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As a concrete example of SU(N) theory of grand unification, an SU(8) model which contains three
generations of light fermions and three new generations of heavy fermions (one of which lacks a
toplike quark) are presented. The model consists of 8., 28;, and 56, representations of fermions,
and it requires 63 gauge bosons with new generation vector bosons and an extra boson Z% in addi-
tion to the y, W, Z° X, and Y bosons in the standard SU(5) model. It satisfactorily embeds all
features of the SU(5) model extended to three generations of light fermions, and predicts new in-
teractions such as quantum generation dynamics, which changes generation. This interaction can
cause various mixing angles among fermions. The complete gauge interactions and the masses of
gauge bosons as well as fermions are derived. The masses of neutral vector bosons Z° and Z% are
predicted to be, by crude estimates, 92.3 > M >91.5 GeV and > 200 GeV, respectively. The mass
of Z° is practically the same as, but slightly less than, that predicted by the standard SU(2)xU(1)

model.

I. INTRODUCTION

The idea of grand unification of the strong and the elec-
troweak interactions is widely accepted as a promising
step to pursue after confidence was gained in the
SU(2) X U(1) electroweak interaction' and SU(3)° quantum
chromodynamics (QCD) through experimental verifica-
tion. The minimal gauge group that can contain
SUB)° X SU2) X U(1) is SU(5), and the SU(5) model® has
enjoyed the most favorable attention. Its simplicity and
interesting features that naturally explain charge quantiza-
tion and nucleon decay, which is being tested in recent
years, present a reasonable prototype model of grand uni-
fication theory (GUT).

The SU(5) model is essentially a one-generation (or fam-
ily) model, and the experimental observations indicate that
there exist at least two and a half generations or possibly
three generations if the generation structure repeats itself.
Since, in the standard SU(5) minimal model, the genera-
tions are put in by hand, there are no definitive intergen-
erational interactions prescribed by the theory. As more
phenomenological data concerning heavier quarks accu-
mulates, it is desirable to explain the relations among the
various fermion masses, and have intergenerational in-
teractions that can predict the transitions among various
generations and the possible mixing angles among fer-
mions in different generations.

We present here a concrete model based on 8, 28, , and
56; representations of SU(8) which contains the SU(5)
model and extends to three generations of light fermions.
It requires three additional generations of heavy fermions
(one of which lacks a toplike quark). The model predicts
generation-changing interactions and an extra neutral Z%
boson in addition to all features of the SU(5) model.

In Sec. IT we present the model based on 8; +28; +56;
representations, and the complete gauge interactions are
derived in Sec. III. Symmetry breaking and gauge-boson
masses are discussed in Sec. IV. Section V deals with the
masses of fermions, and the discussion is given in Sec. V1.

29

There are many models® that attempt to unify genera-
tions. The simple group we would like to consider in de-
tail here is SU(N). Our criteria for GUT will be the fol-
lowing. (i) The SU(N) gauge group embeds the SU(5)
model and contains a generation (G) group, i.e.,
SU(N)DSU(N —5)9xSU(5)x U(1) for generation unifi-
cation with at least three generations of 5, and 10, repre-
sentations of SU(S). (ii) All fermions belong to the small-
est number of complex, antisymmetric representations
without repetition which contain SU(3)° triplets (3), anti-
triplets (3), and singlets. (iii) The model is anomaly free.
(iv) The model is asymptotically free at high energy.

In the subgroup decomposition SU(N)DSU(N —5)¢
XSU(SFXU(1), the three lowest antisymmetric repre-
sentations contain the following representations of the
SU(N —5)¢ generation group and SU(5)F family group,
where on the left-hand side we give the dimension of the
SU(N) representations and on the right-hand side within
parentheses the dimensions of the SU(N —5)¢ and SU(5)F
representations:

O: N=(N-5,1)+(1,5),

A : iV—WT‘ll=(§(N_5>(N_6>,1)+<N_5,5>

+(1,10), (1)
B : s N(N —1)(N —2)= (£(N —5)N —6)(N —7),1)

+(5(N —5)(N —6),5)
+(N —5,10)+(1,10) .
The anomalies* 4 for these representations are
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AO)=1,
aHh=~n-4, )
A(E)=%(N—3)(N-6).

