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(—)The processes pp ~ V&V2+ X ~ Z~ZzE2E2+ X, where V,. = W or Z and E; denotes a lepton,

are calculated to O(n ). Total and differential cross sections, with acceptance cuts imposed on the
final state leptons, are given for the Fermilab Tevatron and CERN LHC center of mass energies.
Inclusive and exclusive 0-jet and 1-jet cross sections are given. The transverse momenta spectra of
the leptons are significantly enhanced at high pz by the /CD radiative corrections, especially at
the LHC energy. Invariant mass and angular distributions are scaled up in magnitude by the /CD
radiative corrections, but are little changed in shape.

PACS number(s): 13.85.gk, 12.38.Bx, 14.70.Fm, 14.70.Hp

I. INTRODUCTION

The production of massive weak boson pairs (ZZ,
W W+, and W+Z) is an important physics topic at
high-energy hadron colliders. Measurements of these
processes are vital for testing the standard model (SM)
and probing beyond it. In particular, these processes
are important for elucidating the electroweak symmetry-
breaking mechanism and for testing the triple weak boson
coupling [1]. Futhermore, these processes are also back-
grounds to new physics signals, for example, new heavy
particles such as neutral and charged Higgs bosons, tech-
nimesons, extra gauge bosons, squarks, and gluinos can
all decay into weak boson pairs. It is therefore important
to have precise calculations of hadronic weak boson pair
production. These calculations should include the lep-
tonic decays of the weak bosons since the weak bosons
are identified via their leptonic decay products.

The dominant production mechanism for weak boson
pairs in hadronic collisions is via the quark-antiquark an-
nihilation subprocess qqq2 -+ Vj V2. The cross sections for
hadronic ZZ, W W+, and W+Z production were first
calculated in Refs. [2] and [3]. Tree level calculations of
V~V2+ n jets have been given for n & 1 and n & 2 in
Refs. [4] and [5], respectively. ZZ and W W+ can also
be produced via the gluon fusion subprocess gg ~ VV,
which proceeds via a quark box loop and is of order a,
[6—9]. The cross section for the gluon fusion process is sig-
nificant at supercollider energies due to the large gluon
luminosity, but it never dominates the qq annihilation
cross section. Weak boson pairs can also be produced
via the vector boson fusion process in which the incom-
ing quarks radiate two vector bosons which subsequently
scatter off each other [10]. This process is mainly of in-
terest as a source of Higgs bosons, with the Higgs bo-
son appearing as an 8-channel resonance. Away froxn the
Higgs boson peak, the weak-boson fusion production rate
is only a small &action of the basic qqq2 -+ Vj V2 produc-
tion rate. The /CD radiative corrections to hadronic
ZZ [11,12], W W+ [13,14], and W+Z [15,16] produc-
tion have recently been calculated for the case of real

weak bosons in the final state.
In this paper, previous calculations of next-to-leading-

order (NLO) ZZ [11],W W+ [13], and W+Z [15] pro-
duction are extended to include the leptonic decays of the
W and/or Z bosons. Since it is the decay products that
are observed in an experiment, the inclusion of the lep-
tonic decays in the calculation will make it much more
useful for comparing with experimental data. Futher-
more, cuts can now be applied to the final state lep-
tons, thus allowing one to mimic the experimental con-
ditions. The angular distributions of the weak boson's
decay products are especially important because they are
effective spin analyzers for the vector bosons [17]. They
are also of crucial importance when one tries to distin-
guish the various sources of anomalous couplings in the
three-boson vertex [17]. The NLO /CD corrections will
have a significant eKect on the distributions of the fi-

nal state leptons, especially at the center-of-mass energy
reached at the CERN Large Hadron Collider (LHC).

The calculations presented here include the leptonic
decays of the weak bosons in the narrow width approx-
imation. In this approximation, nonresonance diagrams
(e.g., the final state eeyp, , which is formed by the pro-
duction and decay of ZZ, can also be reached by the
process p p ~ Z -+ ee with the subsequent radiation of a
leptonically decaying Z [Z -+ pp] from the electron line)
are not necessary to maintain gauge invariance. The cal-
culations are done by using the Monte Carlo method for
NLO calculations [18] in combination with helicity am-
plitude methods [19]. The Monte Carlo method for NLO
calculations is very powerful because any number of ob-
servables can be calculated simultaneously by simply his-
togramming the quantities of interest, experimental ac-
ceptance cuts can easily be imposed on the calculation,
and it is also possible to compute the NLO @CD cor-

(—)rections for exclusive channels, e.g. , pp -+ Vj V2 + 0 jet.
Helicity amplitude methods make cross section calcula-
tions tractable for processes involving a large number of
tree level diagrams; futhermore, the leptonic decays of
the weak bosons are trivial to implement at the ampli-
tude level.
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The remainder of this paper is organized as follows.
The formalism used in the calculations is described in
Sec. II, numerical results for the Fermilab Tevatron and
LHC center-of-mass energies are given in Sec. III, and
summary remarks are given in Sec. IV. Technical details
of the calculation have been relegated to an appendix.

