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This paper gives the results of a study of ineLastic charged-current interactions of muon-type neutrinos with
hydrogen and deuterium targets using the Argonne 12-foot bubble chamber. We discuss in detail the
separation of the events from background. For the single-piori production reactions vp~p, pm+,
vn ~p, nm+, and vn ~p, pm, energy-dependent cross sections, differential cross sections, invariant-mass
distributions, and the 6++(1236) decay angular distribution are 'presented. These data are also used to study
the isospin properties of the mX system. Comparisons of the data with models of single-pion production are
made, and a direct test of partial conservation of the axial-vector current is discussed. Cross sections and
invariant-mass distributions are given for the reactions in which more than one pion is produced. Ten events
of strange-particle production were found, . and the properties of these events are discussed. The energy
dependence of the total vp and vn cross sections from threshold to 6 GeV was determined, and the
a.(vn)/cr(vp) ratio measured, This ratio and the inclusive x and y distributions rapidly approach the scaling
distributions expected from the quark-parton model.

I. INTRODUCTION

In this paper we present results on pion produc-
tion in charged-current (CC) neutrino reactions
from an experiment using the Argonne National
Laboratory 12-ft bubble chamber filled with hydro-
gen and deuterium. Details of the experimental
arrangement have been discussed in a previous
article, and preliminary results on single-pion
production have been presented. ' In this paper,
we describe the event-selection procedures and
discuss the final results from the present experi-
ment. A larger exposure of the deuterium-filled
chamber has been made to the neutrino beam, and
the data from this second experiment are being
processed. ' The exclusive CC reactions studied
are listed in Table I. Most of the data come from
the deuterium exposure, although results from a
small run with a hydrogen fi11ing of the bubble
chamber are also included. The paper is divided
into four topics: single-pion reactions, multipion
reactions, strange-particle production, and inclu-
sive distributions.

In the neutrino-beam energy region below 6 GeV
in which our data are concentrated, it is presently
accepted that the weak hadronic CC contains only
vector and axial-vector components. The hypo-
thesis of the isotriplet vector current directly re-
lates the weak hadronic vector current to the iso-
vector electromagnetic current. The latter cur-
rent has been we11 measured in electroproduction
reactions, so a principal physics interest in our

experiment is to measure the details of the weak
hadronic axial-vector current. - At higher energies
the quark-parton model (QPM) has provided a uni-

fying theme for lepton scattering experiments, and
it is therefore of interest to see to what extent our
low-energy inclusive distributions follow the ex-
pectation of this model.

II. EVENT SELECTION FOR SPANGLE-PION PRODUCTION

REACTIONS

A. The reaction vp ~ p pm+

In order to examine events belonging to reaction
(1) (see Table 1) And to estimate possible back-
ground contamination, we consider one-constraint
kinematic fits to the reaction

XP P, P7T

where x is a particle of zero mass with unknown

vector momentum. Figure 1(a) displays a scatter
plot of the azimuthal angle versus the dip angle for
all events in the hydrogen sample with a X' fit prob-
ability ~1/q. The nominal neutrino-beam direction
is 0 for both variables wit/ an uncertainty of a1.
Strong clustering is seen at the position expected
for neutrino-induced events. Figure 1(b) displays
the identical plot for events in deuterium. A con-
centration near p = X = 0 is again visible, although
now it is broader due to the unmeasured vector
momentum of the neutron spectator. Most of the
other events in these plots are either examples of
multipion production by neutrinos or events induced
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TABLE I. The exclusive channels that form the inclusive reactions v+p - p, +X++ and v+&
p, +X+.

- Reaction
Corrected No. of

events in H&

Corrected No. of
events in D&

(1) vp p pm+

(2) vp-p pz+{lzo), l —1

(3) vp p nm+m (m7( ), m —0

(4) vp p, pvr+x+z

(5) vp p, pm+x+x no

(6) vp p ng+pr+m+z

(7) vp p, +strange particles

90 +11

2+ 1

2+ 1

308 +24

20+ 5

15+ 5

10+ 3

(8) pn p p

(9) pn p px

(10) vn-p, g~+

(11) vn p p(&x ), &~2

(12) ~ p n&+(l& ), l «1

(13) kg ~ p, pT(+sr

{14) ~-p, per'x (l~'), l «1

(15) vn-. p, &~+m+~ (mx'), m«0

(16) vg —p, pz+n+x z

(17) ~ p + strange particles

833+41

124 + 14

90 +11

31 ~13

29 +12

20+ 5

8+ 4

12+ 4

by incident charged hadrons that scatter in the
chamber liquid; the number of meak-neutral-cur-
rent events and neutron-induced events present is
small.

The event samples were isolated by kinematical-
ly fitting all events to the g pn' final state. For'
the' hydrogen sample, three-constraint (3C) fits
were performed since the neutrino-beam direction
is known. For the deuterium case, each of the
neutron- spectator momentum components p„p„,
and p, was given a starting value of 0+ 50 MeV/c
and 3C fits were again performed. A total of 82
and 249 fits were obtained in hydrogen and deuter-
ium, respectively. Because of secondary scatters
near the primary vertex, 9%%uo of the fits were re-
duced to two-constraint. The w'/p mass ambiguity
between the positive tracks was resolved wherever

' possible by using visual information such as ion-
ization density, particle decays, and secondary
interactions; the 1% of the events which remained
ambiguous were resolved by taking the fit with
higher y' probability. After these selections and
with a 1'%%uo X'-probability cut, the background in the
data samples is -2%%uo and F/~, respectively. These
numbers were obtained by extrapolating the back-
ground, as determined using the data in Fig. 1,

into the- region near the origin.
The background from multipion production by

neutrinos [reactions (2) and (3)] was independently
estimated by taking a sample of events classified
as belonging to reactions (4) to (6) and (13) to (16),
deleting one or more charged-hadron tracks, and
attempting to fi.t them to the p, pg'yg final state.
Above E„=1.0 GeV, the background from this
source was found to be -5/o and did not populate
any particular regions of q' or the pm+ effective
mass-.

Because of the 0~50 MeV/c starting value that
, was given to the momentum of the neutron specta-

tor, events in deuterium with a fast neutron spec-
tator often fail to give an acceptably high X' proba-
bility. In order to correct the cross section for
this loss, we considered events- that had been iden-
tified a8 the reaction vd -p. pp, and for -which the
spectator is seen. Figure 2(a) displays the mo-
mentum distribution of the proton spectator for this
data sample. We discarded the measurements of
the proton spectators and refit the events using
starti'ng values of 0+ 50 MeV/c for the spectator
momentum. Events giving a successful fit are
shown cross-hatched in Fi.g. 2(a). The fitted spec-
tator momentum distribution for these events is
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FIG. 2. (a} The distribution in momentum for the
visible proton spectators in the reaction vd p pp
The cross-hatched events are those giving fits to the
p pp~ hypothesis when the kinematic information of the
spectator track is discarded. (b) The fitted spectator
momentum distribution for the events cross-hatched in
(a)
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FIG. 1. Scatter plot of the azimuth angle fI) against
the dip angle A, for events of the reactions: (a) xp

p p~+ and (b) xd p "px+n~ where the mass of the
particle x is assumed to'be zero. A clear clustering
of events is: seen. at A, =jr=0 corresponding to the true
neutrino-induced events.

reaction vd- p, pg z pg, . This contamination in the
2p data sample is discussed in a later section of
the paper. All the film was double-scanned and
the events were measured several times if neces-
sary, giving resulting efficiencies in the range 9V%

to 9P/p.
Table II summarizes the corrections which. have

been used to obtain absolute cross sections for re-
action (1). The corrections are independent of the
neutrino energy. The cross sections for the reac-
tion vp - p pz' measured in the hydrogen exposure
and in the deuterium exposures are in satisfactory
agreement.

shown in Fig. 2(b) and is disp1aced to lower mo-
mentum values. In addition, we found that IF/0 of
the events failed to give a fit with X' probability
greater than 1%.

