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We show that for theoretical as well as phenomenological reasons the baryon magnetic
moments that fulfill simple group transformation properties should be taken in intrinsic
rather than nuclear magnetons. A fit of the recent experimental data to the reduced ma-
trix elements of the usual octet electromagnetic current is still not good, and in order to
obtain acceptable agreement, one has to add correction terms to the octet current. We
have tested two kinds of corrections: U-spin-scalar terms, which are singled out by the
model-independent algebraic properties of the hadron electromagnetic current, and octet
U-spin vectors, which could come from quark-mass breaking in a nonrelativistic quark
model. We find that the U-spin-scalar terms are more important than the U-spin vectors
for various levels of demanded theoretical accuracy.

I. INTRODUCTION

Hyperon magnetic moments have been measured
recently to such a precision' > that they can be
used for testing theoretical ideas that describe fine-
structure effects for the hadrons. Such fine-
structure effects come from (1) the mass differences
in the multiplets and (2) the admixture of other
multiplets with the usual octet currents.

The assumption that the magnetic moments in
nuclear magnetons behave like a U-spin-scalar
SU(3)-octet operator was rather ad hoc and the
resulting Coleman-Glashow* relations were already
shown by earlier experiments to be too inaccurate.
Symmetry-breaking effects were then called upon
in two ways: (1) by taking into consideration
quark-mass scale factors® and (2) by taking into
consideration hadron-mass scale factors.® The
former, whose predictions are identical to those of
the bag model,” had to be generalized® by taking
not only §=m,, /mg but also A=m, /my as a free
parameter which is determined by the fit to the ex-
perimental values for the hyperon magnetic mo-
ments. Such a fit in terms of the quark masses
my,, mg, and m, can also be viewed as a fit in
terms of the reduced matrix elements of an SU(3)
magnetic-moment operator that transforms like the
sum of a U-spin-scalar SU(3)-octet operator, a U-
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spin-vector SU(3)-octet operator, and an SU(3)-
scalar operator.® Expressed in terms of currents,
the quark model therefore shows that the elec-
tromagnetic current V;I (0) contains in addition to
the Gell-Mann — Nishijima current

L 1
VN (0)= V' 0+ = Vi) (1.1)
other SU(3)-tensor operators VL] =14 Vﬁ. This
means that quark-mass scale factors for the baryon
magnetic moments do not describe symmetry-
breaking effects that are expressible by the differ-
ences in the hadron masses, but indicate the ex-
istence of unusual operators in the electromagnetic
current. Fits using these three parameters were ac-
ceptable,® especially if in addition a phenomeno-
logical hadron-mass scale factor was admitted.'”
Fits using only the usual octet and an SU(3) scalar
had not given satisfactory agreement, even with a
hadron-mass scale factor,® thus at least one more
term was needed. However U-spin vectors in the
electromagnetic current are theoretically dis-
favored, as we explain in Sec. IV. Now the new
experimental value® for pzo shows that they are
also phenomenologically disfavored.

We will, in Sec. III, consider in addition to the
U-spin-vector SU(3)-octet and SU(3)-scalar opera-
tors other U-spin scalars and U-spin vectors.!!"!?
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We will see that phenomenologically all these
operators are equally important [(5—10)% of the
usual octet operator]. We will then for theoretical
reasons—explained in Sec. IV—restrict ourselves to
U-spin scalars only and give in Sec. VI various fits
with different hadron-mass scale factors.
Hadron-mass scale factors are to describe devia-
tions from SU(3) symmetry. They arise naturally
in the framework in which SU(3) is considered as a
spectrum-generating group.!> The most prominent
problem connected with the hadron-mass scale fac-
tors is the question of whether the magnetic mo-
ments should be taken in nuclear magnetons or in
intrinsic magnetons.!! We will show in Sec. V that
the SU(3) property of the electromagnetic current
operator favors the intrinsic magnetons, and that in
the spectrum-generating group (SG) approach it
follows unambiguously from the assumed transfor-
mation property of the electromagnetic current that
m g, (the magnetic moments in intrinsic magne-
tons) and not u, (the magnetic moments in nuclear
magnetons) is given by the group transformation
property. This has already been pointed out for
the SG approach in Ref. 6. It has recently also
been suggested in a different context by Oneda
et al.'* and by Lipkin'> and Tomozawa® for the
quark model. Although in terms of currents in-
trinsic magnetons appear as the natural units, for
the nonrelativistic quark model nuclear magnetons
appear more natural. We will see from fits of Sec.
V that phenomenology with the new experimental
data definitely favors the choice of intrinsic magne-
tons.

II. QUARK MODEL

In the additive quark model,'® the magnetic mo-
ment of baryon «a is

'u'a:<a’s3:%|2#q03|a’s3:%>7 (2.1
q

where |a,s;) is the SU(6) baryon state vector, 0§
is the Pauli matrix for quark ¢, and p, is the
quark magnetic moment, which is taken to be

Mg =8q¢q/4my , (2.2)

where g,, e,, and m, are the gyromagnetic ratio,
charge, and mass parameter for the quark gq. If a
fit to the data is made using (2.1) and (2.2), the fit
parameters are g,/m,. As long as the quark
masses are not compared to the masses obtained
from other calculations, one cannot determine the

gyromagnetic ratios. Nevertheless, it is commonly
assumed that quarks are Dirac particles,’ so we
will set g, =2. The quark magnetic moment can
also be written as an operator in terms of A ma-
trices,?

