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SU(6) prediction of A, branching ratio in 8-meson decays
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We study two-body baryonic decays of pseudoscalar B mesons to charmed-baryon-antibaryon
pairs, where baryons {or antibaryons) are orbital ground states in spin doublets or quartets. The
four-fermion interaction theory forbids F-wave decays for spin-quartet-quartet final-state
configurations. SU{6) symmetry requires that all decay amplitudes are expressed by no more than
eight parameters: three for S wave, four for P wave, and one for D wave. Both A, inclusive and
some exclusive branching ratios are studied based on the assumption of two-body dominance in
baryonic decays of B mesons. Results are listed in tables.

In this paper we would like to explore charmed-baryon
decays of B mesons from the point of view of SU(6) sym-
metry. ' Some analyses based on SU(3) symmetry have al-
ready appeared. ' Obviously, SU(6) symmetry, which
combines the light-flavor SU(3) with spin, more stringent-
ly constrains the decay amplitudes, so it gives more rela-
tions among difFerent decay amplitudes than SU(3). The
relevance of these relations depends on how small the
SU(6)-breaking factors are. SU(3} is a good symmetry if
the u-, d-, s-quark mass difference is small compared to
the scale of strong interactions (about 1 GeV; Ref. 4) and
the coset symmetry SU(6)/SU(3) is good if the energy of
the hyperfine interaction is small. Both conditions are
well satisfied here; therefore, we believe the SU(6) analysis
may give some guide on what is going on in the processes
under investigation. We shall limit ourselves here to
two-body baryonic decays where a "body" is an S-wave
baryon in spin doublet or quartet.

Before going into detail, let us first review some general
facts. Now the final states of the baryon-antibaryon pairs
may have one of the following spin combinations: (i)
—,'+ —,'; (ii) —,'+ —', ; (iii) —', +—', . As is well known, the final an-
gular momentum for (i) can be L =0 or 1, since the weak
decay B inesons have spin zero. Similarly, for (ii), L =1
or 2 and for (iii), L =0, 1, 2, or 3. We shall mark these
amplitudes as S, P, D, F, respectively, following common
conventions. Note that S and D are parity-conserving
amplitudes and P and F, parity-violating ones. In the
nonrelativistic limit, one neglects D- and F-wave ampli-
tudes; of course, one may recover them if nonrelativistic
limit is not valid (and probably this is the case for B
meson decays). It is very interresting to notice that if
weak decays are governed by four-quark operators, as
they are in the standard model, the F wave does not ap-
pear simply because the spin of the four quarks cannot
match the F wave to make a scalar. Therefore we only
have to establish three kinds of relations: the S-wave re-
lations for (i) and (iii), the P wave relations for (i)-, (ii), and
(iii) and the D wave relations for (ii) and (ii-i}.

Expanding a vector or axial-vector current made of a
particle-antiparticle pair (e.g., u y„v) in terms of spin and
relevant three-momentum p, we find that the parity-
conserving Hamiltonian has the structure

H -1(3}1cr|8}acr p(3}o"p,

For SU(6) calculations, only spins of the quarks are
relevant. Also, for group-theory calculations, it is con-
venient to turn the initial 8 meson into a final-state 8
meson. So the SU(6) Hamiltonian can be written as

I -(b c t btc )(d tu t ——d tu t)

e[b "c td "u t —
—,'(b tc t+b tc t)(d tu "+d tu t)

+b'c 'd 'u ']nb'c 'd 'u' (3)

H -(bi t btc t)d tu t—

sbtc t(d tu t —d tu t)

eb'd '(c 'u' —c 'u '), (4)

where quark symbols represent creation operators of
quarks (e.g., b) or antiquarks (c). Upper index arrows
are the s, 's of the quarks; e.g. , d ~u ~ —d ~u ~ is a spin-0
combination. Following Ref. 6 we omit color indices,
which is equivalent to regarding quarks as bosons. One
may imagine terms such as (b td t b td t)(u tc t —u tc—t)
and (b td t b td t )c tu ". Howe—ver, they are nothing but
specific linear combinations of the first two terms in (3)

where the first and second terms contribute to S-wave
amplitudes and the third, to the S and D waves. Note the
second term means that quarks in each currents flip spins
but the total spin is conserved. In the third term, the to-
tal spin can flip two units to match the D wave. The
structure of the parity-violating Hamiltonian is

H —1(3 cr e cr (3 1e cr h o .
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and three terms in (4), respectively, due to the Fierz reor-
dering rule.

