where and
0 1 n Y Al S | n .
= — i = — I = -1 dye ™™ |- +iy (=
I(n) /—(1/2~Y) dz sinmz (a: + 2) r (2 + x) 2(n) m{z/o ye (2 + zy) (2 + zy)
n n .
xI‘(E—l-—a:) (19) x[‘(—2—~1—zy)}. (20)

AN Za
—%— + —-—<—-— z 2 FIG. 1. One-loop field renormalization di-
agrams.
..... Q +
.................... Z,, 8
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FIG. 2. One-loop vacuum diagrams.

Note that Iz(n) is the contribution from the conformal
part of the propagator and is half of the result from
Ref. [7], since we are dealing with a neutral field. Evalu-
ating the integrals at n = 4, we obtain

rifo] = (g — 24<2>(3). (21)

€

This result agrees with Ref. [4] and also the last chapter
of Ref. [19] once normalization differences are accounted
for. We therefore require the counterterm

FIG. 3. Two-loop vacuum diagrams.

1
Ictz/do'”’_ea4n {186 Vs + (35¢° - 130)}< )

(22)
We now turn to the interacting two-loop vacuum dia-
grams given in Fig. 3. The techniques to handle such di-
agrams have been described in Ref. [7]. In the following,
we adopt the slightly different convention TR(I)=4 for
the I matrices than that used in Ref. [20], TR(I) = 2™/2,
to eliminate an annoying prescription dependence wh1ch
feeds through to the two-loop renormalization group
equations. The change in convention simply results in
a finite renormalization of the §( counterterm and the
vertex constant Z,.
For the scalar-fermion loop, we have

|
B gtsz B ®© oo oo
300 = —m(”a)4 o 1)F2[ w1 ; go 2 G()G(s)G¢(T)A(l, s, J)F(l,8,J) , (23)
where A(l, s, J) is given by
Muan={(g—Qz+a—ﬂJ+n_1yHa+n—n+s@+n_n§. (24)

Evaluating the ! and s sums gives

giN an 96—2n n \ [[J+n—1C[J +n -2
r30 = i 0 e o4 (3 2) oA
_ giNy n 26—2ny ™ ™ _n_mn 1.
T T(n)Qnta (pa)? 2(n — 1)I'2[3(n — 1)] sin7(n/2 — 2) sinm(n — 4) A ( 2’ 27 2( N+ Y)
Tin-1)-Y|li(n-1)+Y]
*E=in 1) —YTR-In-D+7]’ (25)
and expanding about n = 4 leads to
r2 [0]_gt2NfC2 (2)2+[1_7_3 Indmp?a® — 29(3 — /1 —¢) —2 1_ 2
SFL ™ 38472 € 3 Y + Indmpa 1l"(z a <) ¢(2 + Q)] (26)

Now we must include the counterterm 4{,, in order to compensate the fermion loop in the boson propagator. This

gives

1
T2 0] = 52750, [ do Ge(nin)

1 T I‘[%('n -1)

—YII[i(n — 1) +¥]

= 2T(n) %o sinm(n/2 — 2)

(3 + Y03 - Y]

= .:-;’_;%’r!z.cz {—2 (g)z + [—% +ay+29(3 - \/%——-C) +2¢(3+4/5— C)} (g)} : (27)
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Combining Eqgs. (26) and (27) gives
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2
e :—5:%(2 {— (g) +[-3+7+ In 47 p?a?] (-62-) } , (28)

which is canceled by the new counterterm

—e 1 gN;
cta = d €
Lot / TH 350, 3842

eley-e)].

Note that the nonlocal logarithmic term is canceled in the effective action by performing the integration and expanding

the result about n = 4.

The scalar self-interaction, figure-eight diagram is simple to evaluate, with the result

€

2
o001 = 7681r2 2{(2) +[%‘3"+ln4ﬂ#2a2—z¢(%— i-0-2@G+

and the associated counterterm

L2,[0] = —JQ / do G¢(n,m)

-0 (%) } (30)

=#<2{_2 (g) P2+ a2 - 10+ 206G +4/E-0) (g)} (31)

which combine to give

A 2
L300 = 7ogm Cz{- (g)

2
+[-% + v + In4mp?a?) (E) } . (32)
This divergence is canceled by the counterterm
.1 x5 /2)\?
I, = /dﬂﬂ EWC (E) . (33)

It is important to note that for a conformal scalar field
(=0, there would be no divergence for the diagrams in
Fig. 3.