ﬁza)t3+bkg+cko . (23)

It is clearly the sum of an SU(3) scalar, an octet
U-spin scalar, and an octet U-spin vector. The
three parameters a, b, and ¢ can be related to the
quark masses m,, my, and m; [cf. Eq. (3.4)].

Although (2.1) appears unambiguous, it is still
an open question whether the quark-mass parame-
ters define a unique mass scale, or whether they
somehow depend upon the baryon containing them.
It has therefore been suggested that the formulas
resulting from (2.1) should be multiplied by
my,/my, where m, is the mass of baryon a, in or-
der to take the baryon mass scale into account.?
That is, one interprets the quark-model predictions
as being in intrinsic magnetons rather than nuclear
magnetons. On the other hand, the baryon masses
are supposed to be derivable from the quark masses
and their interactions,’ so this prescription
amounts to assuming a more complicated form for
the quark magnetic-moment operator. Rather than
obscurely using two mass scales and a simple mo-
ment operator, we prefer to use an unambiguous
mass scale and investigate the complications to the
magnetic-moment operator. This is what we do in
the following section.

The formulas (2.1) and (2.2) have been tested in
a. X’ fit to the data with the three parameters m,,
my, and m,.° The fits were found to be rather
poor. The use of the new Z° and =~ data only
changes the fitted values slightly, but it does in-
crease the X? considerably.

The quark-model predictions can undoubtedly be
improved by taking various corrections into ac-
count, such as radiative corrections, relativistic ef-
fects or configuration mixing. Although a lot of
work has been done on this problem, the results
have been only modest improvements in the fits.!”

III. EXPANSION OF THE MAGNETIC
MOMENT INTO SU(3) TENSORS

In this section we will assume that the magnetic
moment is a sum of terms which have definite
transformation properties with respect to SU(3).
We will see in the next section that these properties
can be related to the properties of the electromag-
netic current operator. In the previous section we
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already explained that the quark model singles out
two terms in addition to the usual octet. To check
whether the experimental data would also single
out a particular set of tensors, we expand the mo-
ments in terms of a complete set of SU(3) tensors
having Y =13=0 (U3 =Q =0) and well-defined U-
spin properties.!"1> We assume that the baryons
correspond to pure SU(3)-octet states, so the
magnetic-moment operator can be expanded in
terms of the Clebsch-Gordan series for 8 X 8:

p=pt+pt+ps et p® (3.1)
If u is to have a definite Hermiticity property, ,ul(‘)
and um cannot be independent. We therefore only
consider the combination 10+ 10. The Clebsch-
Gordan coefficients C{‘-,(a',a) of these operators are
shown in Table I. They are labeled according to
the representation A (including symmetry, e.g., 8F
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or 8D), total U spin U (U3 =Q =0) and baryon
states a, a’. They have been given a consistent
normalization because we want to be able to judge
the relative importance of the various parameters.'?
The octet U =0 coefficients in Table I agree with
those in Ref. 6 up to a multiplicative factor of
—1/V6. The parameters of the expansion

nucmag __ mP

a

B
SabChla,a)
AU

(3.2)

a

1 8F 8D 8F 8D
are the scalar ay, the octet ag’, ag , ay , and ay’,

the decuplet a {2" =(1/v2)(a!® 449 and the 27-
plet a(z,l, a%l, and a§—7. The mass factor in (3.2) has
been inserted to fix the scale. By definition, u, is
in nuclear magnetons, so =0 if the SU(3) predic-
tions are in nuclear magnetons, and =1 if the
magnetic moments in intrinsic magnetons are given

TABLE 1. Clebsch-Gordan coefficients C(a,a’ ).

A 1 8F 8D 8F 8D 10+10 27 27 27
a@ \U 0 0 0 1 1 1 0 1 2
‘/___ 172 6 172 2 3 172 )
e e g A5 7 0
n 1 0 _awio —’m 0 =2 - 0 2
5 3 V3 V15 V3
K 1 . VB . 6 172 . B i}1/2 s A
5 5 5 V3
o 1 s Vo 2J1/2 6 12 o 3 172 . .
' 5 3 5 V3 5 V3
21 0 vio 0 6 |” 0 =7 3 L
5 5 V15 Vs V3
J— 172 172 172
SRR R I Tt I S
= 0 Cwi 2] 0 2 L 0 2
- 5 3 Vv V15 V3
_ 1 s Vo g]l/z 6 172 o 3 172 o .
B 5 3 5 V3 5 V5
A 0 0 6 |” 0 3]1/2 0 =2 Ii]m 1
5 5 V5 5
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by the group transformation property.
The broken quark model'® is expressed in terms
of formula (3.2) by the conditions =0,

alt =¥ ¥ _q¥—0 (3.3a)
and
8D 8D
ag aiy \/3
TZFZ_T' (3.3b)
ap aj

This is a special case of what Dothan calls a linear

: 12 1 8F
symmetric model.'“ The three parameters ag, ag ,
and a%F can be related to the quark magnetic mo-
ments u,,, g, and pg as follows:

,u,,:aé—\/iagF,
1, 1 g V6
#d=06+7706 -TG%F, (3.4)
1, 1 s V6 g
Hs=ao+7=a0 +Ta%P .

We have inverted Eq. (3.2), using the Clebsch-
Gordan coefficients of Table I, the experimental
values from Table III, and the assumption

B { B
“20:5‘ /"’2++

B
[

m Mgy my_

P

20
mp

P
(3.5)

to estimate the value for ugo. The results are

shown in Table II. We see that the octet U =0
components dominate, as expected, but among the
others no one is dominant. To see if certain coeffi-
cients could be forced to vanish by varying the ex-
perimental values within reasonable limits, we have

TABLE II. The expansion coefficients of Eq. (3.2)
obtained from the experimental values of p, of Table
III. The nuclear-magneton values are obtained with
B=0 and the intrinsic-magneton values with S=1.

