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This paper contains the results of a study of the reaction K p —iAm in the center-of-mass-system-energy
region of 1647 to 171S MeV. An energy-dependent partial-wave analysis was performed in this channel. Two
allowable solutions were obtained. The first solution in this region contains the D» t t = 0.08 ~ 0.01,
I (Ejf) = 44 ~ 11 MeV, and E„=1671 + 3 MeV] partial wave as the only resonant amplitude; the second
solution contains both the Pl 1 [t = 0.16 + 0.01 I (E„)= 81 ~ 10 MeV, and E& ——1671 + 2 MeV] and the D}3
f t = 0.17 + 0.01, I (E„)= 76 ~ S MeV, and E& ——16SS ~ 2 MeVJ partial wave as resonant.

INTRODUCTION

This paper presents the results of a study of the
reaction

K +p-A+n'

in the momentum region 690 to 840 MeV/c. Pre-
liminary results for this channel and the elastic
and charge-exchange channels have been reported
previously. '~

The range of center-of-mass energies covered is
1647 to1715 MeV. This energyregion, whichcon-
tains the s-channel resonance Z(1660}in the D» par-
tialwave(Z~= —', ), haslongbeenmarkedbydiscrep-
ancies between production and formation experi-
ments. Until recently, formation experiments' '
generally observed only one I =1 hyperon resonance
[the Z(1660}j in this region. Production experi-
ments, on the other hand, gave evidence for an
additional I= 1 resonance having a mass of 1690
MeV, ' "with a spin-parity assignment of J
proposed by Sims et a/. " Disconcertingly, sev-
eral other production experiments'~ "yielded
evidence for the existence of two Z(1660) reson
ances, degenerate in mass and width and possibly
having the same spin and parity, but differing in
decay branching ratios and production mechan-
isms. Additional evidence for this hypothesis is
claimed in a partial-wave analysis by a Chicago-
Lawrence Berkeley Laboratory (LBL) collabora-
tion. " To confuse further the situation in this
energy region, evidence has been obtained in a
production experiment" for the existence of a

resonance with a mass of 1642 MeV, which is per-
haps the same resonance seen in the production
experiment of Crennell" and various analyses of
formation experiments. '~ ~~ Kim's multichannel
K-matrix analysis'~ yielded evidence for a
resonance at a mass of 1670 MeV with a width of
50 MeV which might correspond to the effect later
seen in the same partial wave by Van Horn" at a
mass of 1668 MeV with a width of 60 MeV.

A resonance in addition to the D» Z(1660) in this
energy region is attractive for several reasons.
It might well explain discrepancies in the branch-
ing ratios between formation and various produc-
tion experiments. Those experiments~ done with
K beams below 2 GeV/c report values for the
A&/Zw ratio in agreement with formation experi-
ments. On the other hand, higher-momentum pro-
duction experiments~' tend to disagree among
themselves and with the results of formation ex-
periments. Such a resonance might clarify incon-
sistencies between predicted SU(8) decay rates"
for the Z(1660) into the Av channel and experimen-
tal results. Furthermore, a P» resonance is
particularly attractive since the S = -1, I=1
member of the Jp=-', ' octet containing the N(1470)
is still undetected and is expected to be at a mass
of 1650 MeV.

For a more comprehensive review of the above,
see the "Review of Particle Properties" (pp. 178-
181}by the Particle Data Group. "

The experiment reported here was undertaken in

hopes of resolving some of the above ambiguities
by measuring the decay rate of the Z(1600) into
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TABLE I. Kinematic fits performed.

Hypothesis
number

Number of
constraints Process Input

(N) —m" vr

K 7)+ 7).

A p-X (n)

Q) p7)

A-pm

E P-A{7f')

measured

m+, 7) measured,
g& ~o-point direction

P' from 3C decay fit and
E measured

p, m measured

p, 7( measured,
A ~o-point direction

& from 3C decay fit and~ measured

A& and by investigating any additional resonance
coupling into A&.

EXPERIMENTAL PROCEDURE

Data

The data for this experiment ca.me from a
240000-picture exposure of the Columbia-Brook-
haven 30-in. hydrogen bubble chamber to the Alter-
nating Gradient Synchrotron low-energy separa-
ted K beam. " The experiment was divided into
eight runs, with K momenta at the center of the
chamber equal to 688, 707, 743, 753, 783, 797,
820, and 833 MeV/c. The film corresponding to
momenta of 707, 753, 797, and 833 MeV/c was
scanned and measured for all topologies at the
University of Massachusetts. Approximately 40
of this film was double-scanned to determine scan-
ning efficiencies. The film at the remaining mo-
menta was scanned (30$ double-scanned) and mea-
sured for disappearing K and neutral V', two-
prongs and three-prongs at the University of Cali-
fornia, Riverside.

