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We derive the general structure of the hadronic tensor required to describe deep-inelastic scatter-
ing from an off-shell nucleon within a covariant formalism. Of the large number of possible off-shell
structure functions we find that only three contribute in the Bjorken limit. In our approach the
usual ambiguities encountered when discussing problems related to off shellness in deep-inelastic
scattering are not present. The formulation therefore provides a clear framework within which one
can discuss the various approximations and assumptions which have been used in earlier work. As
examples, we investigate scattering from the deuteron, nuclear matter, and dressed nucleons. The
results of the full calculation are compared with those where various aspects of the off-shell structure
are neglected, as well as with those of the convolution model.
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I. INTRODUCTION

The general structure of the hadronic tensor relevant to
deep-inelastic scattering (DIS) from an on-mass-shell nu-
cleon (p? = M?) which transforms correctly under proper
Lorentz and parity transformations, and which is gauge
and time-reversal invariant, is well known. In the Bjorken
limit the two possible structure functions collapse to one,
so that in the case of one flavor electromagnetic deep-
inelastic scattering may be expressed in terms of just
one quark distribution which is a function of only one
variable. (All these statements refer to spin-independent
scattering, to which we restrict ourselves throughout this
paper.)

The situation is considerably more complex if one is
considering, in a covariant formulation, DIS from an
off-mass-shell (p? # M?) hadronic constituent within a
composite target. This situation arises, for example, in
many calculations relevant to the European Muon Col-
loboration (EMC) effect, where an off-shell nucleon con-
tained in a nucleus interacts with a high energy probe.
Another application of interest is the scattering from a
nucleon dressed by a meson cloud. Indeed, because of
the added complexity, many calculations ignore the is-
sue completely in the hope that the effects are not large.
Typically one neglects not only the possible p?> depen-
dence in the structure functions, but also assumes no
change in the structure of the off-shell hadron tensor.
Only in this case can the structure function of the tar-
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get be written as a one-dimensional convolution between
a constituent (nucleon) distribution function within the
target and a quark distribution within the constituent
[1].

We shall consider scattering from an off-mass-shell nu-
cleon without making these assumptions. The purpose is
to develop a theoretical framework which is exact, thus
keeping the model-dependent approximations to as late
a stage as possible. Of course, in order to make progress
we have to restrict our consideration to the interaction
with a single off-shell nucleon (impulse approximation).
Thus processes where the lepton interacts with quarks in
two or more different nucleons (final state interactions)
are excluded at this stage, even though these may not be
negligible (see Sec. VI B).

It is important to realize that the change in the struc-
ture of the off-shell tensor is by no means a trivial matter.
There are several distinct differences from the on-shell
tensor.

(I) Most obviously, the dependence on the four-
momentum squared of the nucleon is no longer trivial,
as it is in the case where the target is on shell.

(II) In a covariant formalism the off-shell fermion ten-
sor is a 4x4 matrix in the external fermion legs. This
corresponds to the fact that in a relativistic theory it is
necessary to consistently incorporate the antiparticle de-
grees of freedom. Because of this matrix structure, the
tensor involves, at least in principle, many more indepen-
dent functions than in the on-shell case.

(IIT) Because the incoming particles are off mass shell,
the gauge invariance condition for this tensor is not the
same as in the on-shell case.

To show this last point, consider the truncated forward
virtual Compton amplitude fu,, (p, q), which satisfies the

1183 ©1994 The American Physical Society



1184 W. MELNITCHOUK, A. W. SCHREIBER, AND A. W. THOMAS 49

well-known generalized Ward identity [2]

0" T (p,q) = —6{5‘1(10)5(17 +q¢T.(p+4q,p)

~T.(p,p—q)S(p - Q)S_l(p)},

(1)

where ', (p + ¢, p) is the YINN vertex function and S(p)
is the fermion propagator. For an on-shell nucleon, the
full Compton amplitude is

~

Tov (P, q) = u(p) T u(p), (2)
so that inserting Eq. (1) into Eq. (2), and using the
Dirac equation, leads to

quTuu(pv q) =0. (3)

Note that the same equation does not hold for the off-
shell tensor fﬁ,,, [i-e., the right-hand side of Eq. (1) is
nonzero|, even for the case where the target is a free,
pointlike fermion.

Although in calculations of nuclear structure func-
tions the off-shell aspects of the nucleon structure func-
tion have usually been ignored, a few partial attempts
have been made to try to account for these effects.
Unfortunately, these calculations are not without am-
biguities [3,4]. Kusno and Moravcsik [5] used the so-
called “off-shell-kinematics—on-shell-dynamics” scheme,
in which the off-shell nucleon tensor is evaluated at the
same energy transfer v and four-momentum transfer g2
as the on-shell one, independent of the virtuality of the
nucleon. Bodek and Ritchie [6] used a similar scheme;
however, they suggested that the off-shell structure func-
tions could be identified with the on-shell ones, evalu-
ated for the same values of g2 and center of mass energy
squared s = (p + ¢)2, and hence a different value of en-
ergy transfer, v — v + (p? — M2)/2. Dunne and Thomas
[7], on the other hand, used an ansatz in which the ma-
trix elements of the hadronic operators in the operator
product expansion were assumed to be independent of p*.
The result was a nucleon structure function that was to
be evaluated at a shifted value of ¢?[— £(p?, ¢%)g?, where
¢ is the g%-rescaling parameter|. This result was mathe-
matically equivalent to the dynamical rescaling model of
Close, Roberts, and Ross [8] and Nachtmann and Pirner
[9], in which the shift in ¢> was attributed to a change in
confinement radius for nucleons bound inside a nucleus.

All of the above treatments use, in one form or other,
the familiar convolution formula [1], which amounts to
folding the quark momentum distribution in the off-shell
constituent with the constituent momentum distribution
in the target. In order to derive this formula it is as-
sumed that the form of the off-shell nucleon tensor (i.e.,
the structure in its Dirac indices) is the same as the on-
shell one [10,11]. However, as we show in Secs. II and
III, more than one operator contributes in the Bjorken
limit, and so there is no a priori reason for this to be a
valid assumption. The appearance of these other opera-

tor structures is closely connected with the antiparticle
degrees of freedom arising in any relativistic treatment
and constitutes an important part of the off-shell effects.
Relativistic calculations have been attempted in the past
by Kulagin [12], Nakano [13], and Gross and Liuti [14];
however, their derivations of the convolution model also
relied critically on assumptions about the off-shell ten-
sor and the relativistic bound nucleon density matrix,
respectively. In fact, to our knowledge, all attempts to
derive the simple covariant convolution model have ulti-
mately resorted to some prescription to account for the
fact that the bound nucleon has p? # M?. Without per-
forming a full calculation which self-consistently accounts
for the nucleon virtuality, the validity of the various ad
hoc approximations remains unclear. In short, the naive
convolution formula is not a sound starting point for dis-
cussing off-shell effects and we make no use of it.

There exist alternative approaches to these just de-
scribed which do not suffer from off-mass-shell ambi-
guities. For the nuclear EMC effect, Berger et al. [15]
used light-front dynamics to calculate the nuclear struc-
ture functions. Here all particles are on mass shell,
and the transverse momentum and the light-cone vari-
able p, = po + pr are conserved at each vertex, while
p— = po — pr is not. Alternatively, Johnson and Speth
(3] and Heller and Thomas [4] used old-fashioned pertur-
bation theory with the instant form of dynamics, where
particles are on mass shell and three-momentum is con-
served, but not necessarily energy. Unfortunately, in
both of these approaches, the off-mass-shell ambiguities
in the definition of the off-shell structure functions are
simply replaced by off-energy-shell ambiguities [16]. A
review of some of the problems with these approaches
may be found in Refs. [17,18].

