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States of hadrons in a five~nark model
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Assuming the existence of five quarks (u, d, s,e, b) and taking into account the spin-spin force, the

energy spectra of the S states of hadrons are studied.

I. INTRODUCTION

The recent discovery of the resonance at 9.5-
GeV mass at Fermilab' suggests the existence of
the fifth quark. (We call this the b quark. The
charge and weak coupling of this quark will not be
important here. }

In my previous work, ' where expl. icit harmonic-
oscillator quark wave functions with radius R'
= 2.75 GeV ' are used, we have shown that the elec-
tromagnetic mass differences of baryons are
caused mainly (i) by the mass difference between
the u quark and d quark, (ii) by the Coulomb force
among quarks, and (iii) by the magnetic hyperfine
interaction

The radius R = 2.75 GeV which was obtained
by this calculation was successfully used to explain
the amplitudes for the processes yN -N*-Ww and
the cross sections including the q' dependence of
the helicity structures" for the processes eN- eN~. In an analogous way, electromagnetic mass
differences of uncharmed mesons' and charmed
hadrons" were studied.

According to the color gauge theory" ' the ef-
fective short-range force which contributes to the
mass splittings in the SU(4) multiplet [or SU(5)
multiplet if the b quark is included] and which
arises from one-gluon exchange can be obtained
from the one-photon-exchange electromagnetic in-
teraction by replacing the fine-structure constant
by the quark-gluon coupling constant.

Therefore, it seems to be worthwhile to study
the mass splitting making the following assump-
tions. The mass splittings of the S states in the
SU(5) multiplet are caused (i}by the mass differ-
ences among the u (d) quark, s quark, c quark,
and b quark (we neglect the electromagnetic mass
splitting, i.e. , m„= m, ) and (ii) by the strong hy-
perfine interaction

1 2 5(r)
m 1m 2

'The Coulomb force in the electromagnetic mass

splitting corresponds to the part of the universal
binding force in the strong interaction which does
not contribute to the mass spl. itting.

II. THE SPIN-SPIN FORCE

Using the pt:rturbation approximation, the mas-
ses for S states are given by

S, S-
M „„=M + P m&+$

j aa mama
(2)

where Mh and M arp constants for all baryons and
mesons, and $, and ( are positive constants which
depend on the form of the quark wave function of
hadrons and the quark-gl. uon coupling constant.
Z, M, expresses the sum of the mass of quarks.
The quark masses m„= md = m„m, = m„m, = m„
and mh =m, are free parameters in our model, but
it is necessary to take m, = 0.336 GeV to obtain the
correct magnetic moment of baryons and photo-
production amplitudes. '

Choosing the set of parameters

Mh= 0.077 GeV, M = -0.057 GeV,

m, = 0.510 GeV, m4= 1.680 GeV,

m, = 5.0 GeV,

$, = 0.02205 GeV', $ = 0.0715 GeV',

the masses of hadrons are calculated. The mass
of the b quark is roughly estimated from the mass
of the 9.5-GeV resonance. Results are shown in
Table I (th 1}. P (t},) and ur (t},) are assumed to be
ss and (1/~ (uu+dd) states Physic. ally observed
particles g and q' are mixed states of q, and g„
while Q and v are known to be almost ideally mixed
states and we assume the exact ideal mixing for
these states.

As can be seen in Table I, our simple model
gives a remarkable agreement with the observed
hadron mass spectra (the deviation is less than
20 MeV) except for J/( and t}, (the deviation is
more than 200 MeV). As for the latter states,
from the level splitting (S, P, and S' states) and

888



STATES OF HADRONS IN A FIUE-QUARK MODEL 889

Thp J F $. The predicted lnass Spectra in GeV calculated hy the perturbative method (th 1) and by the nonperturbative
method (th 2).
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decay rates we guess' the wave function of cc
states must be much different from that for old
me sons.

For other hadrons, Eqs. (1) and (2) work re-
markably well. It is worthwhile to note that the
low-lying mass spectra of uncharmed hadrons
w and K satisfy the same nonrelativistic mass

formulas (1) and (2) as do the mass spectrum of
heavy charmed hadrons so precisely. The Gell-
Mann-Okubo formula' for the baryon octet 2N+ 2:-
=3A+Z and t;he equal-spacing rule for the de-
cuplet & —Z* = Z* —=*= =*—Q hold approximatel. y
in our model because f, is small. The SU(6) rela-
tion Z~ —Z =:"*—:-holds exactly.
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m. THE 1$-2S MIXING

0+
l

(A A+co,j
If(lS ) I (—3A —3A

(-3A -3A +co,]
A=air(0

(5)

(6)

must be diagonalized. Here co, is the mass dif-
ference between 1S and 2S states; and two rows
and columns refer to 1S and 2S states. We use
the linear potential which gives a better energy
level than the harmonic-oscillator potential.

