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We apply a recently proposed chiral-Lagrangian model to discuss the anomalous (unnatural-
parity) decays of the low-lying vector and axial-vector mesons. First, about twenty “SU(3) relatives”
of the w— 37 and w— 7% processes previously treated are investigated. The results confirm our

. confidence in the reliability of the method employed. We then claim that the obscure reaction
D(1285)—prr is an important prototype for studying anomalous processes which do not go through
a vector-vector-pseudoscalar vertex. The present model based on a gauging (with phenomenological
fields) of the Wess-Zumino term gives a reasonable description of this decay. It also suggests the
suppression of processes like axial-vector meson— vector meson plus photon. In the course of this
work we take a fresh look at the A4,-p-m system in the chiral-Lagrangian framework. We note that
it is possible to explain together the A, mass and the widths for 4, —pm, p—2m, and 4, —my.

- I. INTRODUCTION

It seems generally accepted that regardless of what ap-
proach turns out to be best suited for describing QCD at
low energies, the results should be describable by a chiral
effective Lagrangian. In the limit of vanishing energy the
relevant fields are members of the pseudoscalar nonet.
The resulting o-type models have been widely discussed in
the literature. Recently Witten! has revived interest in the
Wess-Zumino term? of this Lagrangian which is related to
the non-Abelian flavor anomaly and which gives pseudo-
scalar vertices proportional to the Levi-Civita symbol
€uvap- The simplest purely hadronic reaction mediated by
this term is of the rather complicated type KK— 3.
Thus, it is very interesting to extend the chiral Lagrangian
by introducing additional fields and to study vertices pro-
portional to €,,,p. This extension should also increase the
range of validity of the chiral Lagrangian away from zero
energy up to 1 GeV or so.

The “classical” approach to this problem involves
maintaining the chiral symmetry in a straightforward way
by introducing vector and axial-vector mesons. This type
of model® was of great theoretical interest about fifteen
years ago. Very recently, it was applied* to the case where
the Wess-Zumino term was present. The resulting
description of the decays of the vector meson w is quite
promising. In the present paper we would like to further
investigate that model. Before starting, it may be helpful
to make some brief remarks to avoid confusion relating to
the history of this subject.

In the effective-Lagrangian approach a truncation of
the spectrum is of course necessary. For simplicity the
scalar mesons will be neglected. (They could easily be in-
cluded by using the linear rather than the nonlinear spin-
zero-meson realization.) The vector mesons could also be
chosen to transform nonlinearly under chiral transforma-
tions (this approach will in fact be given elsewhere’), but
in the present context the presence of axial-vector fields
seems very natural. Assuming that one has agreed to con-
struct a chiral Lagrangian out of the 0~, 1=, and 17 no-
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nets, how should the interactions of the spin-1 fields be
introduced? It seems almost inescapable to introduce
them in the most symmetrical way possible and then to
add additional terms to reduce this symmetry, if required
by phenomenology. The most symmetrical way possible
to introduce spin-1 nonets seems to be as gauge particles
of chiral U(3)XU(3). The minimal additional terms
which break the gauge symmetry but preserve U(3) X U(3)
are degenerate mass terms.. There is a@ priori no need for
the model to be renormalizable. It is certainly not a fun-
damental gauging, but, on the other hand, it does not
seem to be in conflict with the underlying fundamental
color gauge theory. It is natural to ask why, if there is
nothing basically wrong with it, this approach to extend-
ing the chiral Lagrangian has fallen out of favor. There
seem to be two reasons: (i) The most general gauge La-
grangian contains, especially if SU(3)-symmetry breaking
is taken into account, a fairly large number of terms. The
fitting of the arbitrary parameters to experiment is thus
rather difficult. [On the experimental side, the parame-
ters of the 4; meson have been steadily changing over the
last fifteen years. (In the Particle Data Group table® its
mass is now given as 1275 MeV rather than 1090 MeV.)]
(ii) A belief somehow developed that an approximate
gauge symmetry at the effective-Lagrangian level was in
conflict with the fundamental color gauging.

The point of view we shall take is that the approximate-
ly gauged chiral model is a useful way station on the road
to finding the complete low-energy .Z .. The terms pro-
portional to €,,,p seem to have a more unique structure in
this approach than the others and deserve special study.
Two aspects of this program will be studied here: In Ref.
4 it was argued that the terms in .Z . responsible for the
decay w— 77~ 7° are the two anomalous ones

L vvs=—8rve€uvapTr(D*V*VEP)
L V66 =ih €urapTr(V*3"$3°$3P$)
(€o123=+1)

as well as the ordinary one,

(1.1)
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L ves= if—Tr( V,634) . (1.2)

Here V, is the vector-meson-nonet matrix and ¢ the
pseudoscalar-meson matrix (a tilde is being dropped for
simplicity). g is the gauge coupling constant’ determined
from the p-meson width. The gauging® of the Wess-
Zumino term gave the interesting prediction for the VV¢
coupling constant,

2
X 1.3)

8= 16nF,

where F,~135 MeV is the pion decay constant. The
coefficient A of the Vpded term was also predicted to be

2
g°F,’ g°F,’

2 2
mp mp

3

32

__—8
217%F, 3
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and turned out to give only a small contact contribution
to w—3m. Notice that the V¢ interaction in (1.2) is tak-
en to be of minimal type. In the present framework this
corresponds to a particular choice of parameters as we
- will discuss in Sec. III. We adopt this choice because it is
the simplest possibility. (It is also the one which emerges
when the vector mesons are taken to transform nonlinear-
ly, axial-vector mesons not being present. This case will
be treated elsewhere.’) In Sec. II, we will study the nonet
partners of the prototype processes 7°—2y, w— 7y, and
w—37 treated in Ref. 4. This will be done using (1.1),
(1.2) and (1.3), as well as the usual vector-meson—photon
coupling prescription

