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Anatomy of diluted dark matter in the minimal left-right symmetric model
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Temporary matter domination and late entropy dilution, injected by a “long-lived” particle in the early
Universe, serves as a standard mechanism for yielding the correct dark matter relic density. We recently
pointed out the cosmological significance of diluting particle’s partial decay into dark matter. When
repopulated in such a way, dark matter carries higher momentum than its thermal counterpart, resulting
in a suppression of the linear matter power spectrum that is constrained by the large scale structure
observations. In this work, we study the impact of such constraints on the minimal left-right symmetric
model that accounts for the origin of neutrino mass. We map out a systematic anatomy of possible dilution
scenarios with viable parameter spaces, allowed by cosmology and various astrophysical and terrestrial
constraints. We show that to accommodate the observed dark matter relic abundance the spontaneous left-
right symmetry breaking scale must be above PeV and cosmology will continue to provide the most
sensitive probes of it. In case the dilutor is one of the heavier right-handed neutrinos, it can be much lighter

and lie near the electroweak scale.
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I. INTRODUCTION

The field of particle physics and cosmology is facing at
least three unresolved issues, driven by experiments: the
nature of dark matter, the origin of neutrino mass, and the
origin of the matter-anti-matter asymmetry in the Universe.
They are likely linked to new fundamental laws of nature.
Conceptually, it would be very appealing to have these
puzzles solved within a single unified framework.

A heavy neutrino is one of the oldest, simplest and most
obvious of dark matter candidates. It was first introduced as
a Standard Model (SM) gauge singlet with a small mixing
with the active neutrinos, produced via active-sterile
neutrino oscillations in the early Universe. With improved
astrophysical observations, both the Dodelson-Widrow [1]
and the Shi-Fuller [2] mechanisms are already excluded
[3,4]. To save such oscillation mechanisms, one must resort
to novel neutrino self-interactions [5-8]. A common
assumption here is a vanishing dark matter population at
very early times, which can easily be affected by high-scale
new physics. Right-handed neutrinos are often mandatory
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for gauge anomaly cancellation in many extensions of the
SM [9-11]. Assuming the Universe was once sufficiently
hot, new gauge interactions can then bring them into
thermal equilibrium with the SM. A right-handed neutrino
can be made cosmologically stable and comprise 100% of
dark matter in the Universe. While it appears nearly sterile
at low energies, the origin of dark matter (its abundance and
momentum distribution) is governed by details of the high-
scale theory.

The minimal left-right symmetric model (LRSM),
based on SU(3), x SU(2), x SU2)g x U(1)p_, [12-14],
was originally proposed as a theory for nonzero neutrino
mass [11]. In the model, parity is implemented as a left-right
Z, symmetry, acting between left- and right-handed fer-
mions. Since SU(2) is gauged, three generations of right-
handed neutrinos need to be present to cancel the anomalies.
Parity and new gauge symmetries are spontaneously broken
above the electroweak scale and light neutrino masses
originate from both type-I and -II seesaw [11].

Remarkably enough, the Dirac couplings also get
predicted [15], which makes the LRSM a particularly
complete and predictive theory for neutrino masses. The
breaking of lepton number manifests itself in a number of
processes, ranging from direct production at high energy
colliders [16,17], neutrinoless double beta decay [18,19],
lepton flavour violation [20,21], and cosmology [22,23].
Moreover, the model can explain the origin of cosmic
baryon asymmetry via leptogenesis, as long as the LR
scale is sufficiently high [24,25].
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The lightest right-handed neutrino (called N, hereafter)
as a viable dark matter candidate in the minimal LRSM
was first considered by Bezrukov, Hettmansperger, and
Lindner [26]. It features a dark matter candidate with a light
mass below ~MeV, in order to be cosmologically stable.
On the other hand, its mass is bounded from below by
several keV scale from phase space packing in dwarf
galaxies, because N, is a fermion and subject to Pauli
blocking [27,28]. Slightly stronger mass lower bound
applies if N; had thermal contact with the SM plasma in
the early Universe (warm dark matter) [3,29-34]. The right-
handed current gauge interaction, mediated by the Wpg,
decouples in the early Universe and always leaves N;
freezing out ultrarelativistically. This overproduces the dark
matter relic abundance, unless there is a “long-lived” matter
component that temporarily dominates the energy density
of the Universe before decaying dominantly into the
SM [35]. The late entropy release causes a relative dilution
of the final dark matter abundance and brings it down to the
observed value. In [26], it was suggested that the role of the
diluting particle can be taken on within the LRSM by one
of the heavier right-handed neutrinos. The corresponding
W g boson mass scale is typically constrained to be rather
high to facilitate the relativistic freeze-out and longevity of
the diluting particle. The possibility of having a lighter W
boson was investigated in [36], which resorts to a decaying
phase space suppression to keep the lifetime of the diluting
particle sufficiently long.

Recently, the dark matter dilution mechanism was
revisited and a new, model-independent constraint has
been discovered [37]. This new opportunity for testing
dark matter dynamics lies in the partial decay of the dilutor
into dark matter. Such decay modes exist quite generically,
either at tree or loop level, and the branching ratio is
sometimes fixed by the internal structure of a UV complete
model. With dark matter repopulated this way, the relic
density obtains a secondary component on top of the
primary one that comes from the usual freeze-out. Most
importantly, this component is predicted to be much more
energetic than the original thermal one.

Under a reasonable assumption that both the dark matter
and the dilutor freeze-out relativistically,1 the secondary
dark matter particles stay relativistic until the temperature
of the Universe cools down to around eV scale. This
temperature is nearly independent of parameters including
the dark matter mass and the dilutor’s mass and lifetime.
As aresult, dark matter free-streaming strongly impacts the
matter power spectrum and the formation of large scale
structures. Using the existing data from the Sloan Digital
Sky Survey (SDSS), an upper bound on the branching ratio

'We will comment on what happens to the constraint from
dilution when this assumption is relaxed. In the LRSM, relativ-
istic freeze-out is always valid, regardless of which particle plays
the role of the dilutor.

for dilutor into dark matter is set at about <1%. Because the
primordial perturbations remain linear on large scales,
a robust cosmological constraint can be applied on the
fundamental theories for the origin of dark matter.

In the context of LRSM, the decay of a heavy right-
handed neutrino to the lighter one could occur via the
exchange of the W gauge boson, similar to weak decays in
the SM. If this is the dominant mode, then the branching
ratio is predicted by the number of lighter fermions and
universality of the SU(2), gauge interactions and comes
out to be larger than 10%, which turns out to be forbidden
by the large scale structure observations [37]. To mitigate
this exclusion, the right-handed neutrino dilutor must
have other significant decay channels to reduce the dark
matter repopulation. Such an important constraint has been
ignored in previous analysis. We are therefore strongly
motivated to revisit the viability of right-handed neutrino
dark matter in the LRSM and, as we shall see, they strongly
affect the allowed parameter space where an appropriate
dark matter relic density can be obtained. In performing a
systematic and thorough analysis, we first focus on the
usual dilutor in the form of another right-handed neutrino,
and then identify a new candidate from the scalar sector of
the LRSM that can also play the role of dilution.

Before our journey begins, we would like to stress
that the entropy dilution explored here in the context of
LRSM is a generic new physics scenario for fixing the
dark matter relic density, or for suppressing the amount of
extra radiation (ANy) in the early Universe. It has been
employed in a broad range of dark matter models including
the gravitino, twin-Higgs models, and various dark sector
incarnations [38-55]. The same large scale structure con-
straint would also affect the viability of dark matter in these
models and must be taken into account in future studies.