II. FORMALISM

Next-to-leading-order calculations of hadronic ZZ,
TV TV+, and W+Z production have been presented for
real weak bosons in the final state. These results are
extended in this section to include the leptonic decays
W -+ Ev and Z ~ IE (I. = e, p). This section begins with
a brief review of the NLO Monte Carlo formalism used
in the calculation and concludes with a discussion of the
incorporation of the leptonic decays.

The calculations are done using the narrow width ap-
proximation for the leptonically decaying weak bosons.
This simplifies the calculation greatly for two reasons.
First of all, it is possible to ignore the contributions
&om nonresonance Feynman diagrams without violat-
ing gauge invariance. An example of such a diagram
is qq + Z m ee followed by e -+ eZ m epp, , yielding
the final state eepp, , which is the same final state pro-
duced by qq m ZZ ~ eepp, . Second, in the narrow
width approximation it is particularly easy to extend the
NLO calculations of real weak boson pairs to include the
leptonic decays of the W and Z bosons.

A. Monte Carlo formalism

The NLO calculations of VqV2 production include con-
tributions &om the square of the Born diagrams, the in-
terference between the Born diagrams and the virtual
one-loop diagrams, and the square of the real emission
diagrams. (The Feynman diagrams for the case of real

I

weak bosons in the final state can be found in the orig-
inal references. ) The calculations have been done us-
ing a combination of analytic and Monte Carlo integra-
tion methods [18]. The basic idea is to isolate the soft
and collinear singularities associated with the real emis-
sion subprocesses by partitioning phase space into soft,
collinear, and finite regions. This is done by introducing
theoretical soft and collinear cutoff parameters, b, and
8, . Using dimensional regularization [20], the soft and
collinear singularities are exposed as poles in e (the num-
ber of space-time dimensions is N = 4 —2e with ~ a small
number). The infrared singularities &om the soft and vir-
tual contributions are then explicitly canceled while the
collinear singularities are factorized and absorbed into
the definition of the parton distribution functions. The
remaining contributions are finite and can be evaluated
in four dimensions. The Monte Carlo program thus gen-
erates n-body (for the Born and virtual contributions)
and (n + 1)-body (for the real emission contributions)
final state events. The n and (n-+ 1)-body contribu-
tions both depend on the cutoff parameters 8, and b„
however, when these contributions are added together to
form a suitably inclusive observable, all dependence on
the cutoff parameters cancels. The numerical results pre-
sented in this paper are insensitive to variations of the
cutoff parameters.

B. Summary of O(a, ) V&Vq production followed by
leptonic decays

The formalism for O(a, ) hadronic weak boson pair
production followed by leptonic decays of the weak
bosons is summarized here. A detailed discussion about
the incorporation of leptonic decays into a NLO calcula-
tion of a real weak boson pair can be found in Ref. [21],
where the leptonic decay R' ~ ev was incorporated into
a NLO calculation of real Wp production. Basically, ex-
cept for the virtual contribution, all the NLO contribu-
tions for real Vj V2 production have the form

Aq
(qqq2 M ViV2) = do ""(q~q2 M V&V2) 1+Cz —'( )

27r

where crB '" is the lowest order Born contribution, Cp = 4/3 is the quark-gluon vertex color factor, and a, is the
strong running coupling. Thus the leptonic decays can be incorporated by simply making the replacement

do. '"(qgq2 -+ Vj V2) do(qyq2 'M Vj V2 M Egg] E2I2) (2)

in the formulas for NLO real Vj V2 production. The lep-
tonic decays are particularly easy to incorporate when
the calculation is done at the amplitude level; the weak-
boson polarization vectors, e„(k), are simply replaced by
the V ~ EE decay currents, J„(k), in the amplitude. De-
tails of the amplitude level calculations for the Born and
real emission subprocesses can be found in Ref. [5].