C. Renormalization group equations

From Eqgs. (12) to (16), we are able to derive the one-
loop renormalization group equations for this model. We
define

g0 = p22,,2,' 227 g, (34)
Ao = peZAZ‘;zA 3 (35)
Co=C+6C, (36)

and given the non-Abelian coupling satisfies the flat space

form
9g € 4
Pop =~ (5) -3T%), (37)

r
differentiating the bare parameters with respect to u, and
setting the results to zero leads to

69! € gt 2 31 _ a2
ba = (3) 9+ 1oma(@iINs +31-64°C) ,  (38)

oA

2
p,a—”- = —el+ 167 2(3A+4gt2Nf) 167 2!]th ) (39)
3(
Hou " 16r oA+ 262Ny) (49)

Defining the bare gravitational parameter

D6=p"{D+(71442—1—§o) (3) - ()
3841r2<2 [(_)2_(3)] 768"2C2( )2}

(41)
gives, after differentiating,

%#Ni2 ()

D
—€D+( 2C2——1- —%%Nf— 9672

17}

K ou

It is interesting that A\ does not directly affect the running
of D since there is no A dependent single pole term in Dj.
However, it influences indirectly through the running of

Specializing to one top quark coupled to SU(3) with n,
quarks contributing to the running of g, we have Cy = &,
Ny=3, Cag; = 3, and Ty = in,. Equations (37)-(42)
become, at n = 4,
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99 _ _ &

b = ez (11 = Iny) (43)
ha = 13 (36 - 807) (44)
b = 1333+ 1260) - ozt (45)
b = jams (A +642) (46)

hop = (BC-H)-B- g @

D. Analysis

In this section we will numerically solve the renor-
malization group equations (43)—(47) from the wormhole
scale, which is taken to My = 101° GeV, down to p=1
GeV. We take, in what follows, ng = 6 and the strong
coupling constant g to be go=0.5 at the wormhole scale.
This choice gives o, = g2/4w ~ 1/7 at 100 GeV, which
is consistent with the value used in Ref. [15].

Putting the gravitational aspect aside for a moment,
a short explanation of how the Yukawa and A couplings
determine the respective masses of the top quark and the
Higgs boson is required. Note that the procedure here is
the reverse of the procedure followed in Refs. [12,13] and
is closer to the work of Ref. [15]. That is, we choose values
of the bare couplings at the wormhole scale and evolve
them down to the weak scale. In the standard model, the
Higgs field acquires a vacuum expectation value, which
can be calculated from the Fermi constant Gp, which
we take to be v = 245 GeV. The mass of the top quark
is then given by m; = (v/+/2)g: and the physical Higgs

boson m% = ,/—2p% — 5( = (v?/6)A, where —p%; is
the negative squared mass of the unbroken field. In the
limit of large a, the effect of the zeta term is expected to
be small. We also have the self-consistency condition that
the couplings stop running when the mass scale of the
respective particles is reached. This means that we must
solve the equation p = (v/v/2)g:(1) for the top mass and
u? = (v%/6)A(u) for the Higgs boson mass. Figure 4
shows the top mass solution for a variety of initial values
of gs0. Note that as g0 tends to large values, the top mass
tends to a maximum value described as an “intermediate
fixed point” by Hill [15]. Although the Yukawa coupling
rises without limit at small values of Iny as a result of
the strong coupling g, this is unphysical as the threshold
condition marks the end of the running.

For the case of the Higgs boson mass, we have a more
complicated situation. For large values of g, the g term
dominates the running of A for small )\ and the g? domi-
nates for larger A\o. The net result is that A(p) is pulled to
another intermediate-type fixed point largely determined
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FIG. 4. g.(u) vs logu. Here log represents the natural log-
arithm.

by the value of g40. This is essentially the merging of the
upper and lower bounds described by Cabibbo et al. [12].
In Fig. 5, a series of curves is shown for various initial
values Ag for g;o=2 corresponding to a top mass m,=212
GeV and a Higgs boson mass my=158 GeV. For smaller
values of g;0, the value of Ay becomes much more impor-
tant. Figure 6 shows the behavior for g;,=0.2, that is,
m=98 GeV, again for a range of values of Ag.

