PHYSICAL REVIEW D

VOLUME 18, NUMBER 5 1 SEPTEMBER 1978

Field-theoretic model of composite hadrons. I

S. P. Misra

Institute of Physics, A/105, Sahid Nagar, Bhubaneswar-751007 India
(Received 7 April 1977)

We discuss here a field-theoretic model of composite hadrons with quarks. The quark field operators
are assumed to be broken up into particle and antiparticle components at any time ¢ similar to the large
and small components of a free-Dirac-field operator. This assumption is made consistent with equal-time
anticommutators. This implies that the Dirac Hamiltonian for quark field operators has four components:
the particle, antiparticle, pair-creation, and pair-annihilation components. For a simple ansatz for the field
operators, the latter two components need not vanish. The particle and antiparticle components along with
some potential-like interactions are assumed to generate the hadrons as composite states. With the usual
form of weak and electromagnetic currents, this yields some corrections to the Van Royen-Weisskopf
relations and gives excellent agreement for the static properties of the nucleons. It is seen that the pair-
creation component of the Hamiltonian can generate ¢ > KK decay, with a correct branching ratio for
I'(p ~> K*K~)/T'(¢ > K°K®). Thus, the pair-creation Hamiltonian seems to be the dynamical explanation
of the Okubo-Zweig-lizuka rule. Further, the pair-annihilation component of the Hamiltonian with
minimal electromagnetic interaction also generates ['(r® = 2y). With the mixing angle obtained from the
quadratic mass formula, ['(n = 2) also seems to have a reasonable prediction. We have considered only

nonrelativistic hadrons hoping that a potential-like description is valid in such a frame of reference.

I. INTRODUCTION

We shall consider here a field-theoretic model
of composite hadrons described in terms of
quarks. We first consider the quark field opera-
tors as four-component Dirac field operators
which need not satisfy the free Dirac equation. We
then break up these field operators into particle
and antiparticle components in a manner to be
specified. An ansatz for this breakup of the field
operators is made which is consistent with equal-
time anticommutators of the Dirac field and with
translational invariance. The “large” and “small”
components of these operators are consistently
retained without assuming that we have the free
Dirac equation.

We next consider the Dirac Hamiltonian corre-
sponding to these operators. This Hamiltonian can
have four components: the particle Hamiltonian,
the antiparticle Hamiltonian, and the pair-creation
and pair-annihilation Hamiltonians. For the free-
Dirac-field Hamiltonian, the two latter components
vanish. However, we note that, consistent with our
ansatz, these need not vanish in general. The par-
ticle and/or antiparticle Hamiltonians, together
with a potential we do not know, or with a poten-
tial-like interaction we do not understand, are as-
sumed to yield composite hadrons as eigenstates
of the Hamiltonian. For an interaction capable of
being written with an effective potential, conven-
tional field-theoretic techniques' using only equal-
time anticommutation relations will yield the equa-
tions for the wave functions of composite hadrons.
This can give rise to the usual mass-eigenvalue
equations of the nonrelativistic quark models.?

Here in this paper we do not enter into this aspect
of hadron spectroscopy since we regard this as a
very difficult problem, in spite of the many fairly
successful attempts.? On the other hand, we as-
sume that suitable solutions exist, and attempt to
exploit the consequences.

Here we note that we are essentially using the
Schrédinger equation. We prefer to do so because
we want to obtain the composite hadronic state in
terms of constituent-quark field operators at any
fixed time £, We consider that the composite state
should be capable of being described on a space-
like surface as a functional of the constituent field
operators on that surface. For simplicity we have
taken them as equal-time surfaces. Partovi® has
given a covariant formulation of bound-state prob-
lems which in the c.m. of the bound state yields a
Schrédinger-type equation. For covariance we have
essentially such a picture in mind, instead of the
usual Bethe-Salpeter equation,* where the time de-
gree of freedom is known to yield extra energy ei-
genvalues® and the problem of physical interpreta-
tion of the wave functions.®

The above comments, considered in the context
of the present paper, do not constitute an essential
assumption. What is really assumed is that a
potential-like interaction for the quark field opera-
tors exists in the rest frame of the hadrons. Hence
we do not attempt to maintain covariance for the
quark field operators. Instead, we try to retain the
whole Dirac field operator which could describe
the quarks as constituents of hadrons at rest, in-
cluding relativistic motion of quarks inside the
hadron.” We are looking for an essential parame-
trization of this field operator that will yield some
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known properties of the hadrons.

We use these quark field operators in the usual
form for weak and electromagnetic currents. This
gives the usual Van Royen-Weisskopf relations®
with corrections coming from “small” Dirac com-
ponents. Also, 7" —=7°+e* +v, is uniquely deter-
mined in this model with no arbitrary constant
involved and is consistent with the usual symmetry
property of the conserved vector current.®

It is known that the three-dimensional harmonic-
oscillator wave function describes the composite
hadrons fairly well,'® particularly for baryons. We
note that g,/g,, magnetic moments, and the charge
radius of the proton come out extremely well with
a simple parametrization of the Dirac field opera-
tor for the quarks.

With this parametrization, the quark-pair-crea-
tion term of the Hamiltonian does not vanish. It is
noted that this term alone canpredicta T'(¢ - K'K")
width for a reasonable harmonic-oscillator wave
function if we do not take colored quarks. Even
when colored quarks are there, the disagree-
ment can be understood in a qualitative manner.
This also yields a correction to I'(¢ =K *K~)/
I'(¢ -~ K°K °) as would otherwise be determined
from phase space only, and is in better agreement
with experiments. The fact that the quark-pair-
creation term in the Hamiltonian does not vanish
can be a dynamical explanation of the Okubo-Zweig-
Tizuka rule.'’ Any violation of the same will be a
higher-order effect (for which we have at present
no prescription), or, more likely, is due to mix-
ing. In the latter case it will be closely related to
hadron spectroscopy of mass levels, whichwehave
not yet discussed.