The following scanning criteria were applied to
select a valid V.

(1) The opening angle was greater than 4' in at
least one view, and at most one of the two V tracks
spiralled (electron-pair discrimination).

(2) There was no clear 5 ray which showed that
the V was really a &p,e or pe decay.

(3) The V vertex was identifiable in at least two
views either from opening angle or from ionization
changes.

(4} A V of large opening angle was rejected (as
a stray proton-proton scatter having no visible
recoil) if both arms were short and heavily ion-
izing, and there was no origin within 11 cm in
real space.

About 20000 events were processed through geo-

metry and kinematics programs. The kinematic
fits attempted are shown in Table I.

The reactions corresponding to a disappearing
K and a single V' are

K +P -A+n',

K +P -Zo+&0, Zo-A+@,

K +P -Ko+n,

K +P -A + &'+ neutrals,

+P —Z +& +neutrals,

K +P -Ko+ n +neutrals.

A set of criteria for the separation of A and K'
decays was chosen after a study of X', effective-
mass-squared, and missing-mass-squared dis-
tributions. The set of criteria was checked by
physicists by means of scan-table examination.

The square of the effective mass of the two
charged particles forming the V was computed
using the measured momenta with the assumption
that the positive track was first a pion (effective
mass squared called KEMS) and then a proton
(effective mass squared called LENS).

Measured events which had no geometry rejects
and made one of the three-constraint (3C) decay
fits were subjected to the following tests:

(1) 3C )t' &12 for kinematic hypothesis 2(K},

(2) 3C )t &12 for kinematic hypothesis 8(A},

(3) 0.223 GeV' & KEMS & 0.273 GeV',

(4) 1.22 GeV' & LEMS &1.27 GeV',

(5) 0.'l50 GeV' & square of the invariant mass re-
coiling against the K' in kinematic hypothesis 3.

The decay was classified as a R' if the event
passed tests 1 and 3, but failed test 4, and as a
A if the event passed tests 2 and 4, but failed
either test 3 or 5. Events which passed test 1
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and/or 2, but failed both 3 and 4 were examined on

the scan table. Some of these were classified on
the basis of range and ionization; some were dis-
carded as not being V decays; and those judged to
be poorly measured were submitted for remea-
surement along with events in the following cate-
gories:

(1) events scanned but not measured;

(2) one or more tracks rejected in geometry re-
construction;

(3) both kinematichypotheses 2 and 6 ~3 con-
s traints or 3C y' & 12;

(4) tests 1 and 4 passed but 2 and 3 failed, or
tests 2 and 3 passed but 1 and 4 failed.

The remeasured events were again classified
using the previous criteria or classified on the
scan table by physicists.

Corrections and biases

Because of a scanning bias against short decay
lengths, the A's were required to have a neutral-
track length greater than 3 mm (in space) and to
decay inside a truncated cone which represents the
useful fiducial volume seen in view 2. A weight,
S; which compensated for these cuts was com-
puted for each event:

W=lexp(-t„;„)-exp(-t„, )j ',

where t;„is the proper time (in units of the A

mean life) for the A to travel the minimum length
and t... is the time at which the A would have left
the fiducial volume had it not decayed. As shown
in Fig. 1, the sum of weights of all events is in-
dependent of the A cutoff length for any value

2.5 mm
For slow A's (backward in the K p center-of-

mass (c.m. ) system) the decay protons of the A

which go backward in the A rest frame may have
a very short range in the hydrogen bubble chamber
and also cause a scanning bias. Events with a
proton track length less than 2 mm (in space)
were discarded and compensated for by an analytic
weighting factor, W', computed for each remain-
ing event as follows:

W' =2/(1 —cose .,„),

where

E E, 'y
cos 6)

max y JB p~

Here E' and P' are the energy and momentum of
the A decay proton in the A rest frame; E is the
laboratory energy of a proton which has a range
equal to the proton length cutoff; and PA(=PA/E„)
and y A(=El/m„) are determined in the laboratory
frame (fromthe A momentum P~, total energyE~
and rest mass ~~). The sum of the weights of all
events is independent of the proton cutoff length
as shown in Fig. 2.

The distribution of A ~
p evaluated in the A rest

frame should be isotropic for any fixed A momen-
tum, PA, since there can be no polarization in the
production plane. (The unit vector A is along the
direction of transformation into the A rest frame,
and P is along the proton momentum in the A rest
frame. )

A scatter plot (Fig. 3) of A p versus p„showstwo
regions deviating from isotropy. The first region
corresponds to A's with low momentum which de-
cay such that A P = -1. This corresponds to the
(corrected) loss for short proton tracks. The other
region corresponds to a A momentum of about
1 GeV/c and A. P =+1. In this region the v in
the decay of the A is going backward in the A c.m.
system, and is produced essentially at rest in the
laboratory frame. Since many of these events are
lost in scanning, the sample was corrected by
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FIG. 1. Weighted number of events as a function of the
minimum accepted neutral track length.