If the true spectator momentum distributions in
the reaction vg-g pp'yg, and vd- p, pp, were iden-
tical, we should scale up our p pn'g, cross section
by this same factor of IF/~. However, since the
number of fast spectators which come from rescat-
tering increases as the number of strongly inter-
acting particles in the final state, an additional 4%
correction has been applied. This additional factor
was obtained from a simple model of np and pp
elastic scattering in the final state. The 1Pp cor-
rection factor was studied as a function of the neu-
trino energy. There is a suggestion that the loss
of fits increases as the energy increases, but to
within the errors of the analysis, there is no ener-
gy dependence. The events lost from the p. pm'

channel are all misclassified as belonging to the

TABLE II. Rate corrections for vp p, per+.

Reason for correction
Correction factor

H2 D2

Background 0.98 +0.01
Loss of fast-neutron spectators 1.00
Double-scan efficiency 1.02 + 0.01
Measuring and reconstruction 1.02+0.02
efficiency

0.95 + 0.03
1.23+0.06
1.01 + 0.01
1.03+0.02

B. The reactions vd ~ p pm p, and p nn +p,

The selection of events for vn- g pv [reaction
(9)] and vn-p nv [reaction (10)] is more difficult
since the equations of energy-momentum balance
are not overconstrained. However, in'resolving
kinematical ambiguties between the p, pp and

p, &gal' final states, we make use of visual informa-
tion such as track shape, ionization density, par-
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ticle decays, and secondary interactions.
An initial cut removes events fitting the p, pp, or

g pw'n, final states with y' probability ~1%. Be-
cause of the large number of incoming charged
hadrons that scatter giving events which may easily
satisfy the kinematics of reaction (10), additional
selections were necessary. This background was
only important for reaction (10) and .then only for
the two-prong events. The hadron-scattering
events which fit the p, ng' final state have an out-
going neutron of high momentum which is parallel
to the neutrino-beam direction. Therefore, we
only considered those fits for which both the angle
between the incident neutrino and outgoing neutron

9,„was greater than 10' and the neutron- to-neu-
trino momentum ratio (p„/p, ) was less than 0.9.
Although these selections removed most of the
background, we added, in addition, a further re-
quirement that the angle between the g and z'
tracks be less than 150'. A study of a sample of
events identified through three-constraint fits as
hadron scatters showed that their misidentification
as reaction (10) is completely precluded by appli-
cation of the above selections. In order to esti-
mate how many genuine examples of the g ng' final
state are excluded by these cuts, the selection
criteria were also applied to events identified as
vd- g pg'n„assuming the kinematics of the two
single-pion production reactions are similar for
low pion-nucleon masses. At the present level of
statistics, no discernible bias in either the q dis-
tribution or in the p n effective-mass distribution
was introduced by these selection criteria.

In addition to the background from incident
charged hadrons, . background to reactions (9) and

(10) arises from muliipion production by neutrinos,
neutron-induced processes, neutral-current reac-
tions, and photo-induced processes. The photon is
often associated with a cosmic-ray interaction.

The magnitude of the background from double-
pion channels is estimated from a study of the re-
actions vd-y. w+w p(p, ), vd-g w w w+n(p, ), vp
-p m'n+n, and vp- p, g+g p. As shown in Sec. V,
the excitation function for such reactions rises
steeply and becomes comparable to the single-pion
cross sections for neutrino energies greater than
about 2 GeV. Furthermore, if the final states
p pw' and p, nm' are simulated by discarding
charged hadron tracks from the above multipion
reactions, the resulting calculated neutrino energy
tends to remain above 1.5 GeV. Assumirig that the
multipion reactions proceed by isoveetor exchange
with d, (1236) dominance, the rates observed for the
above multipion channels indicate total backgrounds
in the single-pion final states of about 10)o, pro-
vided that events with E„~1.5 GeV are selected.

The neutron- induced reactions nn -npn and nn

TABLE III. Hate corrections for the OC single-pion
reactions.

Reason for correction Correction factor

(a) vd p Px Ps

Double-scan efficiency
Measuring efficiency
Loss of underconstrained everits
Events assigned to p. pp,
Neutrino-multipion background
Neutron- induced background
Neutral. -current background
Photo- induced background

1.02 -0.'02

1.02 + 0.02
1.04 + 0.02
1.22 + 0.05
0.92 + 0.03
0.98 + 0.02

0.98 +0.02

(b) vd p gx+p~

Double-scan efficiency
Measuring eff iciency
Loss of underconstrained events
Correction for p„/p„&0.9 and 0„„&10
Correction for 0&-~+ &150'
Neutrino multipion background
Neutron- induced background
Neutral-current background
Photo- induced background

1.02+ 0'02
1.02 ~ 0.02
1.08 + 0.02
1.04 + 0.02
1.03+ 0.02
0.90 + 0.03
0.99 + 0.01

0.99 +0.01

-nnp'm are also sources of background. The
magnitude is estimated from that observed in the
film for np»ppw, together with known cross sec-
tions' for the charge-symmetric reactions pp
-pnn' and pp-ppp'g .

The neutral-current process vn -vpn, where
the m leaves the chamber without interacting, can
simulate the final state p, pp . This background
is estimated knowing the n detection efficiency as
a function of momentum and the measured rate
for the vpn final state. The photo-induced back-
grounds are compiled from existing photoproduc-
tion cross sections, with the photon flux deter-
mined from e'e pairs observed in the bubble
chamber.

These and the other corrections appropriate to
these final states are summarized in Table III.
The correction for events that are underconstrain-
ed because of a track being too short to allow a
momentum measurement is obtained from the
sample of p, pg'events.

A correction particular to the p, pm final state
arises because events with a small g' transverse
momentum relative to the neutrino-beam direction
often give fits to the p p final state and are so
classified. The correction is measured by using
events assigned to the p. pg final state, eliminat-
ing the m' track and fitting the event to the vd —p,gm On,

hypothesis. We measure that (22 +4% of the

g pw p, events are misclassified as quasielastic.
We find two events with an associated e'e pair
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TABLE IV. Resolution for the OC single-pion reac-
tions.

Quantity vd p pep~ vd~p ~vl p~

E„(Ge~
q {(GeV/c) )

M(N~) (GeV)

+0.06
+0.02
~0.05

+0.05
+0.02
~0.03

that fit the p, pp, hypothesis consistent with this
background estimate.

A further concern with these single-pion produc-
tion events is the resolution in the kinematical
quantities which is attained for these unconstrained
channels. The resolution is studied using events
assigned to the constrained p pz' final state. By
removing the appropriate charged-particle track
from the event, the g pre and g nv' final states
are simulated. The resulting uncertainties in F.„,
q', and M(Nv) are given in Table 1V.

III. PHYSICS OF SINGLE-PION PRODUCTION

A. General properties of the p pm+, p pro, and p, nx+ final states

We now display the data for the three single-pion
production reactions. In Figs. 3, 4 and 5 we show

the Nm, Np. , and g m effective-mass combina-
tions, respectively. It is apparent that the g pn'
final state is dominated by a(1236) production,
with few events at high mass. That high-mass
events are kinematically allowed can be seen in the

mass distributions of Fig. 4. In contrast to
the situation for the g pv' final state, it is not
obvious that g production dominates for the g pg'
and p, gn' channels. In.particular, there is more
evidence for high-mass Nw states than is 'seen for
reaction (1) even though these data are limited to
E,& 1.5 GeV.

Figure 6 displays the energy distribution of the
events. The spectrum peaks near 0.9 GeV; there
is no evidence for fine structure. The correspond-
ing cross sections are shown in Fig. 7 and listed
in Table V after binning the data into six energy
intervals. The error bars on the cross section
contain both the overall normalization uncertainty
of +15% and a point-to-point relative error in the
flux shape of +5% folded in, except for the last
point where we use +15% to allow for the uncer-
tainty in the K' flux. In calculating these cross
sections, we have used the flux calculated from
the measured pion production cross sections.

Figure 8 shows the energy dependence of the
cross section for the three single-pion reactions
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FIG. 3. The Nn invariant-mass distribution for
the final states (a) p, p7(+, (b) p pn, and (c) p, ~7)+. The
curves are the predictions of the Adler model, in-
cluding the selection E„&1.5 GeV that has been made
for (b) and (c).
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the final states (a) p pe+, (b) p pm, and (c) p ~a+,
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with the se1ection M(Nw) ~ 1.4 GeV; the data are
also given in Table V. The mass selection re-
stricts the data to the b, (1236) mass region and
permits comparisons with theoretical models as
will be discussed below.