Nuclear magnetons Intrinsic magnetons

as —0.04 —0.12
alf ~1.29 —152
ad? 1.32 1.53
a¥f 0.16 0.12
a¥P —0.29 ~0.25
ai?t 0.07 —0.11
a§ —0.06 —0.16
a¥ —0.05 ~0.15
a? 0.10 0.15

also made plots of the coefficients as a function of
a given moment. Typical such plots with B=1 are
shown in Fig. 1 for py, -and in Fig. 2 for My be-
cause their experimental values have the largest er-
ror and are most likely to change. From Fig. 1 we
see that we could make the 27-plet terms small by
shifting 50, about two standard deviations lower,
but that other contributions would still be different
from zero. From Fig. 2 we see that a lower abso-
lute value for £~ would also be theoretically pre-
ferred, a conclusion which we will also reach from
our X? fits in Sec. VI. Owing to lack of space, we
cannot reprint all of the plots here. It is clear,
though, that the experimental values do not select
any particular one or two of the additional tensor
operators, say e.g., the scalar or U =0 27-plet or
the U=1 octet. The plots do not show whether
any parameters vanish when several experimental
values are varied. The X? fits described in Sec. VI
are better for this purpose.

We note also that the values in Table II are in
disagreement with a constant D /F ratio [see Eq.
(3.3)] which we would expect to hold in a quark
model.® 12

IV. THE SU(3)-TENSOR PROPERTY
OF THE ELECTROMAGNETIC CURRENT

Since the present experimental values do not
favor any one or two of the additional SU(3) ten-
sors and the usual U =0 octet term is not sufficient
to fit the experimental moments, we have to rely

I
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FIG. 1. Plots of the expansion parameters of Eq.
(3.2) as functions of the =-A moment for f=1. The Z-
A moment is in nuclear magnetons (uy) and the param-
eters are in intrinsic magnetons.



26 FITS OF THE BARYON MAGNETIC MOMENTS TO THE . .. 1107

PARAMETER

¥~ MOMENT (g, )

FIG. 2. Plots of the expansion parameters of Eq.
(3.2) as functions of the 3~ moment for f=1. The =~
moment is in nuclear magnetons (uy) and the parame-
ters in intrinsic magnetons.

on theoretical arguments to eliminate some of these
seven SU(3) tensors. Basing our arguments on the
properties of the electromagnetic current operator,
we will see that the U-spin scalars are the theoreti-
cally preferred SU(3) tensors and that the elec-
tromagnetic current is given by

V3(0)=V,?MN(0>+V;(0>+ v.l0), @

where Vu N'is given by (1.1), V,, is the SU(3)
scalar, and V 27 is a U-spin- sca]ar SU(3)-27-plet
current operator

5 (27)1=Z,I3=0,Y=0 QNI =0,13=0,Y=0
+
® Vs H ©

(271 =0,1,=0,Y=0
1 : . 42)

The charges are already given by VGMN there-
fore, any term in addition to ¥, GMN in Vel must be
a purely magnetic operator. Thus its electrlc
charge matrix elements (i.e., the diagonal matrix
elements between meson states and the form factors
multiplying v, for the baryon states) must be zero.
A purely magnetic SU(3)-scalar operator V), of this
kind has already been introduced.'®® By the same
arguments as in Ref. 18 we will now see that also
the diagonal matrix elements of VL”’ between the
meson states, which contribute to the charges, are
zero:

(M |V IM)y=0. 4.3)

If Ve] is to have a definite charge-con_]ugatlon
property, U, VelU = Ve' 27) must also fulfill

U:VLZHU‘.:‘“ V;_LZ-” . (44)

Taking the diagonal matrix elements of this be-
tween meson states with charge-conjugation parity
Cyr, we have

(M| V] My=—(M |V} |M)CyCy ,
4.5)

where M and M represent the quantum numbers of
the meson and its antiparticle, respectively. On the
other hand, from the SU(3) transformation proper-

ty of V;‘”’ it follows that

(M |V MY=(M |V | M) (4.6)

so that (4.3) follows.
Suppose we t?/ to introduce any U-spin-vector

operator V . It is easy to see that this
could contrlbute to the meson charges, by consider-
ing K® and K°. These are not only charge conju-
gates of each other, but also the U;=1 and
U;=—1 members of a U-spin triplet, respectively.
It then follows from the Wigner-Eckart theorem
and Clebsch-Gordan coefficients for U-spm SU((2)
that

U=I,U3=0

(K| v U=1,U,=0
©

1K%Y =—(R°| v, "7 ROy,
@

so that Eq. (4.6) does not hold and therefore its
charge matrix elements need not be zero. It could
also not contribute because of (4.7) to the magnetic
transitions of vector mesons.

Of course, we could introduce a U-spin vector
anyway, and just force its meson reduced matrix
elements to vanish. For an SU(3)-octet U-spin vec-
tor, this would mean introducing a second octet of
operators. To see this, assume that the U-spin
scalar and U-spin-vector SU(3)-octet operators are
in the same octet. Then the current operator
would be

el 0 1
V#:VZ+73VZ
_+_a/ v _ 1 V1r0 +Vadd
M \/3 © I

— add
—av? +b‘/_ e gt

where Vzdd contains the additional SU(3)-tensor
operators. One can show that the matrix elements

of a'[ V)] —( 1/\/§)V,’IO] + Vzdd can in general not
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be zero if the matrix elements of VZO—H 1/ \/§)VZ
are to be proportional to the charges. Thus a U-
spin-vector SU(3)-octet operator is only possible if
one introduces a second octet of currents, which is
an unattractive theoretical feature. (We remark
that in the mass-broken quark modet® !¢ the
magnetic-moment operator contains a U-spin vec-
tor, so the corresponding electromagnetic current
must contain two different octets of operators. In
the quark model this is not surprising, since the
quark moments are built up out of the quark-
charge operator and the quark-mass operator.)