The simplest model for three generations of light fer-
mions of (5, 410, ) representations in SU(5) is the SU(8)
model® with 8, +28; +56, representations which satisfy
all the criteria mentioned above. For a concrete example,
we will pursue the details of this simplest 8; +28; + 56,
model of SU(8) multigenerational GUT. For more than
three light-fermion generations, it is a straightforward
generalization for N > 8, and a similar method can be ap-
plied.
For SU(8), Egs. (1) and (2) provide

(Z1)e; 8L =3, 1)(5)+(1,5)(—3), 4(D)=—1,
(XL )ap; 28, = (3,1)(10)+(1,T0)(—6)
+(3,52), aH=—4, 3)
()% 56, = (1,1)(—15)+(1,10)(9)
+(3,5)(=7)+(3,10)(1), A(B)zs

where the number in the second set of parentheses in each
term indicates the quantum number® for U(1),, and
a,b,c=1,2,...,8 are the SU(8) indices. The generation
antitriplet (3,5) and the generation triplet (3,10) in Eq. (3)
can be identified as the three generations of light fer-
mions, and the rest are new heavy fermions. The fact that
5 belongs to generation antitriplet while 10 belongs to gen-
eration triplet is an important ingredient in embedding the
SU(5) model extended to the three generations of light fer-
mions on an equal footing as shown in Sec. III. The fer-
mion particle assignments are given in the Appendix in
matrix form.

We note that in addition to the familiar three genera-
tions of light fermions (u;,d;,e,v.), (c;,si,1,v,), and
(ti,b;,7,v,), there are two generations of heavy fermions
(@;,d;,e, v,) and (¢;,5;,/,9,,), plus one lacking a toplike
quark, (b;,7,%,), and neutral fermions N, and Ny. In
terms of tensor notations, these fermions can be expressed
in the following manner, where SU(3) indices
a,B,y=1,2,3, SU3)° indices i,j,k =4,5,6, SU(2) indices

I,m =17,8, and SU(5) indices r,s,t =4, . . ., 8 are used:
. T
(% )a=(Nf)w (Zp)i=(b%)), (Z )= ~ ,
V.o

1
X1 )ap= 7—2"66,3,,(NL Y, (Xg ),-j = %Zeijk(ﬁL )k ,

E,
Xp)ai=—=(Dfi)ey Xp)= ,
L ‘/— Li L)al= \/f [—Va 5
1| ~EE 1 -
(XL)iI=_‘/_§ _agc| (XL )7g=—1/—§(—e1‘) R
i L

>
| oy 1 E
api__ - _aBy i apl__ - _aBy
(¢L) \/8 (DL)y: “/’L) \/-6 _»i/«c ]Ly‘r ’
() = (@), (= ek o )
\/6 L/s L '—Efc ’

(Y k= e ),

(Yo )= — = MU

’
L,a

U
ail __ 1 .
()=~ [_D,

(¢L)a78= (_EZ)a ,

V6
(d}L )aB‘)’z 71_6_€aBY(NOL) .

Here the three generations of light fermions are expressed
as generation triplets,

U; d,'
(Upida= |¢i | » (D)= |8 | >
b, bi |,
(5a)
e Ve
(Ep)g= || » WL)a= |Vu| >
T L ve |,
and for new heavy fermions,
N, d;
(NL)o= |N2 | » Dride= |57 |
N3, b; L
(5b)
e Ve
(E)a= |E | » FL)a= |Vu
7 L "71' L
are used The electric charges for (Ujq,DigyEq,Va)
are (3,—+,—1 O)e, and 51m1]arly for (i7; and &, Diq, E,,

v, N, andNo)are( ,—75,—1,0,0)e.
The 63 gauge bosons be]onging to the adjoint represen-
tation of SU(8) are

(,)5: 63=(1,1)+(8,1)+(3,5)+(3,5)+(1,24), (6)