From the SU(6) point of view, the b and c quarks are
SU(6) singlets, and the terms in H and H are
members of some 35-plets. As already pointed out, the
charmed antibaryons and ordinary baryons are in 21*
and 56, respectively, and the 8 mesons, 6'. Group
theory tells us

6'(3) 21' =56*+70',
568(56'+70') =(1+35+405+2695)

+ (35+280'+405+ 3200) .

Therefore, for each terms in (3) and (4) there are two
ways of making SU(6) invariants with the relevant three
multiplets of particles. Now let us describe the SU(6)
multiplets in terms of quark operators in order to write
down the invariant amplitudes. We have

Ckt=bt( —u —d t —s ~u td s t),
C„'=b'( —u ' —d ' —s 'u td tr"), (7)

and we make the phase convention

8„= (b —u t b—u ), etc.

Charmed antibaryons are

A,'„=c '( u'——d ' —s 'u 'd 's ')( ),
A,'„=c '( —u ' —d ' —r 'u td 's ')( ),

where

g,'=-,'( —u 'u '+u 'u ' —d 'd t+d td' —s 's'+r's') .

8 mesons are

6=(utd stu~d~s~),

6'=( —u ~ —d ~ —s ~u td ts t), (5)

and the light baryons made of the u, d, s quarks are

8&jk ( td ts tu Ld &s l )(3j (9)

so the 35-piet is expressed as

Q

df

S
( —u ' —d ' r'u '—d 'r ') —-'rj',

g) 6

d'
s'

(6)

where

xx xy

xy yy

and similarly for (x,y)( ~. Following general rules of
making group invariants we find

A =. S(b c t btc )(M 4—A 8 "+M A 8'j}Ck
5J 1 2g

+S2[( btc t)M A 8 j &(blc t+btc )(M A 8 & M A 8 j )+b c M tAs 8 j )C

+S3(b c t —b tc ~}(M 4C58 j"+M C 8 j")A

+S3[ b "c tM C—28 "—,'(b c t+btc —)(M 4CsB j" M, C28'j")+b —c ~M, CsB'j"]A I,

+D, b c M', A,~B ""Ck+D2b c M, C58 ""
Ajk

A = —P, btc t(M 4A 8 "+M A2 8'j")Ct, + 'P2(b c t btc —~}M,A 8—' "Ck
5J 1 2J k 2 2 1 5g

P3b c (M 4Cs—B "+M C28' ")A
k P3(b c bc—)M tCsB—' "A

4(b c M 48 " bc M,B'—")A~ CI, +P4(b c M 8 " b, '")—

(10)

where S;, etc. , are parameters as explained before. Mak-
ing use of the rules such as c ~ A; = A, , etc., we find that
S3 terms are exactly the same as the S3 terms if only
B(0 } mesons are concerned, so we drop S3 terms for 0
decays. Similarly, we drop P3 and P4 terms, because they
coincide with P3 terms. In addition, D2 terms do not
contribute to Bd(0 ) decay, so are dropped. Therefore
there are eight independent invariant amplitudes for
8(0 }decays, three for S wave, four for P wave, and one
D wave. These are listed in Table I where all quarks
should be collected to compose light baryons and anti-

quarks, charmed antibaryons. It is worth noting that
each term corresponds to specific quark diagrams: S3
and P3 are from exchange diagrams, and the others are
from spectator diagrams.