With minimal electromagnetic coupling, the pair-
annihilation term of the Hamiltonian also generates
a Hamiltonian which describes I'(7°-~29) in a rea-
sonable manner, when the correction term for the
Van Royen-Weisskopf relation is ignored in the
pion weak decay. If the wave function at the space
origin for pseudoscalar mesons remains unaltered,
this also correctly predicts I'(n -2y). However,
these results seem to involve a modification of our
ideas on gauge transformations, and thus, in the
context of a unified picture of electromagnetic
and weak interactions, need further investigations.

In all cases only firsi-order calculations are
made using equal-time anticommutators of the
quark field operators along with translational in-
variance. The agreement, although mostly good
for the cases investigated, must be regarded as
tentative and qualitative. However, this gives an
opening through field theory to hadronic dynamics
which would be useful. In fact it is nice to see that
a simple field-theoretic model with only equal-
time anticommutators and translational invariance

is as successful as seems to be the case here.
This method through field theory not only gives
better insight into the conventional way of retaining
large components in wave functions as has been
done by many authors,'? but gives a much broader
perspective to hadronic dynamics.

II. GENERAL THEORY

We shall consider here a spin-3 four-component
field operator for quarks in the presence of a po-
tential. We first consider a simple ansatz regard-
ing the quark field operators as follows. We as-
sume that the quark field operator ¢(x) can be
broken into two parts,

Ya(®) = Q%) +Q(x), (1)

where @(x) stands for annihilation of the quark and
Q(x) stands for creation of the antiquark. We next
take the two-component form of the quark field op-
erators as follows:

-

F=97)
= 5. 9g(-99 | & (2)
and
Q) = ( o sgsz)> Q. (3)
£(=97

In Egs. (2) and (3), f and g are, as noted, differen-
tiation operators. @, (x) and §,(x) are two-compon-
ent field operators introduced so that they have
translational invariance in the usual form. Thus
¥o(¥) has normal transformation under translation.
Differentiation operators are chosen to maintain
translational invariance. The above operators will
describe “constituents” of hadrons in their rest
frame or at nonrelativistic energies in an obvious
manner which we shall specify later.

We next consider the operators at time /=0, and
take their Fourier transforms as

Q) =(2n)'3’2[( T > @ ()
G-kgk?

X exp(ik - X)d3k (4)
and
é(:‘c)=<2n)'”2f("'kf"kz)>@(i)
f(k?)
x exp(-iK - X)d’k. (5)

For the two-component operators, we assume the
anticommutators

(@, X), &L @), =[@r, &), &G ). =6, -7),
(6)
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and that all the other anticommutators vanish. The
corresponding anticommutators in “momentum
space” for equal times will also be valid.

For a moment we now use the notation

@(ﬂs(“”‘"’)
0

[Qu®), QU =@n f [ 12 LI (g LB

We also use

Q, (%) = ( ° >
Qr (k)

for a moment as a four-component object and re-
write Eq. (5) as
Q@) =02 [ (f +g5- B)Q &) exp(~ik - )d%.
(9
This yields, again using (6) in momentum space,
[Qu(X), @4,
=(2n)—3f [fz (1-9) +g2E2 (1+p) +fg_& . E:,
‘2 2 aB

x exp[-ik « (X -§)|d%k. (10)
Thus from (1), (8), and (10), one obtains

[aa®), s, =20 [ (£2+8°K*) os
x exp(ik - (X - §))d%
=0,g0(X-¥), (11)

even when interaction is present. Hence, in the
ansatz (2) and (3), f and g will not be independent;
rather, we must have

FAR?) +g2(k%)k2=1, (12)
or
FA=V?) =1+g%-V?)V2. (13)

Hence, in a formal manner Eqgs. (2) and (3) are
now rewritten as

1 +g02'§2)1/2
CEEN W e (14)
and

iG- Vgg

é')()‘)z ((1 +gQ2‘62)1/2> Q{ (%) . (15)

as a trivially four-component object and rewrite
Eq. (4) as
QE)=2n"2 [ (1 +53 - B)Q () exp(iK - X)d%
(7

Then from Eq. (6) in momentum space one obtains

exp[ik- (X-7))d%k. (8)

+fga - E:'
aB

Equations (14) and (15) are consistent with equal-
time anticommutators for the Dirac field yg(x).
gq may depend on the quark chosen, which we have
now included in the notation.

We now consider the Dirac Hamiltonian density

Fyo(0) =9 X)(=E & + V + Bmg)Pg(¥):
= Jg(x) +3C5(X) +V g+ 5(X) +VG+e(¥) . (16)

In (16), we have broken the Hamiltonian into four
components: JCy and JC5 are respectively the quark
and antiquark Hamiltonian densities and Vg+g5 and
UVg+q are respectively pair-creation and pair-anni-
hilation terms which may not vanish identically.
We shall subsequently see that these Hamiltonians
can give relevant physical processes for composite
hadrons.