The advantage of the covariant method in nuclear cal-
culations is that Lorentz invariance is manifest. However,
for a consistent treatment within this framework one has
to include the antiparticle degrees of freedom, which has
not been done up to now. We will set up the formal-
ism in such a way that the structure functions of the
physical target are expressed in terms of fully relativistic
quark-nucleon and nucleon-target vertex functions. This
will enable us to ensure gauge invariance, the Callan-
Gross relation, and an unambiguous identification of the
scaling variables. All model approximations will be con-
tained entirely in the vertex functions themselves, which,
of course, we cannot calculate from first principles.

This paper is organized as follows. In Sec. II we define
the general structure of the off-shell tensor in terms of a
suitable set of structure functions. In Sec. III we explic-
itly calculate the scaling properties of these functions. As
we shall see, only 3 of 14 possible functions contribute in
the Bjorken limit. In Sec. IV we discuss how our for-
malism can be used to calculate structure functions of
composite particles and discuss the limits in which the
conventional convolution model may be obtained. In Sec.
V we use some simple parametrizations of the relativistic
vertex functions to calculate the nucleon valence quark
distributions. Using these same vertex functions we then
calculate in Sec. VI the structure functions of composite
targets containing off-shell nucleons.
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II. GENERAL STRUCTURE OF THE OFF-SHELL
NUCLEON TENSOR

The process in which we are interested is depicted in
Fig. 1, with the photon momentum ¢ and the off-shell
nucleon momentum p marked. Because of Hermiticity,
covariance, parity, and time-reversal invariance, the cor-
responding off-shell tensor x,,, is a 4x4 matrix depending
on p and ¢, and may in general be written in terms of 14
real functions:

Xuv (P, 9) = X0, (2, 0) + 2 X1 (P, 0) + 4 X2 (P, 9),
+wpoy X2 0) + 70y XA(P9),  (4)
where the curly brackets {---} around the subscripts in-
dicate the symmetric yv combination. Here, x},,(p,q)

are the most general tensors of rank 2 which may be con-
structed out of ¢ and p:

Xy (P, @) = Pryy (P, 9) X (P, @) + PLuu (P, q) X5, (p, )
+Pouu(p, ) Xb(p,q)
+Poru(p,9) Xor(P @), i=0,1,2. (5)
The functions x* on the right-hand side of Eq. (5), as

well as x3 and x* in Eq. (4), are real scalar functions of
q and p. The tensors P*¥ are defined by

|, PMPY
Pr¥(p,q) =" + R
p'p”
P (p,q) = —-,
p
'
PSV(P,Q) = _qT’
PEY( - 1 SHoH | SV
oL(P,a) = W(l’q +p'¢"), (6)

where g, = —g,, + unV/qz and @, = a, — qu @ - q/qz’
with a, being any four-vector.

The above decomposition of the off-shell tensor is of
course not unique. It is written in this convenient form
because the tensors P#” turn out to be projection oper-

Uy

q q

FIG. 1. The truncated nucleon tensor x..

ators [11] and satisfy

Pﬂ;"“/(pv Q) PTuv(p, q) =2,
P! (p,q) Ppu(p,q) = 1,
PSV(Pv q) PQ;w(P, (I) =1,

sz(p, Q) PQL;LV(pa Q) = *27 (7)

with all other combinations vanishing. It is important
to note that in the Bjorken limit these relations are also
true for projectors involving different momenta. That is,
the projectors are still orthogonal in this limit and

P{¥(p1,9) Pru.(p2,q) =2, etc. )

In general, Fig. 1 is a subdiagram of Fig. 2, where
P is the on-shell momentum of the composite target
(labeled A). As will be discussed more fully in Secs.
IV and V, the hadron tensor for the complete process,
W,ﬁ,(?, g), involves an integral over the nucleon mo-
mentum p of the tensor x,,(p,q), traced with another
4x4 matrix originating in the soft, target-constituent
part of the diagram. Hence no experiment measures
the off-shell tensor by itself, and so it is not possible
to measure all the functions x* separately. Only com-
binations thereof give rise to observable experimental
quantities. Using the above projectors, we can deter-
mine which combinations of off-shell structure functions
contribute to the physical ones. In particular, the op-
erators Pr”(P,q), Pr”(P,q), P5”(P,q), and P4L(P,q)
project from the composite target tensor W‘ﬁ,('P,q) the
transverse, longitudinal, and the two possible non-gauge-
invariant contributions, respectively, in terms of the
scalar functions x*(p, q).

Not all of the functions x* will in fact be independent,
as the gauge invariance of the theory requires that the
latter two contributions vanish. Furthermore, the longi-
tudinal function must also be zero in the Bjorken limit
(P-q, Q* = —¢® - 00, z = Q%/2P - q fixed), if the
Callan-Gross relation is to be satisfied. That this is in-
deed the case is shown explicitly in the Appendix. For

FIG. 2. Scattering from an off-shell nucleon in a
composite-target. The functions A; describe the nu-
cleon—composite-target interaction.
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the remaining physical (transverse) contribution we obtain for the coefficients of the x*’s the following:

%PF"(P,q) Xur (P, ) = x7(P,2) + B x5 (P q) + 4 X%(p,q)

q2

+2(1) -q)?

P—vP)’ X3(pa) + ZXL(Pa) + 4 x3(pa)]

+ ~rf+y?+~,51_—q(7’-p—y7’2)d x*(p,9), (9)

where y = p .- q/P - q¢ = p;+/P+ is the constituent’s light-
cone momentum fraction. In the next section we derive
the scaling behavior of the functions x* using the par-
ton model, by separating the hard, g*-dependent part
of the truncated amplitude x,.(p,¢) from the soft, non-
perturbative component. We will see that Eq. (9) sim-
plifies considerably, as many terms do not contribute in
the Bjorken limit.

A special case of the above formalism is DIS from an
on-shell nucleon, described by the tensor which we denote
by W:{, (p,q)- In this case the contribution to the nucleon
tensor is given by Eq. (9) traced with (# + M)/2, where
P=p and no integration over p is performed:

M W, (p,q;p° = M?) = 1Tr [(§+ M) Xu(p,q)] . (10)

This gives the transverse unpolarized on-shell structure
function in terms of the on-shell limits of the functions

x' (X*(p,9) = x'(p,¢;0* = M?)):

M N _
S W1 (p,a) = M Xp(p.q) + M* Xp(p.q)
+p-q9 X5(p,9)- (11)

Similar expressions can also be found for the other func-
tions (i.e., longitudinal and non-gauge-invariant), but
again these vanish in the Bjorken limit.