The simple replacement described in the previous para-
graph does not hold for the virtual corrections. Rather
than undertake the nontrivial task of recalculating the
virtual corrections for the case of leptonically decaying

weak bosons, we have instead opted to use the virtual
corrections for real on-shell weak bosons which we sub-
sequently decay ignoring spin correlations. Neglecting
spin correlations slightly modifies the shapes of the an-
gular distributions of the final state leptons, but the total
cross sections are not altered as long as no angular cuts
(e.g. , rapidity cuts) are imposed on the 6nal state lep-
tons. For realistic rapidity cuts, the total cross sections
are changed by typically 10% when spin correlations are
neglected. Since the virtual corrections are small (they
are typically less than 10% as large as the corresponding
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Born cross section) and the effects of spin correlations are
small, the overall result of ignoring spin correlations in
the virtual corrections is negligible compared to the 20%—
30%%uo uncertainty from the parton distribution functions
and the choice of the scale Q . (Note that spin correla-
tions are included everywhere in the calculations except

I

in the virtual contributions. )
The results for the NLO calculation of pp ~ VjV2 +

X ~ EiEiE2E2 + X can now be summarized. (The same
formalism holds for pp collisions with the obvious re-
placement p ~ p.) The NLO cross section consists of
four- and five-body final state contributions:

0. " (ppmVV+X+EEEE+X)=(T „(ppmVV mE~EIE )

+o.s b gr(p p m Vi V2 + X -+ EgE iI2E2 + X) . (3)

The four-body contribution is

vd 2 dv(2222~ &i&a ~ 6&26tb) =v + ) f dvcvbdvd
91~02

d~NLO
x Gq, yp(xi, M ) Gq, gy(x2, M ) (qiq2 m ViV2 ~ giEig2E2) + (xi ~ x2)

(4)

where aHc is the contribution from the hard collinear remnants (see the Appendix for the definition), the sum is over
all contributing quark fiavors, v is related to the center-of-mass scattering angle 8' by v =

2 (I + cos 8'), xi and x2
are the parton momentum fractions, G~~„(x,M ) is a parton distribution function, M is the factorization scale, and

g~NLO /~ Box'll

(qiq2 -+ ViV2 M EiEiE2E2) = (qiq2 -+ ViV2 m s,E,s,E,)
Qv dv

CK
2

x 1+Cv ' 4 lb(6, ) + 3ln( ) + 4ln(b) 1n(

+Ape 9+ —m + 31n(6, ) —21n(6, )'

g0-vlrt

(qiq2 M Vi V2) B(vi M

limni)

B(V2 -+ E2g2) .
Qv

The caret denotes a parton level cross section, n, (p2) is the strong running coupling evaluated at
the renormalization scale p, 6, is the soft cutoff parameter, s is the square of the parton center-
of-mass energy, and AFC specifies the factorization convention: %pc = 0 for the universal [modi-
fied minimal subtraction (MS) [22]] convention and AFc = I for the physical [deep inelastic scatter-
ing (DIS)] convention. The virtual contribution [23], do"" /dv(qiq2 -+ Vi V2), is multiplied by the

V, ~ ejej and V, ~ e,e, branching ratios.
The five-body contribution is

vl b dv(2222 -d V2V2 + X 2 12I2I2E2 + X) = P f dv(nb 2 V2V22 M IdlbI2E22)
a,b,c

x G (p(xi, M ) Ggg„-(x2, M ) + (xi e+ x2) dxi dx2,

where the sum is over all partons contributing to the
three subprocesses qjq2 —+ VjV2g m Zj/jE282g, qjg m
&j&gq2 ~ & &j&2&2q2, and gq2 ~ Vj&2qj -+ &j&j&2&2qj.
The 2 m 5 subprocess is labeled by pj + p2 ~ p3 +
p4 + p5 + p6 + p7 and. the kinematic invariants 8,~ and
t;z are defined by s;~ = (p; + p~)2 and t,~

= (p; —p~)~.
The integration over five-body phase space and dxj dx2
is done numerically by standard Monte Carlo techniques.
The kinematic invariants 8;~ and t;~ are first tested for

soft and collinear singularities. If an invariant for a sub-
process falls in a soft or collinear region of phase space,
the contribution &om that subprocess is not included in
the cross section. The squared matrix elements for the
Born and real emission subprocesses were evaluated nu-
merically via helicity amplitude methods as described in
Ref. [5). No attempt has been made to antisymmetrize
the amplitudes for the case of identical fermions in the
final state.
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III. PHENOMENOLOGICAL RESULTS

The phenomenological implications of NLO QCD cor-
rections to Ir'iV2 production at the Tevatron (pp colli-
sions at i/s = 1.8 TeU) and the LHC (pp collisions at
~s = 14 TeV) will now be discussed. This section be-
gins with a brief description of the input parameters and
acceptance cuts.

set SO' distributions with A4 ——215 MeV. The MRS dis-
tributions are defined in the universal (MS) scheme, and
thus the factorization defining parameter AFC in Eqs. (5)
and (A2) should be AFc ——0. For convenience, the MRS
set SO' distributions have also been used for the leading-
order (LO) calculations.