This article is organized as follows. In Sec. II, we give a
lightning review of the minimal LRSM and highlight
several aspects of the model that are important for the
dark matter study in this work. In Sec. III, we discuss the
entropy dilution mechanism that features temporary matter
domination by a “long-lived” diluting particle. We go
beyond the earlier work [37] and provide a detailed
derivation of the Boltzmann equation and distribution
function of secondary dark matter component from dilu-
tor’'s decay. The discussion in this section is model
independent and easily applicable to other models, besides
the LRSM, that resort to a similar dilution mechanism. In
Sec. IV, we present the anatomy of right-handed neutrino
dark matter in the minimal LRSM by exhausting all the
possible dilution scenarios that we have envisioned. This
includes the heavier right-handed neutrino or the Higgs
boson counterpart of left-right symmetry breaking (the
right-handed triplet) playing the role of dilutor. For each of
the cases, we establish the viable parameter space for DM,
compatible with the large scale structure limits from SDSS,
along with other constraints that include the correct relic
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density, generation of neutrino mass, big-bang nucleosyn-
thesis and x-ray line searches. We also comment on
supernova cooling and existing laboratory constraints on
the LR scale. We conclude and provide an outlook of
opportunities in Sec. V.

II. DARK MATTER IN THE MINIMAL
LEFT-RIGHT SYMMETRIC MODEL

We start with a brief overview of the structure of the
minimal LRSM and highlight several ingredients that are
important for understanding the cosmology in the later
sections. We refer to [12—-14] for the original works and in-
depth reviews of the model.

A. The minimal left-right symmetric model

The LRSM is based on the gauge group Gir =
SU3).xSU(2), x SU2)g x U(1)p_,, with a discrete
Z, symmetry interchanging the left and right SU(2)
sectors. At low energies, the Z, symmetry manifests itself
as the parity symmetry of QCD and QED. Quarks and
leptons come in parity symmetric representations

_ (M _ 1
QL_(dL>_<3’2’1’3>’
_ ("R _ 1
QR_(dR>_<3’1’2’3)’
14
L, = <L”L> = (1,2.1,-1),

N
Ly = < ) = (1.2.1,-1),
‘R

where N stands for the right-handed neutrino. The scalar
potential of the minimal model is also parity symmetric. It
consists of three complex fields: a bidoublet ® = (1,2,2,0)
and two triplets A; = (1,3,1,2) and Az = (1,1,3,2)
under G, with the following field assignments:

(N ¢2+> _<6+/ﬁ 5t )
<I>—<¢1_ n) AL r= O 513 ik (2.2)

Under parity, ® — @7, A; < Ag. Starting from the LR
and parity symmetric potential, it was shown that parity is
broken spontaneously [13,14], with either with two
doublets [14] or two triplets [11,18]. The complete form
of the potential was discussed in [56] and studied in some
depth in subsequent years [57-61] with more recent
works focusing on phenomenological signals [62—-64].
A strong lower bound from perturbativity of the potential
was worked out in [65], with constraints from vacuum the
vacuum structure [66] and opportunities for gravitational
waves [67].

(2.1)

The above quantum numbers allow for the following
Yukawa terms that couple the fermions to scalars

Lyy=0(Y, @+ ¥, ®)0r+ L, (Y,®+7V,®)Lg

+YALL{i02ALLL+YARL£I.62ARLR +H.C., (23)
where ® = io,®*ic, and the family indices are suppressed.
The o, matrices operate within the two SU(2);  group
spaces and ensure gauge invariance. The first two terms are
of the Dirac type and give the usual mass terms that
connects the left and right chiral fields, as in the SM. An
important component of the LRSM are the Dirac mass term
for neutrinos

v

V2

and the Majorana-type Yukawa couplings Y, , in the
second line, that generate lepton number violating masses
for neutrinos.

The spontaneous symmetry breaking occurs in two steps.
First, the SU(2), x U(1)g_; symmetry is broken down to
U(1), for hypercharge by the vacuum expectation value
(VEV) of the right-handed scalar triplet (A%) = vg/v/2,
which lies well above the electroweak scale. It generates
masses for the new gauge bosons W5 and Z', with a mass
relation M, = \/§MWR. Through the Y,, Yukawa cou-
pling term in Eq. (2.3), the vp condensate also gives a
Majorana mass to the right-handed neutrinos N.

The second stage of spontaneous symmetry breaking
is triggered by the VEV of the bidoublet scalar, (¢{)=
veosB/v/2 and (¢9) = vsinpe'®/+/2, where v = 246 GeV.
Without loss of generality, we choose € (0, z/2). In view
of SU(2),, the bidoublet effectively behaves as two Higgs
doublets, thus their VEVs can give masses to the regular
W+ and Z gauge bosons that mediate the weak interactions.
Through the Yukawa coupling in Eq. (2.3), the electroweak
VEVs also provide Dirac mass matrices for all the
fermions, including the one between left-handed neutrinos
v and right-handed ones N.

My, (cos BY, + sin fe~@¥)), (2.4)

B. Essential model ingredients for the early Universe

1. Right-handed currents

The most important ingredient of the LRSM, relevant for
dark matter cosmology, are the new gauge interactions,
mediated by the Wi and Z' gauge bosons. The right-
handed charged-current interactions for fermions take on
the form

g N _
Lgauge = ﬁ W/;Q(Nyﬂvlljl-\r/[NSfR + uRy;tngMdR> +H.c.,

(2.5)
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FIG. 1. Feynman diagram for right-handed charged-current
interaction of dark matter N, in LRSM.

where all the fermions fields are now in their mass
eigenstates. We have introduced the right-handed
Cabibbo—Kobayashi—-Maskawa (CKM) and Pontecorvo—
Maki—Nakagawa—Sakata (PMNS) matrices that transform
the fermions from the weak flavor into the mass basis. Here
we neglected the mixing between the W and Wy gauge
bosons, which is constrained to be small (see Sec. I[I B 4)
and its effects in dark matter pehenomenology will be
accounted for in Sec. IVA 4 and the Appendix.

In the minimal LRSM with parity symmetry, the right-
handed CKM matrix has been solved both numerically
[68—70] and analytically [71,72]. Its off-diagonal elements
are suppressed by similar powers of the Wolfenstein
parameter as the regular CKM matrix, but all the matrix
elements carry extra phase factors with implications for the
strong CP violation [70,73-75]. For the purposes of this
work, the exact form of the quark charged currents is not
really important and we shall approximate V%, with a unit
matrix. The situation is quite different for the leptons.
There, the form of right-handed PMNS matrix is much less
constrained and allowed to be wildly different from the
regular PMNS matrix. The only special case is when the
light neutrino mass contribution is dominated by the type-II
seesaw contribution. In this case, parity requires that Vs
be identical to its left-handed counterpart.

2. Lightest right-handed neutrino as dark matter

The minimal LRSM does not preserve any exact Z,
symmetry that would stabilize DM, even LR parity gets
broken spontaneously and its quality is not crucial for
dark matter stability. As a result, none of the new particles
beyond the SM are absolutely stable. As argued in [36], the
only candidate for dark matter in the model is the lightest
right-handed neutrino, N, 2 Without fine-tuning the flavor
structure of V& ¢, the Feynman diagram in Fig. 1 shows
the dominant interaction for N; to couple with the charged
leptons and quarks.