Figure 9 shows the cosg~„distributions, where
g*„„is measured in the vN rest frame. The cross-
hatched events in Fig. 9(b) show the correction re
quired for events lost to the p, pp, channel. Figure
10 gives the corresponding q' distributions with
the events having M (Nw) & 1.4 GeV or E„&1.5 GeV be-
ing cross hatched. The forward peaking of the p,

comes entirely from the events above 1-GeV neu-
trino energy. This can be clearly seen in Fig. 11
which is a scatter plot of cosg*,„versus the neu-
trino-beam energy for the g pn' final state. At
threshold, the g~ production angular distribution
is nearly isotropic.

We examine the ~~ decay angular distributions
in the Adler coordinate system where the angles g

and P are defined as in Fig. 12. The b, is defined
as M~, + «1.4 GeV. The distributions are shown in
Fig. 13; neither shows any striking structure. If
time-reversal invariance holds in the ~ produc-
tion process, the decay distribution is given by

FIG. 6. The distribution of events in neutrino energy
E for the final states (a) p, pg+, (b) p, pn, and (c)
p n 7(.+. For the latter two reactions, the double-pion—
production background requires the data to be cut off at
E~ =1.5 GeV.

where Y~ are spherical harmonic functions and

p „are the density matrix elements. This equation
only applies in the absence of background, an ap-
proximation that is good for the A" case. Table
VI gives the experimental values for the three ~"
density matrix elements for different cosg*,„and q
intervals. The p „values plotted in Fig. 14 show
some q' dependence. A check for the presence of
"illegal" Y~ moments in the decay distribution was
made (see Tab1e VII); no terms were found that
were significantly different from zero. En particu-
lar, the asymmetry in the cosg distribution of Fig.
13 is only a 2-standard-deviation effect.

B. Comparison of the p 6++ final state with models

Many calculations have been made of the isospin-
—,
' amplitude, which determines the dominant struc-
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ture of the g pn' final state. Preliminary data'
from this experiment were used to test the predic-
tions of models developed by Adler, ' Zucker, '
Salin, Bijtebier, ' and others. The very detailed
calculations by Adler were found to agree well with
all aspects of the data: o(E,), do/dq', and p „.

For pure b, (1236) production, the matrix element
may be written in the form

element of the hadronic current separated into its
vector and axial-vector parts.

The isotriplet-vector-current hypothesis states '

that the matrix elements of the weak strangeness-
conserving hadronic vector-current are directly
related to those of the I= I electromagnetic current
measured in electroproduction by means of the re-
1ati,on

j„(~"I
v -x

I p),

where G =0.99& 10 'M ' is the coupling constant
for hypercharge-conserving semileptonic decays,
j =u&y" (1- y, ) u, is the matrix element of the lep-
tonic current, and (b, IV -A~ Ip) is the matrix

Thus, assuming the conserved-vector-current
(CVC) hypothesis to hold, the interest in the neu-
trino experiment is to determine (5,"IA" Ip).

Using Rarita-Schwinger form factors, the ma-
trix element may be written as a sum of eight
terms:

gV gV Cv
(~"Ip)= ~ 1C.

' ~, ', (P,), + ', (P,), ,s" c',j",
~«

+ ~ »'»+ I (P J» +"+C,"j +I'*- («(""«'(I«f(«').
«4

Here g~ is the ~" four- momentum, P~ is the pro-
ton four-momentum, M is the proton mass, I"
=q"j"-q"j~, g is the Rarita-Schwinger spinor
describing the ~" spin state, u is the Dirac spinor
of the proton spin state, and f is an s-wave greit-
Wigner in the Nw invariant mass (W).

Time-reversal invariance is assumed to hold so'
that all the C", "(q') form factors are relatively
real. The CVC hypothesis and the approximation
of magnetic-dipole dominance states that

C' =- C -C' =C' =0M
4 ~ 3 & 5 6

The electroproduction data can be well fit by the
following form for |"v3:

I
cv3 I' = (2 o6)'[& + 9 (-q')' '] exp[-6.3 (-q')'~' j .

In the partially conserved axial-vector current
(PCAG) hypothesis, the axial-vector current is di-
vergenceless in the limit where the pion mass goes
to zero. Thus, one has

gA(~"If e„w I p) = Mg„q' c,"+ ', q' uf (w) .
(~

The induced pseudoscalar form factor C6" contains
a pion pole:

Cs (pole) E~f
M 2vTM(m, -q )'

l.0—
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where g~ = 28.6 is the ~"-pg' coupling constant
and f„=0.97m„ is the pion decay constant. When
m„=0, this pole. will give a nonvanishing contribu-

FIG. 7. The excitation functions for the final states
(a) p p7r+, (b) p p7t, and (e) @&at+. No vrN mass selec-
tion has been made for these data.
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TABLE V. Energy dependence of the single-pion production cross sections.

19

~(~p-p p~+) (10 "cm')
No cuts M(p7f) & 1.4 GeV

0.(p+ p, pro) (10 38 c~2)
No cuts M(px) &1.4 GeV

o(vg p, ~z+) (10 3 cm )
No cuts M(gyves) &1.4 GeV

0.4 -0.5
0.5 -0.75
0.75-1.00
1.00-1.25
1.25-1.50
1.50-2.50
2.50-6.00

0.036 + 0.019
0.153+ 0.033
0.369 + 0.069
0.479 +0.094
0.584+ 0.127
0.775 +0.160
0.739 + 0.266

0.036+ 0.19
0.153+ 0.033
0.364+0.068
0.471 + 0.093
0.540 +0.120
0.696 +0.148
0.640 + 0.239

0.05 + 0.02
0.15 + 0.04
0.12 +0.05
0.30 + 0.10

0.05 +0.02
0.14 ~ 0.04
0.09+0.04
0.23 +0.08

0.02 + 0.01
0.04+ 0.02
0.10+ 0.03
0.16 +0.05
0.21 + 0.08

0.02 + 0.01
0.04 +0.02
0.09+0.03
0.10 +0.04
0.12 +0.06

tion to the matrix element of the divergence

I.O— vp —p I++

(~"Ifs„a"Ip) = Wy. q'u c,"(0)-
m~2 =0
q2 ~p

If the coupling constants g~, f„do not vary much
from their physical values as m„'-0, the matrix

element can be zero at q' =0 when m, ' =0 if

CA(O) k Dfw 1 2
2

In the Adler model, CVC and PCAC are as-
sumed to hold. The excitation of the b, (1236) oc-
curs dominantly through the nucleon-exchange
Born diagram shown in Fig. 15(a). Following
Chew and Low, it is also assumed that higher-
order effects are dominated by rescattering
through the intermediate s-channel ~ state as

0.8—

0.6— 60—
(0)

Pp =p pal'+

0.4— 40—

—0.2—
CV

E

0
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0.6
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I
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vn =p ps' (b)

0.2— 0
(c)

I

0.4 —
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I =nm+
40 —

I I

0
T

I

0.5 I.O
I

1.5 2.0 2.5 6.0

E.„(GeV)

FIG. 8. The excitation functions for the final states
{a)p pm+, {b)p p7t, and {c)p, &7t.+ with the selection
M{Nm) &1.4 GeV. The curves show the comparison with
the Adler model.

0 I

I0 0 -1.0

cos e&

FIG. 9. The c.m. angular distributions for the final
states {a)p pm+, {b)p px, and {c)p no+. The cross-
hatched events in {b) show the correction for the events
lost to the quasielastic channel.
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Ol 4O
4, -qa

q x
I

FIG. 12. Definition of the azimuthal {II) and polar 8 de-
cay angles in the Adler system. ift and g& are vectors
along the v and p direction respectively in the Nx rest
system.

cn 20-&g

{c)

l.o

q (GeV/c)
2' 2'

shown in Fig. 15(b). Because of the dominant nu-
cleon-excharige terms, the q' dependences of the
vector and axial-vector transition matrix elements
are proportional respectively to the nucleon iso-
vector magnetic and axial-vector form factors,
multiplied by a more slowly varying factor coming
from the q' dependence of the exchanged nucleon
propagator. Table VIII lists the axial-vector cou-
plings at q' = 0 in Adler-'s and Zucker's models. The-
coupling constants C,"(0) and C4 (0) are quite model-
dependent. In all g production models, the axial-
vector mass M~ is a free parameter.