B. Cuts

A. Input parameters

The numerical results presented in this section were
obtained using the two-loop expression for a, . The QCD
scale AclgD is specified for four fiavors of quarks by the
choice of the parton distribution functions and is ad-
justed whenever a heavy-quark threshold is crossed so
that o., is a continuous function of Q2. The heavy-quark
masses were taken to be mg ——5 GeV and m~ ——150 GeV.
The SM parameters used in the numerical simulations are
Mz = 91.173 GeV, Mgr = 80.22 GeV, cx(Mgr) = 1/128,
and sin 8 = 1 —(M~/Mz)2. These values are con-
sistent with recent measurements at the CERN e+e
collider LEP, the CERN SOS Collider, and the Fermi-
lab Tevatron [24—26]. The soft and collinear cutoff pa-
rameters are fixed to b, = 10 2 and b, = 10 unless
stated otherwise. The parton subprocesses have been
summed over u, d, s, and c quarks, and the Cabibbo mix-
ing angle has been chosen such that cos 8~ ——0.95. The
leptonic branching ratios are B(W ~ ev) = 0.107 and
B(Z + ee) = 0.034, and the total widths of the W- and
Z bosons are I'gr ——2.12 GeV and I'z ——2.487 GeV. A
single scale Q = Mir v, where Mir, ir, is the invariant
mass of the VqV2 pair, has been used for the renormal-
ization scale p, and the factorization scale M .

In order to get consistent NLO results it is necessary
to use parton distribution functions which have been fit
to next-to-leading order. The numerical results were ob-
tained using the the Martin-Roberts-Stirling (MRS) [27]

Tevatron

pT (e) & 20 GeV

Pr & 20 GeV

i'll(e)i & 2.5
~R(e, e) & 0.4

LHC

pT (e) & 25 GeV

Iir & 50 GeV

[il(e)/ & 3.0
aR(e, e) & 0.4

C. NLO cross sections

The dependence of the total cross section on the soft
and collinear cutoff parameters is illustrated in Fig. 1
which shows the total NLO cross section for pp
ZZ + X ~ e e+p, p,

+ + X plotted versus b, and b„
for i/s = 14 TeV and the cuts described in Sec. IIIB.

The cuts imposed in the numerical simulations are mo-
tivated by the finite acceptance and resolution of the de-
tector. The finite acceptance of the detector is simulated
by cuts on the four-vectors of the final state particles.
These cuts include requirements on the transverse mo-
mentum p& and pseudorapidity q = lncot(8/2) of the
charged leptons and on the missing transverse momen-
tum P& associated with the neutrino(s). Charged lep-
tons are also required to be separated in azimuthal angle-
pseudorapidity space, 6R = [(Ap)2+ (b,i7)2]ir'2, where 8
and P are the polar and azimuthal angles relative to the
beam; this cut is impelled by the finite granularity of the
detector. The complete set of cuts can be summarized as
follows:

40 I I I I I I I II I I I I I I I

a) pp~ZZ+X~e e+p. p,++X

40 I I I IIIII I I I I 1(III I I f I IIII
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FIG. 1. The dependence of
the total NLO cross section for

pp ~ ZZ +X ~ e e+p p+
+X at ~s = 14 TeV on the soft
and collinear cutoff parameters.
In part (a) the total NLO cross
section is plotted versus the soft
cutoff parameter b, for a fixed
value of b = 5 x 10 . In part
(b) the total NLO cross section
is plotted versus the collinear
cutoff parameter b for a fixed
value of b, = 10 . The 4-

and 5-body contributions are
also shown. The cuts listed in
Sec. III 8 have been imposed.
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TABLE I. Total cross sections for p p ~ ZZ + X ~ E~E~EqE2 + X,
(—) + (—)

pp ~ W W + X ~ Eqv~vqEq+ X, and pp ~ WZ+ X ~ Eqvq/q/2+ X for center-of-mass
energies corresponding to the present Tevatron, an upgraded Tevatron, and the proposed LHC.
The cross sections have been summed over 4 = e, p, and both charges of the W in the WZ process.
The cuts listed in Sec. III B have been imposed.

vs (TeV)
1.8

3.5

14

(—)
pp
pp LO

NLO
LO
NLO
LO
NLO

o(ZZ) (fb)
4.8
6.2
12
14
36
43

o(W W+) (fb)
190
260
440
590
570
960

o(W+Z) (fb)
17
22
44
59
43
77

The n- and (n+ 1)-body contributions are also plotted
for illustration (n = 4 for this process). The figure shows
that the 4- and 5-body contributions, which separately
have no physical meaning, vary strongly with b, and 6„
however, the total cross section, which is the sum of the
4- and 5-body contributions, is independent of 6, and 6,
over a wide range of these parameters.