The general procedure for minimization of D is as fol-
lows. Given a value of (o, one chooses the pair (g0, Ao)
and evolves the set of coupled renormalization group
equations (43)—(47) down to the weak scale. The mass
consistency equations are then solved to give the top
quark and Higgs boson masses for the given pair of bare
couplings. Now the terms in (47) will drop out at m, for
the fermion contribution and at m g for the scalar contri-
bution. The interaction term will drop out at whichever
scale is reached first. Various threshold effects will also
modify the total set of renormalization group equations
as one or both particles drop out. Since we are assum-
ing lnm,; and lnmy are of a similar magnitude, we ig-
nore such corrections in the following. Similarly, we will
take as an approximation that half of the interaction
term drops out at m; and the other half at mpyg. That
is, we define the two quantities D; and Dy such that
D = D; + Dy. The linearity of Eq. (47) then gives

8D, _ 33 g .,
e S, 2 48
H o 90 641rz< ’ (48)
9Dy 1,02 _ 1 9 2
o = (50— )~ gt (49)
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FIG. 5. A(u) vs logu, for g.o=2.0. Here log represents the
natural logarithm.
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FIG. 6. A(u) vs logpu, for g:0=0.2. Here log represents the
natural logarithm.
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We then evaluate D;(m;) and Dy (mpg). Since this is the
end of the running for each quantity, the results may be
combined to give Dgpa) = Di(m:) + Dy(mp). It is this
quantity Dgna) which must be minimized. This quantity
may be evaluated for a range of values (g0, Ao), for a
given (o, and if Dg,,) assumes an absolute minimum for
a particular pair of couplings, then the conclusion will
be that wormholes force the couplings, and hence the
masses, to these precise values. The procedure may be
repeated for different (o to see the effect on the predicted
masses.

A brief discussion of the consistency of the above pro-
cedure is necessary. We have given no explanation as
to why the Higgs vacuum expectation value (VEV) is
v ~245 GeV. This is fixed by the negative, unbroken,
mass-squared parameter p%. Now, in the spherical for-
malism, all the previous calculations go through un-
changed if we include a mass term for the Higgs boson,
provided we make the substitution ¢ — ¢ + p%a®. This
will then require the introduction of counterterms which
renormalize the cosmological constant A and Newton’s
constant G. Presumably, on dimensional grounds, the
minimization of these parameters will fix the mass of the
scalar. However, we make no attempt to describe how
this may occur. Therefore it may appear as if our at-
tempt to predict the mass of the scalar is inconsistent.
However, a short argument will convince the reader that
this is not so. Given our particular choice of v ~245
GeV, we may find a set of bare couplings (o, gt0, Ao, - - -
such that Dgpa is minimized. This will give us a predic-
tion of the masses and, therefore, u% at the weak scale.
If we choose a different value v’ for the Higgs VEV, then
we will find a different set of couplings ¢}, gig, Ap, - - - and
hence a difference pZ. Consistency then implies that if
we have pZ as the value fixed by minimizing A and G,
then we would have a VEV of v. We assume, there-
fore, that there is a one-to-one correspondence between
(¢) = v and py(mpy) at the minimization point. Given
that experiment tells us that v ~245 GeV, we uniquely
evaluate the fixed, but unknown p%.

E. Results

Before presenting the results a few preliminary obser-
vations can be made.

First, as far as D is concerned, the sign of ( is irrel-
evant, since (=0 is a fixed point of Eq. (46) and all
quantities depend on (2.

For (=0, the sign of the one-loop coefficient in Dy is
negative, and so Dgp,) will be minimized for large values
of m; and mpy. This leads to the prediction that the top
mass will be pulled to its largest possible value consistent
with unitarity, an observation first made by Grinstein
and Hill [5]. The Higgs boson mass will also get pulled
up to its largest value, determined by the merging of the
upper and lower bounds with respect to m;, as described
in Ref. [12], as a result of domination by the large value of
g¢- In the framework of this simple model, we obtain the
previously mentioned values m;=216 GeV and myg=163
GeV. This behavior is expected for nonzero { provided
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o K \/%: , the critical value in Eq. (49).