To fit the p, pg'data, we have used the following
likelihood function:

FIG. 10. The distributions in four-momentum trans-
fer q for the final states (a) p pm+, (b) p, p~, and (c)
p nx+. The open histogram corresponds to the events
resulting from the selections M(N7{.) &1.4 GeV and E~
&1.5 GeV.

I =D~D2D3,

where

.=' = do(, , W, ', q, ', 0„)/dW'dq'dQ„

D. =.„.e» (-[c;—o'*.(j)t'/2[&c'( j)1'I.

8.5

D, = exp[-((7- (7,„p) '/2(s(7)'] .
Here c,"„~(j)=o,„~(j)(&7/o,„~) is the renormalized ex-

Pp p~/++

I
Q l. 5-

hl c4
~ 40—

CA

=. 20 "-

I

(o)

20

~ Io
LLI

I -()

0.5
-1.0

I0. 0
COS 8 ~

i.o
-I.O 0

COS e
I.O 0

(

ISO 360

FIG. 11. Scatter plot of cosa~~& versus E„ for events
of the p, "pm+ final state. The forward peaking only de-
velops for the higher E„values.

FIG. 13. Distribution of events in the decay angles (a)
polar angle cos8 and (b) azimuthal angle ed), for the final
state p p7l+. The curves are the predictions of the Ad-
ler model.
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TABLE VI. &++(1236) density matrix elements.

Angular or q range P33 P3f P3-i Events

-1.0
-1.0

0.0
0.5
0.0
0.10
0.30

~ cos0*~1.0
—cos0*—0.0
—coso*—0.5
—cos8*—1.0
—q —0.10 (GeV/c)
~q'~ 0.30 (GeV/c)'
—q —0.60 (GeV/c)

0.682 + 0.056
0.638 + 0.097
0.685 ~ 0.109
0.713+0.087
0.634 + 0.134
0.679 + 0.093
0.694 + 0.100

-0.129+ 0.063
-0.056 + 0.120
+0.100 + 0.117
-0.361 + 0.092
-0.400 + 0.138
-0.124 + 0.098
+0.035 + 0.123

-0.036 + 0.068
-0.166 +0.118
-0.124 + 0.128
+0.131+0.109
-0.122 + 0.150
+0.177+0.111
—0.132 + 0.125

317
96.
96

125
59

121
90

p p~p Q++

0.8 —..

0.6—

0.4

0.2 i-

0.2—

-0.2 —.

0.2—
IV

Pq)

-0.2

perimental cross section for energy bin j, and 0 is
the flux-averaged cross section.

Assuming Adler's model to hold, we may first
determine the value of M„. We find M~ =0.93+0.11
GeV, in good agreement with our value of 0.95
+0.09 GeV from the direct measurement using the
reaction vg» p p.' The Adler model (with M„
=0.95 GeV) is compared with our data in Figs. 3,
8, 10, 13, and 14. En general, good agreement is
found, even with regard to such details as the q'
dependence of the p, density matrix element.

However, since C3 and C~ are quite model-de-
pendent and do not depend upon any firm theoret-
ical basis (such as CVC and PCAC), we next want

to explore the sensitivity of the fit with C,"(0) and
Q4" (0) as free parameters, the value of M„ fixed
to be 0.95 GeV, and the q dependence of C3~ and

C4 as parameterized by Adler. Figure 16 shows
the resulting 1- and 3-standard-deviations limits
on the two coupling-constant parameters. There
is clearly a strong correlation between the two
parameters, with C3 = —t"~ being favored. The
predictions of Adler, shown as the box, agree well
with this fit; Zucker's prediction, shown as the
circle, is about 2 standard deviations away from
the data. Any future model building will be highly
restricted by these results.

Finally, we have tested the PCAC hypotheses by
studying do/dq' near q'= 0. At q'= 0 (an unphysi-
cal value), "one has the simple expression

do (, 0 (v 3G)' s —W2 M+W
(dq' . 12@ s -M' M

The contributions to the cross section from the
other axial-vector form factors as q' increases
make a test of the PCAC prediction (C,"=1.20) dif-
ficult at large q'. Figure 17(a) shows the overall
q' distribution compared to Adler's prediction.
The agreement is good. However, for q' & 0.1

(GeV/c), the additional contributions are only
weakly dependent upon the poorly known C3 and C4
form factors. This can be seen in Fig. 17(b),
which shows the predictions for dry/dq' for the var-
ious combinations of C,", t"~, and Q,", given in the
figure caption. It is clear that dg/dq' near q =0
is a strong function of C~ and a weak function of

TABLE VII. Illegal Y&+ moments for &++(1236) decay.

-0.4 -ii

0 0,2 0.4 0.6
q t Ge V/c)

FIG. 14. Values of the density matrix elements Pm~
as a function of q for the reaction vp p E++. The
curves are the predictions of the Adler model with
M&=0.95 GeV.

YO

BeY

ImF g

ImF2

ImF2

Yo

-0.027 + 0.015

0.002 + 0.012

0.007 + 0.011

-0.009 + 0.011

-0.011+ 0.011

0.029 + 0.015

BeF3

ImF3

BeY23

Im Y3

BeY3

ImF3

-0.006 + 0.010

-0.008 +0.010

0.007 + 0.012

0.016 + 0.011

0.002 + 0.011

-0.002 + 0.012
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N

FIG. 15. {a) Nucleon-exchange Born diagram. (b)
Intermediate s-channel E rescattering diagram.

C," and C~ if (C,"4~sC,", as suggested by Adler's
detailed calculations.

The data plotted in Figs. IV(a) and 17(b) have the
selections 0.5 &E„&6.0 GeV and M(pw') & l.4 GeV.
We find good agreement with the PCAC prediction
of C,"=1.2 and conclude that PCAC is correct to an
accuracy of about +2(P/g.

C. Isospin analysis

The amplitudes for the production of the three
pion-nucleon charge combinations in the final
states p, pp', g pn, and g pgp'can be written as
follows:

A(Pw') =A, —(I/~)B, ,

A(pw ) =(W/3}A —(W/3)A +(2/5)' 'B, ,

A(nw') = —,'A, + 3A, +(I/M5)BS,

(2)

(3)

where A, and &, are isovector exchange ampli-
tudes and B, is a hypothetical isotensor exchange
amplitude. The s'ubscripts denote twice the isospin
of the final hadronic state. One would like to mea-
sure the magnitude and phase of. these amplitudes
as a function of the iVn mass. Because of the lim-
ited data sample however, this goal can only be
partially achieved.

To measure the A., and B, amplitudes, we must
consider the p, pm' and p, gg' reactions in detail.
The p-nucleon mass distributions for all three

single-pion production channels were presented in

Fig. 3. After all the experimental corrections have
been made and with the selection M(Nw) & 1.4 GeV,
we find 220.6+21', pm', 75.9+10.4p pg, and 60.1
+9.0p nm' events in the deuterium film sample.
We use this restricted sample in order to remove
any flux-dependent corrections.

We now examine the isospin amplitudes given in

Eqs. (1)-(3}.If B, is zero, the amplitides A(pw'),
A(nw'), and A(pw') must satisfy a set of triangle
inequalities. Moreover, if B,g0, it is still possi-
bl.e with minimal assumptions to set an upper limit
on JB,/A, /.

If B3=A, =O, then we expect that

R'=o(y, nw')/o(g pw') =-,'

B"=[o(p, nw')+o(p pw')]/o(y. pw') =3 .
Our experimental results [for M(Nw) & 1.4 GeV],
R'=0.79+ 0.16 and R"=0.62+0.09 imply the ex-
istence of at least an A., amplitude in addition to
the A, amplitude. The Adler model predicts 8'
=0.7V and B"=0.58, in agreement with these re-
sults. The model also agrees well with other as-
pects of the data as discussed in the previous sec-
tion of the paper. In particular, it gives a reason-
able representation of the Nm mass distributions of
Fig. 3 and the excitation functions of Fig. 8.