If heavy enough, then N; could decay into an electron
and a charged pion, and it would not be cosmologically
stable, unless the Wy boson is ultraheavy, near the

*The real part of A% in (2.2) may also be cosmologically stable
if it is made to be much lighter than My,. This brings in issues
with vacuum stability, similar to the case of the SM [76,77], and
may require fine-tuning of couplings in the LRSM [65,78,79],
therefore we do not pursue this option any further.

grand unified theories (GUT) scale. In this work, we
are interested in finding lower (and upper) bounds of Wy,
and we will focus on the N; dark matter mass below
~100 MeV, where there is a wide portion of parameter
space for N; to be sufficiently stable. To be more specific,
the upper bound on N; mass can be written as

96723\ /5 [ My, \4/5
My, < max —k ,m,
() ) om)
My, 4/5
~ m, X max 107" 1,
10'Y GeV

where we require dark matter decay rate 77! < 107° GeV,
which corresponds to a typical bound from cosmic ray
positrons and x-ray searches. As for laboratory constraints,
the mass of the W, boson is chiefly bounded by searches at
the LHC. For right-handed (RH) neutrinos below a few 10
of GeV, the signal from Wy — £N; looks like a very
energetic charged lepton and missing energy, because N,
escapes detection. Recasting the generic W' — £ searches
[80], the current bounds set the LR scale to be
My, 25 TeV, depending on the flavor of the charged
lepton. This channel is particularly clean and may probe the
scales up to 37 TeV at a future 100 TeV collider [81].

With such super-weak interactions, mediated by the
Feynman diagram in Fig. 1, the RH neutrinos thermalize
in the early Universe and decouple at temperatures

(2.6)

MW 4/3
Ty~1MeV(—22)"" >300 MeV,  (2.7)
My

where in the second step we apply the existing lower
bound on My, from the LHC. Comparing with Eq. (2.6),
we find that

Td >m N, (28)
always holds. We will assume that the reheating temper-
ature of the early Universe was sufficiently high, such that
all the RH neutrinos (and other particles in the LRSM) were
once kept in thermal equilibrium by gauge interactions. The
above comparison implies that N; must decouple when it
was still ultra relativistic, similar to the decoupling of SM
neutrinos. As will be sharpened in Sec. III A, this leads to a
severe dark matter overproduction problem and requires a
nonstandard cosmology after the freeze out.

3. Neutrino mass contributions

Neutrino masses in the minimal LRSM come from two
sources. First, the Dirac neutrino mass term together with

3One may consider the PMNS coupling of N to 7 only, which
would prevent the tree-level decay to ez and allow for slightly
heavier N;.
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the Majorana mass for N, generated by spontaneous
symmetry breaking, can give mass to the active neutrinos
through the type-I seesaw mechanism. In addition, the
model features another contribution through the type-II
seesaw. It comes from the VEV of the left-handed scalar
triplet (A9) = v, //2 and the 4 Yukawa coupling term in
Eq. (2.3). The v; condensate originates from terms in the
scalar potential of the form, e.g., Tr(A, ®A®"), which
is a tadpole term for A; after ® and Ay have obtained
their condensates.

The full neutrino mass matrix in the model is then
given by

M, =-MEM3'Mp + M,

v .

My = —(cos fY; + sin fe~'?Y;), 2.9

D \/i( [} l ﬁ l) ( )
UR vy,

My =—F=Y, , M; =——=Y, . 2.10

N \/j Ag L \/E Ap ( )

Accommodating the neutrino masses and mixings, needed
to explain neutrino masses and fit the neutrino oscillations,
is one of the primary motivations for considering the LRSM

|

e )é (v +207)
Rl \ o2 sin # cos fe'®

Ly = —(AL

where A7 are the gauge bosons in the flavor basis. After
diagonalization, the mass eigenstates are the SM-like W
boson, which is a linear superposition of mostly A; and a
small admixture of A, that mediates RH currents. Vice
versa, the Wy mass eigenstate is mostly right handed.
Phenomenologically, the relevant scales in the LRSM need
to hierarchical, such that vz > v > v, and the W — W,
mixing is approximated by

& r 2 sinfBcos fel® <%>2zsin(2ﬂ)eia (3—;;)2, (2.12)

where in the last step we used My, ~ g*v*/4 and My, ~

g*v:/2. As we will see, &g is one of the key LRSM
parameters for resolving the dark matter repopulation issue.

Clearly & is suppressed due to the small mass ratio
(My/My,)*. The magnitude of & also depends on
tan f, i.e., the ratio of the two VEVs from the bidoublet
for which there exist an upper bound from the perturba-
tivity of Yukawa couplings. To make the point, we
consider the quark mass generation in the minimal
LRSM here and explain the logic by approximating with
the third family only, which has the largest Yukawa
couplings. For a single generation, the top and bottom
quark masses are given by

as a plausible beyond the Standard Model theory. We will
use it as an important guiding principle when exploring
cosmological aspects of the model.

Within the LRSM, the Dirac Yukawa couplings can
be solved for in terms of the Majorana mass matrix in case
of C [15] and P [82—84]. Thus one can predict the M ;, mass
matrix from my and V; and calculate the heavy-light
neutrino mixing. Note that the charged lepton mass matrix
M, comes from a different linear combination of ¥, and ¥,
and is therefore independent of M p. This renders the mass
scale of right-handed neutrinos free parameters in the
LRSM. In this work we do not concern ourselves much
with fine-tunings of ¥, and ¥, but take a phenomenological
approach by scanning the entire parameter space and
figuring out which parts can accommodate the dark matter
relic abundance.

4. W — Wy gauge boson mixing
Because the scalar bidoublet @ transforms under both
SU(2); and SU(2)g, its VEVs allow for a mixing between

the W and Wj gauge bosons. The corresponding mass
terms take on the form

—v?sinBcos fe”@ \ [ A*T
o) @)
5 (v* 4+ 2v%) AR
v V oo —ia
m, = %(Yq cos f + Y, sin fe™'),
m, :\%(Yq sinfe’® + ¥, cos p). (2.13)

These can be inverted and solved for the Yukawa
couplings

. 2 )
Ve = " c\o/s_2ﬁ (m,e' cos ff — my, sin f§),
Y, = vcos2p (—mesin B + my, cos ff). (2.14)

By requiring |Y,| and |¥,| to take on perturbative values
(<3) for a€0,2x), we get the following allowed range
for tan f

tanf < —1.24 U -0.77 < tanf < 0.77 U tan § > 1.24.
(2.15)

In other words, the large difference between the top and
bottom quark masses forbids the angle f to be close to
+n/4, where cos2f approaches to zero blowing up Y,
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and Y 4+ See [70] for more details and a full numerical
study with three generations.

5. The Majorana Higgs

As mentioned earlier, the gauge symmetry breaking from
LRSM to the SM is triggered by the VEV of the SU(2),
scalar triplet Ag. Its components &%, and the imaginary part
of 5%, become the longitudinal components of the W% and
Z' bosons, respectively. The real part of 5% is the “Higgs
boson” for this step of symmetry breaking, a massive
propagating particle that reveals the nature of spontaneous
breaking. We denote the properly normalized physical state
as A, where

A =V28 — g (2.16)

Because vy violates lepton number and serves as the source
of Majorana neutrino mass, A is referred to as the Majorana
Higgs [79]. The doubly charged component A% is left
over as another physical state.

As will be discussed Sec. IV B, A can also play a crucial
role of dilution for addressing the dark matter relic density.
Here, we list its interactions that are relevant for under-
standing its role in the early Universe. The A is the
excitation above the VEV vp, which is mostly responsible
for the mass generation for the right-handed neutrinos N
and W%, Z' gauge bosons. The corresponding couplings
can be derived by shifting v — vr(1 + A/vg),

_ M3, M2,
L=-"NANA+ 2w WA + Lz, 7,
UR UR UR

(2.17)

where we keep the interaction terms linear in A, which are
useful for calculating its decay rates. The A — N coupling is
diagonal in the mass basis of N.