Summarizing, we have seen that the U =1
current operators have unattractive features, so that
we exclude them. The U =2 currents cannot be
excluded by these arguments, but we have made
fits including them and found that their contribu-
tions are still smaller than those of the U =0 27-
plet and scalar operators and that they do not sig-
nificantly improve the fits. We shall therefore take
for the electromagnetic current the SU(3) tensor
with U =0 given by (4.1).

V. HADRON-MASS SCALE FACTORS
FOR p, AND THE SG APPROACH

In this section we will discuss the origin of
hadron-mass scale factors, in particular those of
the form (m, /m,)P and of these in particular the

(p'e’ | VE0)|ap) =3 Cly;a,a)p’| [V 0)]|p) =3 C(y;a,e')i,
Y

Y

where (p’||V'?(0)||p) are the reduced matrix ele-
ments and ;" are their form factors. The
Clebsch Gordan (CG) coefﬁc1ents Cly;a,a’)
_CU(a ') and the f;7 are summed over all ¥
that occur in Vfr We abbreviate y=(1,U =0) by
S, y=(8F,U =0) by F, y=(8D,U =0) by D, and
v=(27,U =0) by T. Comparison of (5.1) and (5.3)
shows that

F=3Clpaalfi’, i=1,2, (5.4)
14

so that we obtain for the magnetic moment (5.2)

e
2mp

a5 St [77 7).

2ma

Thus (m,u,) is given by the group transformation

one for B=1, which is the one required when the
magnetic moments in intrinsic magnetons are given
by the group transformation property. We will
justify the factor m, /m, in two ways: the first
uses the conventional formalism for the elec-
tromagnetic current and is, therefore, suggestive
but not unambiguous'’; the second uses the SG ap-
proach and is totally unambiguous.

The matrix element of the electromagnetic
current operator is usually written as

(p'a| Vf}(O) |ap)

uqs(p), 5.1

Ta f .
) fl?’y,+ mqvla'uv

where a stands for (II3Y - - - ) and labels the
baryon. The magnetic moment of the baryon a is
usually written as (e /2m,, )Ju, where u, is the value
of the magnetic moment in units of proton magne-
tons and m,, is the proton mass. Expressed in
terms of the conventional form factors the magnet-
ic moment is given in terms of the charge e/ and
anomalous magnetic moment ef$ 2 /2m, by

e

Hoe=

f‘1’+f‘z’] : (5.2)

2m, 2m,

From the SU(3) transformation property (4.1) of
Vf,1 it follows by the use of the Wigner-Eckart
theorem that

)
f2 qvia
2m, M

N v+ ug, (5.3

property, i.e., expressed in terms of products of CG
coefficients and reduced matrix elements. The
above arguments, however, do not constitute a
derivation of (5.5) because there i 1s no reason to dis-
tinguish the form factors f, or f, . Instead of the
dimensionless f » one could, e.g., have used
fi= 2= (f$/2m,) and compared the factors of y, and
q U,W in (5.1) and (5.3) instead of the factors of y,
and ¢ cr,w (g¥/mjo,,. This ambiguity is re-
moved in the SG approach, from which it follows
indeed that (m,u,) is given in terms of products of
CG coefficients and reduced matrix elements, as we
shall show now.

The SG approach!® uses as one of its basic as-
sumptions the Werle relation

[P,.SUB3)g]=0, B,=P,M~". (5.6)
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Therefore, the four-velocities p, = p;f” /m, but not
the momenta are invariants of the group SU(3)g,
which is taken as the group that classifies the had-
rons. With this assumption the effects of the mass
differences due to the “SU(3)-symmetry breaking”
can be precisely taken into account. Therefore, in-
stead of the usual vector (and axial-vector) currents
VB (0) which have the dimension of (length) ™3
(mass)3 the SG approach uses the dlmensmnless
transition operators Vﬁ (“generalized currents”)
which transform like components of SU(3)g-tensor
operators.!® The physical current or physical tran-
sition operator J,, is then constructed from these
SU(3)g-tensor operators and the mass operator.

An ansatz of this kind for the weak hadronic
current has recently been tested for the semilepton-
ic decay of baryons.”® For the electromagnetic

|

transition operator (and also for the electromagnet-
ic current) this ansatz reads

Ji= Vi +A4,[M,[M,V;]]
+ A, [M,[M,[M,[M, V1111, (5.7)

where — in analogy to (4.1) —
Vi=vVi"™ v+ v, (5.8)

is the electromagnetic component of a dimension-
less SU(3)g-tensor operator. 4 and 4, are SU(3)-
invariant phenomenological parameters.?’