If we assume that isotensor exchange is absent,
i.e., B,=0, we find that our data satisfy the result-
ing triangle inequalities. Consequently, isospin 2

exchange is not required by the data. Assuming
that B3 0, we can so lve fo r the magnitudes of A,
and A.„as well as their relative phase q. For
M(Nw) & 1.4 GeV, we obtain IA, I/IA. I=o.65+o 06
and g = 95'+ 9', which is consistent with a resonant
J =-,' amplitude in the presence of a large nonreso-
nant I= —,

'
Np background.

If we allow B, to be nonzero, but require that it
feed only the b, (1236) resonance, as does A„ then
it must be real relative to A, . One then finds the
following relationship between the amplitudes: '

(~+3n)
( —o')

A(pw') = A(nw')+ A(pw'),

where n =B,/A, The result. ing triangle inequal-

TABLE VIII. Parametrization of axial-vector form factors. C~ (q ) = C;(0)h-aq /(6 —q )l /
{1—q /M~) .

CA(0) C4 (o) CA(0)

Adler
Zucker

0
1.8 0.63

-0.3
-1.8

-1.21
-1.05

2.0
0.77

1.2
1.9

-1.21
-1.11

2.0
1.32
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FIG. 16. 1- and 3-standard-deviation limits on C3
and C4 atcf =0 as measured in the reaction vp p g++.
The Adler and Zucker predictions are shown as the
square and circle, respectively.
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FIG. 17. (a) The differential cross section do /d q
for the reaction vp 'p. h."with the selections 0.5
&E„&6.0 GeV and M(px') & l.4 GeV. The curve is the
prediction of the Adler model with M =G.95 GeV. (b)
The differential cross section near cf = 0 for the reac-
tion vp- p 4". The curves are calculated for the
following choice of parameters:
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1.44
1.2
1.2
142
1.2.
1.2
1.2
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—0.3

0
—1.0
—0.3

(
—1.0
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D

ities for the magnitudes are satisfied only if -0.47
+ 0.02 & PG/A, ~ 0.12*0.04.

D. Tests for the possible presence of second-class currents

Several recent nuclear-physics experiments have
reported evidence for the existence of second-class
axial-vector currents (SCC)" and the possibility
of observing SCC in neutrino production of the
A(1236) has been discussed. Holstein and Trei-:
man" suggest that the do/dc' distribution for the
~ decay is quite sensitive to the presence of SCC.
Pais" has shown that the most general form of the
cp distribution consistent with present theoretical
ideas ls

do'
=o0+c, coscp+gG cos2cp+c, sincp+uq sin2cp .

In the Holstein-Treiman model, the o, term would
possibly be strongly modified by a SCC; the other
0, 's would also be modified but not to such a large
degree. Figure 13 compares our cp distribution
with the Adler model, which contains only the usu-
al first-class currents. To the extent that tQe
Adler model gives a good representation of the
data, we see no evidence for the presence of SCC.

IV. STRANGE-PARTICLE PRODUCTION

Strange-particle production was observed in the
following reactions:

vd - vAK s ( P, ) (A -Pt/, Ks - t/'tt ),
vd - p AK'( P, ) (A -Ptt ),
vd-p, t/'AK~0(p, )(A-ptt, K~. -t/'/4 v),

vd-i4 K'At/'(p, ) (A-p )v,

vd-y. t/'Kcsno/, ) (K', -t/'t/ ),
d-v/pK4'K't/'(n, ) (K'-i4'v, Ks -t/'tt ),

vd.-i4 pK', (p, ) (K', t/'t/ ).-
&P-ILI. PK

This experiment is sensitive to E and A produc-
tion at all momenta by means of the Ã~ -m'g and
A —pn decays. If an event contained a K~ or A

decay, all charged-particle tracks were carefully
examined for particle mass identification using
bubble density, the various decay modes, and sec-
ondary scatters. Pions can be separated from
kaons using bubble density if the momentum is less
than about 0.6 GeV/c. Although charged kaons
can, in general, be identified by 3C kinematic fits
at production, it was required that the kaon also be
identified by visual means. Charged-Z production
was difficult to isolate in deuterium because there
are many n'n-n'n and pn pn secondary scatters.
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TABLE IX. Properties of the strange-particle events.

Reaction
&v

(GeV)
g

2

[(GeV/c)']
Hadronic mass

(Ge V)

Event
number

vn vAK 0

vn p, AK

vn~p, m AK
vn-p, K'Am'

vn p 7(+K n

vp p, pK+K &

vn~ p pK
vp p pK

2.05 + 0.45
1.73 + 0.02
2.29 + 0.02
3.20 + 0.02
5.81 + 0.10
3.27 + 0.06
5.5 +0.3
5.5 + 0.4
1.59 + 0.02
6.13+0.13

0.19
0.10
0.42
1.36
0.64
1.59
0.23
2.72
0.09
0.21

0.68
0.73
0.62
0.54
0.54
0.90
0.49
0.91
0.45
0.12

0.07
0.04
0.16
0.42
0.11
0.29
0.46
0.29
0.07
0.15

1.819
1.824
1.753
1.623
2.493
2.095
1.888
2.748
1.442
1.445

1
2

4
5

8
9

10

Z ' production was searched for in the hydrogen
film, and no events were found. In summary, all
of our strange-particle events contain aK~ or A

decay, or are 3C kinematic fits at the production
vertex. The scanning efficiency for the strange-
particle reactions was &95%. The kinematic prop-
erties of the ten events found are given in Table
IX. The associated production event, induced by
the neutral current (event 1 of Table IX), has been
discussed in detail in a previous publication. '

%'hile we note that any background or ambiguities
to the CC events are certainly negligible (except
for the A/Ze ambiguity), one must seriously con-
sider the possibility that the zero-constraint event
number 1 is really due to a neutron-induced pro-
cess. This background has been calculated to be
0.021~ 0.016 events based on the measured neu-
tron flux and known cross sections.

Event 3 also fits the reaction vd- g As'(P, ).
Because the e' has momentum 862 F 11 MeV/c and
leaves the chamber without any secondary inter-
action, we are not able to resolve directly the v'/
K' mass ambiguity. But since the kinematic y'
probability for p, AK' is six times larger than that
for p, Am+, we accept only the former hypotheses.
%e thus find no evidence for A production by
means of the AS=-AQ mechanism. Event 6 is
ambiguous with the reactions vd-p s'Awe(p, ) and
vd- g K'AKe(p, ). The g

'KAvfienal state was
chosen for tabulation because it is not strange-
ness-changing and it yields a lower beam energy
for the event. Event 7 is ambiguous with the reac-
tion vd-g w'KesKepg(p, ). The p s'Ken final state
was chosen only because the event would then have
a lower beam energy.

This experiment represents one of the few mea-
surements of the rate of strange-particle produc-
tion by the charged current. For E;~ 1.5 GeV, we
measure

o(vd- p +strange particles)
o(vd —p, + all)

~ 0.052 a 0.018 .
For hadronic masses in the range 1.4 «5 ~3.0
GeV, the results become

p~~ 0.075 a 0.027

0.25—

b 0.20—
4J
CO

cn O. l5—
ce

b 0.IO—

o P- NUGLEON

& E LEGTROPROOUGTlON

& P- PROTON

~ PHOTOPRODUCTlON

~ ~- PROTON

~ THlS EXP.
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FIG. 18. Rate of visible-strange-particle production
as a fonction of hadronic mass S' for various lepton-
and photon-induced processes, as obtained from the
following references: yp: A. J. Sadoff et al. , Phys.
Rev. Lett. 32, 955 (1974);H. H. Bingham et al. , Phys.
Hev. D 8, 127 (1972);pp:)J. Ballam et al. , Phys. Lett.
56B, 193 (1975); +:J. P. Berge et al. , Phys. Rev.
Lett. 36, 127 (1976); vN: F. A. Nezrick, SLAG Sum-
mer Institute talk, 1976 (unpublished).
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FIG. 19. The distribution in (a) x =q /2M(E„-E&)
and (b) y =(E„-E&)/E~ for the events with visible
strange particles.

8'~(visible V ) =0.034+0.013.

The latter result is compared with measurements"
using higher-energy neutrino beams as well as
data from electroproduction and photoproduction
experiments in Fig. 18.