where 38 of them are generation bosons and the rest are
the generationless bosons including the familiar 24 bosons
in the standard SU(5) model. We identify them as
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gi g gy 4, 4y 4, B' C!
gl & & 4Ai 45 A B? C?|} sup)®
gi e g 4; 43 4; B C°
\ At 4% 4% Gt 6t Gt x* Y*
(o y)g= A A5 43 G G: G X° Y3 SU@3)* , (7
A$ 45 45 GS 6 G X67 Yj SU(5)F
Bl B2 B3 X4 X5 X6 W'; W§ SU(2)
C1 C2 C3 Y4 Y5 Y6 W7 Wg
where the new vector bosons are
gg =colorless generation bosons belonging to (8,1) and (1,1),
A% =colored generation triplet bosons belonging to (3,5) ,
B, and C,=colorless generation triplet bosons belonging to (3,5) ,
G{=gluons ,
[
and others are the familiar vector bosons appearing in the GS— G 2 B 3 1 c
SU(5)F family model. 6= \/3 V30 ) V30
The traceless diagonal elements are normalized as
W= 3 B+ 3 ~1—C
= g & | 5 1 . 7_\/5 V30  2v30
81= 15 % 2v30 ¢ w3 3 3 1
Wi=——=+—=B+>—=C,
JER - v2 V30 2 V730
2__ - S = -
&= 1""15"Ve | 2 \/EC ’. and, as usual, Wi=W=*, Wi=w~—, w =(1/V2)(W!
Fiw?. In Eq. (8), B belongs to U(l)y in
3 2 5 5 1 SU(5)—SU(3)°xSU(2) X U(1)z, and C belongs to U’(1),
83=—"28 5 756C " in SU(8)—SU(3)°XSU(5)"xU'(1), in the symmetry-
breaking stages discussed in Sec. IV The electric charges
3 8 of mnew gauge bosons (g8 s W,B,m,C ) are
Gi= | S +C& |23 L, 8  (0,—,1,0)e.
V2T Ve |T V3o 2 V730
III. GAUGE INTERACTIONS
Gi—|_ G? " GPl 2 B 3.1 ¢ The relevant SU(8)-invariant gauge interaction La-
5 v2 V6 Vv'30 2v30 grangian for fermions is
|
— — 1 -
Lr=gs (F% ‘/ —= ()Y +2(X & ,,,,—‘/—i(m,,)‘:(xﬁ )P 43P ) ape == \/i ()G )% |, 9)
where g3 is the SU(8) coupling constant, and
%(d,‘)%z"’; —(1)\25esh, k=1,...,8, gt=gir*
1 i kM 121 gl 12108l gk Goyp
72(.12{“){=G 5= IN2LIBSI+ ()28, GF=G P (10)

_‘/l__(d#);n=WwTk ( )1/2 lBsm+( 2 )1/2 1 ¢8m’ k’—l 2 3 Wk Wlli',},y .

AK are 3 3 matrices and 7* are 2X2 matrices. The gauge interaction participated by the colorless octet generation bo-
sons (g,,) is, according to Eq. (9),
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k
ZLrgr)=gs | |ULg —U‘ +U2‘g UL,+Dg ——D ‘+E *g* —E+ 7% 4 —vL’

+ Ng N DLtg

] . (11)

This SU(3)%-symmetric quantum generation dynamics (QGD) is a new interaction predicted by this theory among the
different generations. It has chiral (L-R) symmetry for D;, E, and N, but not for other fermions. This interaction can
create the mixing of generations, and may be responsible for the generation-mixing angles such as the Cabibbo angle.
Since the interactions among the light-down-quark generations (D;) and the light-lepton generations (E) have the same
form, the mixing angles arising from this interaction must have the same structures except for the effects due to their
masses

The interaction due to the colored octet gluons in Eq. (9) is the chiral-symmetric and SU(3)°-symmetric QCD extended
to new particles given by

kA e kA e
U.% U +D,@ D

ZL(Gk)=gs (12)

uG"——u +ch—c +D G"—D @ ]

The first term in Eq. (12) corresponds to the standard SU(5)F part of QCD extended naturally to the three generations of
light fermions, and the second term is for the new heavy fermions.
The SU(2)-symmetric W boson interaction in Eq. (9) is given by

ia

_ = K
Di¢ +(VaEa)LWk_2—

E’a

, o ak
‘ff(Wﬁ )=8s [ (Ui Dig) W* ‘}:2—

L

=

o MK

(u,-,d;)RW 2

_|_

’C‘;’l
5

- _ , Ak
+('c;,s:->RWk"T

1

=

R

a

a

} . (13)

_ Y
+ @, WK —
R 2

by

= = K
+ (VaaEa )R Wk T L

The first term in Eq. (13) is the SU(5) model extended to the three light generations, and the second term is the predicted
new weak interactions dealing with heavy fermions. The interaction involving B, belonging to U(1)p in Eq. (9) is

& (B, =gs( )[4 (ULicBUi*+DpioeBD{*) + 5 UricB U — +DriocBDY* — EroBER — 5 (ELoBEF +V.oBVE)]

&u

+I ?(ﬁRiBﬁé+gRiBgie)+%§LiBf7fL“% iBd | —&; Be; — 5 (2R BeR +Ver BVor)
+ ¢ (CriBT R +5r:BSR) + $C1 BE L — 35BS L — i BiiL — 5 (AR Bilg +7ur BVyur)
—+b;Bb'— 1 (FB7+7.BV,)]} . (14)

The first term in Eq. (14) is the same as the one in the SU(5) model with three light generations. The second term is the
new interaction involving heavy fermions, which has the same form as the first term if L<>R, except for the interaction
involving (b, ,7,v;), which has a chiral symmetry.