Under assumption (5.6) one considers the matrix
elements of the transition operators Vﬁ between

generalized velocity eigenvectors | ap) and obtains
from the Wigner-Eckart theorem

a| Vﬁ lap)=Jcly;a,a’){p’ ]|V;]’)Hﬁ)-_—zc(y;a,a )it |F{V Yut+F "’q"la,“,]u , (5.9)

veB veB

where §"=p'"/m , —p*/m is the SUQ3)-
invariant velocity transfer. Both sides of the above
equatlons contain only dimensionless quantities;

||V(") ||p) are the proper [SU 3)- 1nvar1ant] re-
duced matrix elements and F\"(§%), F"(§?) are
the dimensionless form factors which are proper
SU(3) invariants in contrast to the form factors f;
n (5.3).

The connection between the SU(3)-invariant
form factors F;” and the conventional form factors
can be obtained by calculating physical quantities
like cross sections or decay rates in terms of the
new F;" using the dimensionless velocity basis vec-
tors and dimensionless transition operators, and
comparing them with the same quantities in terms
of the conventional form factors. The result of
such a procedure is given, e.g., in Eq. (18) of Ref.
20. Specialized to our f*=f$% and £ /2m

=f9°" Eq. (18) of Ref. 20 reads [the V2 comes
from the normalization F{"(0)=1]

Vafi= 3 CraaF?,

7y

y=F,D,S,T
~ (5.10)
f )
V2 = 2 Cly;a,a)F3'—
2Ma DT Mma
which are valid for
Jel Ve] VGMN + + V(27) (5‘1 1)

“and also for Jf} given by (5.7).

I

Inserting (5.10) into (5.2) we obtain for the mag-
netic moments

1

e
— 3 C(y;a,a) [F‘V’ +2F% ]72

2m, Ha= 2ma

(5.12)

In contrast to (5.5), which was obtained by sugges-
tive arguments but not by a proper derivation,'!
(5.12) is an unambiguous consequence of the basw
assumptions of the SG approach. The F,"(§?%), in
contrast to the f;7(g?), are proper [i.e., SU3)g-
invariant] reduced matrix elements which depend
upon the SU(3)g-invariant velocity transfer
squared. Equation (5.12) says that the magnetic
moments in intrinsic magnetons, mqU,, are given
by the SU(3) properties. Thus the assumption of a
well-defined tensor character for the electromag-
netic current Vz'(O) or the electromagnetic transi-
tion operator Vf,l leads in the SG approach to a
well defined tensor character of mu,. If one con-
siders the currents as the fundamental quantities,
then there is no reason [except for historical
reasons from the time when the mass differences
were ignored, in which case y, and m pu,=mpu,
have the same SU(3) property] for the belief that
1 should have a definite SU(3)-tensor character.
This is still the case if the electromagnetic current
Jf}(O) (or J;‘) is given by expressions like (5.7), only
the off-diagonal matrix elements, i.e., the transition



1110

magnetic moment, will be given by more compli-
cated expressions (see below). It can of course be
that the physical transition operator J, o s given by
a still more complicated function of Ve and M
than (5.7), in which case the u,~ (l/m )X CG
coefficient need not hold.

The relations between the usual dimensional
currents J e](0) V"“( 0) and the dimensionless tran-
sition operators T ¢ Vex are given by?!

Jp(0) = M*2IgM* 2
1 32yelag3/2
Vip(0) e M2V M™%

(5.13)

The relations between the conventional momentum
eigenvectors normalized by

2E 3,
(p'|p)="=8P-1")
m

and the velocity eigenvectors normalized SU(3)
invariantly,

7 Py =228 [L—L,I :
m m m
are given by

1 ~
lap) <= ——7 |ap) . (5.14)

Using SU(3) as a spectrum-generating group thus
means to work with quantities of dimensionality
mass’ (automodelity principle).?> Whereas VZ1 and

|ap) are well-defined quantities in the SG ap-
proach, the Ve’(O) and |ap) may not be well de-
fined. As Ve have well-defined SU(3); transfor-
mation propertles, V4(0), having dimension
(mass)®, cannot be a simple SU(3)-tensor operator
if M is not taken to be an SU(3) scalar. Using
(5.13) and (5.14), (5.10) is immediately obtained by
comparing (5.1) and (5.9).

¢20A 2m gom 5 T/E _\/5

nuc mag
30A

d+

(in the normalization of Ref. 18) where, for the
current (5.7), o, is given by [cf. Eq. (16) of Ref.
20]

qsz()A:‘I_"4l(rnz()'_‘rn/\)2_{'_‘42(’”20"'rnA)4 .

(5.19)

#50,=1 if the phsical current is given by the
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As £ must be proportional to the electric
charge, i.e., proportional to C(F;a,a), one must
have

FiP' =0 FS

=0, F{7 (5.15)

(Vy, and V;f” are purely magnetic). We therefore
write (5.12) as

B

La= [C(F;a,a)f+C(D;a,a)d

a

+s+C(T;a,alt], (5.16)

where =1 under the above-described conditions
[i.e., if the electromagnetic current is given by an
expression like (5.7)] and where f,d,s,t,

V2f=F" 4 2FF d=v2FP

(5.17
s=2F, t=2F", )

are the reduced matrix elements to be fitted from
the experimental data. In some of the fits B will be
treated as a free parameter to check for possible de-
viations from the form (5.7) for the electromagnetic
current operator. 3=0 corresponds to the case—
which had erroneously been considered the case of
SU(3) symmetry—wherein the magnetic moments
in nuclear magnetons are given by the group
transformation property.