V2e 2
fEM=*g—A,, mp2p2+\§m,,,2wu——3~m¢2¢# + -

(1.4)

As has been extensively discussed in the literature,’ this,

simple model can explain a large amount of experimental
data. From our point of view it tends to support the va-
lidity of the present approach. The new features include
the use of (1.3), the computation of K*—Km, and the
use of a current-algebra-type symmetry-breaking ansatz
which might help to explain K*—Ky. In Sec. II, we also
compute 7 and ' — 7y both by standard current algebra
(no spin-1 particles) and with the inclusion of poles. The
results for '—mmy provide a dramatic demonstration of
the need to take vector-meson poles into account when
working at energies close to 1 GeV.

One might argue that the work above mostly tests the
nonet model in conjunction with the VV¢ vertex. It is
clearly desirable to study anomalous processes mediated
by different pieces of the gauged Wess-Zumino term. It
seems that the most accessible reaction is the decay of the
D(1285) (the axial-vector w) into a p meson and two
pions. This decay is the proper axial-vector analog of
w—37. From Egs. (6.5) and (4.18) of Ref. 4 we extract
the axial-vector analog of the VV¢ term,

-y
1+y

___g2

—ET?FT”_ eyvaBTr(a“AvaaquS) . (1.5)

ZL 4ap=

Here A, is the physical axial-vector-meson matrix. y is
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an additional small correction to be discussed in Sec. III.
It is amusing that the coefficient in (1.5) is one third of
(1.3), reflecting the chiral U(3)XU(3) breaking in the
gauged Wess-Zumino term which satisfies the Bardeen
form of the anomaly. There is also an anomalous contact
term. To do the calculation one finally needs the
nonanomalous AV¢ vertex. This requires a detailed
analysis which is carried out in Sec. III. There we show
that the general gauge invariant (up to mass terms) chiral
Lagrangian contains a sufficient number of free parame-
ters to fit both the p and A4, widths. Neither the
Kawarabayashi-Suzuki-Riazuddin-Fayyazuddin (KSRF)
relation,'® the Weinberg relation,!! nor any relation be-
tween the two follows from chiral symmetry alone. As a
general check on vector dominance in the axial-vector-
meson region we note that it gives a value for
(A} —mty) in agreement with the recent measurement.'?
The calculation of D—pmr is carried out and discussed
in Sec. IV. The agreement with experiment seems reason-
able, considering the experimental uncertainties and
theoretical simplifications. It is also pointed out that the
model predicts a number of unnatural-parity radiative de-
cays of the axial-vector mesons to be suppressed.

Finally, in Sec. V, we briefly discuss a speculative ex-
tension of the gauged Wess-Zumino term and also two re-
cent related papers.!>!*

Some aspects of the present model would seem to war-
rant additional discussion. The first is that we are treat-
ing all particle families to be nonets rather than octets.
One might wonder whether the U(1) problem is being tak-
en into account since the 7' meson is being treated in a
similar way to the pseudoscalar Goldstone octet. Howev-
er, for the nonanomalous part of .Z ¢ it can be shown (see
the second footnote of Ref. 4, for example) that the
present treatment respects the anomalous U(1) Ward iden-
tity and becomes exact in the large- N, limit. We would
like to stress that this situation is unchanged in the pres-
ence of the gauged Wess-Zumino term (satisfying either
the left-right-symmetric or the Bardeen form of the
anomaly). This is because, as briefly remarked in Ref. 4,
the gauged Wess-Zumino term constructed with nonet
pseudoscalar, vector, and axial-vector fields is invariant
under global U(1), transformations. A second question
concerns the relation of our results to the current-algebra
theorems [i.e., the formula (4.15) with r =0 of Ref. 4].
These theorems should be exact in a world of zero quark
masses (which is expected to imply zero pseudoscalar-
octet masses). To what extent the zero-quark-mass world
approximates the real world can be roughly determined by
comparing the predictions of (4.15) with experiment. At
characteristic energies around 100 MeV (7°—yy) the
agreement is good. At characteristic energies around 1
GeV the agreement is reasonable for 1'—2y but terrible
for n’—mt7~y. (In Sec. II the current-algebra rate is
shown to be about - the experimental rate for this pro-
cess.) The moral seems to be that to describe processes
with characteristic energies around 1 GeV it is necessary
to go considerably beyond the “soft-pion” theorems. Our
point of view is that a systematic way to accomplish this
goal is to develop an effective Lagrangian for the particles
involved which displays the underlying symmetry struc-
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ture of QCD. Incidentally our formulas for processes in-
volving pseudoscalars and photons reduce to the soft-pion
theorems when the vector masses go to infinity. For pro-
cesses involving spin-1 mesons there are not any rigorous
theorems which are the analogs of the spin-O ones.

II. OTHER ANOMALOUS PROCESSES
WITH VECTOR MESONS

It is interesting to explore the “SU(3) partners” of the
reactions w—3m, o—7"y, and 7°—yy treated in Ref. 4.
This actually is more of a test of the details of the way
SU(3)-symmetry breaking is introduced into the effective
Lagrangian than of the anomalous vertices predicted by
the present model.