The new U’(1)¢ interaction involving C,, in Eq. (9) is

L 1(Cu)=85($)" 4 ([ $(ULia€ U[*+ DLia D1*) — 5 Upia UK
— 2 Dpia DY — T ERoZER + H(ELLEf +7,,VE)]
L= S (NaC N — 3N, NE +3N o, ENop )+ 2T €T iy +dri € 7)) — 200, €T
Ay €dl —27, €8, — (TR Ceg +PrCVer) — HE R ECT Y + 50Tk ) + 35, €T
4TS 4+ 3L CH, — FrCHR + T, V) + B CE — GET+5,27)]1) . (15)
Equation (15) gives a new interaction of this SU(8) theory involving C,, which has quite similar terms for both light and

heavy fermions as in the case of the U(1)p interaction in Eq. (14) except for the coefficients. For the new interaction in-
volving the colored generation triplet bosons 4 ,, in Eq. (9), we get
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. 1 = = o~ . e ~
ff(A;;a)=g872A Gl NraV*b R +NorV*D 1o —E oy a R +Vry*d R — U Loy —E Fy*C L

+eapy(N DR —E Py UL ¥ Py*DiY + €D £y UEL)

+ " Drjay"*@ ki — ULja¥*S Lk +Drja¥"€ 1x)]+H.c. (16)

This new interaction predicted by this model contains a color-conserving but generation-changing interaction, and also
provides the interactions responsible for the transitions from heavy fermions to light fermions.
The new interaction involving the colorless generation triplet bosons B, is given by

) — ~ — V. o .
gf(B,ua)zgS_‘/——;B ALl NraV"TR +NoLV"E fat+DriaV*& R +vav*€ § + U Lv*S 1+ DpLiv*e
+€apy(N LYPERY + D Byt U + ¥ Py*EL )] + Hec. 17

This contains also color-conserving but generation-changing interactions, and predicts the heavy-to-light-fermion transi-
tions. The interaction involving the other generation triplet bosons C,,, is found to be

1 = _ _ _ o o _ .
ff(cya)=gs‘ﬁcz[ —NRaV"Vir —Nor V"V 7o+ DriaV*d R +E §av*e § — U Lov*C 1 — UpLiaV*C L
+€ap\ — NPy" + D By*DIY + E }By*EFY) ]+ H.c. : (18)

Equation (18) also contains the heavy-to-light-fermion transitions. This interaction is also color-changing and
generation-changing, and it consists of flavor-changing neutral currents.
The baryon-number- and lepton-number-violating and generation-conserving leptoquark interaction involving the
SU(5) superheavy boson X,,; is
1 =, = — = ~ = ~

L p(Xpi)=8s _\/_EX;‘{ (DpigV*ER *)+(DrigY"E( )+ DrioV"E §*+Dpiy*E £ *

+ €k [(T T " US®) + 7 FyPa k +& $y*e L 1} +H.c. 19)
Similarly, for the SU(5) superheavy boson Y,

ca

1 =i = = = ~ = ~ = ~ =~ ~
L4l Yyi):gSTZY;L{ —(DRiaV"V&) — (UpigV*Ef ®)—Dpigy"V {* — tig; V"€ § —CriV"B § —bri7"V iR
+e5[ (T Fay*DI®) +a y*d k +5#v*e 11} +H.c. (20)

Equations (19) and (20) contain the usual terms (in parentheses) in the SU(5) model extended to the three-light-fermion
generations and similar terms for heavy fermions.

Thus, the standard SU(5) model extended to the three light generations is neatly embedded in our model as shown in
Eq. (11) through Eq. (20). In addition there are new interactions involving generations and color.