Another important parameter that controls the decay
rates of A is its mixing with the Higgs boson, 8,,,. In the
presence of such mixing, A can decay into all the SM
particles that the Higgs boson couples to. In particular,
when the mass of A is much above the electroweak
scale, it mainly decays into WrW~, ZZ, and hh, with a
ratio of 2:1:1, as dictated by the equivalence principle.
The scalar potential terms that couple A to Higgs are
o, Tr(® @) Tr(ARAg) + [ Tr(®T®)Tr(ARAR) 4+ Hec.] +
a; Tr(® DAL AR) [59]. After the right-handed triplet A
develops the VEV, but before the electroweak symmetry
breaking, these terms allow A to decay into a pair of SM
Higgs bosons, as well as the wouldbe Goldstone bosons
that eventually become the longitudinal components of
the W and Z bosons.

III. GENERAL DILUTION MECHANISM VS
LARGE SCALE STRUCTURE

We review the dark matter dilution mechanism under the
sudden decay approximation [35], which is a useful tool for
exploring the late decay of long-lived particles in the early
Universe. This approximation allows us to analytically
derive the important parametrical dependence in relevant
quantities, such as the final dark matter relic density Qy,
and the reheating temperature TRy immediately after the
decay of the dilutor. To keep the discussion here as general
as possible, we call here the dark matter particle X and the
cosmologically “long-lived” particle for entropy dilution Y.
We will assign their identities within the LRSM (X — Ny,
Y — N,,A) in the next section, when we discuss the
concrete dark matter dilution scenarios.

A. Relativistic freeze out and overproduction problem

Consider the dark matter X, which freezes out from the
SM thermal plasma relativistically. The yield Yy = ny/s is
then defined as the ratio of number density ny to the total
entropy density s of the SM plasma, and is given by

135¢(3)

4%y, (Ty,)” 5

X

where we assumed that X is a Majorana fermion with two
degrees of freedom. The T}y, is the photon temperature
when X freezes out, and g, (T,) counts the corresponding
number of relativistic degrees of freedom in the Universe in
the plasma. Because most of our discussion will be
restricted to temperatures above the MeV scale for suc-
cessful big bang nucleosynthesis (BBN), we will not
distinguish ¢,(T) and g¢,5(T) hereafter. If nothing else
happened after the freeze out, then Yy would be a
conserved quantity, and the dark matter relic density today
would be

QO:mXYXs0226< mx>< 100> (32)
X Po 1 keV ) \9.(Tr) /)’

where s, = 2891.2 cm™ is the entropy density in the
Universe today, and p, = 1.05 x 107A% GeV/cm? repre-
sents today’s critical density with 72 = 0.67 [85]. In con-
trast, the Planck experiment observes that the value of
Qark mateer 1S 0.26 [86]. Because my is constrained to be
heavier than several keV due to various warm dark matter
constraints, the above result creates the dark matter over-
production problem.

B. Entropy dilution mechanism
with a long-lived particle

To address the issue of overproduction, we introduce a
dilutor particle Y. For simplicity, we assume it is also
a Majorana fermion that freezes out relativistically and

056021-6



ANATOMY OF DILUTED DARK MATTER IN THE MINIMAL ...

PHYS. REV. D 109, 056021 (2024)

has a similar yield as the dark matter before decaying away,
mostly into the SM particles. To achieve sufficient dilution,
Y must dominate the total energy density of the Universe
(as matter) before it decays away and dumps most of its
energy (or entropy) into the SM sector.

In the sudden decay approximation, we have

T)_/l = Hpetore = Hafter (33)

where 7y is the lifetime of ¥, and Hyore_ oier are the Hubble

parameters (H = /8xGyp/3) immediately before and
after the decay, respectively.
Before the decay of Y, the Universe is dominated by the
energy density of nonrelativistic massive Y particles,
P = Py = YySveforeMy- (34)
where Sperore 15 the total entropy density of relativistic
species before the decay. Here we assume that Y experi-
ences a similar relativistic freeze out as dark matter and Yy
is the same as Yy given in Eq. (3.1). Note that the Universe
is already matter dominated right before Y decays.
However, this does not prevent us from defining Y as
the ratio of ny to the relativistic entropy density s, and
Yy = ny/s remains conserved in the time window between

the freeze-out and Y’s decay. With these inputs, the first of
Eq. (3.3) leads to

3 2
_ s g*(Tfo) Mpl
Sbefore —

902(3) myzd

(3.5)

Assuming that the decay of Y takes no time, the energy
density of Y immediately before its decay is equal to the
radiation energy density immediately after. The latter is
related to the corresponding “reheating” temperature 7ry
of the SM plasma,

77,'2

P =Pr = 9*(TRH)T§H-

The second equation of Eq. (3.3), 77! = H,ger, leads to

B M, 093MeV |1 sec
Tru220.6g, (Try) ™/ r—:zg Te) P\ 7y (3.7)

where My = \/1/Gy =1.2x 10" GeV is the Planck
constant. The entropy density of the SM plasma immedi-
ately after Y decay can then be calculated in terms of Txry,

272

Safter = Eg*(TRH)T?{H' (3-8)

With Egs. (3.5) and (3.8) we can derive the dilution
factor S,

Saer_ 079, (Tru)* my /7y
g*(Tfo) Mpl

S

(3.9)

Sbefore

The diluted relic density of X today is given by

Q% 0.72g,(Tew)"/* my /7y

Qy = ~
s 9+(Tto) My,

my 2.2 GeV 1 sec
~0.2 . 1
0 6(1 keV) < my ) \/ Ty (3.10)

This is the standard dark matter dilution mechanism that
has been employed in various contexts for addressing the
dark matter relic density.

C. Dilutor to dark matter decay

We recently pointed out [37] new opportunities to test
the dark matter dilution mechanism. We showed that the
repopulation of dark matter in ¥ decays leaves an imprint
on structure formation and gets constrained by the existing
data (or gives a characteristic signal upcoming data). While
in [37] we worked in a largely model independent way, in a
concrete UV realization of such mechanisms, the model
predicts not only the relic density, but also the spectrum—
the phase space distribution of dark matter with a primary
and secondary component. To account for all these pos-
sibilities, we consider the following decay channels of Y,
where it can decay into SM particles as well as dark
matter X,

Y - SM, Y - nX(+mSM), (3.11)
where n,m€Z" count the multiplicity of X and SM
particles, respectively, in the final states. The first decay
channel is desired for dumping entropy into the visible
sector and dilutes the primordial thermal population of X.
If this were the only final state of Y decay, then the resulting
X would remain a purely thermal distribution with a
temperature Ty, which would be relatively lower than
the counterpart in the absence of dilution.

The other decay mode, whose branching ratio is assumed
to be Bry, produces a secondary nonthermal population
of X that also contributes to the final dark matter relic
abundance. The bracket in (3.11) also includes the pos-
sibility that this second decay channel is completely dark,
without any “SM” in the final state. In the absence of
extended dark sectors, the branching ratio of the first
channel is simply 1 — Bry. With a nonzero Bry, the final
dark matter relic density becomes

m 2.2 GeV 1 sec
Qy ~0.26(1 + nBry) <1 kZV> ( - >, | —.
Y Y

(3.12)
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Requiring Qy to agree with the Planck measured value
fixes 7y in terms of my and my, we can rewrite Eq. (3.7) as

0.4 MeV  my
9. (Tru)'/* 10°m

Tu =~ (3.13)

Because g, is always larger than 1, and for successful big
bang nucleosynthesis to work, for which Try 2 1 MeV is
needed, the dilutor ¥ must be heavier than dark matter X by
a factor of at least 10°.