First consider the anomalous vector-meson decays of
the type K*—Kmm. The computation is essentially iden-
tical to that of w—> 3 in Ref. 4, but there are a number of
different modes. Isospin invariance predicts

NK* K+ 7% ) =T(K** —>K’7+7°) ,
N(K*°—K%7%7%) =T(K** K *7°7°) , (2.1)
NK*° K% tr ) =NK**—>K*tr*tn™),

so we can confine our attention to the K** decays. The
amplitude for

Kit (p)—>KAK)+7P(q)+7q’)

is denoted M Zbc and we find"’

M = —i€uapK qq' F™ 22a)
_ 3g° 1
F*~*=—h+
16m°F, | (p —K)*+m,?

SR S— (2.2b)

(p—qP+mu’ |’ '
proo___ 3¢ 1

327°F, | (p—q)+m..?
1 (2.2¢)

(P =g mpt

The third amplitude is related to the other two by isospin
invariance:

FOHO—yQ(F+—+ _F+%) (2.3)
For K*t K *m— 7™, the predicted rate is given by the
integral

T(K**—>Ktr—nt)

m
— ooy [ JAETETI@ @)

_(a’ —.Zi +)2](F+_+)2 ,

(2.4)

where E* and E~ are the 7+ and 7w~ energies. Carrying
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out the numerical integrations with the same values of the
parameters as in Ref. 4 gives the predictions

K™ K+t 7t)=10.2 (6.2) keV ,
(K **—K *7°7°)=0.05 (0.03) keV ,
MK ™ S5K%*+7°)=20.3 (12.3) keV .

(2.5)

The values in parentheses are obtained by dividing by
(Fg/F,)?~1.64 and are probably more realistic. This
correction is to be expected because in the simple version
of the nonlinear o model being employed we are assuming

F,=Fx=F,=F, (2.6)

which, at least for the Fg, does not quite agree with ex-
periment. In a general current-algebra treatment (which
can be accommodated in the effective-Lagrangian frame-
work by adding derivative-type symmetry-breaking terms
which would renormalize the pseudoscalar fields), the
emission of a K meson is always accompanied in the am-
plitude by a factor of Fx~'. In (2.2) this corresponds to
changing F,~! to Fx~! in the coefficient of the pole term
which very much dominates the contact term h. The
1984 Particle Data Group table® gives the bound on the
sum of the three modes in (2.5),

IN(K* —->Kmm) <26 keV , (2.7)

so our results are consistent. It is interesting that the rate
is predicted to be around the present bound.

The other anomalous decay of the type (low-mass) vec-
tor meson — three pseudoscalar mesons is the Okubo-
Zweig-lizuka-rule-violating process $(1020)—37. We re-
gard this decay as being due to a small ©¢ mixing:

Op=0up —€Pyp

(2.8)
bu=€wpp +yp -

The subscript p denotes the physical field. In our model
the intermediate p in the dominant pole terms can be on
mass shell so it is a good approximation to simply calcu-
late —>pm. (We have verified this explicitly by comput-
ing ¢— 3 using a p propagator in which m,, is replaced’’
by m,+il,/2.) From the anomalous VV¢ interaction
term we find the simple formula

2g ¢ |G| }

== = 2.9
5127°F

L(¢—pm)=

where g, is the pion momentum in the ¢ rest frame. Us-
ing g~8.66 as in Ref. 4 and the experimental value

[ expt(¢—pm)=0.62 MeV yields |€|=0.076. This is in
fairly reasonable agreement with the value obtained® from
the canonical-mass-mixing model, e= —0.058. The dom-
ination of ¢— 37 by ¢—pm also seems to be in accord
with experiment.5

Next let us turn to the radiative decays involving vector
mesons as either external or internal lines. We have found
that the effective action (6.5) of Ref. 4 gives the standard
current-algebra formulas for 7°—2y, n—2v, and 7' —2y
when treated with the vector-meson-dominance prescrip-
tion (1.4). To compare with experiment requires a model
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for mixing in the complicated system 7, 7', ¢(1440),... .
For simplicity we shall here just consider 77 and 7’ to mix:

n=npcosf+npsing ,
(2.10)
= —npsin@+npcosb
“with an angle 6~—18°. To take some account of SU(3)-

symmetry breaking we shall introduce F, and F, as dis-
cussed above. Then one has

o2 2 3
D(n—2y) _, |cos® 2sin6 Fp | {my
T(7°—2y) V6 V73 F, my |’
. (2.11)
2 2 3
L(y'—2y) _,|sind 2cosf Fo || my
[(7°—2y) v'6 V73 F, m,

Comparison with the 1984 Particle Data Group tables
then implies F, /F,=1.28+0.10 and F, /F,~1.

There are a dozen low-lying processes of the type
V—¢y or ¢—Vy. Their widths are all related in the
present model by phase space and Clebsch-Gordan factors
to that for w—7% found in Ref. 4:
30g? |4, |’

(2.12
647*F 2 ’ )

No—7ly)= , a:—,%.
Equation (2.12) is derived from the anomalous term (1.1)
and (1.3) together with the assumption of vector-meson
dominance of the electromagnetic interaction (1.4). The
result of this calculation for all possible decays of this
type may be conveniently summarized by the following
effective term (A4, is the photon field):

euvaBAuTr[Q(avVaaB¢+aB¢avVa)] ’
Q =diag($,—3,—3) .