FIG. 2. Weighted number of events as a function of
the minimum accepted decay proton track length.



2600 R. A. PONTE et al.

where z is a unit vector parallel to the optical axis
of view 2 and nL)~ is a unit vector normal to the
A decay plane. A maximum depopulation is expec-
ted in the region &=0'. This corresponds to the
A decay products moving in a plane parallel to the
optical axis. A plot of the distribution of ~ for
the sample (Fig. 4) indicated no correction was
necessary.

The sample was further corrected for scanning
efficiency. The double- and single-scan efficien-
cies, assuming independent scans, are respective-
ly, given by

e, =N„e(N„+Ns —N„e)/N+s r

, =1 —(1 — )'

Here S„,N~ are the number of events found by
scanners A and 8, respectively, while N» is the
number found by both scanners.

Taking the last visible bubble as the end of the
E track introduces errors in fitted A production
angle and momentum which propagate into the
missing mass squared, the quantity used for A-Z
separation.

The A decay vertex and the A momentum from
the 1C decay fit (hypothesis 6) were used to cal-
culate the intersection of the A path and a straight-

I.O
25

7 22
15

0.6 -,"
7 26
7 3L
6 23

0.2 -,' -", ',

5 3G

34
r 25-0.2 -6
3
4 25
6 22

06 5 26
3 30
1 19

16
] 6

lO o 7

26

40 56
3; »5
36
50
43 44
4u 41
41 48
47 53
44 53

59
44 L3

49
39 37
38 46
34 38
40 50

46
37 43
47 41
38 7o
37 55

58 41

Li 35
45
« "r

5G 55
46 rl
61
49 52
62
53 49
57 43
44
44 55
67
46 54
6Q 36
51 o
« «r5c
lL l9
37 48

59
64 50
53 50

33
u7 4'
54 i 55

0.5

24
40
35 40
36»0
31 42
37 39
35 32
4C 29
39 Lo
49 29

27 35
37 37

40
36

2C 44
45 ui
33 35
41 47
44 3j
39 37
47 32
30 40
40 44

31
40
36
Li
53
»2
32
3l,
u9
53
50
»5
46
40
49

43
57
41
32
29
l, L

57
42

34 15
48
5» 37
ul 37

39
63 32
57 27
52 35

3 27
52 37

27

25
4 37
34 34

36
5» 42
41 30
51 325133
46 36
44 25
35 25
44 26
46 g 30

I.O

5

6
1 1

0
5
6
C

2
4

9
9

"0

3
7

5

3
6

11

0 0
Q

0 0
0 0
0 G

0 G

0 1
0 0
C 0
0 0
1 G

0 i
0 0
0 0
0 0
0 0
0 0
0 0
0 0
0 0
0 0
0 0

0
0 0
0 0

l.5

PA (GeV /c )

FIG. 3. Scatter diagram of A p versus PA.

deleting all events with a A momentum of 1 GeV/c
or greater and with A ~ p & 0.9 and weighting the
remainder accordingly. This correction affected
only a small number of events.

A possible observation bias may occur when the
A decay plane contains the direction of the obser-
vation. The method used to detect this bias was
to study the distribution of the azimuthal angle n
defined by

Z ~ "A X IInr)coen= .A. nr, 0'«o «80',

line extrapolation of the beam track. The distri-
bution of distances between the measured origin
and this intersection point averaged 350 IIm (real
space). To calculate any systematic error intro-
duced by the decay extrapolation, the procedure
was repeated for a topology (2 prong + V') in which
the production vertex was well defined from mea-
surement and the V was a good A. The distribution
of distance between this intersection point and the
measured origin averaged +100p. m. Therefore,
250 p, m was added to each incident K track in all
decay fits.

After all previously discussed corrections were
made on the data, the A lifetime was calculated for
a sample of the remaining events using the max-
imum-likelihood method. The statistical error in
the best estimate was calculated using the fact that
for very large N the likelihood function becomes
Gaussian. The best estimate for the A lifetime
was (2.57*0.03) x 10 'o sec for 10 174 events, to be
compared with a world average" of (2.578 + 0.021)
&10 "sec.

ANALYSIS OF DATA

Mathematical form of the angular distribution

The interactions which give rise to a final-state
A in the zero prong+ V topology may be categor-
ized as

2000—
1 1 I

i5oo—

UJ

LU

IOOO
0

I I I I I I

45
~ (deg)

90

FIG. 4. Distribution of the azimuthal angle ~. (See
text for definition. )

K +p -A+neutrals, or

-Z'+neutrals, Z -A+@.