We then use the breakup (1) with (14) and (15) and
substitute in (16). Then, ignoring space-divergent
contributions in the Hamiltonian densities, we ob-
tain

Ho(%) = QF (N mo( fo® +£07V?) - 2f 0gqV2]Qr (%),

(17)
3e5(x) =: @ ([ -mo( f &* +84°V?) +2fa8aV 1@ (0):,
(18)
Vatg (x)= QI (0[(-iT - V)(fg +£4°V"
-2 mogofo)](:)[ (%),
(19)
and
Vgte(0) = QN (N[(-iT - V)(fo +£4°V*
- 2mqfagq)l@ (%) .
(20)
We note that for free-quark-field operators
8o =[20%p° +mQ) /2, 21
and thus
fa= (0" +mQ) /(2p°)2 (21
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where
P =(mg® - v2)! /2 (217

In fact, we write the particle component of the
free Dirac field as

Q) =(2m) 2 f( Ja

>Q1 (B) exp(~ipx)d°p,

-iG - Vgq
(22)
where fg and gq are given by (21) and (21’) and
GE) = 2 @B, (23)
r=:1/2

In such a case, i.e., for free quark fields, one
gets from (17) and (21)

eglx) = Q) (0)(mg? - V2)/2Q, (). (29)

We have a similar expression for 3C3(x), and the
quark-pair-creation and quark-pair-annihilation
components identically vanish. However, for
quarks representing constituents of a hadron,
strongly bound in 2 manner we do not understand,
such an identification by taking Eq. (21) may be in-
appropriate. For a posteriori reasons, taking gq
as a constant depending only on the quark appears
to be more reasonable. Technically, our intention
here is to keep gg as arbitrary, and see whether
we can associate meaning to these as constants
dependent on quarks and/or hadrons of which they
happen to be constituents.

We shall now consider hadrons to be composite
objects obtained as eigenstates from quark and/or
antiquark components of the Dirac Hamiltonian
(16) bound by some potential, the nature and the
origin of which we do not at present understand.
For example, let us consider the Hamiltonian den-
sities 3Cy(x), 3z (x), 3ol x), 3Gi(x) and the spin-singlet
and isospin-triplet potential

Vel =2 f 9 &, 71,3, (7, Hog(X-7)

X 617(37, t)Tin (i) t)daxd3y . (25)

In (25), we have adopted the notation

Let us now construct the state

a’(m(0) vac)= (2m)~/2 f? f a(&, D4, (F, 1)

xu (X -y)d®xd®y|vac) .
(2m
We easily see that for any /, (27) is an eigenstate
of

Hy(f) +Hy () + He(t) + Hz(8) + V()

with an eigenvalue 7, and with total momentum
zero provided
(2, (2 +87V?) = 4f gV? + V(X (X )=t 1(X) .
(28)
Equation (28) is the Schrédinger equation written
down in a formal manner using (6) where both the
large and small components of the constituent field
operator have been retained. Equal-time anti-
commutators are adequate as long as we can ap-
proximate the interaction through a potential which
we have assumed here for the rest frame of the
hadrons. Equation (28) will give mass levels for
hadron spectroscopy, which we can write down in
a conventional form with heavy quarks with the
usual approximation for g as in (21). The relativ-
istic corrections for quarks have been retained in
(28) in a formal manner. The advantage gained is
that we can use the operator expressions for elec-
tromagnetic and weak interactions through field
theory, and get suitable corrections from “small”
components which we shall proceed to demonstrate.
We regard pair-creation and pair-annihilation com-
ponents of the Hamiltonian as “perturbations”
which will yield decay amplitudes.

III. APPLICATIONS
A. Mesonic interactions and Van Royen-Weisskopf relations

Let us include a color degree of freedom and
write the 7* state at rest as

7400 = @0 e [ OHE) T (R F, - %)
xd®x, d3x,|vac), (29)

@, (%, 1) where 7 is is the color index. Similarly, we can
g & = "7 (26) write the |7%(0)) state. For momenta k such that
(%, 8) |k|< m,, we also have with (26)
- _ 1 - - e - i -
|7°(k)) =(2m)~2/2 oV f ug(X, -%,) exp[ik - (X, +X,)/2] d%x, d*x,q; (X,) ' 7,3 (X,) | vac) . (30)

With (6), Eq. (30) gives the usual normalization
(k)| no(k")y=8(k -k, (31)

provided we use the normalization

r

f luy(®) |2d%x=1. (32)

With Fourier transforms as in (4) and (5), and
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ug(®@) =@n) " [ uy @) expliR- D)%, (33)
one obtains
(7 1 T T 3 3 i
7@ = 575 [ 6@, +R,)d%k,d% g (K)

x qf (K, +3K) '1,q} (K, +3K) [vac) .
(34)

In the above, we construct the bound states with
field operators at time £=0. In our applications
we shall consider translational invariance of the
field operators and the equal-time anticommutators
(6) in coordinate or momentum space, with the
field operators being represented by (14) and (15)
for nonrelativistic hadrons.

1. 7,+—>1r°+e*+ve

The matrix element for the above decay process
is known from the SU(2) property of the weak vec-
tor current. Since the quark model is an explicit
realization of this symmetry, the same result is
derived; however, we do the trivial calculation
here to illustrate the method.

Taking the rest frame of the two pions, the rele-
vant component of the weak current which will
contribute to the above provess is V(x) =i V(x),
which has the necessary term

T (x)y 0 @ (x) + T (x)y ° ()
=) [T+ @) - (E9NF ()
ST +(ED) - (29NFF (9. (35)
In deriving (35), (4) and (6) have been used, and
the arrows indicate left differentiation or right

differentiation, as the case may be. From (29),
(30), and (35), one then obtains, using (6),

(7%0)| V(0) = iV(0)|7*(0)) =(2m) V2, (36)

where (32) has been used. This yields (f,),=V 2
=1-41, which is an agreeable result.

If we introduce the Cabibbo angle and the Cabibbo
current, we then have'®

(f.)n=V2cosb
and (37)
(f)=V2 sing.