Before deriving and solving the equation for dark matter
phase space distribution, we first give a qualitative dis-
cussion and introduce an important temperature relevant for
large scale structure of the Universe. Immediately after the
Y — nX + mSM decay, each secondary X particle roughly
carries the energy of my/(m + n). Under the sudden decay
approximation, the corresponding temperature of the
Universe is given by Ty in Eq. (3.7). The velocity of X
particles will then redshift with the expansion of the
Universe. After a while the X particles start to turn
nonrelativistic when the energy drops to around their mass.
This requires the scale factor of the Universe to grow by a
factor of

N My

arg  (m+n)m (3.14)

The corresponding temperature 7\g can be found with
entropy conservation in the SM sector

g*S(TNR)T?\IRa?\IR = G« (TRH)T;}H“%H’ (3.15)

which leads to

T 1/3
TNR = TRH (g*( RH)) wﬂ ~0.25 eVng*(TRH)%
9+(Txr) aNR

(3.16)

In the second step we used Eq. (3.13) and the late-time
value for g.g(Tnr) = 3.91, valid for Tz well below the
electron mass.

Note that Ty defines the time when both the primordial
X particles and the secondary ones from Y decay have
become matterlike. Dialing the clock back to temperatures
above Tngr, the dark matter fluid is made out of the
nonrelativistic primordial and the relativistic secondary
component. The energy density of the latter is more
important at temperatures above Tygr/Bry. In this regime,
the overall X fluid is relativistic and features a large
pressure, which can interrupt the regular logarithmic
growth of matter density perturbations in X. This sup-
presses the matter power spectrum P(k) for wavelengths
of the perturbation smaller than the Hubble radius at
temperature equal to Tng/Bry. The resulting P(k) may

then potentially disagree with the large scale structure
(LSS) measurements, unless Bry < 1.

D. Phase space distribution of dark matter

Let us go beyond the sudden decay approximation and
derive the equations governing the dark matter phase space
distribution. Because the temperature 7Twgr, When the
secondary dark matter particles from dilutor decay turn
nonrelativistic, is found to be rather low, they act as a hot
dark matter component for a period of time that overlaps
with the observational data. Consequently, they may sup-
press the large and small scale structures, which in turn
allows one to derive a powerful constraint on the dilutor —
dark matter branching ratio using cosmological data from
the SDSS [37].

Without loss of generality, we write the dilutor to dark
matter decay channel as

Y>X+2+4+3+---+N=nX+mSM, (3.17)
where particles 2, 3, ..., N = m + n represent either the SM
or additional X particles in the final state. As before, we
assume that nX particles are produced in this decay. The
phase space distribution for the produced X is governed by
the Liouville’s equation that relates the phase space dis-
tribution functions of dark matter fy and the dilutor fy

d |Px|2 d3l_5y 1
(5_}] Ey OF )fx( X )_/WEfY(EYJ)A’
(3.18)

454<PY Px— ZP)|M|2

(3.19)

a1 [ %t

Hereafter we work in the ultrarelativistic X limit (from Y
decay) and approximate |py| ~ Ex. M is the decay matrix
element related to the decay in (3.17) and A can be rewritten

in terms of the partial decay rate of ¥ — X 4 --- + N in its

rest frame as

Ty = — /d3’3XA— : /dEEzA (3.20)
=X omy, (27)*"  4x’my XX '

where it is assumed that the X particles from Y decay are
ultrarelativistic throughout most of the phase space. Here it
is useful to introduce a dimensionless spectral function
g(w), which satisfies

Ey
=n, w=—-.
my

drY—>X
n

T:I“Y_,Xg(a)), /da)g(a)) (3.21)
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It allows us to establish a relation between A and g and
simplify the Liouville’s equation to

d 0
——HEy,— E
<at XaEX)fX( xo 1)

4'77,'2 E X d3 ﬁy 1

- E%( IﬂY—>Xg<le> / (271_)3 2Eny<EY7 t)'

Next, we assume that ¥ had already turned nonrelativ-
istic when the decay occurs, i.e., Ey ~my. This is a
necessary condition for the dilution mechanism to work,
because Y is assumed to dominate the energy content in the
Universe as a matter component. It allows us to complete
the py integral in (3.22) and express it with the number
density, ny(t) = py(t)/my. py is the energy density of
nonrelativistic Y particles.

For the left-hand side of Eq. (3.22), we change the
variables of fy to x=Ex/Tyx and t, where Ty is the
temperature of primordial X warm dark matter defined
above. The appealing reason for such a change is that as
long as the X particles remain ultrarelativistic, the ratio
Ey /Ty stays invariant in the expanding Universe. Using the
identity,

(3.22)

d d d
(E_HEXE>JCX(EX’[> :Efx(x’ 1), (3.23)

we finally obtain the phase space equation for secondary
dark matter from dilutor decay,

T3 0 Ty [Ty
2—”2.)(2&‘][)(()(,1):ny(l)ry_,xm—yg(m—yx . (324)

This equation is to be solved along with the following set
of energy density Boltzmann equations for X, Y, and the
SM particles

py +3Hpy = —Typy, (3.25)

px +4Hpx = yBrxI'ypy, (3.26)

PSM+(4H—39*

)ﬂSM = (1 =yBrg)l'ypy, (3.27)
where pq\; is the energy density carried by relativistic
visible particles and H? = 872Gy (py + px + psm)/3 is
the Hubble parameter. This set of equations applies
for nonrelativistic Y, while the X population remains
ultrarelativistic.

Using Ty to keep track of time, the phase space function
[fx at late times can be solved

1 27T2 FyBrX Tini dTX Py TX
Do e— g\ X))
e +1 x> my Jr. Tx TyH™ \imy

fx(x)

fin

(3.28)

The first term of (3.28) is the primordial Fermi-Dirac
distribution of X and the second is the nonthermal
repopulation of X. The Ty integral should cover the entire
temperature range relevant for the production of the
secondary component of dark matter. It goes from an
arbitrary high initial temperature T,;, which in practice we
take Ty, = my/10 in order for Y to already be non-
relativistic, as assumed below (3.22). The final result is
insensitive to the exact choice of T;;, because the
py/(T%H) factor in the integrand is suppressed at higher
Ty, as long as Ty <« my. Moreover, the g function cannot
lift this suppression, because Ty is bounded from above for
a given fixed x.

On the lower limit of integration, we need to go to
sufficiently low temperatures, such that all of the Y is
depleted by decays into SM and X. Because of the
exponential suppression in py, the exact T, is also not
relevant. In practice we integrate down to temperatures
corresponding to t = 107y, which sufficiently covers the
entire period of nonrelativistic ¥ decay.

The resulting distributions fy are shown in Fig. 2, which
are plotted at late times after the dilution has completed.
The two options for two and three body decays correspond
to two scenarios that are relevant for the minimal LRSM
under consideration in this work.

(1) The case when X is the lightest right-handed

neutrino N, and Y is a heavier N,, which undergoes
a three-body decay into N; plus two charged
leptons, mediated by the W5 gauge boson.

(2) Yisalong-lived scalar Ay with a partial decay width

into two Nj.
The corresponding ¢ functions and n, y integrals are
summarized in Table I, where the masses of final-state
charged leptons were neglected.