The distribution of missing mass squared which
would be observed in the reaction K +P -A+MM
with perfect resolution" is shown in Fig. 5. The
threshold for Am'&' is at 4~„and the threshold
for Zr'& is slightly above this.

The problem is to assign events in the sample
to different reactions which have final-state A's.
The most common reactions and their isospins
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are

5'm'

-Aq

—Am'm'

Z '71'n'

—Av'w'm' (I= 1) (6)

-g'v'w'w' (I=0) (7).

It is important to note that this implies that a
fixed missing-mass-squared cut would, in general,
include different fractions of A&' and Z'm' chan-
nels at different angles, thereby distorting the
angular distributions.

If the missing-mass-squared distribution for
reaction (1) is approximated by a Gaussian about
m„~ for fixed K momentum and each value of x,
the distribution function is

Although only Am' and Ag offer any kinematical
constraints, some information can be obtained
considering the missing-mass -squared distribu-
tion. Because of experimental resolution the
missing-mass-squared plot becomes smeared out.
A typical measured distribution is shown in Fig.
6.

A missing-mass-squared cut of 4~, ' will elimin-
ate reactions 3 through 7, leaving only reactions
1 and 2. Since Z'-A+@ is unseen, the separation
of 1 and 2 can only be accomplished through mis-
sing-mass-squared information.

To explain the technique"'" used, the following
quantities are defined:

x=K

n = KxM/[I1 xM],
where K is the unit vector in the direction of the
incident K, and ~ is the unit vector in the direc-
tion of the missing momentum; both evaluated in
the over-all center-of-mass frame of the reac-
tion K +P-A+missing mass. A study of the
experimental resolution function for the missing
mass squared (Mm) shows that it approximates a
Gaussian for a fixed K momentum and x, though
the spread o(x) of the Gaussian has a strong func-
tional dependence on x.
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xexp[ (M' m, ')'/2o(x)'].

The ideal missing-mass-squared distribution
for reaction (2) is uniform between the kinematical
limits. [The missing mass squared is given by
n1A'+ &,. ' - 2&. r& ,

(&'~" + P, p'~" cos O'A '), wher e
E, is the total center-of-mass energy; yz and

P~ describe the Z' motion as observed in the c.m.
frame; and E'~', P'A', and 8'~' describe the decay
A in the Z' rest frame. Since the decay is iso-
tropic, this represents a uniform distribution in
cos 6~ and hence in the missing mass squared. See
Ref. 29, 30, and 32. ] The observed distribution is
a sum of Gaussians whose centers, M~', are uni-
formly distributed between the limits, and the
distribution function is

1 (' dM~'
z(- ~ ) —P J~ (2v)1/mo(x)

x exp[-(M2 M@2)~/2c(x)2].
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FIG. 5. Distribution of the square of the missing mass
fromK +p-A+MM in the case of perfect resolution.

Ml SSl NG MASS SQUARED

FIG. 6. Distribution of the square of the missing mass
from K + p A + MM for Pz = 753 MeV/c.
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Here the limits of integration are the kinematic
limits of the uniform distribution and N is a nor-
malization factor.

Therefore, the distribution function describing
the angular and missing-mass-squared depen-
dence at production, f(x, &&2), may be expressed
as

f(x, M'} = Q [A,P, (x)G~(x, M')

+A, P, (x)Gr (x, M')]

=Q QA,'P, (x)G,(x M') (8)

where A „are the Legendre expansion coefficients
for the A& angular distribution and A, are the
coefficients for the observed A from the Z'&

channel. [The differential cross section for either
A or Z' would be given by

= (k')PA,P~(cos 6).]k

The method of moments is used to solve Eq. (8).
In the limit of large numbers the sample moment
(Q„') and the population moment are approximately
equal, which implies

Q„"= Q W, 'Q W, G, (x, , M, )P„(x,. )

x2 rN
f(x, M')P„(x)G, (x, M')dxdM',

J

where W; is the "weight" for the ith event (this
weight incorporating all of the kinematic, geo-
metric, and scanning losses discussed earlier);
x1 and x2 are, respectively, the minimum and

maximum accepted values of the cosine in the

production reaction; and ~ is the cut in missing
mass squared which was taken equal to 4~,2.