All information available in this model about
charmed-baryon decays of 8 mesons is included in Table
I. The next question is how to read this table to find
what we want to know about these decays. We may give
a list of all the possible initial and final states and their
amplitudes; however, it is out of the scope of this paper.
Instead, we give A, inclusive branching ratios and some



SU(6) PREDICTION OF A, BRANCHING RATIO IN 8-. . . 2143

TABLE I. Eight invariant forms for charmed-baryon decays of 8 mesons.

Term Forms

+S) ( —c dtu uiu —c tdtdiu dt —e d s u s

+c td tu tu iu i+c td td tu idi+c td ts tu is i

+c tdiu iutut+c td id iutdt+c tdis iutst
—c td iu tu tui —c td id tu tdi —c td is tu tsi)

X (u 8„+d B&+s B, ) —all spins reversed

+S2 [( c ~d ~u ~u~u~ c ~d ~d ~u~d~ —c ~d ~s ~u~s

+c td iu tuiui+c td id tuidi+c td is tuisi)
——'( —e id tu iu iu t+c id td iu id t+c id ts iu is t

2

+c id tu tu iu i+e id td tu idi+e id ts tu is i

—cd u utu —ed d utd —cd s uts
+c ~d ~u ~u ~u ~+c ~d ~d ~u ~d~+c ~d ~s ~u ~s ~)]

X (u 8„+d Bz+s 8, ) —all spins reversed

+S3 ( —2ctuidtu u d —2ctdidtu d dt 2ctdtsiu d st
+2c tu td tuiuidi+c td td tu ididi+2c td ts tuidisi
+2c tu id iu iu td t+c td id iu id td t+2e td is iu id ts t

—2c u diu u d —2ctdis u d s

+c tu iu iu iu tu t+2c tu is iu iu ts t+c ts is iu is ts t

—2c tu iu tuiuiu t —2c tu is tuiu tsi —2c ts is tuis tsi

+c u u u uiui —2C tu s uiuis +c 5 ts tuis s

+2c u ts tu u s —all spins reversed) 8&

—P 1 ( —c u id u u —c td d uidt —c td ts iu~st

+c tu td tu'u'+c 'd td tuid&+c 'd 's 'u's'
+c tu id iu tu t+c td id iu tdt+c td is iu ts'
—c tQ tdiQtQi —c td td iutdi+c d s tQ s )

X(u tB„+dtB&+s 8, )

—P23
2 ( —c d u utut c d d utdt —ctdts u st

+c td tu tu tu i+c td td tu tdi+c td ts tu ts i)
X(u i8„+diBq+s iB, )

—( —c u dtutu —cid d u d —c dts u st
+c 'd 'u 'u'u'+c 'd 'd 'u'd'+c 'd 's 'u's')

X(u B„+d Bq+s t8, )

—P3 (+2c 'u
—2c tu
—2e tu

+2c 'u

+ctu i

—2c tu

+ctu t

+2c u

d 'Q td tu t+c td 'd u td td t+2c td s 'u td's
d tutu td —2e td d tu tdtd —2c td is tQtdtsi
d u u id t+c td td tu td id —2c d ts iu tdis
dtu Q d +2ctdts u ds

Q uuu+2c u s Qus+css uss
u u u ut —2c u s u utsi —2cts stutsist

Q tu tu iu i —2c tu ts iu tu ist+c ts ts tu tsisi
's 'Q'Q's')B,
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TABLE I. (Continued}

Term Forms

P4 ( —c'u
+c 'u

+c 'u

c u

X(B„u'

'd 'u'u' —c
'd 'u "u '+c
'd 'u'u'+c
'd 'u'u' —c

+Bqd +Bus

'd "d 'u'd' —c 'd 's 'u's'
d~d~u d +c d~s~u s

"d d 'u'd'+c d s u s'
u d —c dts&u&s )

t)