2.t et +y,

We shall take 7" at rest. Then the necessary
annihilation component of the weak current is

I9 (%) =I5 (%) = 1T () = N (%) %%, 0 (). (38)

We take Fourier transforms (4) and (5) in (38) at
time £=0, and thus obtain

720 =(2m | RIE R R?)
+g (&™) &G kNG K))
X ®HK)d3k d3k. (39)
From (39), using (29) in momentum space we ob-
tain

(vac|J2.(0)| 7 (O)) =(21r)'3\f§f (f? - g%, (R)d%k

=(2m 2V B (1 +2g2V2)u,(0)
(40)
=i(2m)/2¢ (m,)!/? (41)
We thus obtain )
cy(mp)'’?
6

I(1+24°92)u(0)] = —E7le— (42)

In Eqs. (40) and (42), #,(0) is the meson wave
function at the space origin. We notice on the left-
hand side of (42) a term dependent on the deriva-
tive of the wave function at the space origin as a
correction to the nonrelativistic-quark-model re-
sult of Van Royen and Weisskopf coming from the
small Dirac components. Substituting ¢, =0.094
GeV, we get

(1 +2g29%)u,(0) | =0.0141 GeV?/> (43)

In the above, we have taken g=gp =gy. We shall
have occasion to use (43) to estimate I'(7°~29y) ig-
noring the correction term to the Van Royen-Weis-
skopf relation later.

3. Electromagnetic coupling of vector mesons

We take e.g. the p°~-meson state with spin 1 as

Ny = -3/2 ___1_
,p1(0)> -(277) m

Xf uﬂ(il - iz)dsxld:’xzq;(l /2)(’?1) '
x qu;(xlz)(iz) fvac) . (44)

The above state is assumed to be constructed in a
way similar to (27) with no knowledge of the forces
which bind to give rise to such states. Now the
space part of the pair-annihilation component of
the electromagnetic current is given, e.g., for the
® quarks, as,
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e, (D) 1A (x) = e, @ (0T +i(Vx V)gg+EE[S(V

Thus (44) and (45) give us on simplification,

- 1 -
(vac (0)20) = (2m = —==3 f il |y +25°0 -
. . R
=(2m) /2 —ﬁ—%— (1 + %’—62%0(0) .

With the field-current identity we have

(VackOIAE = T x i (20)2/2x by
(47)
From (46) and (47) one gets
e e om3l
(1 +3g292)u,(0)| = _J%T, (48)

which is the corrected Van Royen-Weisskopf rela-
tion with a correction coming from the space deri-
vatives of the wave function at the origin. In fact,
if we substitute experimental numbers, we obtain

(1 +2g°92)u,(0) =0.048 GeV¥2, (48")

Thus, the paradox of different values in (43) and
(48’) is not really there. This comment is in addi-

J

-

SRA 18
sV -G V=@ - DV} (D). (45)
)| a2 8 ()

(46)

—

tion to the fact that the singlet and triplet wave
functions #, and #, may not be equal, as appears
to be the case from a comparison of (43) and (86),
which seems to indicate the corrections to be rela-
tively small.

The corrected Van Royen-Weisskopf relations
(42) and (48) can be more relevant if we have a
determination of the meson wave functions in the
neighborhood of the origin, i.e., valid for also
large quark momenta. One can satisfy oneself that
the harmonic-oscillator wave functions are not good
approximations at the space origin in spite of its
many agreements elsewhere.

B. Static properties of the nucleon

We note that with colored quarks, the SU(6) ei-
genstates for proton and neutron can be written in
momentum space as

. 1 - . - . -
p120) =€y | 0, + K, + K ulk,, Ky, k;)d %, d R, d Ry
/ 3V2

> - -

X [0;(1/2)(1(1)'0)‘(1/2) (kz)'m? (-1/2)(k3)'

and
- 1 - - - - -
|"1/2(0)>: 373 €isp fé(r(x*‘kz'*ka)u(knsz kz)dakldakzdaka

X [(p} (1/2)(1{1)?91';(1/2) (kz)fgz;(q/z)(ks)'

The other states can be similarly written. The
harmonic-oscillator wave function may be taken

'en] ]

as
3R*
(51)

,”2

4R D (& - K,

u(k,, k,, k,) :(
i<j

1L n>pte +7,

We shall calculate g,/g, for the above process.
We have, considering only the relevant component
here,

=@ 1oy RIS oy (K )T 12y (y)T] | vac) (49)
_@}('1/2)(121)?51; (1/2)(-122)'9’(; (1/2)(E3)'] Ivac) . (50)
r
T ) =8 (x )3y, 3 (x)
=@ GT+gE[G- VT +¥ (G 9)
-5@- 9. (52)

We now consider 35.(0) for t=0, take Fourier
transforms (4) and (5), and explicitly evaluate
(pl/z(ﬁ)IJs.(OHnl/z(ﬁ)) using (49) and (50) and

thus estimate g,/g,. We then obtain

5

gA/ng 3 fﬁ(ﬁ1+E2+E3)[u(§pE2;.ﬁa)l2d3k1d3k2d3k3

x(f*- gk’ + 3¢k,
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which, upon using (51), yields
5 4 g2

In (53), we have assumed that g is a constant.
This is an ad hoc assumption which seems to yield
g4/gy, magnetic moments, and the charge radius
of the proton simultaneously.

A remark here is worthwhile. Assuming that
g is a constant for quarks inside hadrons along
with (12) implies that quark momenta inside had-
rons remain sfvictly finite. This is inconsistent
with the wave function (51) where quark momenta
have a Gaussian cutoff. We simultaneously make
both assumptions which will be valid when only
comparatively low quark momenta will be probed
in integrals of the wave functions. We shall see
that our estimates of g and R? will be consistent
with this picture particularly for baryons.

2. Electromagnetic properties

We consider the electromagnetic interaction to
be given by

TCI(x)=—eQQr(x)-&'KQ(x). (54)

We note that for magnetic moments which we want
to calculate now, we need matrix elements of elec-
tromagnetic currents between moving hadrons.
In the following paper we develop these ideas which
include relativistic boosing of the states as well
as the quark field operators,'® which thus include
the effect of Wigner notations. However, here we
proceed in the spirit of the nonrelativistic quark
model.