The equation above may be put in the form

Qv g gA v'C v~'

k y

where

&2 rN
C„",' = dx dM'P„(x)P, (x)G, (x, M')G„(x, M').

xl oo

From this follows the matrix equation

gAA gAZ AA
=- CA

gz A gZZ Az

with solution A=C 'Q. The components of Q are
the sample moments and the elements of the ma-
trix C are readily calculable once c(x) is deter-
mined. The error matrix for the Ak Legendre
coefficients was calculated by directly averaging
second moments over the data sample of N events:

is used to find the first moment of

PG, (x, M') P„'(x)

Here P is the polarization of the observed A,
is the A decay-asymmetry parameter, P= P, n

(P~ being a unit vector along the proton direction
in the A rest frame} and P,'(x) is the first-order
associated Legendre polynomial. [The polariza-
tion is given by

Pd =X'P&„P,'(cos6}.]
k

To obtain an analytic expression for c(x), the
mean error (b) in the missing mass squared and
its rms deviation (a8) were calculated for each x in-
terval of size0. 2 for -1 ~x ~ 1. The function o(x)
was expanded in a power series in x. A least-
squares fit was used to find the coefficients of the
power-series expansion by seeking the minimum of

42-

AI

)0
C9

D
O
o 24

I8

0
-I.O

I

-.6
I I

~ 2 t2
A Ps
K'M

I

.6 I.O

FIG. 7. Resolution in the square of the missing mass
as a function of the cosine of the c.m. production angle.
The solid curve represents the power series fitted to
the empirical values. (See text for details. )

V= (1/N)((A, . -A)(A,. -A) },
where A, is the estimate from an individual event.

The A, computed by this method may be related
to the true A,' through the kinematics of the iso-
tropic Z'-A +y decay. "

The polarization expansion coefficients are found
in a similar manner, where

f(x M'} P ~ rs =g g n~B,'G, (x, M')P,'(x)
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TABLE II. XP-A& Legendre coefficients.

Momentum
(Mev/c~

Angular-distribution coefficients

Af/Ap DA(/Ap A~/Ap QA2/Ap A~/Ap 4A)/Ap A4/Ap DA4/Ap

688
707
743
753
783
797
820
833

0.220 0.107
0.296 0.120
0.276 0.107
0.189 0.109
0.270 0.116
0.265 0.117
0.198 0.130

-0.246 0.133

1.367
l.226

1.840
1.722
2.217
2.027
2.219
1.997

0.141
0.159
0.146
0.148
0.154
0.153
0.170
0.176

0.621 0.141
0.632 0.160
0.471 0.144
0.278 0.148
0.716 0.152
0.704 0.150
0.767 0.166
0.431 0, 174

-0.026 0.189
-G.183 0.216

0.651 0.203
0.265 0.202
0.926 0.212
0.667 0.205
0.815 0.237
0.622 0.223

Polarization coefficients
Momentum

(Me V/c ) QB f /Ap 6QB
&
/Ap QEt /Ap 6QBp/Ap QB3/Ap 6QB q/Ap QB4/Ap 4 QB4/Ap

688
707
743
753
783
797
820
833

0.085 0.100
-0.065 0.121
-0.115 0.100

0.009 0.104
-0.106 0.093
-0.136 0.107
-0.221 0.118
-0.015 0.130

-0.118
-0.190
-0.121
-0.283
-0.181
-0.114
-0.009
-0.228

0.103
0.126
0.108
0.113
0.104
0.120
0.128
0.135

0.023 0.082
0.010 0.102

-0.068 0.088
0.093 0.093
0.020 0.084

-0.059 0.099
-0.029 0.103
-0.069 0.115

-0.032 0.081
-0.143 0.096
-0.018 0.086
-0,191 0.081
-0.189 0, 083
-0.086 0.089
-0.096 0.104
-0.082 0.097

the y' defined by

The power series was truncated on the order of the
fit by using y' and an E test. A plot of the power
series representing o(x) is given in Fig. 7.

A version of the program SEPAR,"was used to
calculate the coefficients of the Legendre expan-
sion. Monte Carlo studies were made of the pro-
gram's ability to discriminate between Z and A

events. Known missing-mass-squared and angu-
lar distributions to the same order in Legendre
polynomialswere Monte Carlo generated for reac-
tions (1) and (2) as input data to SKPAR. When

the spread in missing mass squared, o(x), was
matched in the Monte Carlo program and SEPAR,
misidentification was of the order of 0.5%. Again
for matched o functions, angular distributions were
generated such that they corresponded to one non-
zero coefficient in the Legendre expansion for Z "s
and a different nonzero coefficient for the A dis-
tribution. S-PA& was able to discriminate be-
tween A's and Z "s to the order of 1%. For Legen-
dre coefficients which were zero in the Monte

Carlo generating program, SEPAR gave values of
10 "with very large errors. For very poorly
matched a functions, BEPAR misidentification was
of the order of 20%. In these cases, SEPAR failed
completely to reproduce the experimental angular
and missing-mass-squared distributions with a

reasonable X '.
As a check against possible systematic effects

introduced by the o function for the real sample
of events, a missing-mass-squared cut of ~, '
was applied to the sample. The remaining sub-
sample which contained few Z "s was fitted to a
Legendre expansion in which no missing-mass-
squared information was used. The Legendre
coefficients generated from this subsample were
compared to the appropriate coefficients generated
by S=. PAR and no significant difference was found

between the two sets of coefficients, though the
estimates for the errors of the coefficients were
smaller for SEPAR.