IV. SYMMETRY BREAKING AND GAUGE-BOSON MASSES

The hierarchy of symmetry breaking to be considered is the following four stages:

(@5
SU(8) -— SU(3)9xSU(5)FXU'(1)c
My>My
(@)%
—  SU(3)%XSUB)*XSUR2)xU(1)z xU'(1)¢
My ~10'* Gev
(H,)®

s VSU(3)C><SU(2)><U(1)
g> e

Ha
—  SUB)xU(1). (1)
My, ~10% GeV
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The vacuum expectation value of the adjoint representa-
tion of Higgs particles {((®;)2)=v,(85—<6752) in the
first stage gives extrasuperheavy masses to gauge bosons
Apas Bua, and Cp,, and the second adjoint representation
((d>2_)ﬁ Y =v,(82 — 268162 —8.52) gives superheavy masses
to A ;m, Buas Cuas Xuq, and Y, in the second stage. In
the third stage the three different (a=1,2,3) eight-
dimensional representations ((H,)*)=(v5/V2)8} give
medium-heavy masses to 39 bosons gﬁa, Aygs Bug, and
Cua- The fourth stage gives masses to Cp,, and. 9 more
bosons Y,;, W<, and Z g due to another eight-dimensional
representation ( H®) =(v,/Vv2)84. Thus, all vector bosons
acquire masses except the octet gluons and photon (4,,).

The Lagrangian relevant to the masses of the gauge bo-
sons Aza gives their masses in the amount of

2
MA@ =22-((08) — (0)) 7, 22)

due to Higgs-scalar particles ®?, and gives masses to them
due to the vector (eight-dimensional) representations (H, )"
in the amount of

, 12

Yo

V2

The gauge bosons 42 acquire their masses due to H®, and
they are

2
83
M, (Ha)) ==

> (23)

2
Yo

8 | v
V2

> (24)

MAaBZ(Ha):

In view of Egs. (22)—(24), the masses of gauge bosons are
obtained as

2

g3 Yo
MA:-12=—2— (+v)?+(2n)+ 5 )
gs’ v |
8 0
My == |(3v)P+ )+ |5 |
g3 Ve v |
8 0 0
McazzT (%V1)2+(V2)2+ ‘-‘7—5 + —\/—i ],
2
MX2=§§8'—(1/2)2 , (25)
gs’ v |’
2__ 58 2, |20
My-——- ) (‘Vz) +|‘/§ s
2 ’
g3 Vo
M2=22 ||,
g8 = 2 [v2
g [ v |
2__58 | Y0
My == 175 | »

My 2=+([a(1+b%)++b%]
+{[a(14+b2)—Fb2%cP+ab2(1+b2)}172),

where a =My%, b=tanfy, and c = %Mgﬂ2+MW2, or
a

1499
M 2
M22= ;V 1— 1 . 2 >
cos“Ow c/a —4/sin“Oy
2 2
sin’0y My
MZZ=MZZP 1— £ y P= 2 )
4 I_P MZ COs 0W
, 12 M7’ sinfy o

Mg =—"—

8a 5 tan’Oy 4 1-p

and
M 3 =M382—2Mg52 >
M =0, M, *=0,
where

A“=sin9WW,3l+cos0WB# ,
Z,, = —cosf'(—cosOy W; +sinfy B, ) —sind'C,, ,
Z,’l::sinB’(cosOWWf,—sinOWB,,)+cost9'C# R (26)
tan@’ —(sinfy)/2 My?

anf’ = , p'= .

1/p—1 P~ My2cos,

The small mixing (0') of C, with WZ and B, can be
neglected for the case of Mg% >> My, and

1
g'=—7=(g1—83),

1
g'==(e1+8:—23),

G3=—‘/l-2—(G2—G§),

G8=%6(G1+G§—~2G2) , 27)

B=(Z)2(WI+ W —(G{+Gi+GY)],
(%)1/2C=—‘/1-5—[(W3+W§)+(G2+G§+Gg)] ,

1

ﬁ(W;—WQL

W =

In the special case of no C,,, Eq. (26) reproduces the re-
sult of the SU(5) model. The Weinberg angle in this SU(8)
model is also sin’0y, == just as the SU(5) model if the re-
normalization effects are neglected. The Z and Z’ acquire
their masses in the third and fourth stages of symmetry
breaking in Eq. (21), and MzrzMgﬁzIOZ TeV (Ref. 5) is

expected. The U(1)g, U'(1)c, and SU(2) coupling con-
stants are related by g7 =2g{ =g,tanfy,. The predictions
of Mgﬂ and M are sensitive to the values of My, and