It is clear from Fig. 2 that the primary component of
dark matter dominates at small x, while the secondary

| | | |
r Bry=0.1
0.1 primordial —
2 i
:S 10 secondary |
107 -
L | i

0.1 10 1000 105
X:Ex/Tx

FIG. 2. Phase space distribution of ultrarelativistic dark matter
species Ni. We hold my, = 10 keV for all the curves. The blue
(orange) curve corresponds to the three-body decay of N, (two-
body decay of A) doing the job of dilution, as listed in Table I. The
solid (dashed) curves correspond to my, o = 100 GeV (1 PeV),
respectively. We set Bry = 0.1 for all the cases.
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TABLE 1.

The energy fraction distribution g(w), taken away by dark matter X in the rest frame of the decaying

dilutor Y, and its integrals n = f g,y = f wg. In the context of LRSM, the first row corresponds to N, as dilutor
which can undergo a three-body decay into a N plus two charged leptons (n = 1) and 0 is the Heaviside unit step
function. The second corresponds to the Majorana scalar boson A dilution scenario, where each A — NN,
produces two dark matter states (n = 2) and 6 is the Dirac delta function.

Dark matter X Dilutor ¥ Y — X decay n g(w) y
N, N, N, = N, + SM 1 160°(3 — 40)0(} — ») =
N, A A = N|N, 2 28(w — 1/2) 1

component features a significantly smaller occupancy, but
carries more energy and thereby affects structure formation.
On the plotted curves we kept fixed my and Bry and took
two different values of my to demonstrate that the shape
of the secondary component is roughly independent of the
mass of the dilutor. This follows from Eq. (3.12), where
the relic density requires the scaling my ~ 1/,/7y and the
reheating temperature is set by the Hubble time Tyy ~
VH ~ 1/,/7y. Immediately after ¥ — X decay, Ex < my
and Ty ~ Try. As a result, the kinematic end point x,,,, ~
my | Try is roughly held constant for fixed my, irrespective
of the values of my or 7y.

In the case where the dilutor is a long-lived scalar A (see
Sec. I B 5), the kinematics is so simple that we can further
derive an explicit closed form for fy. Since it is a two body
decay, g is a Dirac-6 function and we can complete the Ty
integral in Eq. (3.28) to obtain

2 87°Bry["
W fy(x) = — ok Y(‘f) , (3.29)
e +1 my TYH) r,,
2 10keV)) 2
~ * +0.16 secBry _vxey /;y s
e*+1 my TxH) r,
(3.30)

where we used the relic equation (3.12), set Qy = 0.26 and
approximated with small Bry in the second step. With such
a simple expression in (3.30) we can understand the
behavior of fy in Fig. 2 that emerges from solving
Eq. (3.28). First of all, g is a § function in temperature,
which essentially selects a particular moment in Ty, =
my/(2x) for a fixed x and thus completely removes any
dependence on the boundary conditions T’p; .
Furthermore, we can derive the explicit dependence
on x for various moments in the expansion of the
Universe during the dilutors’ decay. For this, we only have

to examine the x dependence of the factor (py/T%H )z, in

Eq. (3.30); the rescaling with Qy and my is trivial.
Note that for the purpose of this discussion, Y is always
nonrelativistic and py o« myTy. In the early stages of
radiation domination we have H « T% and therefore

(py/TxH)s, o my/Ty, ~x. Once Y starts to dominate,
the Hubble parameter goes as H ~ ,/py and the relevant

term goes as (py/TxH)p o +/my/Tx, ~+/x. In both

cases, my cancels out, that is why the orange curve in Fig. 2
remains almost identical for difference choices of my.
Finally, large x corresponds to low Ty, when all the Y has
decayed away and the secondary part of fy is exponentially
suppressed. These x dependencies explain the shape of the
two-body orange curves in the x > 10 region.

For the three-body decay, the spectral function g is not
as sharply peaked as the Dirac 8, but has a maximum at
@ =1/2 and similar considerations go through, with
transitions between different x dependencies becoming
less sharp. The bottom line is that, once we fix Bry and
my, the fy does not dependent on the mass of the dilutor Y,
the behavior of fy is roughly the same for different decay
topologies and it extends to large x, beyond the usual
primary component. In the following section we will
examine how this behavior translates onto the physical
matter power spectrum P(k).

Let us emphasize that we assume the X particles remain
collisionless after the Y decay throughout this work. This
means that the imprint of the dark matter model (funda-
mental physics) on the phase space distribution is preserved
until later times and can directly affect cosmological
observations. We do not consider the possibility of having
strong DM self-interactions. They could rethermalize the
dark sector and soften the above phase space distribution.
At the same time, they would facilitate excessive dark
matter production, which is adverse to the dilution mecha-
nism considered here.

E. Imprint on the matter power spectrum

Let us turn to a quantitative numerical analysis in the
parameter space of my versus my. For each point we first
set the dilutor lifetime 7y using Eq. (3.13). Next, we
determine the phase space distribution fy with Eq. (3.28)
and evolve the density perturbations using the linear
Boltzmann solver code cLASS [87-89] to obtain the
corresponding matter power spectrum P(k). We scan
over 200 points in the mass range my € (1 keV, 1 MeV)
and my € (1 GeV,10'® GeV) for both decay channels
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FIG. 3. Primordial matter power spectrum in standard ACDM

(black solid curve) and a set of diluted dark matter models listed
in Table I (colorful curves). Like in Fig. 2, we set Bry = 0.1. Data
points from SDSS DR7 LRG and Lyman-a observations are
shown in blue and orange, respectively.

considered in Table I. The results are shown by the colored
curves in Fig. 3, where we set Bry = 0.1. The black solid
curve is the fiducial ACDM (A cold dark matter) model.

The experimental data points come from the SDSS DR7
on luminous red galaxies [90] (blue) and the Lyman-a
forest [91] (orange) measurements. All the curves in
scenarios with secondary X share a common feature with
significant deviations from data in the k = 0.03 #/Mpc
region. These occur at a much lower k compared to other
dark matter production mechanisms such as thermal freeze-
in [92,93]. This is mainly due to the large hierarchy
between the dilutor and the dark matter mass, required
by Eq. (3.13). Based on a simple Ay? fit to the data, we find
that the LSS data from SDSS sets a much stronger
constraint on these scenarios than Lyman-a, making this

1000

|

500

100
50

my, (keV)

10

i

4.9
40

-

107 100
my, (GCV)

10 10* 1013 106

probe particularly robust. The conflict with data increases
with Bry, which translates into an upper bound, shown in
Fig. 4 for the two models in Table I. The bound does not
depend much on the precise shape of the phase space
distribution (because it is integrated over) and the message
is similar for both cases: the branching ratio of the dilutor
decaying into dark matter is constrained to be
@95% CL.

Bry < 1%, (3.31)

This bound is nearly independent of my, simply because
the secondary component of the phase space distribution fy
in (3.28) is mostly independent of my, as explained in the
paragraph below (3.28). The Bry limit gets slightly relaxed
for larger my, because holding the dark matter relic density
fixed in Eq. (3.13) requires the lifetime 7y to be shorter,
leading to a higher reheating temperature after the decay
of dilutor. The corresponding temperature for the secondary
dark matter component to become nonrelativistic also
increases, which is a /12¢g, effect, see Eq. (3.16).
Eventually, this shifts the deviation of P(k) to a slightly
higher k, where the data is less precise and thus becomes
less constraining.

The constraint derived here comes predominantly from
the LSS data, which relies only on the evolution of matter
density perturbations in the linear regime. LSS thus
provides a robust test of these models and we expect
similar constraints to apply broadly for other dilutor — dark
matter decay topologies.