Only those events with M' less than 4~n, ' and

-0.9 ~x &0.9 were used in generating the final
coefficients. This angular interval was chosen
to eliminate events which had large poorly deter-
mined weights. X "s were generated to compare
the fit distributions with the sample distributions.

y "s, +-tests, and the errors on the coefficients
mere used to determine the order at mhich the
Legendre expansion was truncated. A compari-
son with coefficients generated without missing-
mass-squared information (subsample with M'
cut of m, '; see previous paragraph) showed both
methods were in excellent agreement on the order
at which the Legendre expansion was truncated.
Table II contains ratios of the Legendre coeffi-
cients to A. 0 for the angular and polarization dis-
tributions. The error matrix for these ratios has
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Pz (MeV/c) 0'&~0 (mb)

TABLE III. Cross section for E p-Am . &= Igl'+ I&l',

IP @=2Re(g'h),

688
707
743
753
783
797
820
833

3.27+ 0.23
3.18+ 0.25
3.36+ 0.24
3.00+ 0.22
3.85+ 0.28
3.14+ 0.23
3.05 + 0.24
2.72 + 0.22

where

g(e) = t g [(I I),„„,+I „„,]
l=o

XS', (cose),

h(tt) +2 [ lI+I , /2 ill ,/21&I(cosa).
l=l

large off-diagonal terms varying in size from 20
to 60% of the diagonal terms.

The K beam Qux was obtained by studying the
measured K -&'m m decays for the entire ex-
posure. The 7 count was used with A, from SEPAR
to calculate the partial cross section at each mo-
mentum (see Table III}. These partial cross sec-
tions are in good agreement with those reported
in various CERN-Heidelberg-Saclay (CHS) experi-
mentsss'4 in the Av channel (see Fig. 8}.

Partial-wave analysis

The ratio of the various Legendre coefficients
to Ao and the partial cross section comprised a
set of 72 parameters from which the final physics
information was obtained by an energy-dependent
partial-wave analysis. The connection between the
experimentally measured differential cross sec-
tion (I) and polarization distribution (IP), and the
partial-wave amplitudes a, ~ is given by

Here A. (k=a/2&) is the incoming K wavelength
evaluated in the K P center-of-mass frame. The
coefficients connecting the Legendre coefficients
A", and 8, to the partial-wave amplitudes a, ~
are found in standard tables. " With these defini-
tions, the partial cross section is related to the
differential cross section by

0'~„= IdQ = 4m)c 2A 0.

Resonant amplitudes were parameterized with
a Breit- Wigne r form

(, ~) —,'(I;F„)' 'e'
(E„—E) —i I'/2

where 8 is the c.m. energy, E„ is the mass of the
resonance, I; is the partial width in the incident
(elastic) channel, I', is the partial width in the
final (reaction) channel, and I'=g, l', , where the
summation is over all decay channels of the res-
onance and Q is the phase of the resonant am-
plitude at resonant energy. [For this experiment

l 630

4-

I653
l

E (MeV)
l676 l 699 l723

o THIS EXPERIMENT
x REF. 33
~ REF. 34

650 700 ?50
P {MeY/c)

800

FIG. 8. Cross section for the A~0 channel. The smooth curve is the cross section predicted by the energy-dependent
partial-wave analysis.
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Q is taken to be 0 for the Z(1660) at resonance. ]
The width of a resonance is known to have an

energy dependence" which is, in general, made

up of a phase-space factor proportional to k, the
relative momentum in the outgoing channel in the
c.m. frame, and a centrifugal-barrier factor pro-
portional to (kr)" /D, (kr).

Here r is the radius of interaction (taken as 1 F
for this experiment). The energy dependence of
the width, I, used in this experiment was

k ""D,(ksr}I'(E) =I'(E )
k D'(~)8

where the D, (kr) correspond to a square-well po-
tential for nonrelativistic energies. " In the fit-
ting procedure the Breit-Wigner form was para-
meterized as

(1
R

where t = (I',I';/I')' and e = 2(Es —E)/I". The pa-

rameters varied for a resonant amplitude were
t, I'(Es), and Es

Background amplitudes were parameterized as

T~ =a +bp»,

where a and b are complex numbers and P~ is the
incident K momentum in the laboratory frame in
GeV/c. In all fits in which background and reso-
nance were present in a given partial wave, the
amplitudes were added as

~r. ~ =& s' +&a y

(l, 4)

where T„" ' is the resonant amplitude for the
l, t waves.