[The overall normalization is given in (2.12).] The relative
squared matrix elements, numerical predictions, and ex-
perimental values are given in Table I. Symmetry-
breaking corrections Fg/F,~F,/F,~1.28 are incor-
porated and the value | €| =0.076 obtained from ¢—pm

(2.13)
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is taken. It is seen that the overall pattern of agreement
between experiment'® and theory is quite satisfying. Note
that the correction factor (F,/Fx)* reduces the
K*°_> K% rate to a more acceptable value.

Finally consider the decays 7, 7'—wTn7y.
n'—m 7~y is observed only as 7' —p% which is well ac-
counted for above. As in the case of 7°—2y we can com-
pute these processes either directly from the current-
algebra formula [Eq. (4.15) of Ref. 4 with »=0 and
A—eA] or by using vector-meson dominance together
with the anomalous VVé and V¢* vertices. We find for
the widths

n
r 7 —atrTy
m cosG_sinG
Tl1ve V3
- m sin6+cos9
T1ve V3

X [ [dE*dE~[(4 %G *)*—(4 -G +)*]F .
(2.14)

Calculating by the current-algebra (CA) formula and in-
cluding the factor (F,/F, )2 needed to get agreement for
11— 2y yields

1/F,?
1/F,*

1

=—7F7F , (2.15)
a7*F,*

while using vector-meson dominance (VMD) yields

(Fp/Fy)? 2

(Fp/Fy)?

h 28yvy

F = —_—
g (gt+q ) +m,?

(2.16)

Numerical integration over the appropriate phase-space
volumes gives the predictions

TABLE 1. Radiative vector-meson decays. Here C =cosf and S =siné are defined in Eq. (2.10).
The experimental data are taken from Ref. 6. Each mode has an additional phase-space factor | q | >.

The overall normalizations follow from Eq. (2.12).

Relative squared

Width (keV)

Process matrix element Prediction Experiment
ptomty 1 80 63+4
pP—7y 1 80 6314
K*+ >K+y (F,/Fg)? 29 515
K**— K% 4(F,/Fg) 117 75+35
o—1 9 800 789+92
POy (F,/F)V3C =V6S ) 38 72.5+14
7' —p% 3(Fx /Fy) (V38 +V6C 77 93.1%25
o—ny (Fo/F,(C/V3—-8V2/3)? 5 3.242.6
7' —oy 3(F,/FyAS/V34+CV2/3) 7 8.4+2.7
¢—ny (Fo/FX4C/V'6+2S /V3)? 68 67.7+9
d—7'y (F,/Fy)4S /V'6—2C /V3)? 1 )
¢—70y 9¢? 5 6.5+1.9
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. 21.8 eV

Feallg | =™ 77|~ [3.0kev |’

(2.17)

N 105 eV

Tvmp | 1 | 777777 | = |80.4 keV |

which should be compared to

. 40.8+6.9 eV

Lexpt =TTV = (93,1425 keV | - (2.18)

It is clear that the current-algebra approach, which
neglects the p pole, is very badly wrong for the 7’ mode
while perhaps slightly better for the 7 mode. Note that
the vector-meson calculation for 7’ gives an essentially
identical result to the previous n'—p% calculation, indi-
cating that the contact term is not numerically important.
It is interesting to remark that the current-algebra thresh-
old theorems in (2.15) can be recovered from (2.16) by tak-
ing the p mass to infinity. In this limit we see that
h=—g/2m*F,>.

III. NONANOMALOUS PART OF .Z

In this section we will discuss the A-p-7 system in the
chiral Lagrangian of 0=, 1=, and 1% nonet particles
without the Wess-Zumino-type terms. A knowledge of
this aspect of the problem is required to discuss the
anomalous decay modes. We should remind the reader
that above 1 GeV the experimental resonance spectrum is
very complicated and for practical reasons has to be trun-
cated. Since chiral Lagrangians are extrapolations from
zero momentum transfer, which, however, work well
below 1 GeV, we are, of course, pushing the present model
to the limit of its applicability. Considering the great in-
terest in this region, which appears to contain glueballs,
etc., it seems very important to do so.

The experimental situation concerning the axial-vector
mesons—most notably the 4;—has an interesting history.
Nowadays it seems that the existence of the 4, is well es-
tablished, but its exact mass and width are still uncertain.
Back in the heyday of chiral Lagrangians it was generally
considered that the mass of the A; was given by the
Weinberg relation'! m, =Vv"2m,=1090 MeV. However,

it was recognized that this relation involved an additional
assumption. The general chiral-invariant Lagrangian, as
we shall see, contains the 4; mass as an arbitrary parame-
ter. Now the Particle Data Group table lists the 4, mass
as 1275 MeV and its width as 315145 MeV. The new
higher A4, is almost degenerate with the D(1285) (the
axial-vector w) which is more easily understandable on the
basis of “ideal mixing” in the quark model. Nevertheless,
some experiments (7 decay and K ~p production) deter-
mine a lower mass A4; of different width while others
which have better statistics but involve more analysis
(7~ p production) favor the higher mass.!”
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Following the notation of Ref. 4, the chiral
U(3) X U(3)-invariant part of our gauged chiral Lagrang-
ian is

F 2
&=~ Te(D,U DU — T Tr(F o F i+ FuFy,)

'—m02Tr(AL;LAL;t+AR;LAR[.L)+j§+$7+ DR

(3.1)

The first three terms are conventional; note that D, is the
chiral covariant derivative and that m,, the degenerate
spin-1 mass, breaks gauge invariance but not chiral invari-
ance. Two more gauge-invariant terms are needed to pro-
vide an adequate description of the p- 4, system:

Le=—i¢Te(D,UD,U'FL, +D, UD,UFE), (322

&=y Tr(FLUFRUY). (3.2b)
The quadratic part of (3.1) works out to be
— 4+ (1=)T[(3,V,—3,V,)*]

— (1 4+9)Tr[(8,4,—3,4,)°],

(3.3)
— 5 T1[0,40,0 —gF 3,04, +(mo*+g°F,>/4)A,4,] ,

where V,=A;,+Agp, and A,=A;,—Agr,. This is
brought to standard diagonal form with the redefinitions:

V“:(l_,},)—l/ZV‘u ,

~ gF, _ ~
— —1/2
A=) P Ayt 508
6=Z2""¢, (3.4)
202 1172
g°F,
Z= 1+ ’
4m02 ]
F,=Z"'F,,

where the tilde quantities are the “physical” ones.!® The
vector and axial-vector masses are identified as

sz:(l——y)"lmo2 ,
(3.5)

25 2
m

4

m2=(147)"" |mo*+ &

. It proves convenient to introduce a renormalized-coupling

constant g:
g=(1—-y)" %, (3.6)

so that gV, =gV,. Notice that we may rewrite Z> in
terms of physical quantities as '
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_|1=r
1+y

~ 2
72—y ) 2y l . 3.7
The ﬁrst equality in (3.7) corresponds to the KSRF rela-
tion'® for the special choice Z?=+, while the second
equality would be Weinberg’s formula!! for Z?=+ and
v=0. We see that in general these two relatlons do not
imply each other. The arbitrary choices Z =1 > and y=0
do not fit the experimental data, as we shall see Collect-
ing terms gives the V¢¢ interaction (with a nonminimal
piece)

4mV
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3V¢¢ +——Tr( ?5 u$)
+ 2—’m7rr[(ayt7v—avl7”)a,,$a‘$] ,
(3.8)
4 ~
s=1-2z2-2 |2 g
1_22 (1_,}/)1/2

Now let us agree to drop all tildes so that all quantities
are the physical ones. For many purposes the following
AV¢ vertex which follows from (3.1) is very important:

ig*F, |1 12 ig’F 1 172
s - T —_ 7/
L =" ﬁf;— Tr(V,[4,,61)+ 4MV222(1_8) e Tr{(3,V,—8,V,)[4,,3,61}

ig’Fy |14y 2

m
4my? | 1—y Tr{(3,4,—0,4,)[Vy,3,4]1} — F V11— ‘z Tr[(B,,AV—SVAP)(aMVV—aVV#)({)] : 3.9
[ N

It should be remarked that the addition of SU(3)-  type (minimal momentum dependence) by setting
symmetry-breaking terms with well defined * chiral 5—0 3.11)

transformation properties will modify the formulas above.
For the present we will assume that the physical masses of
the various particles adequately describe SU(3)-symmetry
breaking.

It is convenlent to write the momentum-space ampli-
tude for, say, 4, w(p)—py F(k)+7%q) in the form

I,

where the expressions for Ts and Tp are obtained from
(3.9) and are given in the Appendix. For the physical
A—>pm decay Ty is the S-wave and T the D-wave am-
plitude. Other Lorentz tensor structures exist in (3.10) but
they vanish both for the physical decay as well as for the
application with off-shell A4; to be discussed in Sec. IV.
We now have the ingredients to discuss the traditional dif-
ficulty of this model—simultaneously fitting the 4; mass
as well as p and A4, widths. In older treatments'® the
gauge-invariant Lagrangian was most commonly
described by only two parameters g and . Now that we
have included the gauge-invariant term (3.2b) it is a sim-
ple matter in principle to trade the parameters g, ¥, and §
for the experimental quantities I'(4;—pw), T'(p—2m),
and m (A4;). The formulas for I'(4,—pw) and I'(p—27)
are given in the Appendix. If one chooses m(A4;)=1275
and I'(4;)=315 MeV, as suggested by the Particle Data
Group, one finds two possible solutions

(i) y=0.25, £=0.34, g=10.1,

Tp.v(P’q):‘/i[TS(paq) uv+TD(P,q)q;4qv+ e (3.10)

(ii) y=—0.26, £=0.065, g=7.0.

Considering that both the mass and width of the 4, are
not yet conclusively established, it'seems safer to study
the system for a range of values rather than just accepting
the above choices. Furthermore, the predicted physical
quantities turn out to have a sensitive dependence on g.
To understand the nature of this system it proves con-
venient to fix the pm interaction in (3.8) to be of standard

This was the procedure followed in Ref. 4. With (3.11).
I'(p—2m) depends only on g. This is graphed in Fig. 1
which shows that I'(p) changes only moderately as g
changes [g~8.66 corresponds to I'e,,=154 MeV]. Fig-
ure 1 also shows the dependence of I'(4;—pm) on g for
various values of m 4 [which can, by (3.7), be regarded as
a free parameter]. Note that the A, width depends
strongly on g. For m(A4;)=1275 MeV, I'(4,)=315
MeV is predicted for the points g~9.6 and g =7.6. It is
clear that these correspond, respectively, to cases (i) and
(ii) above. This indicates that setting 8=0 does not
change the essential features of the model. We shall adopt
this choice in the following. Note also that I'(4;—pm)
rather than I'(4,—3m) is being plotted in Fig. 1. Thus,
the (uncertain) experimental 4; width must be interpreted
as an upper bound on I'(4,—pw). In Fig. 2 we have

400

300

200

I (4,) Mev]

100

FIG. 1. A;—pw width for four values of m(A4;) plotted
against the (renormalized) coupling constant g.
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w|o

FIG. 2. The ratio of D-wave to S-wave contribution (D /S)
to the A4;—pm width, plotted against g. Here m(A4,)=1275
MeV, but the curve is almost the same for m (A4,)=1200 MeV.
Note that D /S becomes negligible for g <8.

displayed the ratio of the D-wave to S-wave contributions
to the A,—pm width. Since the 7 decay data!” indicate
that the S wave is strongly dominant, the lower value of g
is favored. A simultaneous fit of I'(4;—pm) and
* T'(p—21r) is seen to suggest the more recent higher values
of m (A,) when we take §=0.