III. SCALING BEHAVIOR OF THE OFF-SHELL
FUNCTIONS x

In this section we calculate the leading twist contri-
bution to the off-shell structure functions within the co-
variant quark-parton model. The formal result of the
operator product expansion enables us to separate the
imaginary part of the forward scattering amplitude, de-
picted in Fig. 3, into its hard (calculable perturbatively)
and soft (nonperturbative) components, denoted by r,,
and H(k,p), respectively. A method similar to this was
also discussed in Ref. [19]. This then enables the off-shell

r

tensor x,., to be written as

(X (P D]y = L [riaw (R, )] g [H (K5 P) deab » (12)

where 7 is the integral operator,

7= [ etlla+ k= ), (13)

and the Dirac matrix structure has been made explicit.
(The complete forward scattering amplitude in addition
contains the crossed photon diagram, which we do not ex-
plicitly take into account. All the formal results of Secs.
I-IV remain valid upon inclusion of this diagram. Nu-
merically, it can make a small contribution in the small-
z region; however, in the subsequent model calculation
in which we consider only two-quark intermediate states
there will be no contribution.) In Eq. (13) k is the par-
ton’s four-momentum and m its (current) mass. In the
following we will drop quark mass terms as the difference
between the m = 0 results and those for m ~ few MeV
is negligible. (We shall return to the question of quark
masses in Sec. V.) The vector nature of the quark-photon
coupling then determines the structure of the tensor r,,
to be

FIG. 3. Leading twist contribution to the off-shell tensor
Xuv- The function H(p, k) describes the soft, nonperturbative
physics.
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Puv(ky @) = k2 [qagur — (ku + 04) 900] Y + K (@Pguv + 4kuky + 2kuq.y) - (14)
Following this, the trace over the indices c,d in Eq. (12) may be performed and the results written as
rI\r["'uu[}':l]ab] = {k2 [Qaguv - (kp + q{u.) gv}a] + ka (nguu + 4kuku + 2"7{,‘%})} [Ga(pv k)]alr (15)

As G is a 4x4 matrix which transforms like a vector and must be even under parity transformations, its most general
form is

G*=I1(p"fr+k%f2) + K(p*fs +k*fs) + B(p°fs +k%f6) + 7 fr, (16)

where the functions f; are scalar functions of p and k.
The integrals over k can be done in a standard way. For example, for an integrand containing one free k%, contracting
with p, and g, enables us to make the replacement

Tk* - I{pl pa + p2 qa} . (17)
Similarly, for k®k? terms,
a Q ~ Q (k ) q)2 Q ’; ° ﬁ k - q Q,
TIk*kP — I{ps P3P (p,q) +5%0% PP (p,q) + 2 Pg(p,q) - ——\/T—I?PQQ(?, q) (18)

and, for k*kP K terms,
Tk*kP § — I{—p3 (plp{a + pzq{a) ¥} + p3 (1 B+ p2 4) P5P(p,9)

+p1 ([Zp;; +5%p7] [ﬁ - I—’q—'zg d] + k—q'z—qﬁzpl d) P (p,q) (19)

+(—k(‘1;;i) (k-gp1 B+ [k - qp2 + 2ps] ) Psﬂ(P,(I)

1 . - p-gk-q a
—‘\/—qz——? ([k'QPs +5°03] P+ [P2P1(P3 +k-qp2) — —q—z—Ps d qu(P, q) ¢
where
~'ﬁ _k‘q p'qfc-ﬁ _1 72, 2.2
P1~F, Pz——gz———qﬁ—, Pa—i(—k +P Pl) . (20)

The x* are then completely defined in terms of the functions f;—f7, and as all the dependence on the photon
momentum g is now explicit, their scaling behavior may be derived in a straightforward manner. We find that x and
x4 are of order 1, while all other x* are of order 1/v. Hence we find that deep-inelastic scattering from an off-shell
nucleon may be expressed in terms of just three functions:

PE(Pa) X (P,9) = x7(P,9) + P x1(P.0) + 4 X7(P,9)- (21)
The complete expressions for the functions x%. are

q2k2
2

xr(p,9) =I{— (k*p-q+ ¢’k - p) fi1(k,p) — fz(k,P)}, (22a)

2
xr(p, q) =I{— (K’p-q+¢*k - p) (fs(k,p) - 2§.qf3(k,p))

21.2 2 4
~OE (1oan) = 5 1)) + 52 ) | (22)

a0 =2{~ (20 +ip) ([0 + SLE] pltn) + 52 [ fulkn) +2 1ok,p)]) = K folkor) ) (220
Y = - . - ) o 4 7 - T\, .
T 2p-g pq | 2p-g ’ ’
For the other x it can be easily demonstrated (see the Appendix for details) that for each of the arbitrary functions
fi there are cancellations at leading order in v in the expressions for Py (P, q)xuv(P)4), P5”(P,q)Xuv (P, 9), and
sz (P,49)Xuv(p,q) in the Bjorken limit. Hence the Callan-Gross relation, as well as gauge invariance (q“W‘ﬁ, =0),
are assured, independent of the nature of the target-constituent part of the diagram. This result is completely general,
so that model-dependent approximations for the vertex functions do not affect these results.
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IV. CONVOLUTION MODEL

Before we move on to making model-dependent assumptions for the vertex functions, we need to write down the

on-shell tensor W‘ﬁ,('P, q) for the target A in terms of the off-shell tensor x,,(p,q). The full tensor for the composite

target is given by
d*p 2m6 ([P —p)* — M}
@2m)* (P - M?)?

MT W;ﬁ/(””‘]) = / ) TI'[[IAO(;N P) + 7&Aclx(p,7))] Xuv(pv Q)]a (23)

where Ag and A, are functions describing the target-constituent part of the complete diagram in Fig. 2, and Mr
and Mg are the masses of the target and target recoil systems, respectively. Note that Eq. (23) applies to a target
recoil state of definite mass Mg. In general we could also have a sum over all excited recoil states or, equivalently, an
integration over the masses Mp weighted by some target recoil spectral function. The transverse structure function

of the target is obtained from Eq. (23) by using the transverse projection operator defined in Eq. (6):

, Mz .
Mz WE(P.g) = —-P(P.q) Wi, (P.9)

1 dy dp?

4n2 (p? M?2)?

where p? = p,p_ — p2, p+ = yP+(= yMr in the target
rest frame), and we have used the § function to fix p_ =
Mr + (ME +p%7)/(p+ — Mr).

The convolution model may only be derived from Eq.
(24) if we make some additional assumptions. First of
all, we need to assume that the target structure func-
tion can be written in factorized form, in terms of the
nucleon structure function W,IIY and some nucleon distri-
bution function ¢:

Wh(z,Q%) = / dy / dp® (Ao, A1) WY (2/y, Q% p%).
(25)

Furthermore, to obtain the usual one-dimensional convo-
lution formula [1,11] we must assume that W is inde-
pendent of p?:

W (2,Q?) = / dy 5y) W (2/v.Q%),  (26)

where now the integral over p? has been absorbed into
the definition of @.

There are several ways in which the first assumption
might be valid.

Case (a). If all but one of the functions x% (i=0-2)
are zero in the Bjorken limit. Most authors (see, for
example, Refs. [1,10,11]) adopt this choice, as this is the
case for a pointlike fermion (where only x2. contributes).
However, as was shown in Sec. III, all three functions
X% in principle contribute in the Bjorken limit, so that
one would require that some of the functions f in Egs.
(22) vanish or cancel. We know of no reason why this
should be the case — indeed even the extremely simple
quark—nucleon vertex functions which we consider in the
next section give rise to more than one nonvanishing x%-.

Case (b). If more than one of the x% is nonzero, but
the nonzero ones are proportional to each other. For

= s 1A, P) x7(p9) + p- AP, P) x2(p @) + ¢ A, P) x2(pa)},  (29)

I

example, f; = M fs and all other f’s equal to zero would
imply x% = Mx%, and so Eq. (25) is obtained. Again,
in general there does not seem to be any reason to expect
this behavior.

Case (c). If the nonzero nucleon-target functions Ag
multiplying the functions x% are proportional to each
other. An example of this would be if A9 = p-4;/M =
q-A; M/p-q, which would then give Eq. (25). In general
this will not be true unless the p?> = M? limit is taken
inside the functions Ag ;.