(
—c d u uncut —c d d u dt —c ~d ~5 u~s~

+c 'd 'u 'u 'u '+c 'd 'd 'u ~d ~+c ~d 's 'u 's')
X(u ~B„+d Bz+s'B, )

B„~A,+X
F(B„—+A, +X)=

B„baryonic decays 9 ' (12)

F(B,—+A, +X)=
—,
' . (13)

exclusive branching ratios such as B„(B&~A,P). The
ARGUS and CLEO Collaborations have separately
claimed A, dominance in inclusive baryonic decays from
a mixed B„and 8& decay sample. '

The inclusive A, fractions in all two-body baryonic de-

cays are very easily estimate by assuming two-body domi-
nance in baryonic decays. From the calculated
charmed-baryon spectrum one finds that all charmed
baryons of cuu, cdu, and cdd types decay into A, +x by
strong or electromagnetic transitions, while charmed
baryons of wads, cus, or css types are not allowed to decay
into A, because none of them is heavy enough to allow

producing E mesons. Based on this observation, our
counting indicates that

F(B~~A, +X)P= JVp l2)p,

W, =15 P, '+ —',"IP,I'+60IP, I'

+24(Pi, P3 )
—36(P2,P3 ) —3(Pi, P2 )

—14(Pi, P4) —21(P2,P4)+ 14IP4I

&p =19IP
g
I'+ —'," IP2 I'+112IP3 I'

+32(P„P3)
—48(P2, P3 )

—3(P„P2 )

—18(P),P~) 27(P2, P4—)+ 18IP4I

(15)

The values of Eqs. (12) to (15) are collected in Table II. A
large A, inclusive branching ratio in B& decay appears
when W-exchange diagrams (S3 and P3 ) are neglected.

The story of exclusive branching ratios in 8& to A,p,
etc. , is much longer. In order to calculate them, let us
first give the wave functions of final baryons and anti-
baryons. The flavor structure of a baryon is classified ac-
cording to the number of different quark flavors in it.
For n =1,e.g. , uuu the wave functions of the baryons are

It so happens that these inclusive branching ratios are
equally valid for S-, P-, and D-wave decay widths. But it
is not the case for 8& decays because the Hamiltonian has
a d quark in it. For the S-wave B& decays we have [(a,b)
is defined as —,'(a'b+ab')]

Ib++, s, =-,' &
=

Ig++ i
&

For n =2, let

1—u 'u 'u 'Io&,
6

1—u'u'u'Io& .
2

(16)

F(Bq ~A, +X)s —=JVs IXls,

a, = i S IS, I'+ —", IS, I'+ 60IS, I'

M =a —P, S=a+2P,
(17)

+24(S, , S3 ) —32( S~,S, )
—(S, ,S~ ), (14)

TABLE II. Estimated A, fraction in two-body baryonic de-
cays of B mesons.

=19IS
I

+—"IS
I

+112IS
I

+ 32(S„S3) —44(S~,S3 ) —(S„S2) .

For the P wave we have

Meson

B„
B,
Bg

A, +X fraction

0.54—0.80
0.54—0.86

Waves

S,P, D

S,P, D
S
P
D
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TABLE III. Amplitudes for B mesons to ground-state

baryons. P-wave amplitudes are obtained by replacing S; by P, .
D-wave amplitudes are zero for these modes.

IA'& = x'io&, r"
&
= y'IO&,

V'2 ' v'6
(23)

Meson Baryons

Oy+
c

3—Si

Amplitude

3+ S2
2&6

No.