As a check on the assumptions of vector-meson domi-
nance and our choice of parameters we can estimate the
width for A —7 %y, which is a natural-parity process.
Thus, we multiply the 4 —7*p° rate by (V2e/g)?* [see
Eq. (1.4)] and take the different S-wave phase-space fac-
tors into account. This yields

2
q(4 )
FAf —atyp)= | Y2 | AT b o)
: g | 4(A4;—mp) |
~730 keV (3.12)

for I'(A4,)=300 MeV and g =7.6. This is consistent with
the recent measurement!? T e,q,t(Ai" —mTy)=640+246
keV. ‘

IV. ANOMALOUS DECAYS
OF AXTAL-VECTOR MESONS

An interesting feature of the present model is that it en-
ables one to calculate unnatural-parity processes involving
axial-vector mesons. To our knowledge pure hadronic
processes of this type have not been previously discussed
in the literature. These involve anomalous interactions
different from the V¥¢ vertex of (1.3) which has, in one
form or another, been widely treated. Since our gauging
of the Wess-Zumino term involves both vector and axial-
vector mesons, the same effective action which predicts
the strength of the V¥V¢ vertex also gives the anomalous
axial vertices. The prototype anomalous interaction in-
volving axials is the 44 ¢ vertex in (1.5).

To begin we would like to remark that the structure of
the effective anomalous interaction [[wz=Twz(U,4;,

Ag)—TIwz(1,A; ,AR); see (4.18) of Ref. 4] when com-
bined with the idea of vector-meson dominance immedi-
ately gives a number of interesting predictions. These fol-
low from the observation that I'y, vanishes when U is set
equal to one. Expanding U=1+42i¢/F,.+ -+ shows
that every term must contain at least one pseudoscalar
field. Terms involving just spin-1 mesons will vanish.
The simplest example is the anomalous AVV vertex, for
which we thus expect the following virtual processes to
vanish:

D—pp, D—ow, A;—pow,
Q—K*p, Q—K*w, 0—K*¢ .

[Here D is the D(1285) and Q is the appropriate strange
axial-vector meson.] Complete vector-meson dominance
of the electromagnetic interaction then implies

(D —p%)=T(D—wy)=T(4,"—p%)=T(4,">wy)

4.1)

=I(Q—K*y)=0, (4.2)
as well as the vanishing of
D —y +(virtual y) ,
Doy+ptu—, (4.3)

Ay +(virtual y) ,

etc. Equation (4.3) shows that “Primakoff effect” pro-
duction of D and 4,° by an incoming photon is complete-
ly suppressed in the present approximation. The vanish-
ing of a process like D— two real photons is, of course,
guaranteed by Yang’s theorem? (which holds for either
axial or vector-meson decays). Equations (4.2) and (4.3)
amount to a kind of off-shell Yang’s theorem. Notice
that the vertices in (4.1) would be allowed if we had used
I'wz(U,Ap ,Ag) rather than T'yw, (U,A;,Ag) as our basic
anomalous term. The use of 'y reproduces the 7°—2y
theorem with vector-meson dominance and correctly nor-
malizes the rates for anomalous vector-meson decays (see
Ref. 4 and Sec. II of this paper).

Now let us consider the pure hadronic unnatural-parity
(anomalous) decays of the axial-vector mesons; these are
the analogs of w, ¢—37, and K¥*—Krmw. One’s first
thought is to look for a reaction like axial-vector
meson—two pseudoscalar mesons. However, a parity-
conserving vertex of this type is seen to vanish by partial
integration. The possibilities with three-body final states
are

D (1285)—pmm ,
E (1420)—pmrr ,
A —omT,
Q—K*mm .

At present only the first of these has been measured with
a width®
D(D—pmrr) < T(D—417)=10.41£3.9 MeV . (4.4)

(The experimental analysis is based on the assumption
that the 41 state appears as pwm.) The branching ratio
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into this mode accounts for 40% of the total width. We
shall study this particular reaction here. Note that isospin
invariance implies equal rates for the three final states
pPrta—, pta’n—, and p~7%7F. For simplicity we take
D(1285) to be the ideally mixed combination, correspond-
ing to its status as an axial .

With momenta and polarizations labeled from

Do(p)—pE (K)+7~ (g ) +7%q") , (4.5)

the general amplitude ea(D)eﬁ(p)A"ﬂ may be parame-
trized as

AP =i p qs f1+puasf2+454y f3)
+i€*"p,q, q5(q 7 )Pfa—(g%Pfs]
+i€P"p,q a3 ™) fs+ (g% f7] .