Figures 19(a), 19(b) displays the x=q2/2M(E„
—E„)and y = (E, —E„)/E, distributions of the
strange-particle events. The strange-particle
events tend to populate the larger-y and smaller-x
values when compared to the inclusive sample of
data.

Finally, we note that the two events of single-K-
meson production (events 9 and 10) occur at the
small values of x expected sine.e they can only
come from the quark/antiquark sea.

exists in 3lpo of the events. By examining the
unique four- and five-prong events (those where a
v scatters or decays, or where the p decays), it
was decided to resolve the p, /v ambiguity as fol-
lows: If the faster negative track has momentum
greater than 0.5 GeV/c and the ratio P „„/P„,„of
the faster-to-slower negative tracks is greater
than 1.5, then the faster track is classified as the
muon. For the three ambiguous events not re-
solved by this rule, the hypothesis with the smal-
ler total hadronic mass was chosen. Based on the
unique events, it is estimated that 2+1 events have
been misclassified using these techniques.

The second type of ambiguity, present in 2(P/p of
the four- and five-prong events, is the m'/proton
mass ambiguity. This condition can exist when-
ever two positive tracks have momentum greater
than 1.0 GeV/c so that ionization information is not
available. Based upon the unique events of reac-
tions (4)-(6) and (13)-(16)and the properties of the
&p- g pn' events, the ambiguity was resolved by
choosing the faster positive track as the nucleon.
The estimated error in the resulting track class-
ifications is 1+1 events. The numbers of events
assigned to the various reactions are given in Ta-

I.QQ

0.75—

V. EVENTS OF THE FOUR- AND FIVE-PRONG TOPOLOGY

There are 44 neutrino-induced events inthe ex-
periment with four or five charged particles in the
final state. These events are classified as belong-
ing to the final states listed in Table I as follows:
(4) (p Pn'm'm ), (5) p Pm'w'n mo, (6) p nm'v'm'n, '

(13) g pm'v, (14) [p pn'n (lme), I ~".1], and (15)
[p, nn'n'v (mv'), m~ 0]. As was done for the g p
and p, p p final states, three- constraint kinematic
fits were performed in order to isolate the events
of reactions (4) and (13). Events with X' probabil-
ity less than 1% for the 3C fits were classified as
belonging to reactions [(15) or (14)7 or [(6) or (5))
depending on the presence or absence of an ident-
ified proton in the final state. In all cases, we as-
sumed only a single neutral particle was produced
in the event.

After kinematic fitting, there are two types of
ambiguities which can occur. First, there is a
p /v mass ambiguity whenever the two negative
tracks both leave the chamber without undergoing
a strong interaction in the liquid. This ambiguity

0.25—
Al 6

0.00—

vp p p1I' 'll 1T

Vh /L PWV

p wr~v+s

0.50—

0.25—

0.00
I 4 5 6

Ep (GeV)

FIG. 20. Excitation functions for (a) the double-pion
production reaction vn p px+m, (b) the sum of the
three triple-pion production reactions, i p p pp+ m+7t

vn p pm 7( mo, and vn p ri m.+x'x
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FIG. 21. Scatter plot of q versus p7t+7t mass for
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FIG. 22. Nm mass distributions for the constrained
four- and five-prong events (a) M(pm ) for events of the
reaction vn p. p~+~, (b) M(pe+) for the events of the
reaction ~n p p7r'~, and (c) M(pm' ) for the events
of the reaction vp p, -pm'm'm-.

ble I.
The excitation functions for v~-g pm m and for

the sum of the three-pion production reactions vp
—p. pm m n, vn- p. pn' m mo, and vn- p, nm+m'm are
shown in Fig. 20. The cross sections rise quickly
from threshold, and for E„ in the range 3.5-6.0
GeV are about equal to the cross sections for the
vg —g p and vp-p p7t' reactions.

Only the vn- ILL pz'z data sample is large enough
to permit a study of the production dynamics.
Figure 21 shows the correlation between q' and

the pv'» invariant mass. Most of the events have
low q2, but there is no apparent structure in the
mass spectrum. Figures 22(a)-22(b) show the pw

and pm' mass distributions; some evidence for
(1236) production is apparent. The w'w mass

spectrum (not shown) gives no evidence for p (760)
production.

The events of reaction (4) also show a clear a"
signal as seen in Fig. 22(c), but no ot'her resonance
production in reactions (4)-(6) and (13)-(15)is
evident in any of the multipion production events
at our present low statistical level.

VI. MULTINEUTRAL FINAL STATES

A. Kinematics

Mo' =~+a (4)

The quantities C and D are computable for each
event in terms of the observed particle momenta

We have discussed the analysis of the events with
four or more charged prongs in the previous sec-
tion. For that data sample, the unconstrained
events were assigned a single neutral particle
either, m or neutron. This technique can be used
because of the low pion multiplicity observed with
the flux of this experiment. We now describe the
method used to separate events of the two and .

three-prong topologies with one neutral particle
from those having more than one missing neutral.
The approach is statistical, relying upon the 3C
fits in the final states with single and multiple
pions, and the assumption that the kinematical dis-
tributions are similar for the mixed charged-neu-
tral and for the completely charged final states.
The method described permits us to separate the
multipion background from the single-pion final
states p. pm and p, ~m' at incident neutrino ener-
gies above 1.5 GeV and thus is complementary to
the analysis given in Sec. II B.

Events of interest with multiple missing neutrals
are categorized into the reactions listed in Table I
as follows: (2) [g pv'(Iv'), l~1], (3) [p, nv'»'(mv ),
m~ 0], (11) [p p(kvo) k ~2], and (12) [u nv+(&»0),

l~ 1]. Each of these events appears as either a
two-prong [reactions (11) and (12) with an unseen
spectator], or a three-prong topology In the .deu-
terium portion of the data, events of reactions (2)
and (3) also have unseen neutron spectators. Be-
cause these final states are undereonstrained, the
incident neutrino energy cannot be directly com-
puted from the observed particle momenta.

In order to describe the kinematics of the under-
constrained events, we note that the incident pro-
jectile is massless, and thus there is a linear re-
lation between the incident-beam energy and the
mass-squared of the missing neutral system:
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and masses and are given by

C = M — E]) — Pq

jr=2 M- E + P] (6)

(a}
1—

where M is the target mass, the summations are
over all the observed tracks (including the specta-
tor for deuterium events), and P„is the component
of momentum along the incident neutrino direction.
The quantity C is the four-momentum between the
neutrino and the neutral system, whereas D is re-
lated to the transverse momentum'of the neutral
system as can be derived from (6):

M2
D=2(EO —Po„)=2pro+ + ~ ~ ~ .

0

CP

ED
CQ

Cl

I I I
I

I I j ~ I I I I I I

-1 0

G (GeVt)

I
I I I

Three rules follow immediately from these rela-
tions for the true neutrino-induced events: (a) C
and D are correlated by Eq. (4), (b) for events
with no missing neutrals, Mo' = 0 and C =D = 0, and

(c) D ~ 0. Finally, we note from Eq. (4) that if a
scatter plot is made of D versus C, lines of con-
stant E, radiate into the upper half of the plot
originating from the point of the C axis equal to
Mo for each event. Of course, Mo' is only single
valued for the reactions with a single missing neu-
tral.

- (b)

1—
CP

CP

o
0

X

X X
I

I

X' Ii ~+&4~X
X ' IQ

~
' .I I

~ p, pv'

x p pX

B. Selection criteria
I I I

[
I ~ I I I

I
I I I

1 2

All two- and three-prong events which did not
give an acceptable fit to the g pv'(n, ) or g p(P, )
final states were used in the analysis. Assuming
the negative track to be a muon, the other tracks
were assigned the pion and proton masses in turn
unless the particle was identified by ionization,
scattering, stopping information, or helix fit re-
siduals. As an illustration, we show in Figs. 23(a)
and 24(a) the C-D scatter plots for two-prong
events, and three-prong events with a visible spec-
tator. In Figs. 23 and 24, the final state is as-
sumed to be iL pX or p v'X, respectively. When
the fast positive track could not be identified, the
event appears on both plots. In Fig. 23(a), a large
clustering of events appears in the unphysical re-
gion having D & 0. These events correspond to in-
cident low-momentum protons that scatter in the
liquid.