Mz, and they are, for example, Mgﬂ=37 (218) GeV,

Mz =28 (173) GeV for UA1 (UA2) results. Here UA1 re-
sults My, =80.9 GeV, M;=95 GeV?, and UA2 results
My, =81 GeV, Mz =91.2 GeV are used. However, if we
use p=1.018+0.045 from neutrino neutral-current reac-
tions [P. Q. Hung and J. J. Sakurai, Annu. Rev. Nucl.
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Part. Sci. 31, 432 (1981)], M; =195 GeV and M, =245
GeV with large uncertainties. This is much less than the
expected ~ 10% TeV. Thus, it seems reasonable to say that
Mz and M, g are >200 GeV. Thus, more accurate data

on My, and M, are needed to predict reliable values for
Mxﬁ and M in this theory. In the limit of Mgg >>My,,

we recover the results of SU(2) X U(1) theory. In Eq. (25),
M is practically the same as the SU(2) X U(1) result. In
any case this SU(8) theory predicts, by crude estimates,
the 92.3 GeV >Mz >91.5 GeV (Ref. 6) when the experi-
mental values sin20y,=0.229+40.009 (Ref. 3) and
My =81 GeV (Ref. 7) and M B2 >245 GeV are used.

Thus, the expenmental test of the masses of gB and Z,

are important tests® of the present SU(8) theory in the fu-
ture. The mass relations among vector bosons are, by Eq.
(25),

MCGZZMBC‘Z +MW2 ,

M, *=Mpg *+3My* ,

MY2=MX2+MW2 .

The mass of the colorless generation boson octet, My
(k'=1,...,8),is expected to be ~10% TeV (Ref. 5) from
the limit set by the u—e decay. Thus, the generation
group SUB3)% is a broken symmetry. The masses of the
extrasuperheavy bosons 4,4, B,,4, and C,,, are expected to
be greater than the superheavy bosons X,; and Y,,; (~10"
GeV) in the SU(5) model. The running coupling constants
g2, g5, and g§ associated with the groups SU(2), SUR)C,
and SUQB)C are g,=g5=g5=gs=(+)""% at the SU(8)-
symmetry level by Eqgs. (11)—(13)

V. FERMION MASSES

The Yukawa interaction relevant to the masses of the
fermions D® and E® is of the form ffgL X f's6, X Pg,

Jﬂbzg =7 28€abcdefgh ( 17’ 52 )abc( ¢L )def( <I)28 )gh +H.c.
= —61’587’28[%57/( U % U -0
Thus, the masses of §and I are

m (5;)=m (i) =6v,*Y 15 ,

UP)+(—D 4,55 +5r:D Ly_ERy.u'L +AFE
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L o= 75X &) aﬁ(lﬁL)”g(‘Dg)gs-l-H-C-

78[ (DRIGDL +E l_,*-a)

1
[

+Nvi.]+H.c. , (29)

where <<I> )yg——(Vg)SB, and the rest of the antitriplet
Higgs scalars <‘D§>Z g are zero. Equation (29) gives masses
to the light-down-quark triplet D* and the light-lepton
triplet E,

m (D) =m (E%) = (30)

1
V3 e
and the off-diagonal mass term for N® and ¥*. The in-
teraction of the form fz Xfss, X P55 gives masses to

the heavy quark d and the heavy lepton & as well as the
off-diagonal mass term for v*, N, and others. We have

L o =716X %) (W) N L)y + Hec.

216
1 o =~
= [T/_—:’T % Yfﬁ[ (dRiD 1La+e I—!j-Ez-a)
+V%oeNoL]+H.c. , 31
where (¢%)gy=eﬂyav%. The masses of d and € are
~ —~ 1
m(d;)=m (@)= eV 76 - (32)

The interaction of the form of fs6, X Ss6, X Pog gives

masses to the heavy quark § and the heavy lepton & as
well as some off- diagonal mass terms for heavy leptons
and generation-mixing off-diagonal mass terms for the
generation triplet U? and others:

where ( ®,3)"8=1%;. The mass for &; is given by f s6, X Ss6, X Pazo,

L fo,,, =" 420€abedeghn’ (P R
with the mass
m (€;)=12v450Y 420 »

where (@450) 877 =€y,
The mass for @ is acquired by f° 7, X f 735, X D4,

L f0,0="70X & )ab (X )ea { @70) ¥+ H.c. = — vy 10(& RiT 3 +

where { ®0)7%7=€Y%y.,. The mass for 77 is

¢ yabe( L ydef( D40 )g.hh' = 12\/420‘}/420(?

i) ]1+H.c. (33)

(34)

¢l 4%l ) +H.c (35)
(36)

N%vi)+H.c. , (37)
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m (i) =v10Y70 »

(38)

and there is an off-diagonal mass term. The mass for N is given by f§L Xf 38, X Dsg,

ff‘l’sﬁz -756(-@_% Ja(X L )bc<q)56>abc+H.c.