The total LO and NLO cross sections for weak-boson
pair production, with the cuts specified in Sec. III B, are
given in Table I for center-of-mass energies corresponding
to the present Tevatron (V a = 1.8 TeV), an upgraded
Tevatron (+a = 3.5 TeV), and the proposed LHC (+a =
14 TeV). The cross sections in Table I have been summed
over 8 = e, p and both charges of the W in the W+Z
process.

For definiteness and convenience, differential cross sec-

tions will be given for the processes pp + ZZ+ X ~
e e+p @++X,pp ~ W W++X ~ e v, v,e++X,(—)

and pp -+ W+Z+X ~ v, e+p, p++X. In practice, the
(-)

final state leptons would be summed over E = e, p and
both charges of the W would be summed in the WZ pro-
cess. Thus the distributions given here would be scaled
up by the appropriate power of 2. The differential cross
sections include the cuts described in Sec. IIIB. The fig-

ures are arranged in two parts, with parts (a) and (b)
being the results for the Tevatron (~a = 1.8 TeV) and
LHC (~a = 14 TeV) energies, respectively. Both NLO
and LO results are shown. In some distributions, the
NLO 0-jet exclusive and the LO 1-jet exclusive cross sec-
tions are also given. For these exclusive cross sections it
is necessary to define a jet. A jet will be defined as a
final state quark or gluon with

pT(j) & 10 GeV

at the Tevatron, and

p2(j) & 50 GeV

and

and

ln(j)I & 2 5 (7)

ln(j)I & 3 (8)

D. ZZ production

(—)The first process to be considered is pp ~ ZZ+ X -+
e e+p p+ + X. The invariant mass distribution of the
four leptons is displayed in Fig. 2; NLO and LO cross
sections are shown. The NLO corrections are nearly uni-

at the LHC. The sum of the NLO 0-jet and the LO 1-
jet exclusive cross sections is equal to the inclusive NLO
cross section.

10 1
I I I I I I I I I I I I I I I I I I I I I I I I

a) pp ~ ZZ+X ~ e e+p p,++X

Ks = 1.8 TeV

001%/ M I I I I I I I I I I I I I I I I I I I I I

: b) pp~ZZ+X~e e'p, p'+X
Vs = 14 TeV

10 2

VH

0 10-3—

10

10 2

10

FIG. 2. The invariant mass
of the four leptons in the

(—)process pp ~ ZZ + X
m e e+p II+ + X. Parts (a)
and (b) are for the Tevatron
and LHC center-of-mass ener-
gies, respectively. The NLO
(solid line) and LO (dashed
line) cross sections are shown.
The cuts listed in Sec. III B
have been imposed.

10 4 I I I I I 10-4
100 200 300 400 500 800 200 400 BOO 800 1000

M(e e+~ ~+) (GeV) M(e e+p ~ ) (GeV)
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a) pp~ZZ+X~e e+p p.++X
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I
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— b) pp ~ ZZ+X~ e e+p p++X

10

Vs = 1.8 TeV
100

vs = 14 TeV

0
U
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b

10

10—1

10—2
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FIG. 3. Same as Fig. 2

but for the inclusive lepton
transverse momentum distribu-
tion. The 0-jet (dotted line)
and 1-jet (dot-dashed line) ex-
clusive cross sections are also
shown.

10 4 I I I I I I I I I. . . , I i, i% 10—4
0 50 100 150 200 0

p (1) («V)

ot dash —1 ~et

100 200 300 400

p (1) («V)

form in the invariant mass at the Tevatron energy and
increase only slightly with the invariant mass at the LHC
energy.

Figure 3 shows the inclusive difFerential cross sec-
tion for the lepton transverse momentum (all four lep-
tons have been histogrammed, each with the full event
weight). At the Tevatron energy, the NLO corrections
increase slowly with pT, (E), whereas at the LHC energy,
the corrections increase more rapidly with pT(E) The.
0-jet and 1-jet exclusive cross sections are also shown.
At the Tevatron energy, the 0-jet exclusive cross section
is slightly larger than the LO cross section, while the 1-
jet exclusive cross section is much smaller than the LO
cross section. At the LHC energy, the 1-jet exclusive
cross section is much smaller than the LO cross section
at small values of pT, (E), but becomes comparable to the
LO cross section at large values of pT, (E). The decompo-
sition of the NLO cross section into 0-jet and 1-jet com-
ponents shows that the large NLO corrections at high

p&(E) are due to contributions Rom 1-jet real emission
subprocesses. The 1-jet exclusive cross section becomes
a larger &action of the total NLO cross section at higher
energies because the contributions from qg initial state
processes grow with the center-of-mass energy due to the
increasing gluon luminosity.