In short, none of the above conditions are generally
satisfied in a self-consistent, fully covariant (relativistic)
calculation. Consequently the convolution model inter-
pretation, Eq. (26), of the nuclear structure function in
terms of bound nucleon structure functions is inconsis-
tent within this formalism. This difficulty is intrinsically
related to the presence of antinucleon degrees of freedom,
which are not accounted for in the traditional convolu-
tion model. Furthermore, in the absence of the convolu-
tion model, the common practice of extracting nucleon
structure functions from nuclear DIS data is rather am-
biguous. Indeed, the very concept of a structure function
of a nucleon bound within a nucleus loses its utility. One
is forced to consider quark and nuclear degrees of free-
dom side by side in the calculation of nuclear structure
functions.

Using Eq. (24) directly we may compare, for some
simple vertex functions, the exact result with those ob-
tained by making the convolution model approximation,
Eq. (26). This we will do in the next section. As a final
comment, it should be noted that, within the physical
assumptions made by the use of the model in the first
place (i.e., no final-state interactions), the functions x4
are independent of the physical target, and depend only
on the constituent nucleon. By selecting various targets
(i-e., by varying A 1) the relative contributions from the
functions x} could in principle be probed, provided, of
course, we know the nucleon-target functions sufficiently
well. Conversely, once the x% have been determined for
one process, they may be used for all other processes.
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V. CALCULATION OF THE NUCLEON
STRUCTURE FUNCTION

To calculate the transverse structure function of the
complete target requires two sets of functions describ-
ing the soft, nonperturbative physics, namely, the quark-
nucleon functions f;—f7 and the nucleon-target functions
Ay, A,. Here we concentrate on the former set.

We observe that because both the constituent nucleon
and struck quark inside the nucleon have spin 1/2, the
intermediate spectator state will have either spin 0 or 1.
In order to make an overall Lorentz scalar, we therefore
need only consider quark-nucleon vertices that transform
as a scalar or vector under Lorentz transformations. It is
straightforward to identify the form of the vertices that
are allowed by Lorentz, parity, and time-reversal invari-
ance; however the specific momentum dependence has to
be determined within a model. There will be 15 indepen-
dent scalar [®F ,(k,p)] and vector [®)_ 11(k,p)] vertex
functions appearing in the general expression

VI=T® + p&; + K& + ioasp°k® ®; (27)
for a scalar vertex and
VY =79 @ + pa I ®) + ko I ®Y + ioapp® &Y
+igask? ®Y
+Pa B + Pa K BT + ka BOY + ko K &Y
+i03sPPk? pa Yy + i0psP kS ko BY) (28)
for a vector vertex.
The functions fi—f7 in Eq. (16) can be uniquely de-

termined from these vertex functions. To see this, let
us first consider the scalar vertex. The general target-

J
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constituent function from Sec. III, [H(k,P)]dcab, Will be
proportional to (V51),.(V5)as. Using the Fierz theorem
the Dirac indices can be rearranged into a form that en-
ables the connection with the functions f; to be explicit:
fi=2 [ 85 — k-(p®; + k ®3) 83|95,
f2=2 [ ® + p-(p®; + k®3) 83|46
f3_2 [@5 <1>3 + p-k (®3)*— @7 87] 5,
(@)% - p* (29)%] 6, (29)

ll

(@S)2 k2 (QS)2]

2
2
2 (85 @ + p-k (®3)*+ @ 5] 5,

fr=[(®)) — (p®; + k®35)°

+{p*k?* — (p- k)*} (93)?
where § = 6 ([p — k]? —
scalar spectator system.
Calculating the functions ®5_, from first principles
amounts to solving the relativistic, many-body bound
state problem. As this is presently not possible one could
resort to models such as the MIT bag model. It is not our
aim to do this in this paper. Rather, we shall choose a
single scalar vertex, say, VS = I &7, and use phenomeno-
logical input to constrain its functional form. From Eq.
(29) we find that the I &7 vertex contributes only to f:

fr=(29)*5(lp~

Similarly we choose for the vector vertex a single form,
VX = 'ya<I>¥, and find that this makes the contributions

) and mg is the mass of the

k> —m%) [scalar vertex]. (30)

V —_— —_—
fa=—fas = —fs = fo = _E% = _2 (®7)* 6 ([Pz i m%,) [vector vertex], (31)
my my

where my is the mass of the vector spectator state. In
writing Eq. (31) we have assumed that the intermedi-
ate vector state has a Lorentz structure —g,3 + (po —
ko)(pg — kg)/m? . For the sake of simplicity we further
assume that only valence quarks are present, so that the
scalar or vector spectator may be identified with a di-
quark. In a more refined calculation one could, for ex-
ample, integrate over diquark masses using some diquark
spectral function.

From Eqgs. (30) and (31) we see that even the sim-
plest vertex functions lead to a large number of nonzero
functions f;. This in turn implies that there are scaling
contributions to both of the functions x} and xZ in Egs.
(22), thereby failing to satisfy scenarios (a) and (b) in
Sec. IV for the derivation of the convolution model. For
more complicated quark-nucleon vertices, even more of
the f’s will be nonzero.

The k2? dependence of the functions can be most
easily modeled by considering the on-shell nucleon struc-

S,V
q)1

ture function. (We shall approximate the quark’s off-shell
dependence to be the same in on- and off-shell nucleons
— see Sec. VI A for a further discussion on this point.)
The large-z limit is known to be dominated by valence
u quarks, which implies that the scalar vertex dominates
at large z [20]. Now note that, as the spectator state is
on mass shell, the quark four-momentum will behave as
k* ~ (—m% — k%)/(1 — z) at large z. In order to obtain
the correct large -z behavior of the structure function,
namely, W ~ (1 —z)3, the k? dependence in the scalar
vertex function must be 1/k2, after we also take into ac-
count the two quark propagators, as well as the factor
(1 — z) arising from the delta function § ([p — k]2 — m%)
for the on-shell diquark state of mass mg (= ms or my)
(21].

We fix the large-k? behavior of the vector vertex func-
tion in a similar way, this time by requiring that we ob-
tain the correct valence dy /uy ratio at large z, namely,
~ (1 — ). This means that the vertex function for DIS
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from valence dy quarks has to go like (1 —z)* for large z,
i.e., like (k?)75/2 [there is an additional (1 — z)~2 factor
arising from the trace for the vector diquark].

It may now seem reasonable to choose a simple
monopole form for the scalar vertex function, as was
done, for example, in Refs. [21,11], and a corresponding
one for the vector vertex. We do not do this, however, for
the following reason. The quark propagator (k? —m?)~2
in Eq. (13) contains a pole. Because the kinematic max-
imum for k% is (M — mpg)?2, this pole is in the physical
region of k2 when mpg + m < M. The origin of this pole
is clear — the model, so far, is not confining and the
proton may dissociate into its quark and diquark con-
stituents. One solution would be to make the sum of the
quark and diquark masses so large that this cannot oc-
cur. However, we do not believe that this is desirable -—
confinement occurs not because the quark mass is large
(it is only a few MeV), but in a dynamical way associated
with the nature of the color interaction. The only way
that the information about color confinement can enter
in this model is through the relativistic quark-nucleon
vertex function. A convenient way to ensure that the
contribution from a deconfined quark is excluded is to
choose a numerator in <I>‘19'V so that the integrand in the
structure function remains finite at the on-shell point,
k? = m?2.

For the masses of the scalar and vector diquark, mg
and my, the only information available to us is that from
low energy models, such as the bag model or the nonrel-
ativistic quark model. There, at a scale (Q?) of order a
few hundred MeV?2, the diquark masses are expected to
be somewhere within the range of 600-1100 MeV [20,22].
Furthermore, from the nucleon-A(1232) mass splitting
we also anticipate that my would be some 200 MeV
larger than mg.