For the transition magnetic moment pi,,, off-

diagonal matrix elements of the electromagnetic
current enter and the mass differences give rise to
more complicated expressions. Using Eq. (18) of
Ref. 18 and the well-known connection between the
transition magnetic moment in nuclear magnetons

1136,™€ and the usual form factors f° A (Ref. 23)
one obtains
2 1 2m,
‘ (5.18)
\/3 VIS | mgotmy

SU(3)g-tensor current T (0)=V;(0); $s0, =0.838
if one uses the parameters 4; and 4, obtained
from the fit of the semileptonic decay data.”’ For-
tunately the experimental errors for Hso, are much
larger than for the magnetic moments so that our
uncertainty about the value for $s0, is not crucial
for the fit. The second factor on the right-hand
side of (5.18) comes from Eq. (18) of Ref. 20 and
the last factor on the right-hand side of (5.18) is
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due to the conversion from 4, (in intrinsic mag-

nuc mag

505 (in proton magnetons).

netons) to p

VI. DISCUSSION OF THE FITS

We have made several fits to the data, as shown
in Tables III—V. The data are the same as in Ref.
9, except that u(Z°) is the final value? and u(£7) a
preliminary value® from the ongoing Fermilab ex-
periment.

The baryon magnetic moments have now been
measured to high accuracy. In particular, the pro-
ton and neutron moments have experimental errors
that are orders of magnitude smaller than a /2,
the radiative correction (electrodynamic anomalous
magnetic moment) for a charged point particle.
Since the baryons are extended particles, the radia-
tive corrections could be much higher, perhaps
several percent. If the contributions from higher-
order corrections had the same transformation
properties as the hadron electromagnetic current it-
self, then these corrections would not affect a fit to
the data. However, it is not clear that this is the
case, so we should allow for some minimum uncer-
tainty in the fits.

On the other hand, this is not just a question of
radiative corrections. Every theory is only an ap-
proximate description, and we need to ask what
level of accuracy can be expected of a particular
theory. It is almost certain that the proton and
neutron moments are measured to much higher ac-
curacy than we could expect to predict with
present theories of hadronic structure (strong in-
teraction). In our fits we have therefore included a
“theoretical error” xu which is a fraction (percen-
tage error p = 100x) of the measured moment u.
That is, we have made X fits using the program
MINUIT,?* but instead of the actual experimental
errors Ap we used adjusted errors Au®Y. We de-
fine these quadratically, as suggested by Dothan'%:

A =[(Ap)?*+(xp)*]% . (6.1)

The X? resulting from these fits does not have the
usual statistical interpretation (because theoretical
corrections are not random variables), but it is use-
ful for comparing fits of different theories made
with the same adjusted errors. We use the notation
X*(p%) as a reminder that different X*’s should
only be compared at the same theoretical error
p%e.

The fits in Table III were made with a theoreti-
cal error of 0.04%. This is a little smaller than

1111

a/2m but large enough to avoid any computational
problems (we used a single-precision version of
MINUIT). Since this adjustment only affects the
proton and neutron errors significantly (they be-
come +0.001), these fits can be considered essen-
tially exact. Fits (a) and (b) are to the U =0 hy-
pothesis [Eq. (5.16)] for B=0 (nuclear magnetons)
and =1 (intrinsic magnetons), respectively. The
results X*(0.04%)=2000 for =0 and X*(0.04%)
=76 for B=1 show an overwhelming phenomeno-
logical preference for B=1. This is reinforced by
fit (c), in which B is a free parameter. The fitted
value B=1.26 is close to unity, and the X*(0.04%)
=8.6 shows that it is a fairly good fit. We also
notice that the d /f ratio in fit (b) is close to the
SU(6) value® [eq. (3.3b)]. In fit (d) we have fixed
the d /f ratio at the SU(6) value, so the parameters
are s, f, and t. The resulting X*(0.04%)=79 is
only slightly higher than in fit (b), but is for np =5
instead of np=4.

Fits (e) and (f) are quark-model fits for =0 and
B=1, made with conditions (3.3 a,b). Assuming
that the quarks have Dirac moments, the parame-
ters correspond to quark masses of m, =338 MeV,
mg =322 MeV, and m; =530 MeV for =0, and
m, =338 Mev, my;=321 MeV, and m; =417 MeV
for B=1. The results X*(0.04% )=175 and
X%(0.04%) =87, respectively, show that these fits
are somewhat worse than those for the U =0 hy-
pothesis.

The main contribution to X? in the fits (b) and
(d) is the value of u(=° which was recently mea-
sured at Fermilab.? These fits would be excellent if
this experimental value were about 10% larger in
magnitude. The value of (=% depends only on
the U =0 property of the electromagnetic current,
which predicts (for B=1)

‘U'EO my

Hn mEO

(6.2)

An explanation of the current value for p(Z°)
therefore requires either a Us40 term in the elec-
tromagnetic current or a more complicated
symmetry-breaking mechanism than that expressed
by an integral value of 3, both of which are
theoretically unattractive. From fit (e) we also see
that the U-spin vector resulting from quark-mass
breaking is insufficient for explaining u(Z°%. We
therefore hope that a remeasurement of this mo-
ment will yield a value closer to —1.4 uy (uy
= nuclear magneton). A similar conclusion was
also reached by Glashow.?

Table IV contains fits made at the 4% level of
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TABLE IV. Fits made with 4% artificial errors. See caption to Table III.