In Fig. 1 energy levels of r and p are shown as
the function of A using the following parameters:

&, = 0.842 GeV,

M, = 0.336 x 2 GeV .
The parameter co, is chosen to get the correct P
state. By analogy with the hydrogen atom we as-
sume the I Sforce of the for-m p(l ~ S)lm', where
m is the reduced mass. (Jackson' obtained a simi-
lar form of the L -S force from the one-gluon-ex-
change diagram. ) The spin-spin force a6(x)o, ~ a,
does not contribute to the P state.

As seen from the graph in Fig 1, as lA
l

gets
large the curves deviate from straight lines which
are obtained by the perturbative method. In the
nonperturbative calculation, the 2S state can never
become lower than the 1$ state as lAl gets large.

In Sec. II we assume that the spin-spin interac-
tion does not depend on the space coordinate.
Actually 1S, 2S, . . . states are mixed due to the
coordinate-dependent large spin-spin interaction

F„(x)=K(x)S, S, .
Arafune et al. ' studied the radiative transitions
between g's and X's taking into account the mixing.

Since the spin-spin force which we are studying
here is not small (e.g. , p-m mass difference) the
perturbative method used in Sec. II is not approp-
riate. Let us take a spin-spin interaction of the
form a6(x)o, .o,. If we neglect the IS-3S mixing,
the mass splitting between the 'S', state and 'S,'
state (s' expresses a first radially excited state)
is 1.5 times as large as that between the 'Sy state
and Sp state when the harmonic -oscillator poten-
tial is used. The former becomes equal to the lat-
ter in the. linear potential. Therefore, as the
strength of the spin-spin interaction increases
(for w, p, w', and p' this is strong enough) the 'S,'
state becomes lower than the 'S, state.

If the 1$-2S mixing is taken into account, the
matrices

QeV

0+—

.4 .2

A ( G@V)

-.4

FIG. 1. The 1$-2$ mixing due to the spin-spin force
aa

&

~ cr24 (r).
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FIG. 2. The 1S-2S-3S mixing due to the spin-spin force
acr& F2&(r).

One more important result is the change of the
' center of gravity" of the two states 'S, and 'S,.
In the perturbative calculation the center of gravity
is located below 'S, at a "distance" equal to a
quarter of the difference between the 'S, and 'S,
state, while in the nonperturbative calculation it
becomes nearer to 'S, as lA

l
increases.

A remarkable result is that owing to this shift
of the center of gravity of r and p the term &1

(= -0.057 GeV in perturbative calculation) becomes
unnecessary and the mass is given simply by the
sum of the quark mass plus the spin-spin force.

The energy levels for the 1S state do not change
appreciably if we take into account the 3S level.
Results are shown in Fig. 2. Since we change M
we have to change the masses of the strange quark
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and the charmed quark slightly. We assume the
following parameters:

A =0.127 GeV,

u = d = 0.336 GeV,

s =0.500 GeV,

c = 1.628 GeV,

b = 5.0 GeV.

The predicted mass spectra are shown in Table I
(th 2).

For baryons we perform a similar calculation.
Since the three-body problems in linear potential
cannot be solved analytically, we use the harmon-
ic-oscillator potential. Our results do not depend
on the form of potentials appreciably. 'The param-
eters which we use are

A =0.146 GeV,

M~ = 0.110 GeV,

~, =0.510 GeV.

In this case M~ does not vanish. We have to con-
sider the meaning of M~ carefully for the three-
body case.

IV. REMARKS

Since we obtain a remarkable agreement with
the data except for cc states, it is reasonable to
assume that our model works for hadrons which
include the b quark except for bb states. 'The

lightest hadron which includes the b quark is
B(ub, 'S,). This is somewhat heavier than 8, the
heaviest hadron which does not include the b quark.
The mass splitting between B and B*(ub, 'S, ) is
only 34 MeV.

'The lowest baryon which includes the b quark is
the (ud), B state. The mass splitting between
(ud)„'S,I, and (ud), b, P,l, is as much as 213
MeV. This is much larger than the mass splitting
between B and B*, because the spin-spin force
between the I quark and d quark inside B and B* is
very strong. Generally speaking, as the mass of
the particle increases, the mass splitting by the
spin-spin force decreases.

The mass splitting for cb, cub, csb, bbu, bbs,
and bbb states is of the order of the electromag-
netic mass splitting.
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