The 0-jet and 1-jet exclusive cross sections are, of
course, arbitrary since they depend on the jet definition.
For example, increasing the pT threshold for a jet will
suppress the 1-jet and enhance the 0-jet exclusive cross
sections (the 0-jet and 1-jet exclusive cross sections must
sum to the NLO cross section). Nevertheless, Fig. 3 il-
lustrates that for reasonable jet definitions, the 1-jet con-
tribution to the inclusive NLO cross section is small at
the Tevatron energy, but becomes significant at the LHC
energy, especially at high p&(E)

The inclusive differential cross section for the lepton
pseudorapidity, rl = ln cot(0/2) where e is the polar angle
of the lepton with respect to the proton direction in the

~ 0 I I

I

I I I I

I

I I I I

I

l I I I
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I I3
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FIG. 4. Same as Fig. 2 but

for the inclusive lepton pseudo-
rapidity distribution.
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in Fig. 7. The NLO corrections are nearly uniform in MT
at both the Tevatron and LHC energies. The invariant
mass of the charged leptons, M(e e+), is also unchanged
in shape by the NLO corrections.

Figure 8 shows the inclusive differential cross sec-
tion for the charged lepton transverse momentum (both
charged leptons have been histogrammed, each with the
full event weight). The NLO corrections increase slowly
with pT, (E) at the Tevatron energy, but at the LHC en-

ergy, they increase very rapidly with pT, (E). Similar be-
havior is observed in the pT spectra of the W bosons
[13,14]. The 0-jet and 1-jet exclusive cross sections are
also shown. At the Tevatron energy, the 0-jet cross sec-
tion is always larger than the 1-jet cross section. At the
LHC energy, on the other hand, the 0-jet cross section
dominates at small p&(E), while the 1-jet cross section

dominates at high pT, (E). This behavior is similar to that
observed in the ZZ process, except now the 1-jet compo-
nent is a larger fraction of the total NLO cross section.

The missing transverse momentum distribution is pre-
sented in Fig. 9. The P& distribution begins to fall rapidly
when P&

—M~. The NLO corrections increase with P&
and become very large, especially at the LHC energy.
The 0-jet and 1-jet cross sections are also shown. The 0-
jet cross section dominates for P& M~ while the 1-jet
cross section dominates for P& ) M~. The large NLO
corrections at high P& are due to 1-jet events. At LO
the W bosons are back to back in the transverse plane,
thus when high pT S' bosons decay, the decay product
neutrinos will also be nearly back to back in the trans-
verse plane. The missing transverse momentum, which is
the vector sum of the neutrino transverse momenta, thus
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FIG. 7. The transverse clus-
ter mass distribution for
the process p p -+ W W+

+X m e v, v, e+ + X. Parts
(a) and (b) are for the Tevatron
and LHC center-of-mass ener-

gies, respectively. The NLO
(solid line) and LO (dashed
line) cross sections are shown.
The cuts listed in Sec. III B
have been imposed.
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tends to be small due to the acollinear cancellation of the
neutrino momenta and the PT distribution falls rapidly.
On the other hand, when a W W+ event contains a high

p& jet, the transverse angle between the decay product
neutrinos can easily be acute, thus yielding a much larger
value of P&.

Figure 10 shows the inclusive pseudorapidity distri-
bution of the charged leptons. The NLO corrections
are once again largest in the central pseudorapidity re-
gion. The 0-jet and 1-jet exclusive cross sections are
also shown. The interesting feature to note is that com-
pared to the corresponding distribution for the ZZ pro-
cess (Fig. 4), the 1-jet cross section for the W W+ pro-
cess is a larger &action of the total NLO cross section.
This trend will continue for the WZ process.

F. WZ production

(—)
The 6nal process to be considered is pp m W+Z +

X ~ v, e+p, p+ + X. This process is of special interest
because it is sensitive to the WWZ vertex. The discus-
sion here will be limited to the case of standard model
couplings at the WWZ vertex. A study of this process
with NLO corrections and anomalous couplings at the
WWZ vertex can be found in Ref. [30].