Our result can be generalized to initial abundances for Y
and X beyond the relativistic freeze-out. A subthermal
initial population of Y needs to be heavier and/or longer
lived in order to provide the same amount of entropy

1000

500

100
50

my, (keV)

10

/

107 1010
MA (GCV)

10 10* 1013 106

FIG. 4. Upper bound on Bry, the branching ratio of dilutor ¥ decaying into X from the fit to LSS data (SDSS DR7 LRG), for the two
dilution scenarios considered in Table I in the context of LRSM. For each point in the my — my parameter space, the Y lifetime is
determined by requiring X to comprise all of the dark matter in the Universe and the upper bound on Bry can be read from the value of

the contour passing the point.
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injection. The secondary X particles from Y decay become
more energetic and take even longer to become matterlike.
This impacts the primordial matter power spectrum down to
even lower k and leads to a more stringent constraint on Bry
than Eq. (3.31). On the contrary, starting with a smaller
overpopulation of X, the constraint on Bry will be weaker.

IV. ANATOMY OF DILUTION SCENARIOS
IN LRSM

Remarkably, the minimal LRSM contains all the ingre-

dients for the dark matter dilution mechanism, described in
the previous section, to occur. Throughout this work, we
consider the lightest right-handed neutrino N, to be the
dark matter, i.e.,
Following the discussion in Sec. II B 2, with a mass below
100 MeV, it always freezes out relativistically and is
generically overproduced. The role of the diluting particle
Y can be played by either a heavier right-handed neutrino or
the Majorana Higgs boson A; the latter option is explored
here for the first time. In this section, we carefully examine
the viability of each scenario and point out the correspond-
ing opportunities for experimental tests.

A. Heavy neutrino dilutor

In this subsection, we first consider one of the two
heavier right-handed neutrinos N, to play the role of the
dilutor Y. We begin with the implications of LSS constraint
obtained from the previous section, which results in a
nontrivial no-go theorem. We then discuss the options
for bypassing such constraints and describe the viable
scenarios.

1. Implication of the SDSS constraint

Let us label the dilutor of Sec. IVA as Y = N,. The most
obvious decay channels of N, are those mediated by the
heavy Wy boson in the LRSM. Corresponding Feynman
diagrams for the decays are depicted in Fig. 5 below.
Similarly to weak decays of the 7 lepton in the SM, there
are semileptonic and pure-leptonic decay channels.

N> Wr* N> Wr*

e d e e
FIG.5. Feynman diagram for dilutor N, decay via right-handed
charged-current interaction mediated by Wp. The flavor or final
state charged leptons and quarks is dictated by the matrix
elements of VE s and VE 1.

All the decay products in the first channel are SM
particles, which makes it a perfect decay mode for the DM
dilution mechanism to work. In contrast, the second
channel has a dark matter N, in the final state. The
corresponding decay branching ratio is tightly constrained
by large scale structure observations, to be smaller than 1%,
as pointed out in Sec. III E.

In the minimal LRSM, the ratios among the above Wy
mediated decay are fixed by the structure (particle content
and gauge interactions) of the model. If these were the
only N, decay channels, then the decay branching into the
final state containing N; would be 10% for mass of N,
well above the electroweak scale. This branching ratio
only gets higher for lighter N,. The large scale structure
constraint from SDSS thus firmly excludes such simplest
dilution scenario. What may save the day are other
possible decay channels of N,. These may arise either
due to neutrino or gauge boson mixing in the LRSM, as
will be discussed next.

2. A no-go theorem

If minimality is one’s first priority, then it would be most
desirable to open up the extra decay channel(s) for the
right-handed neutrino dilutor and also allow it to participate
in the type-I seesaw mechanism for generating the active
neutrino masses. Naively, both could occur through a
mixing of N, with the active neutrinos. However, there
is a no-go theorem against such a possibility.

If the dilutor N, participates in the seesaw mechanism,
then the mixing between N, and light neutrinos is bounded
from below

m,

esz Z (42)

mNz

The value of 6y, could be much larger than \/m?/my,
due to additional degrees of freedom involved in type-I
seesaw mechanism [94], but it cannot be made smaller if N,
is responsible for neutrino mass generation. For this
contribution to the neutrino mass to be significant and at
least explain the mass difference for solar neutrino oscil-
lation, we require m, = m® ~ V8 x 107 eV?2.

We first consider the case where the N, mass lies below
the weak scale. The partial decay width of N, via this
mixing and an off-shell W boson is then

2.5 ;2
s mGFmNZGNzy
2

A~ T 96,3 1 GeV

4
> 102 Gev<&> . (43)
where m is the final state multiplicity factor within the
range ~1-10. In the first step, we neglect contributions to
the decay via the Z boson or possible interference effects.
This approximation would only affect our estimate by an
order of 1 factor, but keep our conclusion intact. The first
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inequality also accounts for other possible (subdominant)
N, decay channels (e.g., via W) and the second inequality
follows from Eq. (4.2). Plugging Eq. (4.3) into Eq. (3.12),
we find a lower bound on the dark matter relic density

my my
Qy 229 : ),
N~ <6.5 keV) <1 GeV)

The reference mass for N, is the lower bound on warm dark
matter found by the DES collaboration [3], which is
consistent with other constraints using the Lyman-a forest
[29,30], strong gravitational lensing observations [31,32],
and recent combined analysis [33,34]. The observed dark
matter relic abundance then sets an upper bound on the
mass of N,,

(4.4)

my, <90 MeV. (4.5)
Applying this bound again back in Eq. (3.12), we obtain a
lower bound on the lifetime of N,,
7y, 2 160 sec. (4.6)
Because the Universe was matter-dominated before the N,
decayed away, the above lower bound on its lifetime is
strongly excluded by the big bang nucleosynthesis, which
would require 7y, <1 sec.
On the other hand, if N, is heavier than the weak scale,

the decay induced by the mixing parameter Eq. (4.2) would
be into an on-shell W boson at a much higher rate,

3 2
T-1>GFL29NZ”<1_M_%V>(1+M_%’V_2M€V>
M~ a2 m%\,2 : 3

mN2 mN2
my. 2
>1072 GeV( )",
~ © (100 GeV>

(4.7)

The factor GFm]z\,2 properly accounts for a longitudinal
enhancement in the limit when my, > My,. Plugging this

into Eq. (3.12) leads to a lower bound on the dark matter
relic density

Qy 2 1.7% 103 <m’v> (4.8)

6.5 keV

All the N, mass dependency cancels out completely and
dark matter is considerably overproduced.

This completes the proof of the no-go theorem. It is
derived by combining the constraints on the dark matter relic
density and the dilutor lifetime. Although we have used
some ~ in the above reasoning, the results in Eqgs. (4.6)
and (4.8) are in sharp contradiction with the existing
constraints, making it convincing that there is no room to

avoid the theorem. It is also worth pointing out that the
theorem not only applies to the LRSM focused in this work,
but also to other gauge extensions, such as the U(1),_;
model [26,95,96].

3. Type-1I seesaw dominance and dilutor decay
via N —v mixing

The no-go theorem presented above implies that if one
of the heavier right-handed neutrinos (e.g., N,) plays the
role of dilutor, its mixing with light active neutrinos
must be much smaller than Eq. (4.2). In other words, the
contribution to neutrino mass from N, via the type-I
seesaw must be well below what is needed for explaining
the observed neutrino oscillation phenomena. At the same
time, the dark matter candidate N; also cannot fully
participate in the seesaw, because of the x-ray constraints.
The only remaining right-handed neutrino N5 is free from
constraints and does contribute to neutrino masses in the
type-I seesaw, but is unable to explain the two mass square
differences needed for neutrino oscillations. As a conse-
quence, light neutrino masses must be accounted for by
additional sources.”