Because D —pw involves two spin-1 particles the general
amplitude is seen to contain seven different terms, in con-
trast to w— 37 which has a unique kinematical structure.
Actually f¢ and f; turn out to vanish in the present
model. The formula for the width expressed in terms of
f1—fs is given in the Appendix. As in the case of
w—3m there are both pole and contact contributions to
the amplitude (see Fig. 3). The pole pieces require the
anomalous DA 7 vertex from (1.5) as well as the ordinary
A, pm vertex of (3.10) and (A2). The contact term is ob-
tained by collecting the Dpmm pieces in I'yz using the
formula (4.18) of Ref. 4 as well as (3.4) of the present pa-
per. The resulting expression is given in the Appendix.
In Fig. 4 we plot [for m(4,)=1275 MeV and
m(A;)=1200 MeV] the numerical evaluation of
I'(D—pmm) as a function of g. The previous discussion
of the A,pm vertex showed that there were two possible
regions of g (around 7.6 and 9.6) which gave acceptable
A, widths. The lower values predicted a negligible D /S
ratio while the higher values gave a somewhat higher
D/S ratio. We see that the D—pmm calculation favors
the lower values of g. For g around 7.6 we obtain
I'(D—pmm)=~3 to 3.5. This is a little low compared to
the experimental value in (4.4) but is definitely of the
right approximate size. We remark that the contributions
from the two pole diagrams in Fig. 3 tend to interfere
with each other. Furthermore, the contact term, though
not the major piece, interferes with the sum of the two
pole diagrams. To test the stability of this calculation we
have computed with T, set to zero and T taken to be
constant determined to fit I'(4,—pm). This yielded re-
sults similar to those of Fig. 4. Notice that the predicted
value of I'(D —pm) tends to increase (in the low-g range)

(4.6)

D A ’ , D A r
m m° e m
ot
N D
-
TTO

FIG. 3. Feynman diagrams for D —p*7~7°
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FIG. 4. T'(D—pmm) plotted against g for two values of
m(A1)-

with decreasing 4; mass. This is due to the fact that the
A, pole then gets closer to the physical region. One can
imagine two ways to improve this calculation. First, one
might compute in the present framework D4 rather
that D—pwm. This seems too complicated for an initial
study of this process. Second, one might seek a systemat-
ic improvement of the present framework by including all
sources of SU(3)-symmetry breaking as well as taking into
account scalar mesons and excited pseudoscalars which
exist in the same energy range as the axials. This is also
extremely complicated to carry out reliably.

For completeness in case the mass of the 4, turns out
after all to be below 1145 MeV (the current evidence!’
favors 1275 MeV with the 1200— 1275 range perhaps ac-
ceptable) we give the formula:

2 4123
1 —Y g i qJ 4.7)
1+v | 5120°F,> '
This yields a width of about 6 MeV for m(4,)=1050
MeV.

Finally we note that the value of g which seems ap-
propriate for axial-vector-meson decays seems to be
roughly 10% lower than the best value for the vector-
meson decays. If we use the lower value, decay ampli-
tudes like vector — pseudoscalar + photon will be de-
creased by about 10% and the w— 37 amplitude by about
20%.

[(D—A,m)=

V. FURTHER DISCUSSION

We have seen in Sec. II and in Ref. 4 that the present
model gives quite a nice overall account of the unnatural-
parity decays of the low-lying vector and pseudoscalar
mesons. In order to discuss the unnatural-parity decays
of the axial-vector mesons we first demonstrated (Sec. III)
that the nonanomalous 7pA; interaction could be satisfac-
torily treated in the chiral-Lagrangian framework. Then
the anomalous process D(1285)—pmw, which is ap-
parently the only one already measured for axial-vector
mesons, was found also (Sec. IV) to be reasonably well
described. Experimental information on other decays of
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the type 4—Véed and of the predicted suppression for
electromagnetic transitions like 4—Vy would be very
helpful for further testing of this model.

An obvious theoretical improvement would be to add
new physical particles as well as SU(3)-symmetry-
breaking terms with definite chiral transformation proper-
ties. A possibly more subtle question involves the exten-
sion of the gauged Wess-Zumino term. In order to repro-
duce the 7°—2y theorem in the present framework it was
found necessary to use the Bardeen rather then the left-
right-symmetric form of the anomaly,

F;VZ( U,AL,AR)Zsz( U,AL,AR )—'sz(l,AL,AR) (5.1)

‘with U=exp(2i¢/F,) and Ty given in (4.18) of Ref. 4.
It was noted in Ref. 4 that there are two theoretical prob-
lems associated with the use of (5.1) which, it was hoped,
could be solved by introducing additional fields. The first
(and this is also a problem for the left-right-symmetric
form) is that the equations of motion imply extra con-
straints owing to the anomalies. The second is that (5.1)
is not invariant under axial transformations, although it is
invariant for vector U(3)XU(1),. Now the structure of
(5.1) strongly tempts us to make a speculative suggestion
as to how both problems may be solved at once. If the
theory contains another matrix U’'=exp(2i¢’'/F;) which
transforms like U and which corresponds to fields ¢’
which are not excited at low energies we may simply re-
place (5.1) by

Twz(U,Ar,A,)—Twa U’ A;, Ag) . (5.2)

Equation (5.2) is, by construction, fully U(3), X U(3)g in-
variant and has no anomaly, so there are no constraints on
the equations of motion. At low energies the predictions
of the present model would be unaltered.