Equation (54) implies that the magnetic moment
is obtained from the effective Hamiltonian

0™ (x) = —eq QW15+ (Vx A)]Q,(x).  (55)

On taking ge =gy =g, as for (53), one then obtains

o= @112 T cagai0 (FoR10)]p,,.0))
(3K )3” J exol- §§—E> &2,

mg(l - 51:2)' (56)

In the above, we have taken f(Elz) ~]1- %gzﬁlz.
Further, as usual with SU(6), p,=-3u, If we take
R?=15 GeV~? and

g=1.67 GeV™!, (57)
we obtain from (53) and (56) that
ga/8v=1.25, (58)

K, =2.85 nuclear magnetons, (59)

and
K, =-1.90 nuclear magnetons. (60)

The agreement above is good.'® If we further take
So#* 8y, we then have

2 2
b =200 (1-527) 41 - £,

g’ 4 ga’
p’n:_%g@(l _W>_§g9‘l,<1 _W) ’ (61)

and

5 4 g
gA/gV=?<1"? X Igzgm>-

The above three equations are quite well satisfied
experimentally if we take

g5=1.63 GeV-!,

g =1.71 GeV™',
and (62)
R?=15 GeV™2.

Also, if we make the usual identification for A,
we obtain

2
U-A=‘%gx(1 - g}'{z>,
so that, substituting p, =-0.67 nuclear magne-
tons,'® one obtains

g, =1.12 Gev™'. (64)

If we identify mq=(2gq)"', we then obtain from
(62) and (64)

mg =307 MeV

me =292 MeV , (65)
and

my =446 MeV .

It may be seen that the decuplet mass level spacing
of about 146 MeV appears to be completely due to
the A quark being heavier. However, the isotopic-
spin breaking of the ® and N quarks seem to be
larger than expected, and the sign of the mass dif-
ference also does not appear to be correct on the
basis of masses of isotopic multiplets of hadrons.
We expect that these results may have only quali-
tative validity without the details being valid since
from deep-inelastic electron scattering we know
that for the octet a mixing of 56 and 70 of SU(6)

is expected.'” We include the results of Eq. (65)
tentatively since these parameters will play a role
in (19) for describing strong decays of hadrons,
particularly in the following paper; however,

we may regard the average mass of nonstrange
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quarks as reliable, and not so much as the iso-
topic breaking.

We can also obtain the charge radius of the pro-
ton. With ¢ = —4p?, taking the Breit frame, for
—t<< m,z, we get from (51)

GL (1) = @7 p,,,(=D)| I°0) | p,, BN

3R?\¥/2 3R% - -
=< 2,,) fexp[— 7 (ki —3D)

3f2 ']d3k1
=exp(R*t), (66)
so that we get from (62)
(B, 2=R=0.77fm. (67)

If, instead of (66), we take the result of Licht and
Pagnamenta'® and write

PR R?¢
W) = (1 _W> exp{m} ’

(68)

then we obtain

1/2
e (Rz zi;) - 0.81 fm. (69)
The agreement seems good, but we would like to
stick to the earlier comment that all results should
be regarded as qualitative, and whatever under-
standing we gain here is incomplete. This is so
because gluons seem to carry half the proton mo-
menta, and in our approach, in the same manner
as all other workers with similar approaches, we
have ignored the gluons. Also Eq. (68) is to be
viewed with reservations in the context of the pre-
sent nonrelativistic model.

C. ¢ decay and the Okubo-Zweig-lizuka rule

We have noted that the Dirac Hamiltonian (16)
has associated with it a pair-creation Hamilton-
ian, which, as given in (19), does not vanish when
gq is a constant. This Hamiltonian e.g., can gen-
erate strong decays, automatically associated
with the Okubo-Zweig-lizuka selection rule. To
illustrate this, we first note that space integra-
tion over Ugtz(x) will imply that the quark pair
created will have total zero momentum. Further,
total energy-momentum also will be conserved
since we are maintaining translational invari-
ance. Hence the quark-antiquark pair created
in decays due to Ugtg(x) will belong to different
hadrons; otherwise, from kinematic considera-
tions, the contribution vanishes. Hence the pair-
creation component of tie Dirac Hoariltonian can
give rise to hadron decays which obviously be-
comes equivalent to the Okubo-Zweig-Iizuka rule.
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Now, ¢ —K*K~ or ¢ —K°K® are kinematically non-
relativistic problems, so that the present model
can be thought of as being useful without modifica-
tions or generalization. As in (65), we take mg
=(2g4)"! and approximate (19) by

Vot () = 2g7Q () (=5 + )92, (x) . (70)

Equation (70) will be our interaction Hamilton-
ian, where we do not have any unknown constant
to be determined. We shall take ¢ as a pure
strange quark-antiquark pair, and thus write

1 - - -
0,00 = [ o, +Fduy R)a%k, a%k,

. - -
X A,(l/z,(kl)'h}“/z,(kz) !vac) .

(11)
Also, we take

K@) =—= f@ R up®,)d%, A%,

@ik, + A DI, +2,B) | vac) .

(72)
In (72), A, and 1, are respectively proportional to
@® and X quark masses, with A; +2,=1. We can
similarly write down the other K-meson states.
Using now (70) as the interaction Hamiltonian and
taking into account translational invariance, we
now obtain

(K* K (3")[S|0,0)) = 6,(P, - P)M,; , (13)
where

M;; = —i(2m)K* DK ~(=D)| Vq13(0)] 6,(0))

- ix 3 1 1
=2mi X 3ggEX X g x3

V3
xfu,b( Dk, 0D k&, +0,D)
Xu;-l/Za'(izl-'-ﬁ)(i;l-i-E)ZU[-l/ngkl . (74)

We next take all the meson wave functions as

2

/4
u(k) = (%)3 exp(-3sR%k?). (75)

We then obtain from (74) on integration

\/_ . . 2\3/4
My, = (im) X ; gs2%i|P| singe’ *x (RT>

« 1 +32A1 X(%):;/z
5 (L+2)) «
x [33 5 lplz]exp (=3R*A?[BI).