By using the ratios A ~ /A ", and B„/A o
. in the fits,

the error associated with normalization was re-
stricted to the partial cross section.

The comparison of the experimental Legendre
coefficients, A' and B' with the calculated coef-
ficients, A' and 8' is done by computing the min-
imum of the X'defined by

+ ] o(i) —0'(i) ' ~ g A; (i) A;(i}, . A; (i) .A;(i)
6o'(i) ~ . . A; (i) A;(i) " A;(i) Ao(i)

B (i) B'(i), . B;(i) B;(i)

where i represents the various energies, j and k

the order of the various Legendre coefficients, and

V, C the appropriate error matrices. The full er-
ror matrix is employed since the off-diagonal cor-
relation terms of the error matrix, determined
experimentally, are fairly large. The significant
correlations result from the fact that the set of
functions P,(x)G,(x, t}f') used to represent the an-
gular distribution were nonorthogonal [see Eq. (8)].

The fitting procedure entails minimization of
this X' with respect to each of the parameters.
The errors quoted on the various parameters in
the fit are obtained from the error matrix 0, cal-
culated as the inverse of the second derivative
matrix. If y, , y2, . . . , y„are the variable para-
meters the error 5y,. of a parameter y, is given
by

where

a2 2
X( )jk

The minimization of X' was done using the FOR-
TRAN program MINFUN. 3' After a series of trial
runs were made using MINFUTT with various pa-
rameterizations of partial-wave amplitudes the
following assumptions were adopted:

(1) Unitarity was imposed on the amplitudes.
(2) The position of a fitted resonance in a given

wave was forced to be between 1597 and 1765 MeV.
(This corresponds to j:50 MeV from the highest
and lowest center-of-mass energies available in

this experiment. )
(3) For all resonant amplitudes 0 & I'(Es} &200

MeV.
(4) No background was allowed in a partial wave

in which a resonant form was being fitted.
(5) All partial waves which were assumed non-

resonant were fitted with background amplitudes.
(6) The D» partial wave was always chosen as

resonant.
If any partial wave was chosen to be reson-

ant it was fitted simultaneously with a D» reson-
ant amplitude.

As a reference point a fit was tried with all par-
tial waves fitted to background only; the y' resulting
from this was used to determine what further hy-
potheses were significant. A resonant form was
tried in each partial wave and in combinations
along with the resonant amplitude in the D,3 par-
tial wave. All partial waves through F» were tried
with a resonant amplitude. Various fits were at-
tempted using the results of Kim's K-matrix analysis'
for resonances which lie outside the energy range of
this experiment, but which are possibly wide enough
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FIG. 9. Experimental results for Legendre-coefficient ratios of the K p A~ angular distribution. Curves repre-
sent the fit described in Table IV.
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TABLE IV. Partial-wave parameters: D&3 resonant.

Nonresonant
amplitudes Rea Ima Reb Imb

Di5

0.21 + 0.01

-0.04 ~ 0.01

-0.15+ 0.01

-0.30+ 0.01

0.11+0.01

0.31+0.01

-0.67+ 0.01

-0.13+ 0.01

-0.50 + 0.01

-0,11+0.02

0.23+ 0.01

0.30~ 0.01

-0.23+ 0.01

-0.40 + 0.01

0.81 + 0.01

0.20+ 0.01

Resonant
amplitude

Mass, Ez
(Me V)

Width, (E„)
(MeV)

Amplitude at
resonance, t

Dis

Dis

1671+3

[ 1765]

44+ 11

[120]

0.08+ 0.01

[-0.25]

'
[ ] indicates fixed parameters, not fitted.

to affect the fits. Fits in which a fixed resonance
[well-established resonance with fixed t, I'(Es),
and Ez] was tried with no background in that par-
tial wave gave large y' or completely unrealistic
values for the D» resonance parameters. This
led to the conclusion that background should be
used in those partial waves in which a fixed reson-
ance was used. The final fitting procedure then
entailed trying resonant forms or background in
the various partial waves with the D» amplitude
treated as resonant.

RESULTS AND CONCLUSIONS

The best fit to the data was obtained for the Dy3

partial wave resonant (without background) and
all other waves nonresonant. The X' obtained for
this fit was 47 for 53 degrees of freedom, which
corresponds to a probability of 70%; the parame-
ters obtained for the D» resonant amplitude were
t=0.08+0.01, I'(Es) =44+11 MeV, and Es 1671
+ 3 MeV. Figure 8 shows the fitted and experi-
mental cross sections; Figs. 9 and 10 show the
fitted and experimental ratios for the Legendre
coefficients; and Table IV contains the values of
the various parameters obtained for this fit.