In Fig. 24(a) we see a band of events extending
from the unphysical into the physical region. The
events in this band result from incident charged
pious that scatter or decay, thus faking a two- or
three-prong neutrino event. As the observed mo-
menta nearly balance,

G (GeV~)

FIG. 23. Distribution in the variables C and D (de-
fined in the text). (a) All two-prong events of the final-
state p pX (plus three-prong events with a spectator
proton). The. large clustering of events with D &0 cor-
responds to background from the incident hadrons
that scatter in the liquid. (b) Predicted distributions
for events of the p, pm final state shown as dots and
events of multiple neutral-pion production p p(k 7t. ), jg

~2 shown as crosses. The distributions for the single-
pion final states are calculated from the Adler model
whereas for the multiple-pion production data, we use
the multipronged events.

and so

The dark band in Fig. 24(a) clearly follows this re-
lation, confirming these events to be mostly back-
ground. The clustering of background events in
Figs. 23(a) and 24(a) occurs because of the low mo-
menta of the incident hadrons, predominantly &1

GeV/c. Applying the selection D &0 eliminates
most of the background in the proton case while
leaving the signal unchanged.
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FIG. 24. Distribution in the variables C and B (de-
fined in the text). (a) AG two-prong events of the final-
state p v+X (plus three-prong events with a spectator
proton). (b) Predicted distributions for events of the
p n~' final state shown as dots and events of the type
p nN (l~ ), l&= shown as crosses. The distxibutions
for the single-pion final state are calculated from the
Adler model, whereas for the multj. pie-pion production
data, me use the multipronged events.

In order to eliminate the background inthe w'

sample, a set of colinearity cuts were applied to
the data similar to those described in Sec. II B.
However, whereas previously these cuts were ap-
plied tp all the data, they are now applied only to
the events within the band shown in Fig. 24(a). Us-
ing the constrained sample of multicharge pronged
events [reactions (4) to (6) and (13) to (15) of Table
I j and applying the same cuts, we estimate that no
loss of real events occurs for the multineutral final
states. However, a correction of 5.5%%uc was neces-
sary for the p gg' channel.

Each event in the physical region satisfying the

above cuts was examined on the scan table to check
consistency and search for neutron scatters and y
rays. Protons with momenta less than 350 MeV/c
were classified as spectators. In this way, mass
interpretations were unambiguously assigned to
8F/~, of the events. The ambiguous events were
weighted equally into each appropriate final state
consistent with the various mass assignments for
each track. The three-pronged events (without a
proton spectator) were analyzed in a similar way.
For this sample, the background was relatively
less important-.

We have now selected the sample of neutrino-
induced events and assigned the positive track to
be either a proton or m'. In order to isolate the
single m from the multi-m' final states, we again
rely on the constrained multicharged data. By
dropping appropriate combinations of tracks, these
final states could be used to simulate the uncon-
strained reactions. In Figs. 23(b) and 24(b), we
show the resulting Q-D values for these simulated
events as crosses. The single-pion final states
p, pm and p nv' were simulated in two ways: (a)
using the constrained p, pv'n, events, and (b) using
Adler's model as discussed in Sec. IIC for hadron-
ic masses up to j..4 GeV and phase space for higher
masses. The resulting distributions were not
noticeably different, so we decided to use method

(b). The C Ddistrib-utions for these simulated
events are also shown in Figs. 23(b) and 24(b) as
dots.

The p, pm events separate well from the p pX.
events, the latter populating a region with C
&-0.3 GeV'. This separation can be related to the
threshold behavior observed in the multipion cross
section. -On the other hand, the ji ~'n and p, m'X

final states appear to have a larger overlap be-
cause of the large missing masses present.

Assuming that the kinematics of the data are sim-
ilar to the simulation, we have made a statistical
separation. The C-0 plots were divided into bins,
and weights were assigned to each event based on
the probability that it belonged to the single-neu-
tral or multineutral final state.

An estimate was made of the background in each
channel resulting from events induced by incident
neutrons. Using the reaction np -ppn to normal-
ize the neutron flux, a total of eight background
events were estimated. Misidentified neutral- cur-
rent events contribute less than one background
event. After subtracting the background and cor-
recting for scanning inefficiency, losses due to
cuts, unmeasurable events, and the q' loss de-
scribed in Sec. DB for the g pg final state, the
final number of events is shown in Table I.

No attempt was made to separate the single-
neutral from multineutral events in reactions (2)
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TABLE X. Errors on assigning the neutrino energy.

(PP;&
Final state (GeV/c) (GeV/c) (GeV) (Gev) (GeV)

) P„)Igp (P„]l@ (P~)T~~

P, 7l+P(g )
b

p, ~+p(~,)+x'
p &'& {gs)+x
p ~'n(p, )

I -~+&(p,) +X'
p, 7r'p(p, )
p p(p, )+x'

0.1
0.06
0.06
0.05
0.05
0.05
0.05

0.7
1.8
1.1
0.8
I.o
1.2
1.5

0
0 4
1.0
1,2
1.48
0.36
0.52

+0.07
+1.03
+0.063
+0.04
+0.05
+0.06
+0.075

+0.1
+0.06
+0.06
~0.05
~0.05
+0.05
+0.05

0.20
0,08
0.06
0.05
0.20
0.14

0.26
0.23
0.05
0.22
0.05
0.12

0.33
0.24
0.08
0.23
0.21
0.18

Spectators are unseen because they are neutrons or protons with momentum —110 MeV/c.
Only for events not giving 3 C fit, I.e., P,v -140 MeV/c.
Error due to assigning zero momentum to an unseen spectator (zero if spectator seen).
Errors in assigning the neutrino energy either by OC fit for single missing neutral or

multicharge simulation in multineutral case.

and (3) due to the small number of multineutral
events. However, as described in Sec. IIA, reac-
tion (2) has a background contribution from it ptt'
events in deuterium where the neutron spectator
has la, rge momentum. Because the true 3C fits
will populate near the origin on the C-D plots and
be spread out due to the missing spectator momen-
tum, a cut of C &-0.21 GeV' was applied to remove
these p, pm'~, background events. This cut was
tested using the p, pp, fitted events and was found
to eliminate all of the background; a corresponding
correction factor of 1.10 was necessary for the
p. pm'ln events effected by the cut. The corrected
numbers of events are summarized in Table I.

C. Neutrino-energy assignment

The neutrino energy was assigned to each multi-
neutral event using the C and D values for that
event and the correlation of neutrino energy with
these variables. The mass of the neutral system
was parametrized using the form

Mo = n P+Cy+D+ LCD. (7)

After dropping the appropriate tracks from the
constrained multiprong events, a fit was per-
formed for each multineutral channel to Eq. (7)
where Mo' is now a known quantity since we know
the vector momenta of the discarded tracks. Using
the fitted constants in (7), each multineutral event
was assigned a Mo' value and, therefore, an E,
according to its measured C and D values. The
estimated percent errors on determining E„with
this method are given for each final state in Table
X, denoted as (f)P/P„)s.

Also contributing to the error in assigning E, is
the effect of an unseen spectator. The magnitude
of this effect can be shown to be

AC=Crea —C „,=—-Ps QP~,
.&D=Dre~ -Dmeas=—Ps p ~

where Ps refers to the spectator. +Pl will be
roughly in the v direction, therefore the equations
become

AC =-Ps„P~,
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FIG. 25. Distribution in the variables C and B (de-
fined in the text) for fitted events of the p pm+n, final
state. The measured track quantities are used in the
calculation and the distribution along a line through the
origin is a result of the unmeasured spectator momen-
tum.

0=&s.~

The effect of the unseen spectator will appear then
on the C-D plot along a line of negative slope inter-
cepting the origin. We illustrate this behavior
coming from the unseen spectators in Fig. 25,
where we plot t" against D for the fitted events of
the )I ptl'n, final state that has an unseen neutron
spectator. There is a clear linear relationship as
predicted by (8) and (9). In Table X, we give an
estimate of this source of error as (5P„/P„), .
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FIG. 26. Distribution in the Nx mass for the sum of
, the events in the final states p pm and p h n+ 'separated
as described in the text. The distribution extends above
the b, region, perhaps reflecting the production of
high-mass T =

2 isobars. The curve is a prediction of
the A'dier model.