The transverse cluster mass [see Eq. (12)], where the
cluster is c = e+ + p + p+, is shown in Fig. 11. The
NLO corrections are nearly uniform in MT at both the
Tevatron and LHC energies. Since there is only one neu-
trino in the 6nal state, it is possible to reconstruct the
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transverse momentum distribu-
tion. The 0-jet (dotted line)
and 1-jet (dot-dashed line) ex-
clusive cross sections are also
shown.
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WZ invariant mass by requiring the invariant mass of the
electron plus neutrino system to be equal to the W-boson
mass. This constraint gives a quadratic solution for the
longitudinal momentum of the neutrino, and thus there
is a two-fold ambiguity in the reconstructed WZ invari-
ant mass. The reconstructed WZ invariant mass, formed
by histogramming both reconstructed invariant masses,
each with half the event weight, is qualitatively similar
to the cluster transverse mass. In particular, the shape
of the reconstructed WZ invariant mass is unchanged by
the NLO corrections.

Figure 12 shows the inclusive transverse momentum
distribution of the charged leptons (all three charged lep-
tons have been histogrammed, each with the full event
weight). The NLO corrections once again increase with

p&(E) and are especially large at the LHC energy. The
0-jet exclusive cross section is the dominant component

of the inclusive NLO cross section at the Tevatron en-

ergy, whereas at the LHC, the 0-jet cross section domi-
nates at small yT, (E) while the I-jet cross section domi-
nates at high PT(E) The PT., distribution, which is shown
in Fig. 13, exhibits the same qualitative features as the
pT, (/) distribution.

The inclusive pseudorapidity distribution of the
charged leptons is displayed in Fig. 14. Note that the
1-jet cross section is now an even larger &action of the
total NLO cross section than it was in either the ZZ or
W W+ process (see Figs. 4 and 10).

Figure 15 shows the polar angle distribution of the
e+ in the W-boson rest frame, measured with respect
to the W-boson direction in the W+Z rest &arne, i.e.,
cos8,+ = p,+ pw where p,+ is the unit-normalized
three-momentum of the e+ in the W-boson rest &arne
and p~ is the unit-normalized three-momentum of the
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G. Dxscussxon

Comparing the three processes, one sees that the NLO
corrections increase for the processes in the order ZZ,
W W+, WZ. The 1-jet exclusive cross section also be-
coxnes a larger &action of the total NLO cross section in
this saxne order. Both of these features are due to the
qg ~ Vj V2q real emission subprocesses.

A decomposition of the NLO corrections into compo-
nents &om order o., qq and qg initial states shows that
the qq components are of similar size in all three pro-
cesses (the qq component is approximately 10% the size
of the corresponding Born cross section), whereas the or-
der a, qg component increases for the processes in the
order ZZ, W W+, WZ [15,16,14]. A similar decomposi-
tion of the 1-jet exclusive cross section exhibits the same
behavior.

The NLO corrections and the 1-jet &action are largest
for the WZ process because the Born cross section for
this process is suppressed due to destructive interference
between the 8-, T-, and U-channel Feynman diagrams.
This destructive interference produces an approximate
amplitude zero [31]; the dominant helicity amplitudes
(A~ = kl, Az = pl) have an exact zero, whereas the
other helicity amplitudes remain finite but small. The
situation is analogous to the qq ~ Wp process which,
because of the massless photon, has an exact zero in all
the helicity amplitudes [32]. The NLO /CD corrections
to the process qq ~ Wp are very large at high center-of-
mass energies as a result of the destructive interference
and the large gluon luminosity [33]. The approximate
axnplitude zero in the qq ~ WZ process produces dips
in the distributions of cos 8' [3l], y&, and y&

—y~ [16],
where 8* is the center-of-mass scattering angle, y& is the
Z-boson rapidity in the WZ center of mass &arne, and
y& (y~) is the Z-boson (W-boson) rapidity in the labo-
ratory frame. The approximate amplitude zero also sup-
presses the WZ Born cross section at high p&(Z). The
qg ~ WZq subprocess, on the other hand, is not sup-
pressed by destructive interference. As a result, the NLO
corrections and the 1-jet &action are larger for the WZ
process than for either the ZZ or W W+ process.

In all three processes, the NLO corrections are largest
at high p& because the qg ~ VqV2q subprocesses are en-
hanced in diagraxns where a weak boson and a quark are
produced at high p&, with the quark radiating the other
weak boson, i.e., diagrams in which qg ~ Vqq followed by
q -+ qV2. These subprocesses are enhanced by a factor
ln (p&(Vj)/M&, ) [16,14], which arises from the kinematic
region where V2 is nearly collinear to the quark.

The W W+ process has a larger NLO correction and a
larger 1-jet &action than the ZZ process. These features
are again due to difFerences in the relative importance of
the qg initial state processes. The qg initial state pro-
cesses are of more relative importance for the W W+
process than for the ZZ process; however, it is not clear
why this is so. The mass difFerence between the W and
Z boson is not enough to explain the difFerence.