= — V256l V56N raNF —Vi6) (€*PYNroNp g+ g N] )1+ H.c. , (39)

where ( ®s6)PY =€ vs6 and ( Psg )PP = e“ﬁyvgw. Thus, the mass for N¢ is

m(N*)=V2vseyse ,

and there are generation-changing off-diagonal mass terms.

(40)

As for b, 7, and ¥,, the interaction by f§, X fs, X Pz is involved, and

Z por=— 15T R)alr )P @l +Hec.

= _(%)I/ZYﬁ[Vtzz—g(gRibvia'*";;_fz—a‘*‘%iRvia+NRaNOL)+Vﬁa(gRiD£a+;r;I—$—ElTa+6aBYﬁRBF‘72y)] +H.c. (41)

with (Pl )ap=¢€apyVis and ( L) ps=va g This gives
masses for b, 7, and ¥, as

mB)=mF=m@)=(3)"""vyx 42)

and other off-diagonal mass terms. Similarly f: g, X [ 8,
X P,z gives some off-diagonal mass terms such as

Lio,,=—Vs(ZR)a(Z L) Pos)®
=— 72l V3(¥ 5, Nf o — NraVrr)

+V280€*PY NrpgNr o]+ H.c. , (43)

where (ng)aﬁ-: é'aﬁy‘Vzgy and (q)zg)as:\/gg.

In view of Egs. (29)—(43), it is possible that all heavy
fermions acquire heavier masses (possibly ~ TeV) than
light fermions. The SU(S) mass relations for light genera-
tions are given in Eq. (30), and there is no mass for U® for
light generations unless perhaps we go to a higher-
dimensional representation or higher orders.

VI. DISCUSSION

We discussed a model of grand unification based on the
representations of 8;, 28, , and 56; as a concrete example
of SU(N) theory. This model contains three generations
of light fermions, three generations of heavy fermions (one
of which lacks a toplike quark), and neutral fermions. It
was shown that this theory reproduces the features of the
standard SU(S) model with the extensions to the three gen-
erations of light fermions such as the gauge interactions,
the masses of gauge vector bosons and fermions, and the
Weinberg angle. sin’0y (My ) in this model is the same as
in the SU(5) model, since there are no extra light fermions
and no additional light Higgs bosons. The values of
sin’@y (M) increases by ~0.0015 for an additional light

|
Higgs doublet according to Marciano.® Since the coupling
constants gg and gs are the same in the SU(8) limit, the
SU(8) unification scale M4~My. The mass of My (there-
fore proton lifetime) will be increased due to the addition-
al heavy fermions. This may be a blessing to overcome
the apparent difficulties of the SU(5) prediction of proton
lifetime. In addition to the embedding of the SU(5) model
in this theory, naturally extended to the three light genera-
tions, it contains and predicts new interactions such as a
generation-changing interaction (QGD) which may be re-
lated to the mixing angles of fermions like the Cabibbo
angle and more generalized mixing angles among various
particles. There are also interactions that connect the new
heavy fermions and the light fermions. The branching ra-
tios of the rare processes due to this interaction are depen-
dent on the mixing angles among the fermion generations.
The rich structure of the new interaction presented by this
theory, the renormalization effects, and the details of
asymptotic freedom are worth further continued investi-
gation. Work is underway along these lines. The first
step for this SU(8) theory to confront with experiment is
to check the mass of the vector boson Z° which is predict-
ed to be 92.3>M; >91.5 GeV, somewhat less than that
predicted by the SU(2) X U(1) model, and also the mass of
the vector boson Z%, which is expected to be ~ 10? TeV
but as small as >200 GeV. Similar methods can be ap-
plied to general SU(N) theory.
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APPENDIX

The fermion particle assignments are shown below in
matrix form. The representation of 56; in Eq. (A3) is
symbolic in nature for convenience.
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