For charmed antibaryons, we use a, b, and c in place of a,
P, and y, e.g.,

B,
~ O~Oc~

3
Si

3~s,
3+ S~

2&6

Bd A, P

—Si1

2

3—S2

+ 3Sq

—&6S3
—&6S3
—S3

0yO~c
n, =-O

v'3
Si

v'3

4 2 +&3S3
—2S3

and, we have, e.g., for uud,

S'io& .v'6

For n =3, let, e.g.,

a =u(d1s( P1=u(d(s) y(=used(s

x=a —P, y=a+P —2y, z=a+P+y,

(19)

(20)

(21)

(22)

a~=c ~d ~s i, bi=c ~d is ~, c~=c id ~s ~ . (24)

Our phase convention (in this case, to identify a and b)
is made as the following. In a the spin of the lightest
quark is s, =—,'. We get s, =—,

' ordinary baryons and

s, = —
—,
' charmed antibaryons by reversing all spins in

(21) and (24), respectively.
The spins of the final baryon-antibaryon pairs are

marked by (s,s') where s and s' are the spins of the
charmed and ordinary baryons, respectively.

Now we identify each term in Table I according to
(m, n ) and (s,s ' ). For s ' or s equal to —,', we identify a, b, c
or a,p, y and then express them by M, S (or M', S') ac-
cording to Eq. (18) if m or n =2 and x,y, z (or x',y', z')
according to (22) if m or n =3. By this way we will find
that, for the S-wave amplitudes, there are only s=s'
terms with correct coefficients to make the total spin
zero. For P-wave amplitudes, ls —s'I (

I
1 to make the to-

tal spin 1 and, for the D wave, is+s'I )2 to make the to-
tal spin 2. In Table III, we give the amplitudes for 8
mesons to ground-state baryon-antibaryon pairs. These
amplitudes satisfy triangle relations given in Ref. 2 from
the SU(3) analysis, in particular, since B„and B, decays
in Table III are governed only by two parameters, we
have the triangle relation

and we have (B,~:-,:" )+(B„~:-,&+ ) =(B,~A, X+ ) . (2&)

TABLE IV. Fractions of ground-state baryons in baryonic decays of corresponding B mesons.
F=N/D. For the numbering, see the last column of Table III. (a, b) is defined as —,

' (a b+ ah ).

No. wave F value

2,3

4to8

S
p

p

P

3lp p I2

,'[is, i'+-,'is, i'+(s, ,s, )]
—,'[IP, I

+ ' IP, I'+(P„P,)]—
Is, I'+-,'Is, I'+20ls, I'

12(S2qS3 )+2(Si sS3 )

IP g
I'+ —' IP, I'+ 201P, I'

12(P2 P3 )+2{Pi P3 )

18

27[IP, I'+-',
I
pzl'+ lp&l'

(Pi PP ) 3(P2 P4)
+(P, ,P4)]

18(Is, I'+ -,
' Is, I')

18[IP I'+ —IP'I +IP I'

+(P„P,) —3(P„P,)]
19ls, I'+ —", Is, I'

+ 112ls, l' —44(s, ,s, )

+32{Si ~S3 ) —{S],S2 )

19IP I'+ —'," IPz I'

+ 112
1 P, I'+ 32(P„P,)

48(P2 P3 ) 3(Pi P~ )

+ 18ip~i' —18(P„P4)
—27(P2, P4 )

18

0.0 to 0.06

0.08 to 0.17

0.0 to 0.10

0.05 to 0.20

0.0 to 0.19
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FIG. l. Quark diagrams of Bd ~A, P decay. FIG. 2. E„=,X+ and Bs A

From Table III and the normalization factors in Eqs.
(12)-(15) (the parameter dependences of the normaliza-
tion factors in B„and Bd decays are accidently canceled
out, but the reader can read them off directly from Table
I) we obtain Table IV. From this table we find that the
typical fraction of one exclusive ground-state baryonic
decay mode in baryonic decay channels is about

2p
if

two-body decays dominate baryonic decays. So its typi-
cal branching ratio, taking total baryonic decay branch-
ing ratio as, say, larger than 4% into account, is about
larger than 2X 10