The p? dependence of the vertex functions is of course
more difficult to obtain, since for this purpose data on
nuclear structure functions must be used. In this case
the p? dependence will not be restricted to the quark-
nucleon vertex function alone, but will also be present
in the nucleon-nucleus vertices, which introduces an in-
herent uncertainty in the determination of the former.
Nevertheless, the functions @f’v do not depend on the
nuclear target — that information is contained entirely
in the functions Ag;. Since for the deuteron the p? de-
pendence of the relativistic DINN vertex can be related
to known deuteron wave functions [23-25], we may use
deuteron DIS data to constrain this universal p? depen-
dence of the quark-nucleon vertex functions.

In order to obtain the valence quark distribution for
the deuteron, we will use data obtained from muon scat-
tering for x > 0.3, where valence quarks are known to
dominate. Because of isospin symmetry (u? = dP), only
a single experimental quantity for the deuteron (com-
pared with two, u + d and d/u, for the nucleon) is mean-
ingful, namely, Fop = z(4uP + dP)/9 = 5z(u + d)/9,
where u”, dP and wu, d are the up and down quark distri-
butions in the deuteron and bound proton, respectively.
Hence we cannot differentiate between the p? dependence
in ®; and that in ®Y. We therefore choose a simple
monopole form and use the same cutoff mass A, in both

W. MELNITCHOUK, A. W. SCHREIBER, AND A. W. THOMAS 49

functions. A detailed comparison between the model and
data for z < 0.3 would require separation of the valence
and sea components of Fop. Although in principle this
could be done by analyzing the v — D and # — D DIS
data, in practice those data suffer from poor statistics.
Furthermore, typically only the extracted quark distribu-
tions in the nucleon are presented [26], and these depend
on the theoretical assumptions made to treat binding and
Fermi motion corrections.

To summarize, the vertex functions that we use are
given by

(2 m?) (017~ 3
(= A%)7 (7 - A3)

&7 (p,k) (32a)

(K —m?) (M- A2)
(k2 — A2)7/2 (p? — Azz:) .

®Y (p, k) (32b)

We find the best fit to the experimental nucleon distri-
butions at Q% = 4 GeV? (we evolve the curves from
Q2% = 0.15 GeV? using leading order QCD evolution,
with Aqcp = 250 MeV [27]) for masses mgs = 850 MeV
and my = 1050 MeV, and cutoffs A = 1.2 GeV and
Ay = 1.0 GeV, which we fit to the recent parametriza-
tions by Morfin and Tung and Owens [28]. The fits to the
uy + dy valence quark distribution as well as the valence
dy /uy ratio are shown in Figs. 4 and 5, respectively.
It is remarkable that such simple forms for the vertex
functions reproduce the data so well.

Having parameterized the free nucleon vertices, we are
now ready to consider the specific cases of DIS from the
deuteron, from nuclear matter, and from dressed nucle-
ons. Throughout, we consider the isoscalar valence struc-
ture function cWr « z(uy + dv) = 3z(qo + ¢1)/2, where
go and gy are the quark distributions arising in connection
with the scalar and vector diquarks, respectively, nor-
malized so that their first moments are unity [from the
spin-flavor wave function of the proton we have dy = ¢;
and uy = (g1 + 3¢0)/2).

0.0

PR S

0.0 0.2 0.4 0.6 0.8 1.0

x

FIG. 4. Valence uy +dv quark distribution in the nucleon,
evolved from Q2 = 0.15 GeV? (dashed curve) to Q* = 4 GeV?
(solid curve), and compared against parametrizations (dotted
curves) of world data [28].
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FIG. 5. Valence dv/uv ratio, evolved from Qg = 0.15
GeV? (dashed curve) to Q% = 4 GeV? (solid curve), and com-

pared against parametrizations (dotted curves) of world data
(28].

VI. CALCULATION OF COMPOSITE TARGET
STRUCTURE FUNCTIONS

A. DIS From the deuteron

We examine nuclear DIS from a deuteron for several
reasons. First, it is critical to know the size of the off-
mass-shell corrections to the deuteron structure function

r2(»®) =7« F(p) + (%Pa —pa) % +

if ultimately the nuclear EMC effect data (which usu-
ally measures the ratio of nuclear to deuterium struc-
ture functions) is to be used to draw conclusions about
the differences between quark distributions in free nu-
cleons and those bound in nuclei. Second, in the ab-
sence of high-statistics neutrino data, the neutron struc-
ture function is often inferred from the deuteron structure
function using the naive assumption of additivity of the
bound proton and neutron structure functions. Apart
from the off-mass-shell effects which we consider here,
several other effects spoil this simple assumption. For
example, nuclear shadowing is important as z — 0 [29],
and of course the deuteron structure function extends
beyond zxy = 1 [zty = (Mp/M) z] to zxy = Mp/M.
Hence deviations from additivity occur over much of the
range of z. For a reliable extraction of the neutron struc-
ture function a systematic computation of these effects is
clearly necessary.

The calculation of DIS from the deuteron is more
straightforward and reliable than for heavier nuclei, since
the relativistic deuteron-nucleon vertex is reasonably well
understood. The treatment of the deuteron recoil state
is simplified by the fact that most of the time this will be
an on-shell nucleon, as this can be expected to dominate
the contributions from processes with a recoil A or Roper
resonance, or a higher mass state.

The structure of the general DN N vertex, with one
nucleon on shell, was first derived by Blankenbecler and

Cook [30], (N|¢n|D) < (p— M)"T'2 ex ca”(P - p),
where the DN N vertex function is [31]
r—M 1, _ J(p)
M [701 H(p) + (27)0 pa) 7 s (33)

and C is the charge conjugation operator. The functions F, G, H, and J are related to the 3S;, 3D;, 1P}, and 3P,

deuteron wave functions, u, w, v,, and v;, respectively, by

F(p) = mv/2Mp (2E, — Mp) (u( “’(p \f T p))

G(p) =7+/2Mp (2E, MD)( Y u(p) +

H(p) =m/2Mp EIPTIIVI \/g v¢(p)

M? (2E, - Mp
J = — = "2 _
(p) = —mv/2Mp My ( E, 7 M u(p)

where E, =

(34a)
M (2E, + M) w(p) §£v
p? /3 + \/;Ipl t(P)) ) (34b)
(34¢c)
(2B, — Mp)(E, + 2M) w(p) . v3Mp
p? V2 + il m(p)) , (34d)

v/ M? + p? and p is the off-shell nucleon’s three-momentum. For the deuteron wave functions we use the

model of Buck and Gross [23], with a pseudovector m-exchange interaction.
For the spin-averaged deuteron hadronic tensor we therefore need to evaluate the trace

S NP) SAP) T [(PT— 7+ M) €T (07) (F+ M) x4 (p,0) (F+ M) T2(P)C] (35)
A

where €(A,P) is the polarization vector for a deuteron with helicity ), and I‘ﬁ = v [‘BT Yo. This yields the

deuteron-nucleon functions
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2 ag2
Aé)(pz)=M{4F2[4M2 +2Mp — (p* - M?) (—2+p M )]

srGlam - my 4 P
aM

GZ
M2

Mp,

M? 4 _ 2,2 _ 4
hz)(loMz—M§+2p2+3M 2 M'p p)}

Mp

4 _ 4
+— [(4 MZ—M}‘,)z—(pZ—Mz) (4 M3 —5p* —11 M2y 2 >]

Mp

Mp,

2_M2 , s
_(i’_Mz_) [~12H2 (P>~ M?) +4F H <~5M2—2M,23+p2+w>

+ <p2 _ (PM§)2> ((P2

+16GH+8G’J(

M

MZ
5 )(—4J2+8HJ)+ 16 F J

o))

(36a)

AP (p?) =4 F? {(4 M? + 2 M}) po — (p* — M?) (L”ZA}TMZ)% + (2 — M) P,,]}

Mp,

—8FG{(4M2 — M3) pa+ (p2_M2){(1_(Pz—Mz))paJrZszPa]}

2

2

_ 4 J2 (PZ_MZ) (pz_ (P-p)*
M2 M3
—~8F H M?|2p, 2
[” *( M3

Mp

+8GH[(M2+p2_P.p)pa+<p2_

+8GJ <p2 - (P"’)2> = +7>a}}.