Fit (g) X*(4%) Fit (h) X%4%) Fit () X*4%) Fit () X*4%) Fit (k) X*4%)
p 281 00 2.61 2.9 282 0.1 259 3.4 289 08
n —1.68 9.2 —1.49 300 —1.83 1.1 —1.88 0.1 —191 00
A —071 137 —0.61 0.1 —0.61 00 —0.61 0.0 —0.66 3.1
3+ 222 05 2.61 3.0 223 04 247 0.7 224 03
30 0.66 1.16 1.16 0.68 0.72
3 —0.89 4.0 —0.75 6.5 —0.86 44 111 13 —0.79 5.8
=0 —120 09 —149 215 —131 1.3 —138 6.7 —120 08
= —0.80 0.6 —0.75 0.0 —0.78 02 —049 138 —0.52 111
SA 141 38 1.82 0.0 1.85 0.0 1.84 00 1.61 1.0
total X2 329 64.0 75 26.1 22.9
Parameters  Fit (g) Fit (h) Fit (i) Fit (j) Fit (k)
s 0.16+0.03 0.07+0.03 0.03+0.04 0.074+0.04
f —1.39+0.05 —1.19+0.03 —1.39+0.03 —1.18+0.03 —1.32+0.03
d 1.33+0.03 1.32 1.55 1.32 1.47
t —0.09+0.04 —0.24+0.05
& 0.15+0.02 0.07+0.02
aiP —0.17 —0.08
B 1 0 1 0 1

TABLE V. Mixed fits. Fit (1) is equivalent to fit (i) with quark-mass corrections. Fit (m)
is equivalent to fit (e) with decuplet corrections (see text).

Fit () X*(4%) Fit (m) X2(0.04%)
p 2.81 0.0 2.79 0.0
n —1.94 0.1 ~1.91 0.0
A —0.61 0.1 —0.61 0.0
3+ 2.19 0.8 2.39 0.2
30 1.06 0.79
- —0.95 3.2 —0.81 5.8
=0 —1.28 0.4 —1.25 0.0
== —0.73 0.1 —0.69 1.2
SA 1.86 0.0 1.81 0.0
total x? 4.6 7.3
Parameters Fit (1) Fit (m)
s 0.03+0.04 0.088+0.002
f —1.38+0.03 —1.180+0.001
d 1.54 1.318
t —0.22+0.05
a¥F 0.04+0.03 0.107+0.002
a?® —0.05 —0.120
al®y 0.137+0.001
B 1 0
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theoretical accuracy. Fit (g) tests the usual Gell-
Mann — Nishijima form of the electromagnetic
current and is equivalent to the Coleman-Glashow
relation* in intrinsic magnetons. The high value
X*(4%) =33 shows that this is not a good theory
at the 4% level [the Coleman-Glashow fit in nu-
clear magnetons, which is not shown in the table,
is still worse and gives X*(4%)=112]. Again we
see that the d /f ratio is not far from the SU(6)
value, and that B=1 is preferred. Fits (h) and (i)
include all U =0 contributions, with the SU(6) d /f
ratio, for both values of 8. The results X*(4%)
=64 (np=>5) for =0 and X*(4%)="7.5 (np=5)
for B=1 again show a strong preference for f=1.
In addition, fit (i) with 5 degrees of freedom, is a
very good fit at the 4% level. The two quark-
model fits, (j) and (k), also with 5 degrees of free-
dom, have X*(4%)=26 for B=0 and X*(4%)=23
for B=1, so they are much poorer fits at this level
of accuracy. It is interesting to note that the
quark-model fits in nuclear magnetons and in in-
trinsic magnetons are about equally bad at the 4%
level.

These same trends continue as the theoretical er-
rors increase, except that the quark-model fits seem
to improve faster for =0 than for f=1. At the
15% level, the quark-model fits (not shown in the
tables) give XX(15%)=5 (np=5) for =0 and
X*(15%)="7 (np=>5) for B=1, so B=0 gives a
good fit at the 15% level.

Finally, in Table V we show some “mixed” fits.
These do not fit either in the U =0 category or the
quark-model category, but they are good fits to the
present data. Perhaps they will provide clues
about how the theories will have to be modified if
the data do not change substantially. Fit (1) is
equivalent to a quark-model fit with =1 and 27-
plet corrections. Actually, since a%F turns out to
be small, this could be viewed as a fit to the U =0
hypothesis, with small corrections coming from
quark-mass breaking. With X%(4%)=4.6, it is a
good fit at the 4% level. The parameters corre-
spond to quark masses of in, =316 MeV, my; =314
MeV, and m;=349 MeV. Fit (m) is equivalent to
a quark-model fit with =0 and decuplet correc-
tion. With X%(0.04%)=8.4 for 4 degrees of free-
dom, it is a good fit to the actual experimental
data. The up and down masses corresponding to
these parameters are almost exactly equal
(my~my=355 MeV), and m; =509 MeV is essen-
tially fixed by u(A).

VII. CONCLUSIONS

Our phenomenological analysis strongly indi-
cates that the magnetic moments which have sim-
ple SU(3) transformation properties must be taken
in intrinsic magnetons (8=1) rather than nuclear
magnetons (8=0). This also follows from the
theoretical assumptions of the spectrum-generating
SU(3) approach.

The largest contribution to the magnetic mo-
ments comes from the U =0 octet operator, so the
Gell-Mann — Nishijima formula for the electromag-
netic current [even with d /f fixed by SU(6)] is a
good first approximation. If we do not demand
more than 20% accuracy from the theory, then
this ansatz, in intrinsic magnetons, would be suffi-
cient. To get better accuracy, we need to add more
parameters. We have tried two general approaches
for doing this. Based on the transformation prop-
erties of the phenomenological hadron electromag-
netic current, we have included all U =0 correction
terms. The other approach is to include U-spin-
vector contributions, as expected in the nonrela-
tivistic quark model. Our findings and conclusions
can best be summarized as follows:

(1) The baryon magnetic moments should be tak-
en in intrinsic rather than nuclear magnetons, for
both theoretical and phenomenological reasons.