The values obtained for the resonance parame-
ters are in good agreement with those obtained in
recent CHS experiments which gave t =0.10+0.02,
I'(Ez)=50+ 10 MeV, and z=E166 +0I MQeV. The
results are also in agreement with the D» partial-
wave parameters from the K-matrix analysis of
Kim" [t =0.07, F(E„}=40 MeV, E„= 1670 MeV].
A comparison of the predicted SU(3) value" for
the D» ampiitude at resonance (t =0.05) is in good
agreement with the results of this fit.

As a check of assumption 4 (no background with
a fitted resonance) background was added to the

Breit-Wigner form of the D» amplitude and a
search for a lower minimum X' was attempted.
The results gave a poorer confidence level with
a probability of 55% for the fit. This indicated the
four additional background parameters were not
statistically significant. The parameters of the
resonance t=0.08, I"(E„)=42 MeV, and E„=1671
MeV were not changed much from the fit without

13 background.
The analysis of the KV channels of this experi-

ment' requires the existence of a P]y resonance.
Kim's K-matrix analysis" had indicated the pos-
sibility that a resonant Ply amplitude at an energy
of 1670 MeV is strongly coupled to Zv(xz„=0.42}
and weakly coupled to Av(x A, =0.00). Several fits
were attempted with the D» and Pgg partial waves
resonant, resulting in a best X' of 52 for 54 de-
grees of freedom which corresponds to a proba-
bility of 53%. The parameters obtained for the D»
resonant amplitude were t =0.17+0.01, I'(Es) = 76
+5 MeV, and ED=1655+2 MeV; those obtained for
the P» resonant amplitude were t =0.16+0.01,
F(E„)=81+10 MeV, and E„=1671+2MeV. Table
V contains the values of the various parameters
obtained for this fit. Though this is an acceptable
solution, the resonant parameters for the D» am-
plitude are not in good agreement with those from
previous experiments. '~ ' The amplitude at
resonance for the D» partial wave is larger than
that observed in most previous experiments, al-
though in agreement with the results of Budgen'
[t =0.165+0.01, I'(E„)= 59 +4.5 MeV, E„=1676
+ 2.0 MeV]. Furthermore, the width of the D»
resonant amplitude is larger than reported in most
experiments, though in agreement with the results
of Iangbein's multichannel analysis" [t=0.13+0.03,
(E„)= 65 s 20 MeV, E„=1675s 15 Me V]. This solu-
tion indicates that the coupling of a Pyy resonant
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TABLE V. Partial-wave parameters: D&3 and P&& resonant.

Nonre sonant
amplitudes Rea Ima Imb

D)5

0.01 & 0.01

0.44+ 0.01

0.15+ 0.01

0.37~ 0.01

-0.19+ 0.01

-0.19+0.01

-0.19+ 0.01

-0.53 + 0.01

-0.20~ 0.01

-0.54+ 0.01

0.39+ 0.01

0.29~ 0.01

Resonant
amplitudes

Mass, &&
(MeV)

Width, r (E~ )

(Me V)
Amplitude at
resonance, t

1671+2

1655+ 2

[1765]'

81+ 10

[120]

0.16+ 0.01

0.17+ 0.01

[-0.25]

' [ ] indicates fixed parameters, not fitted.

amplitude to the A& channel is much larger than
would be expected from Kim's K-matrix analysis"
[t =0.00, &(&„)=50 MeV, Es=1670 MeV].

A fit was tried with the D» and +» amplitudes
as purely resonant and all other partial waves
treated as background in order to search for evi-
dence of an +» resonance at 1690 MeV as seen
by Sims. " Because of the high X' and the fact that
the regions of lower y' correspond to very small
values of the width ] I'(Es) -0.02 MeV] this fit was
re jected.

Various individual partial waves (S», P», D„)
and combinations were tried as resonant, but none
gave a satisfactory p' or physically realistic reso-
nant parameters.

Under the assumptions used in this experiment,
the data allow two possible solutions for the par-
tial-wave analysis. The first solution contains the
D y, partial wave as the onl y r esonant ampl itude,
and the results are consistent with recent analyses
as well as SU(3) predictions. The second solution,
containing both the D» and P» partial waves as
resonant amplitudes, though acceptable, is in
disagreement with the results of other analyses.

Two reports have been made of experiments

treating just the A-plus-neutral final states of low-
momentum K -p interactions. One was carried
out with optical spark chambers by Baxter et al.";
the other was done with a heavy-liquid bubble
chamber by London et al." Both of these yielded
significantly less data than the experiment repor-
ted here; and in the latter case, there was no

treatment of resonance hypotheses for the A&'

data. Results of these two experiments are con-
sistent with results reported here.
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