(76)

This yields, neglecting |P|® terms,

V1 xB0x (A +20 ) my[BI* ggt (g7
e

.
Te~-K'K7) 3X2Tx 27
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If we substitute A, =0.41 and g,=1.63 GeV™', and
use that'® I'(p ~K*K~)~1.9 MeV, then we obtain
that

R%~1GeV™2, (78)

We note that (78) is not acceptable in usual har-
monic-oscillator models.

On the other hand, if one does not take colored
quarks for mesons, then the right-hand side of
(77) gets multiplied by 3, and thus (78) gets re-
placed by

R?*~9 GeV ™, (79)

which is quite reasonable. In such a case we ex-
pect that mesons may have indistinguishable color
isotopes. This speculation implies that e.g. we
have three types of ¢ mesons, red, blue, and
white, and a red ¢ meson decays into two red

K mesons, and so forth. This will happen be-
cause Ugtg cannot change the color. However,
for N*—~ Nm, where N* and N are color singlets,
a pion of all three colors will result with equal
probability. In such a picture (mostly) mesons
will be mixtures of three color states instead of
being a superposition of them, yielding a color
singlet. We recognize that such a hypothesis is
far from compulsory, but we keep in mind such a
speculation since off hand we cannot reject it. On
the basis of such a speculation, we obtain also,
from (62),

I'(¢—-K*K")/T(¢ -~ K°K °) =phase-space factor
X(go,/gm)‘
=1,53x0.826

=1.27. (80)

Equation (80) is an agreeable result in view of the
fact that the above ratio is 1.33 +0.14. However,
this value is far from settled.

However, we note that in (78) R? < gg8 and thus
is extremely sensitive to slight changes in the
value of g, as determined in (62). Thus, we may
have the mesons as color singlets, and qualita-
tively we may have the ideas of the present sec-
tion still vindicated by (80), where we imagine
that a more complete determination will increase
the value of g, and g;. Also, we note that we
have used a completely nonrelativistic form for
the quark-pair-creation term, excluding any ef-
fect of the motion of K* K~ pair, which may not
be a valid approximation,

It is of course always true that the forces which
bind may also be responsible for decay. But the
appearance of a pair-creation term in (16) with
a simple ansatz makes it aesthetically appealing
that this may automatically describe the strong

decays and be a dynamical explanation of the
Okubo-Zweig-Iizuka rule. We shall also make
use of the pair-annihilation component of the
Hamiltonian in the next section to describe
T'(r°=~2y).

D. 70 >2yandn—>2y

We write the quark-pair-annihilation com-
ponent of the Dirac Hamiltonian (16) as

é,*(x><-io~€go,¥>(’”°‘f"'v)( I )Q,u).

15+ V —my -iG-Vgq

(81)

We introduce electromagnetic interactions through
minimal electromagnetic coupling, replacing V

by V —ieyA in (81). This generates a two-photon
component along with quark pair annihilation
given as

£%6%5Q ] (x)Q,;(x) A (VxK). (82)

The term (82) can describe 7° decay into two pho-
tons in the quark model. In fact one may easily
satisfy oneself that this is the only term from (81)
which can give a finite contribution to such a pro-
cess. Thus, in the quark model with color we
shall take

Hem(x) =" £°%°@ 1x)'Q {(x) A(x) -( VX A(x)).

iQ
(83)
Now from (30) we get
&y, €15 ke, & SI700)) = 64( P, = P)M,, (84)

where, taking g, =gy =g,
My = “@_%WXW%”X 6 X—z—ile;g-u" (6)8’2(9@2 -ex?)
1
x[€, " (K, X&) + &, (K, xE)] .
We note that, summing over polarizations,

167 -
20 1My P =’ =gl O,

so that

167, =, mgt
3 & U (0) P ——

r(m-2y)=a? (85)
We now compare (85) with (43), which is the cor-
rected Van Royen—-Weisskopf relation. In fact (85)
yields, with (57), and I'=8 eV.

|t (0)|=0.0153 GeV3/? . (86)

The right-hand sides in (43) and (86) do not differ
appreciably. Thus the correction in the Van
Royen-Weisskopf relation is seen to be about 20%,
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and we may have reasonable confidence in estimat-
ing two photon decays from the Hamiltonian (83).
We note that the framework of the quark model, for
(43), T'(m* —~ u* +v) and for (86), I'(1°~2y), are the
experimental inputs respectively. It has not been
necessary to invoke the hypothesis of partially con-
served axial-vector currents with the modifications
suggested by many authors.'® However, minimal
electromagnetic coupling has been utilized starting
from the quark pair-annihilation Hamiltonian in the

)

form (81).

Another comment is worthwhile. The relation-
ship between (43) and (86) will remain unaltered
whether we take colored quarks or quarks without
color, or whether mesons have color isotopes as
was speculated in Sec. IIIC. Thus, with this way
of looking at 7°~ 2y, when pion weak decay width
is used, color does not seem to be necessary.?

We now consider n~2y. Similar to (30), we now
take

In(0)) = (2m)~3/2 f [%%%——q,(x - HE AR T"K‘(x YTA(E )] 2R, =X, )dx,d°x, [vac) (87)

where 0 is the mixing angle for nonstrange- and strange-quark-antiquark pairs.

The interaction Hamilton-

ian is taken as (83) and we shall use (62) and (64). We then obtain

Mygy(n—~2y) = WXGXun(O k° —[€,* (K, xXE,) + €,° (K, x€,)]
[—cg%—(gg@ ggm2)+%9—X%gx2]- (88)
Hence we obtain
lu O P [(4gp2+g52) cos6+V2g, sing]?
n bi| @ A
r(ﬂ-‘z)’)/r( - 27/) 1{02 lun(G)lz (4g02 -gmz)z
=47}, ©) 2/ ur O) * . (89)

n (89), we have taken §=25°, as obtained approx-
1mate1y from the quadratic mass for Pseudoscalar
mesons.2! Thus we get, if u,,(O) uy (0).