For large (o > 1, {(1) remains large over the full evo-
lution even for reasonably large g0 >1. This implies that
Dy (mp) is minimized for the smallest possible value of
mpyg. For large (o, Dg(mpy) is minimized for by choosing
small Ao and small g:;o, as both must be small in or-
der for my to be minimized. Dgy(mpy) will overcome
the disadvantage of a small top mass in D;(m;) pro-
vided ($5¢% — 55) > 2. However, one must assume
that the dependence of (¢ on the wormhole {a;} param-
eters prevents the value from increasing without bound,
since Dyg(mpy) can be made arbitrarily small for suffi-
ciently large {o. Also, one must remember that for small
gto the electroweak couplings will become important and
may act to put a lower limit on the Higgs boson mass
through the requirement that (¢) = v remain the abso-
lute minimum of the potential. Such limits were given
by Linde [11] and Weinberg [10].

We turn now to the numerical results. Figures 7-
12 show the value of Dgu, for 0.001< gy < 2.0 and
0.001< Ag < 1.0 over a range of values of (p from 0.1 to
10.0. However, one should bear in mind that the approx-
imation of neglecting the electroweak couplings probably
means that for g;o <0.1 the procedure is invalid. Also,
although a maximum value of A\p = 1.0 is rather low
given the perturbative limit A =50, given our definitions,
the behavior for large values of Ag is essentially flat and
uninteresting.

First, for (p=0.1 we see in Fig. 7 the expected prefer-
ence for large values of g;9. There is a surprise, however,
that even in this limit, where )\ is expected to have lit-
tle effect, the minimum of Dgya occurs along the line
A0=0.001, which is effectively zero with respect to g;.
Now as (g is increased to (p=0.3, the“potential” Dgpa)
exhibits a kink at about g4=0.5 and begins to increase
again. This is extremely interesting as we have a defi-
nite minimum value of Dgna) and so a preferred value of
my¢. Note again that the minimum occurs again along the
line Ao=0.001. This behavior continues as (p is increased
further, with the link becoming more pronounced and
moving farther toward the lower end of the range of gs0.
As we get to very large values of (o, the kink disappears

FIG. 8. Dsnai Vs (Ao, gto), for (0=0.3.

FIG. 9. Dgpal vs (Ao, gto), for (0=0.5.

FIG. 7. Dfina1 Vs (Mo, gt0), for (o=0.1.

FIG. 10. Dﬁna] vs (Ao,gto), for (0:1.0.
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FIG. 11. Dgpnal vs (/\o,gto), for Co=2.0.

and we tend to the limit of small couplings, as we expect.

Looking at the behavior of the potential Dg,, for in-
termediate values of (p, we have the expected repulsion
away from small g due to the coeflicient —% in Eq.
(48). Now, as we raise the value of g4, this begins to
cause ((p) to run down at a faster rate. This has the

effect of decreasing the rate at which Dy (x) runs down,

and if {p runs down to below \/% , Da(p) in fact be-
gins to rise with decreasing scale. Therefore a point is
reached where one loses more by running {(¢) down than
the gain of raising m,. This explains the kink in the po-
tential. Clearly, the relative strength of the respective
forces changes with the initial value (. For small (o,
maximizing m; will win out, but for large (o it will be
much easier to slow the running of {(x) by lowering the
couplings. For the case of Ag, it appears that it is always
more efficient to slow the running of {(u) than to raise
or lower Ag to move the Higgs boson mass depending on
whether the one-loop coefficient in Eq. (49) is positive or
negative. This is probably due to the fact that my de-
pends on /A rather than the linear relationship between
g: and m;. It also appears that the interaction term in
Eq. (42) plays little part compared to the running of ¢.

Therefore the minimization hypothesis unambiguously
predicts the following. First, for a given value of (y the
masses of the top quark and the Higgs boson are uniquely
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FIG. 12. Dgnar vs (Ao, gto), for ¢o=10.0.

determined. A range of values of m; and mpy is given in
Table I. We also list for future reference the quantity
A = (*(mpg) — £, which is proportional to the one-loop
coefficient in Eq. (49) and as such is a measure of the
Higgs boson contribution to the conformal anomaly [19].
Second, and perhaps more importantly, given that the
(o parameter is unknown, we nevertheless predict that
the Higgs boson mass is forced to the lowest possible
value with respect to the top mass. This is the constraint
that the Higgs potential remain bounded below up to the
wormhole scale and corresponds to the lower bound given
in Ref. [12] and improved upon in a review by Sher [16].
Given the improving statistics on the possible top mass
[17], we can predict a range of values where the Higgs
boson mass is likely to lie. In our simple model, the pos-
sible top masses fall between about (,=0.4 and 0.6. This
leads to the bounds 40 GeV< mpy <80 GeV. This bound
is most likely to be too low as a result of electroweak
corrections. Simply applying the lower-bound prediction
to the lower bound given in [16], we predict that the top
mass is most likely to be 60 GeV< myg <130 GeV. This
appears to be more realistic.