Mp

As mentioned in the previous section, we constrain
the cutoff parameter A, in the quark- (off-shell) nu-
cleon vertex functions defined in Egs. (32) by fit-
ting our full, p?-dependent calculated distribution to
the experimental deuteron structure function, using the
lepton-deuteron data from the New Muon Collaboration
(NMC), BCDMS, and SLAC [32]. However, we still need
to fix the normalization constants in Egs. (32). Natu-
rally, these will be functions of the cutoff A,. Actually,
if the exact quark-nucleon vertex functions were known,
they would be the same for the off-shell as for the on-
shell nucleon. We do not assume this, however, as the
vertex functions which we use are only approximations
to the exact results. For example, the arguments given
in Sec. V, relating to the counting rules which give the k2
dependence of the vertex functions, are based on quark
distributions in an on-shell nucleon. In an off-shell nu-

)[pa-7>a} + SHJ(pz—Mz)[pa___

)7

2 ag2y\2
+4FJ[<3M2+p2_u_L>pa(p2+M2_

pz_Mz

Mp

G 2 _ a2
+A_43{(4M2_M12?)2 Pa — (p* — M?) [(Mf)-4M2) (2—1" M )pa

Mp

() )

2
M3,

Gt ;4542) {4 H? (p* — M?) [pa - (2 - ”2—_1‘{3) PC,J

2 2
p°+ M
M3 “)7’“}

(36b)

f
cleon the connection between z and k? is given by the
modified expression

k2 = ko k_ — k2
_ 2 2
(pr — kr) +mR) —k%, (37

Mo (p‘ Mp(y — =)
with p_ now constrained by the é function for the on-shell
nuclear recoil state (see Sec. IV). In principle, the asymp-
totic k? dependence for the quark—off-shell-nucleon ver-
tices expected from counting rules could be determined
after integration over the nucleon’s momentum. Clearly
this is a much more complicated task than was the case
for the on-shell nucleon, and we do not believe our sim-
ple ansatz for the vertices warrants such a treatment, in
which case we shall simply normalize by comparing with
the data.
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In Fig. 6 we compare the experimental Fzp at Q% = 10
GeV? with the calculated total valence quark distribu-
tion in the deuteron, 5z(uy + dv)/9, evolved from the
same value of Q2 = 0.15 GeV? (since we use the same
diquark masses) as for the free nucleon distributions in
Sec. V. The result of the full calculation is almost inde-
pendent of the value of A, used, after the normalization
constants for the vertex functions have been determined
by the charge conservation condition. This is because
the pr distribution is strongly peaked at small trans-
verse momenta, pr ~ 25 MeV, so that modification of
the large-pr (or large-|p?|) behavior by altering the form
factor cutoff has negligible consequences. Clearly there is
very good agreement between the model calculation and
the data for = = 0.3.

From the discussion in Secs. IV and V it should be
clear that it is not possible to justify the convolution
model for deuteron deep-inelastic scattering. Still, it is
of interest to compare our results with those of previous
calculations that have made use of convolutionlike formu-
las. First, we can notice that by taking the on-shell limit
(p> = M?) for the kinematic factors in AP and AP in
Egs. (36), we obtain AP /M =p-AP/M? =q- AP /p-q,
thereby satisfying condition (c) in Sec. IV for the convo-
lution model (although this approximation need not be
taken in the functions F,G, H,J themselves). Such an
approximation is in the spirit of that used in Ref. [14]
for the nuclear structure functions. The result of this
approximation is shown in the dashed curve of Fig. 6,
where we have used the same normalization constants
in Egs. (32) (for A, = o) as those determined in the
full calculation. The effect is a reduction in the abso-
lute value of the structure function, without much affect
on the shape. By artificially normalizing the new distri-
bution so that the final result conserves baryon number,

"_\\ T T T T
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L \\/data 1
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FIG. 6. Valence part of the deuteron structure function:
The solid line is the full calculation (with A, = o0); the
dashed line is with the p? = M? approximation in Ao, A;
[case (c) in Sec. IV], with the same normalization con-
stants as in the solid curve; the dotted line is the convolution
model using only the x¥(p,q) operator, together with the
full nucleon structure function, normalized to baryon num-
ber 1. The curves have been evolved from Q2 = 0.15 GeV?
to @® = 10 GeV? for comparison against the experimental
Fap(z,Q® = 10GeV?) [32].
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this curve becomes almost indistinguishable from the full
result. However, there is no good reason for using differ-
ent normalization constants in this approximation, since
the p?> = M? limit is taken in the nuclear part of the di-
agram and thus should not in principle affect the quark-
off-shell-nucleon vertex.

In other calculations using the convolution model for
deuterium the most common prescription has been to
drop all terms but Ix% in the expansion of x,, [in Eq.
(35)], and to replace xJ by the experimental, on-shell
structure function of the nucleon [5,33]. In Fig. 6 the
dotted curve shows the result after renormalization to
ensure baryon number 2 for the deuteron. It is some-
what surprising that the difference in shape between the
full result and this ansatz is as small as it is. Still, a
discrepancy of ~ 20% is quite significant in a system as
loosely bound as the deuteron.

A numerically significant difference between the convo-
lution approach and the exact calculation is of particular
importance if one recalls that the neutron structure func-
tion is extracted from structure functions of light nuclei,
such as deuterium, using the convolution model. Indeed,
in view of the problems which we have just described, it
is rather worrying than our knowledge of F5, is based
on this. As seen in Fig. 6, depending on the approxi-
mation or ansatz taken in calculating F,p, the deviation
from the correct, p?-dependent result, will vary. Still, al-
though unsatisfactory from a theoretical point of view, by
artificially renormalizing the deuteron structure function
by hand so that it respects baryon number conservation,
the differences can be reduced.

A similar situation arises in calculations of the nuclear
EMC effect, in which differences between nuclear and
deuteron structure functions are explored. Clearly for
any accurate description of this effect we need first to
have a reliable method of calculating the deuteron struc-
ture function. As we have seen, the off-shell effects that
are ignored in the deuteron may be compensated for by
suitably renormalizing the final result. Whether this can
also be done in other, heavier, nuclei is not clear. Cer-
tainly in heavy nuclei we would expect off-shell effects to
play some role. To date these have not been adequately
accounted for, and this is what we turn to next.

B. Nuclear matter

For any nucleus we can easily repeat the above calcu-
lation if we know the relativistic nucleon-nucleus vertex
functions. Unfortunately, at the present time these are
not at all well known for heavy nuclei. A solution to
this problem would be to simply parametrize the vertex
functions, and to make some assumptions for the nu-
clear recoil state. Alternatively, if one tried to use non-
relativistic nuclear models as an approximation, it would
be difficult to incorporate the off-shell nucleon structure.
The best way is to consider first the simpler case of a
nucleon embedded in nuclear matter. In this type of
calculation the off-shell effects are parametrized in the
effective nucleon mass, M — M*.