T'(n—~2y)=(376+25) eV, (90)

which is in reasonable agreement with experimen-
tal value'® of 323+ 48 eV. Alternatively, (89) may
be taken as a way of determining u,(0).

We note that the present assignment agrees with
the conventional mixing and not with n being almost
completely a strange-quark-antiquark pair.??

IV. DISCUSSION AND OUTLOOK

We would first like to comment on some obvious
limitations of the present model. Although we have
taken “large” and “small” Dirac components, and
thus the quarks inside hadrons can be “relativis-
tic,” we have really a nonrelativistic theory, which
may explain phenomena with hadrons at rest.
However, we have applied this theory to two cases
where hadrons are not at rest: the magnetic mo-
ments of baryons and charge radius, and the ¢ de-
cay. Even though hadrons have small velocities
while in motion, Wigner rotation in quark space
will come into the picture. Hence, in these two
cases the present model is really incomplete. We

r

have constructed a relativistic version of this
model'® which takes into account these features. In
the present paper we ignore these effects, proceed
in a manner strictly parallel to nonrelativistic
quantum field theory, and examine the results. We
consider it worthwhile to retain these results since
what we have done in Ref. 15 may not be the actual
description of hadrons for relativistic boosting.
We note that in Ref. 15 the final results regarding
magnetic moments remain broadly correct, but the
description of ¢ decay gets substantially altered.
When we talk about the quark model of hadrons,
we usually have three models in mind: (i) heavy
quarks, (ii) comparatively lighter observable col-
ored quarks,? and (iii) quarks that are permanently
confined,?* which thus could be as light as needed.
We have not distinguished these models in our ap-
proach, since we have not raised this question and
have specifically avoided mass eigenvalue equa-
tions beyond just giving such an equation for poten-
tial-like interactions. In view of the ‘“known” mag-
netic moments of quarks, in models (i) and (ii) the
effective mass of the quark inside the hadrons is
always assumed to be small. The quarks are as-
sumed to have one-third the baryon mass inside
the baryons and half the meson mass inside the
mesons. In such a case the agreement of (43) and
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(86) is to be regarded as accidental, since in the
later equations we have taken gp and gy as deter-
mined from nuclear magnetic moments and have
extrapolated these values for 7 mesons.

If we do not regard the results of Sec. IIID as
accidental, we are led to an interesting conclusion
that the quarks inside the nucleon and the pion both
have the same magnetic moments. This conclusion
favors (almost) permanently confined quarks with
common magnetic moments whether they belong to
baryons or to mesons, and bound in a manner we
do not understand. Chromodynamics with infrared
slavery?®® may be a possible mechanism, but we
are yet to understand how it really happens, since
this mechanism should simultaneously generate the
mass spectrum.?® The fact that quarks have the
same magnetic moment inside mesons as in nucle-
ons is not a new observation as is known from
electromagnetic decays of vector mesons.?” This
point of view gets further support here.

We note that if quarks are permanently confined,
the vector space spanned by them will be an un-
physical vector space. The physical vector space
will consist of the vector space of known hadrons,
and other particles. However, now there will be
nonvanishing triangular vertices for three hadrons,
arising from the quark-pair-creation Hamiltonian
along with its Hermitian conjugate. Such vertices
will be consistent with the prescriptions of the
Okubo-Zweig-Iizuka rule. This dynamical explana-
tion of the above rule seems to us to be an attrac-
tive feature of the present model. Further, the
relativistic generalization of these triangular ver-
tices may as well give the S-matrix theory with
usual analyticity and, probably, crossing symme-
try. Thus the relevance of such approaches for
many physical processes can be understood.

When g, is a constant, as we have very often
taken in our applications, (14) and (15) indicates
that the quark must always lie inside a sphere of
radius g4~' in momentum space. Such a system
evokes the memory of a degenerate Fermi system.
We have not exploited any such idea here. How-
ever, intrinsically a finite-momentum bag does not
appear to us to be any less physical than the finite-
space MIT bag.2® Further, here we have made it
consistent with equal-time anticommutators and

translational invariance, and thus here we have an
automatically quantized system, which was not
true of the MIT bag.

Obviously, in the applications the present model
is a generalization of the nonvelativistic harmonic-
oscillator quark model. It is a field-theoretic ver-
sion of the same when “small” Dirac components
are retained. We take the attitude that this should
be suitably Lorentz boosted to describe hadrons in
motion.!* Feynman et al. have also considered a
relativistic harmonic-oscillator model?® on which
a lot of work has been done. This has the time de-
gree of freedom, which gives rise to difficulties of
interpretation®'*° as well as to too many eigenval-
ues.®! Kim and Noz®? suppress this degree of free-
dom by a subsidiary condition and are able to give
a relativistic probability interpretation with such
equations. However, the author believes that re-
taining the time degree of freedom to construct
bound states is unphysical. This is particularly
relevant in the context of a bound-state equation
proposed by Partovi® which is a relativistic equa-
tion similar in its derivation to the Bethe-Salpeter
equation, but which reduces to a Schrédinger-type
equation in the rest frame of the bound particle.
We have essentially such a picture in mind for the
relativistic version of what we have done, in the
rest frame of hadrons.

We believe that the nonrelativistic quark model
is quite reasonable particularly since Kim and Noz
have shown that most of these results can also be
derived with covariant harmonic-oscillator wave
functions with a relativistic probability interpreta-
tion.

Thus it seems to the author that the model pro-
posed is rich in possibilities where we should be
willing to try unfamiliar properties for quark field
operators until we understand them better. Exper-
mental results rather than our predispositions
should decide what those properties are. A possi-
ble relativistic version of the present model is
proposed in Ref. 15.