As we stated before, the SU(6) calculation has kind of a
correspondence with the quark-diagram calculation, '

e.g. , the S3 (and P3) terms are from W-exchange dia-
grams and the others are from spectator diagrams; see
Fig. 1 for B„~A,p. Two questions follow. (a) There is

only one spectator diagram while there are two SU(6)-
invariant coefficients S~ and S2 [which is true even if only
SU(3) symmetry is considered]; why is this? The reason
for this is that, though uud are grouped in the SU(3) oc-
tet, the u quark produced at the weak vertex and the d
quark can be either in 6 or 3' and there is no reason to
require that the amplitudes for the two cases be equal. (b)
From the quark diagrams —see Fig. 2—the amplitudes
of B„~:",X+ and B,~A, X+ are apparently democrat-
ic, but the group-theory calculation tells us that they are

not equal; how is this contradiction to be explained? Ac-
tually the two modes may be differed by phases and nor-
malization constants, whose evaluation sometimes has to
go through all the steps described above, in the section
explaining how Table III is obtained. Even for inclusive
decays of B„~(csu )(usu) and Bd ~(css)(ssu ), their
widths are still difFerent; see S3 (or P3) terms in Table I.

The SU(6) analysis is more restrictive than the SU(3)
one in a few aspects. First, it minimizes the D-wave in-
variants to only one, compared to eight in the SU(3) case.
Incidently, we ruled out F waves from general considera-
tions at the beginning. Second, it connects amplitudes of
different final-state spin configurations. There can be six

All these amplitudes are expressed by only eight indepen-
dent invariants. They would need 30 invariants, if only
SU(3) is considered. Finally, our invariants correspond
explicitly to different quark diagrams, so they are very
convenient for model calculations.

D-d.W. wishes to thank the University of Melbourne
for hospitality and G. Adam for many discussions.
X.G.H. and B.H.J.M. thank the Australian research
council for financial support.

Mailing address.
'F. Gursey and L. A. Radicati, Phys. Rev. Lett. 13, 173 (1964);

A. Pais, ibid. 13, 175 (1964); M. A. Beg and A. Pais, ibid. 14,
51 (1965); K. Kawarabayashi, ibid. 14, 86 (1965);G. Altarelli,
F. Bucella, and R. Gatto, Phys. Lett. 14, 70 (1965); F. C.
Michel, Phys. Rev. 133, B323 (1964); H. J. Lipkin and S.
Meshkov, Phys. Rev. Lett. 14, 670 (1965); A. P. Balachan-
dran, M. G. Gundzik, and S. Pakvasa, Phys. Rev. 153, 1553
(1967); B. H. J. McKellar and P. Pick, Phys. Rev. D 7, 260
(1973);B. H. J. McKellar, Phys. Lett. 38, 401 (1972).

2X. Y. Li and D. D. Wu, Phys. Lett. B 218, 357 (1989).
M. J. Savage and M. B. Wise Report No. CALT-68-1544 (un-

published).
4For experimental evidence of SU(3)-symmetry breaking, see,

e.g. , Sau Lan Wu, Report No. DESY-119, 1983 (unpublished).

5A. De Rujula, H. Georgi, and S. L. Glashow, Phys. Rev. D 12,
147 (1975);Phys. Rev. Lett. 37, 785 (1976).

D. D. Wu and J. Rosner, Phys. Rev. D 33, 1367 (1986).
7CLEO Collaboration, S. Stone, in Weak Interactions and Neu-

trinos, proceedings of the Twelfth International Workshop,
Ginosar, Israel, 1989, edited by P. Singer and B. Gad Eilam
[Nucl. Phys. B (Proc. Suppl. ) (in press)].

ARGUS Collaboration, H. Scheck, ibid. in Weak Interactions
and Neutrinos (Ref. 7).

M. Bauer, B. Stech, and M. Wirbel, Z. Phys. C 34, 103 (1987);
E. H. Thorndike and R. A. Poling, Phys. Rep. C 157, 185
(1988).
L. L. Chau and H. Y. Cheng, Phys. Rev. Lett. 56, 1655 (1986);
Phys. Rev. D 37, 137 (1987).