Experimentally, the effective nucleon mass at nuclear
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matter density (~ 0.15 fm~3) is found to be ~ 0.7TM
[34]. Theoretically, there is a large number of models for
nuclear matter, which predict a wide range of effective
nucleon masses. The quantum hadrodynamics model of
Serot and Walecka [34], in which pointlike nucleons (in
the mean field approximation) are bound by the exchange
of scalar (o) and vector (w) mesons, predicts rather small
effective masses, M*/M ~ 0.5-0.6. Somewhat larger
masses are obtained when explicit quark degrees of free-
dom are introduced. For example, in the Guichon model
[35], where the 0 and w mesons are allowed to couple
directly to quarks inside the nucleons, the value of M*
is typically ~ 0.9M. Even larger values are obtained if
one includes center-of-mass corrections and self-coupling
of the scalar fields [36,37]. Rather than choose a specific
nuclear model, we let M* be a parameter and examine
the effect of its variation upon the nucleon structure func-
tion, defined in Eq. (11).

Because the quark-nucleon vertex function will now
also depend on the effective mass, it would be inappro-
priate to use the same normalization constants in Egs.
(32) as those determined by normalizing the on-shell nu-
cleon distributions. Therefore the normalization con-
stants in this case must be determined by normalizing
the calculated quark distributions in nuclear matter, for
p? = M*?, so that their first moments are unity.

Figure 7 shows the isoscalar valence nucleon struc-
ture function z[uy (z,p? = M*?)+dv(z,p? = M*?)] for
a range of effective masses, M*/M ~ 0.5-1. There is
clearly quite significant softening of the structure func-
tion, with the most prominent effects appearing for 0.2 <
z < 0.6.

However, it should be remembered that our formalism
neglects interactions between the spectator quarks and
the surrounding nucleons in the nuclear medium (i.e.,
it assumes the impulse approximation). This has been
found to be quite a poor approximation [36] for nuclear
matter. A simple way to estimate the importance of fi-
nal state interactions is to assume that the strength of
the interaction of the spectator diquark with the nuclear
medium is 2/3 that of the nucleon interaction, and that
it is independent of the mass of the diquark. In that case

———— .
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FIG. 7. Nucleon structure function in nuclear matter, in
the impulse approximation, for a range of effective nucleon
masses, evolved from Q3 = 0.15 GeV? to Q? = 4 GeVZ.

the diquark mass is modified by mp — m}, where

. 2 .
mp =mp — 3 (M~ M*) (38)

for both scalar and vector diquarks. The effect of this is
shown in Fig. 8. As can be seen, interactions of the spec-
tator diquark lead to a hardening of the quark distribu-
tion, typically of the same order of magnitude as the nu-
cleon off-shell effects. Combined with the off-shell effects,
this gives a structure function which (for M*/M ~ 0.7) is
~ 20-30 % larger than the on-shell result for z 2 0.4. For
quantitative comparison against deep-inelastic scattering
data on nuclear structure functions it would therefore be
very valuable to develop a consistent formalism incorpo-
rating both effects.

C. DIS from dressed nucleons

Models of the nucleon which incorporate PCAC (par-
tial conservation of axial-vector current) by including a
pion cloud have been used in DIS, among other things,
to estimate the size of the 7NN form factor [38], and to
calculate the flavor symmetry breaking in the proton sea,
the possibility of which was recently suggested by the re-
sult of the New Muon Collaboration’s measurement of
the Gottfried sum rule [39]. Previous covariant calcula-
tions [40] have all relied upon the same assumptions as
for the nuclear calculations, namely, the validity of the
convolution formula in the first place, and the lack of
any dependence of the bound nucleon structure function
on p? and pr. In this section we apply the formalism
we have developed for dealing with off-shell effects to
the part of this problem where the virtual photon hits
the virtual nucleon, with its spectator pion left on mass
shell.

In order to calculate this contribution the only addi-
tional ingredient which we need is the “sideways” nNN
form factor I'xnn(p?), where one nucleon is off mass
shell. For this we use the same monopole form that is
usually used in the literature [11] (see also [41]):

Covn(p?) o (p? = AZy) ", (39)
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FIG. 8. Asin Fig. 7, but including the effects of interaction
of the spectator diquark with the nuclear medium.
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with Azn ~ 1.4 GeV and a pseudoscalar 7N coupling. With this, we can rearrange the relevant trace in Eq. (23),

Tr [(P + M) ivsDann(P®) (B+ M) xuu(p @) (B+ M) ivsTrnn(p?)] (40)

to obtain the nucleon-pion functions Agﬁ’ ,

ATN (p,P) = (-mi M) TIyn(p?),
A’fﬁ(l’fp) = (—m12r Pa + (pz - MZ)(pa - Pa)) FerN(pz)-

Again, as was the case for the deuteron, by inserting
p? = M? in ATY we can satisfy the conditions of case
(c) in Sec. IV. However, the structure function this time
is proportional to —m2 (i.e., negative), which is clearly
unphysical. This illustrates the fact that even though
the one-dimensional convolution formula may indeed be
obtained from the exact result by certain approximations
(e.g., on-shell limit), there is no guarantee that these ap-
proximations are physically meaningful.

As was shown in [11], the convolution model may be
derived if, among other things, one assumes that the off-
shell nucleon structure is the same as that of a pointlike
fermion [1], in which case the relevant operator in x,, is
@x%. As we have seen above, this is only part of the com-
plete expression in the Bjorken limit if one assumes the
nucleon quark vertex to be of the form in Sec. V. Nev-
ertheless, the model of [11] can be obtained using these
vertices if the following steps are taken: first, the trace in
Eq. (40) evaluated with the gx% structure; then to ob-
tain factorization the limits pr = 0 and p? = M? taken
in the “nucleon structure function” (i.e., k-dependent)
parts; and finally the full structure of the on-shell nu-
cleon structure function used, as in Eq. (11), rather than
just keeping the x2. term. The necessity of the last point
is clear, since for the on-shell structure function the indi-
vidual functions x% are not necessarily positive definite,
although the sum of course is positive.

Other authors [42] have implicitly assumed that the
relevant operator to be used in the x,, of Eq. (40) is
Ix%, similar to what was done in the convolution model
calculation for the deuteron discussed in Sec. VI A. How-
ever, even with the subsequent replacement of xJ. by the
full on-shell nucleon structure function in the convolution
expression, the result will be proportional to —m2 since
the coefficient of x3. is AFN. Thus it appears that the
result of [42] can only be obtained by taking the modulus
of a negative structure function.

Clearly, the above procedures are somewhat arbitrary.
It is a reflection of the fact that none of the scenarios
described in Sec. IV [namely, cases (a)—(c)] for obtaining
the convolution model are applicable. As in the deuteron
case, the convolution model for dressed nucleons is not
derivable from the exact result.

In Fig. 9 we show the result of the convolution model
of [11]. This is compared with the result of the calcu-
lation including the full p? dependence, with the quark-
nucleon vertex function evaluated with A, = oo, as for
the deuteron. For the full calculation we use the same
normalization constants for the quark-nucleon vertices as
determined from the on-shell nucleon calculation in Sec.