D. Hadronic mass distributions

First we compare our results for vga- p, Np with
those presented in Sec. II, which were obtained
using a quite different analysis. The Nm mass plot

FIG. 27. Distribution in¹r7t. mass combining all data
from the final states j(L P7t+ g, p p~ ~, p & ~+~,
p pm+~', and I

-n n'~'.

appears in Fig. 26 with the curve given by the
Adler model. This plot is consistent with the data
presented in Sec. II and in Fig. 3 except now the
distribution extends to somewhat higher masses.
Making a cut at I(Nil) = 1.4 Gep, we obtain the
same results for R' and g" within the errors pre-
viously quoted.

Combining the charged-multipion sample dis-
cussed in the previous section with the multineu-
tral sample, we have searched for evidence of
higher N* and a resonances. The &*(1525),
&*(1688), and g(1950) have been predicted to be
present by Zucker, ' and they should appear in Nz,
Nmm, and gg final states. In Figs. 26 and 27, we
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show the total single-pion and double-pion mass
plots where we have placed all events of the type
IU. pX and p, n+X into the double-pion distribu-
tion. There is no clear evidence for any higher-
mass resonances, though there is an accumulation
of events in the 1700-MeV mass region. The next
higher ~ resonance predicted by Zucker is at 1950
Me7, and with his cross-section prediction we ex-
pect only a total of three events in the Nm mass
plot.

Assuming that all events with hadronic masses
from 1350 to 1850 MeV are due to N*(1525) and

N*(1688) production in both the single- and double-
pion mass plots, the integrated cross sections and

branching ratios are consistent with Zucker's pre-
diction.

VII. PROPERTIES OF THE INCLUSIVE DISTRIBUTIONS

Data from lepton-nucleon scattering experi-
ments, when compared to recent predictions of
asymptot'. cally free gauge theories (AFGT), show

that the concept af scaling in the nucleon structure
functions can be extended to low energies without
defining new variables. " The change of the distri-
butions with q' over a wide energy range is ex-
plained by scaling violations of the in@ type.
Specifically, it has been shown that the energy de-
pendence of the neutrino-nucleon g distribution can
be represented by the expression"

C

CI

CP

Al
E
CP

CD

I
C)

I

4—
(b)

ur
)

Z, (x, q,') (2~Ex ""&

dx ' 1+f(x) & q,
'

where f(x) =0.25 —x.
At very low energies, only one or two exclusive

channels are kinematically allowed and so these
ideas should not apply. Our data extend from this
threshold region into the kinematic regime where
the scaling ideas are valid. In this section of the
paper, we investigate this approach to the scaling
region and, in addition, compare our data with re-
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FIG. 29. (a) The total vN cross section, defined as
half of o.(ug), as a function of neutrino energy E„,. The
full line represents a linear fit through the origin,
whereas the dashed line is the best linear fit without
thi. s constraint. (b) The ratio of the vn to vp cross
sections as a function of neutrino energy. The filled
circles correspond to all channels, whereas for the
open circles, the quasi-elastic events have been re-
moved. (c) Mean four-momentum transfer squared
(Q2) as a function of neutrino energy. The dotted curve
represents (Q2) = -0.01+0.35 E„;the solid curve is a
typical Q PM prediction.
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elastic events are shown shaded.
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suits from the high-energy experiments,
Figures 28(a), 28(b) shows the distribution of

events in neutrino energy separately for neutron
and proton targets. The reactions are, of course,
dominated by the quasielastic (g p) and single-
pion production (p pw') final states, respectively,
as shown by the dashed histograms. The vN total
cross section, defined as the mean of the vg and
vp cross sections, is given in Fig. 29(a). The er-
rors include a systematic flux uncertainty of al(P/p

folded in with the statistical error. Within errors,
the cross section rises linearly with E, almost
from theshold. A linear fit yields or(v&) = I(-0.0V

+0.05) +(0.96+0.06)]&&10 "E„cm'/nucleonGeV.
With the constraint that g~ =0 at E,=O, one has
or(vN) = (0.8V + 0.03) &10 "E„cm'/nucleon GeV with
y'/DF =4.4/V. The only other vN cross-section
measurement in this energy range is from a freon
target in Gargamelle. " That experiment measured
a slope of 0.81 ~0.03 in the energy range 1-18
QeV. The results of the two experiments agree,
although the final result of each experiment has
changed somewhat from those initially published. "

Since the neutron has two down quarks and the
proton only one, the simple quark model predicts

I I I I —25

that the total-cross-section ration 8 =o„(vn}/or(vp)
should be 2.0 if only the three valence quarks con-
tribute. Recent specific scaling fits to electron,
muon, and high-energy v data predict a value of
1.95 a 0.03.' Our measured cross-section ratio is
shown in Fig. 29(b) as a function of E„. The open
circles show the ratio with the quasielastic events
removed. We use only the deuterium data in this
plot so the measurement is independent of the flux.
After a strong fall at low energies, where the
quasielastic events dominate, the ratio levels off
at about 2. For E,&1.5 GeV, we measure R =1.95
+0.21 for all the data and 1.12 +0.13, rising with
increasing energy, if the quasielastic events are
removed. Our results show that the scaling value
is approached quickly.

Another check on the approach to scaling can be
made by looking at the mean squared four-momen-
tum transfer between the leptons, (q'), as a func-
tion of E„. As seen in Fig. 29(c}, (q') rises with
E„and, using all the data, the best linear fit is
(q') = (-0.01 +0.04)+(0.35 +0.02}E„with (q') in
(GeV/c)' and E„ in GeV, as shown by the dotted
line in Fig. 29(c). The fit is not good (}('/DF 15.2/6).
Restricting the fit to the events with E„&1.0 GeV
gives (q') = (0.16~ 0.08) +(0.25 ~0.04)E„with y'/DF
=2.5/2. The fit is in agreement with that obtained
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FIG. 32. Mean values of the scaling variables x and

y as a function of neutrino energy. In both cases, there
is a rapid rise to the scaling values. The full line in
(a) shows the expected change of (x) with E„because of
scaling breaking. The dotted line at (y) =0.5 corres-
ponds to the mean value for a flat y distributtion.
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in the Gargamelle experiment" where (q')
= (0.12 a 0.03) + (0.23 a 0.01)E„represented the data
with E„&1GeV. The finite intercept presumably
arises from the v energy thresholds for the quasi-
elastic and single-pion production channels. The
solid curve shows the prediction of a typical QPM
calculation.

The distributions in the scaling variable y are
shown in Fig. 30 for vd interactions and the energy
selections (a) 1 &E„&2 GeV and (b) 2 & E„&6

GeV. The y distribution is somewhat different in
the two energy ranges, and is flatter for the high-
energy selection in agreement with the expected
scaling distribution. The contribution from the
quasielastic channel vn p, p is shown shaded. In
a low-energy experiment, the kinematical restric-
tions on y are important and favor the central y
range.

Thehdistributions in the other scaling variable
are shown in Fig. 31. In this case since the quasi-
elastic events have a singular distribution peaked
at x=1, we do not include them in the plots. In
Fig. 31(a) we show the x distribution for the 2 & E„
& 6 GeV selection separately for n and t) targets.
The distributions agree well, so that at the present
statistical level, our results do not show evidence
for a leading quark in the nucleon. The x distribu-
tion for vd interactions with the two energy selec-
tions 1 & E„&2 GeV and 2 & E„&6 GeV is shown in

Fig. 31(b). The ~ distribution is narrower for the
higher- energy selec5.on.

The average values of g and y as a function of
energy are shown in Fig. 32. For the distribution in

(x), there is a rapid rise from threshold followed
by a slow fall. The curve in Fig. 32(a) shows the
~ distribution from eg -e~ inelastic scattering at
q' =3.0 (GeV/c)' modified using Eq. (10) appropri-
ately for the 2-6 GeV neutrino;energy range of
our data. The agreement for the higher-energy
data is good when this form of scale violation is
used. For the y distribution of Fig. 32(b), the rise
towards the value of 0.5 expected in the simple
quark-parton model is very rapid.

The inclusive data then rapidly approach the dis-
tributions expected in the simple quark model and
then develop with energy in the manner expected
by the AFGT. This behavior is remarkable consid-
ering that the bulk of the data are in the resonance
region.
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