(2) In intrinsic magnetons they are described
roughly by the old SU(3) assumption with the
Gell-Mann — Nishijima form for the electromagnet-
ic current.

(3) Even for a demanded “theoretical accuracy”
of only 4%, one or two additional terms are need-
ed. Of these, the U =0 SU(3)-27-plet-plus-singlet
combination gives a better fit than the U-spin-
vector SU(3)-octet-plus-singlet that is equivalent to
the broken quark model. The corrections are about
1/10 as big as the octet terms.

ACKNOWLEDGMENTS

The authors would like to thank D. A. Dicus for
his advice concerning the radiative corrections and
Y. Dothan and R. Settles for many valuable discus-
sions on the subject of the paper. One of the au-
thors (A. B.) would like to thank Y. Neeman for
the hospitality extended to him at the Mortimer
and Raymond Sackler Institute for Advanced Stud-
ies, Tel Aviv University, where part of the work
was done. The work was supported in part by
grants from the U.S. DOE (ER-0339) and the Ger-
man Humboldt Foundation.




I(a) L. Schachinger et al., Phys. Rev. Lett. 41, 1348
(1978); (b) R. Settles et al., Phys. Rev. D 20, 2154
(1979).

2P, T. Cox et al., Phys. Rev. Lett. 46, 877 (1981).

30. E. Overseth, in Baryon 1980, proceedings of the IVth
International Conference on Baryon Resonances,
Toronto, edited by N. Isgur (Univ. of Toronto, Toron-
to, 1981).

4S. Coleman and S. Glashow, Phys. Rev. Lett. 6, 423
(1961).

SA. De Rujula, H. Georgi, and S. L. Glashow, Phys.
Rev. D 12, 147 (1975).

6A. Bohm, Phys. Rev. D 18, 2547 (1978).

7R. H. Hackman, N. G. Deshpande, D. A. Dicus, and
V. L. Teplitz, Phys. Rev. D 18, 2537 (1978); T.
Barnes, Nucl. Phys. B96, 353 (1975); E. Allen, Phys.
Lett. 57B, 263 (1975).

8Y. Tomozawa, Phys. Rev. D 19, 1626 (1979).

9R. B. Teese and R. Settles, Phys. Lett. 87B, 111
(1979).

10The contributions of the U-spin vector and SU(3)
scalar were approximately 10% of the usual octet con-
tribution [Ref. (8)]. See also F. Scheck, Acta Phys.
Austria. Suppl. 18, 629 (1977).

HT. P. Cheng and H. Pagels, Phys. Rev. 172, 1635
(1968).

12Y. Dothan, Univ. of Minnesota report, 1981 (unpub-
lished).

3A. Bohm, Lett. Nuovo Cimento 11, 13 (1974); A.

Bohm and J. Werle, Nucl. Phys. B106, 165 (1976); A.

Bohm, Phys. Rev. D 13, 2110 (1976). For a review
see A. Bohm and R. B. Teese, in Lecture Notes in
Physics 94, Group Theoretical Methods in Physics,
proceedings of the Austin Conference, 1978, edited by
W. Beiglbock, A. Bohm, and E. Takasugi (Springer,
Berlin, 1979), pp. 301-324.

143, Oneda, T. Tanuma, T. Toiya and M. D. Slaughter,
Phys. Rev. D 23, 787 (1981).

26 FITS OF THE BARYON MAGNETIC MOMENTS TO THE . . . 1115

I5H. J. Lipkin, Phys. Lett. 89B, 358 (1980).

16], Franklin, Phys. Rev. 172, 1807 (1968).

173, L. Rosner, in High Energy Physics—1980, proceed-
ings of the XXth International Conference, Madison,
Wisconsin, edited by L. Durand and L. G. Pondrom
(AIP, New York, 1981). M. Bohm, R. Huerta, and
A. Zepeda, Phys. Rev. D 25, 223 (1982); N. Isgur and
G. Karl, ibid. 21, 3175 (1980).

18A. Bohm, Phys. Rev. D 17, 3127 (1978).

19Such a distinction between dimensionless and dimen-
sional quantities is unnecessary if the mass differences
are only taken into account in the phase space.

20A, Bohm and P. Kielanowski, University of Texas Re-
port No. DOE-ER 0392-430, 1980 (unpublished).

2INote that the matrix elements in Ref. 20 are formulat-
ed in terms of the dimensional currents J,(0) and
Vﬁ(O) (which are denoted there by J,, and Vﬁ). Strict-
ly speaking only the quantities on the right-hand side
of <= are defined in the SG approach and «
means that they are equal to the quantities on the
left-hand side in an approximate description in which
the masses in a multiplet are considered equal, i.e., in
the limit when [M, SU(3)]=0.

22V, A. Matveev, in Proceedings of the 1973 CERN-
JINR School of Physics, Report No. CERN-73-12
(unpublished).

23Y. Pilkuhn, Zahlenwerte and Funktionen aus Na-
turwissenschaft und Technik, edited by Landolt-
Bornstein (Springer, Berlin, 1972), Vol. I-16.

24F. James and M. Roos, CERN Internal Report No.
DD/75/20, 1975 (unpublished).

25M. A. B. Bég, B. W. Lee, and A. Pais, Phys. Rev.
Lett. 13, 514 (1964).

268, L. Glashow, Harvard Report No. HUTP-80/A089,
1980 (unpublished).

27Particle Data Group, Rev. Mod. Phys. 52, S1 (1980).

28F. Dydak et al., Nucl. Phys. B118, 1 (1977).