(41a)
(41Db)

f

V. The results indicate that the full, p>-dependent cal-
culation gives somewhat smaller results compared with
those of the convolution model (although the shapes are
quite similar, as can be seen from the dotted curve, where
we normalize the scalar and vector vertex functions to
give the same first moments as in the convolution model).
Such a difference might have been surprising had the con-
volution expression been a simple approximation to the
full result, in which case we may well have expected small
off-shell corrections. Unfortunately, this calculation is
more difficult to check since there is no clear normaliza-
tion condition for the structure function. Comparing the
first moment of the calculated distributions with the av-
erage number of pions in the intermediate state, which
can be calculated by considering DIS from the virtual
pion, is ambiguous due to the presence of antiparticles in
the covariant formulation. [A convolution formula such
as Eq. (25) can be written for DIS from virtual pions,
since there are no spinor degrees of freedom to spoil this
factorization. However, ambiguities in the p? dependence
of the “off-shell pion structure function” would still re-
main.] We therefore believe that this fact illustrates the
absence of a firm foundation for the covariant convolu-
tion model for DIS from dressed nucleons (see [43] for an
alternative approach to this calculation).

1.2 T T T A T
5 DRESSED NUCLEON
NN — FULL
0.8 Ly --- CONV. MODEL
. F) ‘.AA\\
5 S e FULL (NORM.) |
S o.eg ' J
Y H |
0.4} %
0.2 ]
0.0 ‘
0.00 0.10 0.20 0.30 0.40 0.50 0.60
x

FIG. 9. Contribution to the structure function of a nucleon
from DIS off a virtual nucleon with a pion in the final state.
The convolution model of Ref. [11] (dashed curve) is compared
with the full calculation (for A, = o0), using the same nor-
malization for the quark-off-shell-nucleon vertices as for the
on-shell vertices (solid), and normalizing the p*-dependent
scalar and vector vertex functions (dotted curve) to give the
same first moments as in the convolution model. All curves
are evolved from Q2% = 0.15 GeV? to Q2 = 4 GeV?2.
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VII. CONCLUSION

We have investigated within a covariant framework the
deep-inelastic scattering from composite particles con-
taining virtual nucleon constituents. The scattering has
been treated as a two-step process, in which the off-
shell nucleon in the target interacts with the high en-
ergy probe. The treatment amounts to neglecting final
state interactions. We have constructed the truncated
photon-nucleon amplitude from 14 general, independent
functions, and used the parton model to show that only
3 of these are relevant in describing the deep-inelastic
structure functions in the Bjorken limit. The calculation
explicitly ensures current conservation and the Callan-
Gross relation.

Within this framework we can unambiguously exam-
ine under what conditions the conventional convolution
model breaks down. Furthermore, we use some sim-
ple models of the relativistic quark-nucleon and nucleon-
nucleus vertex functions to investigate this breakdown
numerically. While the failure of the convolution model
may appear to be an unwelcome complication, it is clear
that in any theoretically self-consistent calculation which
takes off-mass-shell effects into account it is an inevitable
one. Indeed, the “bound nucleon structure function” is
an ill-defined quantity within a covariant formulation.
This has wide-ranging consequences, as almost all cal-
culations of composite target structure functions (e.g.,
nuclei, for the EMC effect) have relied upon the validity
of the simple convolution model.

We have been able to calculate the deuteron structure
function without making any assumptions about the p?
dependence of the structure functions, and find excel-
lent agreement with the data in the region of z where
our model is applicable (z 2 0.3). Making various as-
sumptions for the off-shell nucleons naturally introduces
deviations from the exact result. However, by suitably
renormalizing the approximated curves by hand to ensure
baryon number conservation (as was done in most pre-
vious calculations) the differences between the exact re-
sults and those of the convolution ansatz are minimized.
Although this is most unsatisfactory from a theoretical
point of view, phenomenologically the consequences of

J

PEY(P,q) xu (@) = X1.(p0) + P x2(p,9) + 4 x2(p,q) — g

2

q
+(p'q)

s =P [x¥(pa) + Pxk(pa) + 4X5(pa) ],

neglecting the nucleon off-shell effects in the deuteron
may not be too great.

To understand the consequences of the off-shell effects
in heavy nuclei, we considered a simple model of a nu-
cleon embedded in nuclear matter. We found quite a
significant softening of the structure function at inter-
mediate £ when the nuclear medium acts to decrease the
effective nucleon mass. However, interactions of the spec-
tator diquark state with the surrounding medium tend to
make the overall structure function some 20—30 % harder
at large = (z 2 0.4), for M*/M =~ 0.7, compared with
the on-shell result.

The other application which has been examined is DIS
from the virtual nucleon component of a physical, or
dressed, nucleon, where we also find quite significant
differences between the full result and the convolution
model. A detailed quantitative understanding of this ef-
fect is needed in order to be able to describe the z distri-
butions for all processes where the nucleon’s dissociation
into a virtual nucleon and meson is expected to be of im-
portance, such as in the measurement of the asymmetry
in the light sea quark sector of the proton and neutron,
as well as the neutron spin structure function g;,(z).
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APPENDIX: GAUGE INVARIANCE AND THE
LONGITUDINAL STRUCTURE FUNCTION

Here we give the full details regarding the vanishing of
the longitudinal and non-gauge-invariant structure func-
tions.

Using the projection operators defined in Sec. 1II
we project from the truncated nucleon tensor x,, the
contributions to the longitudinal (W#) and non-gauge-
invariant (WC‘;,WgL) functions:

2p-q

4 x*(p,q)

(Ala)

P (P,q) xuw (P, )= (P q) + P xo(p:9) + 4 x5(P,9)

2p-q

g 4x*(p.9) + 2 4 x*(pa),

(A1b)

1,
~5PSL(P,9) Xuw (P, 0)= XQL(P,9) + ¥ Xor(P,0) + 4 xX5L (P, q)

2p-q

+

e 4 x°(pq) + 4x*(p9)

(Alc)

Following the procedure described in Sec. III we find that all the x’s in Eqs. (A1) are of order 1/v. Hence in the

Bjorken limit Eqgs. (Al) become
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v 2 -q
P (P, @) xuv (P 0), = 4 (x%(p,q) - s > x3(p,q)), (A2a)
yny _ 2 2 pP-q 3 4 A2b
Py (P,q) xw(p,a) = 4 | xo(p,9) + P (p,9) + 2x%(p,9) ), (A2b)
_PLY(P — 4 (2.9 + 22 0(0.0) + x(p9) (A2¢)

—5FPor(P,9) xuw (P 9) = 4 | xoL(p,q 2 X (P9 + X (pa) )
Furthermore, for the functions x(p,q) we find that, to leading order in v,
2 .
xi(p,q) = 52 93 (v,9), (A3a)
2 .

x5(p,q) = — f;z I(p,9) — 2 x(,9), (A3b)
xoL(,9) = x5(p,9) + X} (P, 9), (A3c)
X000 q) =0. (A3d)

Substituting these expressions into Eqs. (A2) therefore leads to vanishing results for each of the longitudinal and
non-gauge-invariant functions. This result is true independent of the production mechanism of the off-shell particle,
that is, independent of the functions Ag; as defined in Sec. IV. For the special case of an on-shell nucleon the
longitudinal and non-gauge-invariant structure functions are

2 (p-q)?

M . _ ~ N
S WL (P9) = M X3 (pq) + M* X1(p,0) + P-a Xi(P10) - —g X =0 (Ada)
M N _ _
S W3 (7,9) =M Xo(p.a) +M* Xo(p.a) + p-a Xo(p,q)
2(p-q)? -
+_(p2q) Xpg) + 2p-9X'(Pa) = 0, (A4b)
q
M N _ _
S WaLp.9) = M Xor(p,q) +M* Xo1(p9) + p-a Xo1(P0)
2(p-q)°_ -
+Mx3(p,4) +p-qaXx*(p,g) = O, (A4c)

q2

where the zero results follow directly from (A3).
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