ACKNOWLEDGMENTS

The author is indebted to Professor T. Pradhan,
Dr. A. Khare, and L. Maharana for many discus-
sions.

!s. schweber, Ann. Phys. (N.Y.) 20, 61 (1962); An Intro-
auction to Relativistic Quantum I%l_d Theory (Harper
and Row, New York, 1964), p. 153.
’D. Faiman and A. W. Hendry, Phys. Rev. 173, 1720
(1968); 180, 1572 (1969); E. Eichten, K. Gottfried,
T. Kinoé-ﬁa, J. Kogut, K. D. Lane, and T.-M. Yan,
Phys. Rev. Lett. 34, 369 (1975); K. S. Jhung, K. H.
Chung, and R. S. Willey, Phys. Rev. D 12, 1999 (1975);

P. B. Lichtenberg and J. C. Wills, Phys. Rev. Lett.
E, 1055 (1975); J. S. Gunion and R. S. Wiley, Phys.
Rev. D 12, 174 (1975); A. De Rijula, H. Georgie, and
S. L. Glashow, ibid. 12, 147 (1975); M. Bohm, H. Joos,
and M. Krammer, Nucl. Phys. B 51, 397 (1973).

3M. Hossein Partovi, Phys. Rev. D 12, 3887 (1975); 14,
3525 (1976). - -

‘H. A. Bethe and E. E. Salpeter, Phys. Rev. 84, 1232



1672 S. P.

(1951); M. Gell-Mann and F. E. Low, ibid. 84, 350
(1951). -

5G. C. Wick, Phys. Rev. 96, 1124 (1954); R. E. Cut-
kosky, ibid. 96, 1135 (1954); H. S. Green and S. N.
Biswas, Prog. Theor. Phys. 18, 121 (1957).

SHowever, R. N. Faustov, Ann_.-—Phys. (N.Y.) 78, 176
(1973), makes a similar assumption for a Bethe-Salpe-
ter wave function.

"A. Le Yaouanc, L. Oliver, O. Péne, and J.-C. Raynal,
Phys. Rev. D 11, 680 (1975); 12, 2137 (1975).

R. Van Royen and V. F. Welsskopf Nuovo Cimento 51A,
617 (1967).

The author is thankful to Professor J. C. Pati for a dis-
cussion regarding this.

105 . Le Yaouanc, L. Oliver, O. Péne, and J.-C. Raynal,
Phys. Rev. D 15, 844 (1977). However, the approach
is different here.

g, Zweig, in Symmetries in Elementary Particle
Physics, edited by A. Zichichi (Academic, New York,
1965); J. lizuka, Prog. Theor. Phys. Suppi. 37-38,

p- 21 (1966); S. Okubo, Phys. Lett. 5, 165 (1963).

2gee e.g. Ref. 7.

13g, Gasiorowicz, Elementary Particle Physics (Wiley,
New York, 1966), p. 572. We use the y matrices as
here.

“a. Le Yaouanc, L. Oliver, O. Péne, and J. C. Raynal,
Phys. Rev. D 8, 2223 (1973). There is an error in the
normalization constant which is corrected.

153, p, Misra, following paper, Phys. Rev. D 18, 1673
(1978).

16particle Data Group, Rev. Mod. Phys. 48, S1 (1976).

The second work in Ref. 7, and Ref. 10.

185 . L. Licht and A. Pagnamenta, Phys. Rev. D 2, 1150
(1970); 2, 1156 (1970). -

MISRA 18

15G. R. Kalbefleisch, R. C. Strand, and J. W. Chapman,
Phys. Rev. D 13, 22 (1976).

s, 1. Adler, Phys. Rev. 177, 2426 (1969); C. R. Hagen
ibid. 177, 2622 (1969).

A3, 7. ﬂokkedee, The Quark Model (Benjamin, New
York, 1969).

2p. B. Lichtenberg and J. G. Wills, Ref. 2.

383, C. Pati and A. Salam, Phys. Rev. D 8, 1240 (1973);
10, 275 (1974); J. C. Pati, Curvent Induced Reactions,
(Springer, New York, 1976), p. 384.

H. Joos, Current Induced Reactions (Springer, New
York, 1976), p. 428.

%E.g., S. Weinberg, Phys. Rev. Lett. 31, 494 (1973);
H. B. Nielson and P. Olesen, Nucl. P?ys. B61, 45
(1973). -

%8A. De Rijula, H. Georgie, and S. L. Glashow, Ref. 2.

21¢. Becchi and G. Morpurgo, Phys. Rev. 140, B687
(1965). -

287 . Chodos, R. L. Jaffe, K. Johnson, C. Thorn, and
V. P. Weisskopf, Phys. Rev. D 9, 3471 (1974);

A. Chodos, R. L. Jaffe, K. John_son, and C. Thorn,
ibid. 10, 2599 (1974).

BR. P.—Feynman, M. Kislinger, and F. Ravndal, Phys.
Rev. D 3, 2706 (1971).

305ee e.g._R. N. Faustov, Ann. Phys. (N.Y.) 78, 176
(1973), in the context of the Bethe-Salpeter equation.

31G. C. Wick, Phys. Rev. 96, 1124 (1954) and H. S.
Green and S. N. Biswas,_ﬁrog. Theor. Phys. 18, 121
(1957), in the context of the Bethe-Salpeter equation;
M. Bohm, H. Joos, and M. Krammer, Nuovo Cimento
7A, 21 (1972) and Nucl. Phys. 51B, 397 (1973), in the
context of the quark model.

32y, S. Kim and M. E. Noz, Phys. Rev. D 12, 122 (1975);
1_2, 129 (1975); Y. S. Kim, ibid. E, 273_(1976).