As a final remark, in the absence of any constraint on
Co, if we make the totally ad hoc assumption that the
Higgs field conformal anomaly vanishes at my, so that
mpy will fall at the minimum of Dy (p) as a function of
i, then there is only one value of {y, which satisfies this
constraint. We find, to the accuracy of this analysis,
Co = 0.4931+0.001, which corresponds to m; = 126.21+0.3
GeV and myg = 59.1+0.3 GeV. Allowing for an increase
of 10% or so for m; and perhaps a little more for my
because of electroweak corrections, this value is highly
consistent with the current experimental data fits. While
we do not claim to have uniquely predicted the top and
Higgs boson masses, this appears to be an extremely in-
teresting coincidence.

IV. DISCUSSION

In this paper, we have investigated, using the tech-
niques of previous papers [7,8,20] the consequences of
the Coleman wormhole hypothesis for the couplings and
masses of the standard model. We looked at the effect of
vacuum diagrams up to two-loop order on the renormal-
ization of the higher-order curvature terms in Eq. (20).
When projected onto a four-sphere, we have the param-
eter D = §3Id, where d is a combination of the higher-

TABLE 1. Top and Higgs boson masses for various (o.

Co geo m; (GeV) mp (GeV) A
10.0 0.012 9 3.2 99.638
2.0 0.035 23 3.7 3.807
1.0 0.107 60 14 0.762
0.6 0.225 107 43 0.108
0.5 0.283 125 58 0.006
0.4 0.373 147 80 —0.069
0.3 0.549 173 110 —0.115
0.1 no min 216 163 —1.333
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order couplings in Eq. (2), which must be minimized in
the infrared limit.

Using a model incorporating a nonconformally coupled
Higgs scalar, we derived the renormalization group equa-
tions for the matter couplings, the nonconformal cou-
pling {, and the gravitational parameter D. We then
proceeded to investigate whether or not D developed a
minimum for various values of the bare top quark Yukawa
coupling g0 and the bare Higgs self-coupling A¢ given a
fixed value of (o. We found that for all values of (o, D is
minimized for the smallest possible value of Ao, leading
to the prediction that the Higgs boson mass is pushed to
its lowest possible value relative to the top mass. Also,
D develops a minimum for a particular value of g;0, pro-
vided that (p is in an intermediate range. For large (o
the top mass is pushed to a low value, and for small (; it
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is pushed to a large value. Using the current experimen-
tal predictions for the mass of the top quark, we were
able to give a possible range for the mass of the Higgs
boson. Also, assuming that the conformal anomaly for
the Higgs field vanishes at the scale of the Higgs boson
mass, we obtained a unique prediction for m; and my
which is consistent with current bounds.

APPENDIX A: FEYNMAN RULES
FOR NONCONFORMAL SCALARS

The propagator of a nonconformal scalar field is

|
> 1
— a2 *m
Ge(m,m) =a ; TS ey Yim (m) Y™™ (2)
=a®)_ Ge()Yim(m)Y, ™ (n2)
=0
- (A1)
.......... P S ’
[
with
Y=4/;-¢. (A2)
The interaction rules are n 9t ca Ad
(1? Self coupling: = _ﬁa (A4)
o B
_ ) (A3) (3) Conformal counterterm:
n
1
..... <><< = —56( (A5)

(2) Yukawa coupling (top quark):
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FIG 10. Dﬁm,] Vs (/\(),gm), for C(]ZI.O.



FIG. 11. Dgnal vs (Ao, gto), for (o=2.0.



FIG. 12. Dgna) vs (Ag,gm), for (,=10.0.
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FIG. 7. Dfnai vs (Ao,



FIG 8. Dﬁna] VS (/\o,gm), f()[‘ Co:0.3.



FIG. 9. Dgnal vs (Ao, gto), for (o=0.5.