Finally, we remark on two related reports which ap-
peared after Ref. 4 was written. Kramer, Palmer, and
Pinsky'? proposed to calculate anomalous vector-meson
decays like w— 37 without developing an effective La-
grangian which includes spin-1 particles. Their method is
based on an extrapolation of I'wz(U) using a form of
vector-meson dominance. Their prediction for I'(w— 3)
is about one third of the experimental value. However,
their main goal seems to be the evaluation to the low-
energy theorem for the anomalous part of the weak
current. Somewhat related approaches®! were proposed by
Freund and Zee and by Rudaz. Adkins and Nappi'* pro-

-
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pose a simple Lagrangian which consists of the usual
chiral SU(2) nonlinear o model to which the o particle
[treated as a chiral SU(2) singlet] is added. An anomalous
wmmT contact-interaction term with an arbitrary numeri-
cal coefficient [to be fit from I'(w—3#) is postulated.
While such a Lagrangian seems reasonable for their
purpose—setting a scale to stabilize the soliton without
using a “Skyrme term”—it gives a very unrealistic
description of low-energy meson dynamics. In the first
place it does not include the p mesons. Second, it is very
unlikely that the w— 37 decay and the associated radia-
tive processes discussed in Sec. II go mainly through a
contact term rather than a V'¥V¢ vertex (the original Gell-
Mann—Sharp—Wagner model*?). For example, one sees
experimentally® that 7’ decays to p% rather than (non-
resonant w+m7—y and that ¢—37 is dominated by
¢—mp. Also, it was noted in Ref. 4 that in a theoretical
framework which gives both the VV¢ vertex and the con-
tact Vo¢ term [and also correctly predicts (w—37)] the
contact contribution is fairly negligible. Finally, the VV¢
term is enhanced over the V¢¢pd term in the large-No
limit of QCD.
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APPENDIX

Here we give formulas relating to the calculation of the
nonanomalous p and A4; decays as well as the anomalous
D —pmm decay mode.

The p width into 27 derived from (3.8) is

2
1302
iﬂj_zg_l_gl,

mp
where q is the momentum of one pion in the p rest frame.
Note that g in (A1) is actually the renormalized quantity
g. All of the following equations are written in terms of
renormalized quantities.
Including off-shell pieces the A, (p)—p;'(k)+7%g)
amplitude in (3.10) is

L(p—mm (A1)

1
)= 127

Tyv(P)q)z‘/E[6ust(p’q)+qp.quD(p’q)+pukvR 1 +ppqu2 +qy,kvR3] ’

172 . 172
1—y 1-22 : 1+ 1-22 2
Ts(p,g)=— 1—8)k-q]— | L | | 1=22 | — 2L,
s(p,q) 11y Z°F. [my*+(1-8)k-q] 1y F. [PY F 1_y2p
1+y | [1=22 1—y | [1=22 2y
o= |1 F, “[m [zzp,, ](1_8)—F,,\/T_——'y_2’

(A2)
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R=—2 |
F‘ﬂ' 1—‘72
1—y | [1=22 2y
_’}/ —
R,= (1-8)+ )
S R ’zzf,, } F,V1—y?
172
14y 1-2z2 2y
R3= 1 F - 2 )
-7 ™ F,.,. 1—-‘}/
Only T and Tj on mass shell contribute to the following formula for the width:
2
(4 1,.)=__Lq_]__ 2T 2+L T + a 12T
1—>p 27Tm2(A1) 348 3 mp S mp lql D

The nonzero amplitudes f. . .fs for D—spmm defined in (4.6) are predicted to be

. 2 172 2 . 2
fi=— ig 1—y 2 8 ig 1—y 1
T 16m? | 14y F2 2m)? | 8cF, |14y | (p—q VP+(my+il, /2 °
ig? |1 2 2 g? ig? 1
SISl el 2 B S - Ts(p—4%¢7) ,
fr=+162 15y F,2 2m,? | 8mF, (p—q P+(m,+il /27 =¥ 11
1/2
fo=ig 1=y || 1 g
Tar? |14y F.* 2mp? ’
. 2
g 1—y 1 0, —
= T ( - ’ )’
/4 87°F, | 1+7 | (p —q°)V+(m+il 4/2) b a4
. 2
— g lj/ 1 Tr(p —q~ 0)
Is= 8w, |17y | (p—q-Prims4il /27 PP 94

Finally, the formula for the D —p*7~7° width expressed in terms of f; to f’s is (in the D rest frame):

[(D(p)—p*(g*)+7 (g7 )+7°g°)

=+T(D—pmm)
1 : A
- dE—dE°|f? |2(p-q~ ) —2mp*m,>— |+ £2% |2(p-¢®)*—2mp’m 2 —
1927r3m(D)ff [fl pq o f22 |2pq pim
2 2 0,,—32 2 4 A 1 1
+f3°(2(¢7 g7 ) —2m,"— ml T2
D mp

+fs*Alm > —(q%q ) /m 21+ £1f2[4mp°q%q~ +4(p-¢°)p-g ) +24/m ]

+f1f3[4m*p-q°+4(p-g)(g%q ) —2A/m,?]

+fof [ —4m,’p-q~ —4(p-q°)g%q ™) +2A/m,?]

2A

+ m 59 9 T f1fa+S1Ss[2A¢%q /m,2—1)]
P
2A 2A
+fof 4281 —g7q* /m )] —==4%q " fof s+
mp mp
2A

+= 5% g fafs+faf sl —28¢%q™ —2A(g g T )g%q ) /m,?] |,

P
where A= —mpXqd ~Xq *)* and fifj is an abbreviation for Re(f;f} ).

T (p —'q—aqo) 3

] +f42A[m1rz_(q_'q+)2/mp2]

(A3)

(A4)
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