Another notable feature of the NLO corrections is that
they increase with the center-of-xnass energy. This be-
havior is also due to the qg initial state processes. The
contributions &om these processes increases with the

center-of-mass energy due to the increasing the gluon lu-
minosity.

IV. SUMMARY

The @CD radiative corrections to hadronic ZZ,
W W+, and W+Z production have been calculated to
order o., with leptonic decays of the weak bosons in-
cluded. The inclusion of the leptonic decays makes the
calculations more realistic since it is the leptonic decay
products that are observed in an experiment. Distribu-
tions of the final state decay products have been given
for both inclusive and exclusive channels for the Teva-
tron and LHC center-of-mass energies. The calculations
include typical acceptance cuts on the final state leptons.

The calculations were done by using the Monte Carlo
method for NLO calculations in combination with helic-
ity amplitude methods. With the Monte Carlo method
it is easy to impose experimentally motivated acceptance
cuts on the final state leptons, also, it is possible to calcu-
late the order n, /CD corrections for exclusive channels,

e.g. , pp —+ Vj V2 + 0 jet. The narrow width approxixna-
tion has been used for the decaying weak bosons. This
simplifies the calculation greatly since it is possible to ig-
nore contributions &om nonresonant Feynman diagrams
without violating gauge invariance. Futhermore, in the
narrow width approximation it is particularly easy to ex-
tend previous NLO calculations of real weak boson pairs
to include the leptonic decays of the weak bosons. Spin
correlations are included everywhere in the calculation
except in the virtual contributions where they can be
safely neglected. Nevertheless, it would be desirable to
include spin correlations in the virtual contributions in
the future.

The /CD radiative corrections enhance the transverse
momenta spectra of the leptons at high p&, especially
at the LHC energy. These enhancements are due to the
opening of the qg subprocesses at order o, The con-
tribution &om these processes increases with the center-
of-mass energy due to the increasing gluon density in
the proton. Invariant mass and angular distributions are
scaled up in magnitude by the /CD radiative corrections,
but undergo little change in shape.
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APPENDIX: HARD COLLINEAR
CORRECTIONS

The real emission subprocesses qq(pq) + q2(p2) -+
V V2g ~ Eq(ps) + I (p ) + E2(ps) + Ez(ps) + g(p ) (and
the cross subprocesses) have hard collinear singularities
when tqy ~ 0 or t2~ -+ 0 [t;~ = (p; —p~) ]. These singu-
larities must be factorized and absorbed into the initial
state parton distribution functions. After the factoriza-
tion is performed, the contribution &oxn the remnants of
the hard collinear singularities has the forxn
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"Born x —b.
He 2 Z Xg 2o. =) — (qiq& m V, V2 m /if, f282) dvdx, dx2 G,y„(z„M ) —G-, y„- —,M P (z)

2K dv
ql, q2

1 x —h.
+g, ( (zz M ) —

Gqqz( —,M ) P q(qz) +Gqyz(zzM ) —Gqyq( —,M ) Pqq(z)
*2 Z &1

1

pg, „qz„Mz) —*g„,(—*',M*) P„(z),
&1

(Al)

with

P,,(,) = P,,(z) ln~ b. , [

—P,', (z) —AFCF;, (z).
z 'M2) (A2)

The Altarelli-Parisi splitting functions in N = 4 —2e
dimensions for 0 & z ( 1 are

inelastic scattering (DIS)] convention. For the physical
convention the factorization functions are

1+Z2
Pss(z, e) = Cp

W

—e(l —z) (A3) F ()=&p l
] I

—— +2 +31+z' (1—z) 3 1

1 —z ( z ) 2 1 —z

(A6)

Pss(z, e) = z'+ (1 —z)' —e
2(1 — )

(A4) F (z) = — (z + (1 —z) ) 1n]
1 (1 —z'l

z

and can be written as +Sz(l —z) —1 . (A7)

P;, (z, e) = P,, (z) + eP, (z), (A5)

which defines the P functions. The functions Fqq and
I"qz depend on the choice of factorization convention and
the parameter AFc specifies the factorization convention;
AFC = 0 for the universal [modified minimal subtraction
(MS) [22]] convention and AFC = 1 for the physical [deep

The transformation between the MS and DIS schemes is
discussed in Ref. [34]. The parameter M2 is the factor-
ization scale which must be specified in the process of
factorizing the collinear singularity. Basically, it deter-
mines how much of the collinear term is absorbed into
the various parton distribution functions.
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