A way out within the minimal LRSM is by considering
another source of mass for the light neutrinos, which comes
from the vacuum condensate of the left-handed scalar
triplet A;, through the type-Il seesaw mechanism. By
relieving the dilutor N, from the role of neutrino mass
generation, we can treat its mixing with light neutrinos 0y,,
as a free parameter, which can be arbitrarily small. This
enables a viable window in the model parameter space for
the dark matter dilution mechanism to work.

In Fig. 6, the blue and orange curves show where in the
Oy,, versus my, plane the dark matter Ny can obtain the
correct relic density after the N, dilution, for two choices of
N; mass. The value 6.5 keV is the lowest allowed warm
dark matter mass by the DES result. The purple region is
excluded by BBN because the lifetime of N, is longer than
a second. Clearly, viable values of y,, must be very tiny
<107 to satisfy both constraints. In contrast, the region
above the green line indicates the required values of 0y, if
N, participates in the type-I seesaw mechanism, which
offers a way to visualize and quantify the above no-go
theorem. We also find a lower bound on the dilutor NV, mass
of around 20 GeV.

The dark matter relic curves in Fig. 6 are valid under the
assumption that the Wy mediated decay modes of the
dilutor N, (see Fig. 5) are subdominant to those induced
by the N, —v mixing. This condition is mostly easily
satisfied if V, is heavier than the W boson but still close to

“This argument also implies that the minimal U(1)_; model
where the new gauge symmetry is broken by a Standard Model
singlet scalar is unable to account for both the dark matter
dilution mechanism and neutrino masses. Additional degrees of
freedom (e.g., the counterpart of A;, see below) are needed.
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FIG. 6. Parameter space for correct dark matter relic density,
where N, serves as the dilutor and decays via a mixing with the
active neutrino. We obtain Qy, = 0.26 along the blue and orange
curves for my, = 6.5 and 100 keV, respectively. The purple
shaded region is excluded by BBN, because the lifetime of N, is
longer than a second. Along with the relic curves, it sets an upper
bound on the mixing 6y,,. This upper bound is stronger for
heavier N,. In contrast, the region above the green line in the
upper-right corner of the figure shows the mixing angle needed
for N, to participate in the type-I seesaw mechanism and explain
the neutrino mass difference for solar neutrino oscillation. This is
clearly incompatible with the dilution mechanism and verifies the
no-go theorem presented in Sec. IVA 2.

the weak scale. This leads to a lower bound on the mass
scale of Wy boson,

- 10 GeV

M > —
W \ gsz

where in the second step we read from Fig. 6 that for
my, > My, the highest value of @y, is around 10717,
which is also orders of magnitude below the seesaw line,
required for neutrino mass generation.

>10° GeV =1PeV, (4.9)

4. Dilutor decay via W — Wy mixing and x-ray limits

The previous subsections explored the possibility of the
dilutor N, decaying dominantly through its mixing with the
active light neutrinos. Here, we discuss another possible N,
decaying channel inherent to the minimal LRSM, via the
gauge boson mixing & i, mentioned in Sec. I[IB4 and
shown in the Feynman diagram on Fig. 7 below. Because
the absolute value of & r is bounded from above by
M3, /M5, [see Eq. (2.12)], if N, is lighter than the W
boson and decays via off-shell W, the corresponding partial
decay rate will have the same parametric dependence as
those in Fig. 5. It cannot provide sufficient suppression to
the branching ratio of N, — N; decay and the resulting
dark matter production/dilution mechanism still suffers
from the strong constraint from large scale structure.

e

N>

Wr*

w

FIG. 7. Feynman diagram for N, decay via W — W mixing in
LRSM. Blue cross indicates an insertion of & g mixing.

This observation forces the viable parameter space to the
window where My, > my, > My.
In this case, the available decay rates for N, are

Grmy, ( My \*

967 My, )’

mG%m?\,z My \*
9677.'3 MWR ’

r _ FlérPmy, (my,\? B M3,
No—eWw 32 My, m%,
2

M3, 2M;
X <1+—2W— W>,

FN2—>N1f+f” =

FNZ_)qu/ =

(4.10)
n’lN2 mjl\,z

where the first two decays occur via diagrams in Fig. 5
and the last one via Fig. 7. Again, m is the final state
multiplicity factor, which equals 12 (9) for my, >
(<)m, 4 my,. In the absence of @y,,. the three rates
in (4.10) sum up to the total decay rate of N,.

Like before, we impose three requirements on the
dilution scenario here:

(1) Dark matter N; obtains the correct relic density.

(2) The decay branching ratio of dilutor N, to dark

matter is smaller than 1%.

(3) Dilutor decays faster than 1 second.

Our main results are then summarized in Fig. 8.

The left-panel shows the parameter space of my, versus
tan . Outside the darkest green shaded region, the dilutor
to dark matter decay branching ratio exceeds 1% and the
parameter space is excluded by the LSS data. From
Eq. (4.10), it is useful to note that the branching ratio
and the LSS constraint is independent of other parameters
of the model such as My, or my . In contrast, the total
decay rate of dilutor N, does depends on My, and so is the
allowed parameter space that is consistent with the BBN
constraint. The two blue curves show the lower limit on
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Left: viable parameter space for the dark matter dilution to work in the my, versus tan § plane, where the diluting particle N,

dominantly decays via the mixing between W and Wy gauge bosons. The region outside the darkest green is excluded by the LSS
constraint in Eq. (3.31). The region to the right of the vertical pined dashed line is excluded by the theoretical constraint on the range of
tan 3, Eq. (2.15). The two dark blue curves corresponds to lower bound on my, to pass the BBN constraint, for two choices of Wy mass,
10% and 2.25 x 10® GeV, respectively. Right: further constraints in the My, versus my, plane, with other parameters fixed, my, =
200 GeV and tan # = 0.5. The blue shaded region again indicates the upper bound on My, from the BBN constraint. The purple region
is excluded by the existing x-ray line searches for dark matter decay N; — vy via the loop processes shown in Fig. 11. The dashed and
dot-dashed purple curves corresponds to the reach of future x-ray experiments ATHENA and XRISM, respectively. The orange shaded
region is the warm dark matter exclusion limit set by the DES experiment. The green band is where dark matter obtains the correct relic

density after the entropy dilution.

my, for two choices of My, = 10 GeV (lower) and
2.25 x 108 GeV (upper), respectively. Clearly, the latter
case is marginal where the available parameter space for
dilution mechanism closes. From this, we derive a upper
bound on My, < 2.25 x 10® GeV. In the same plot, the
vertical pink dashed line corresponds to the theoretical
upper bound on tanf derived in Eq. (2.15). Viable
parameter space for dark matter relic only occurs in the
darkest green region with proper arrangement of other
parameters.

Next, we address the x-ray line search limits on dark
matter N decay, as shown in the right panel of Fig. 8. In the
minimal LRSM, the dark matter candidate is not absolutely
stable and there are in fact two contributions to the radiative
decay of Ny — vy. One is via the N; —v mixing and
applies also to the regular sterile neutrino dark matter. The
other is through the W — W mixing and both occur at the
one loop level with coherent amplitudes. In the presence of
a nonzero Oy, ,, the radiative decay rate of dark matter is a
well-known result [97,98],

9a

— 2 05 qin2
Iy oy = 7567 Gipmy, sin® Oy ,.

(4.11)

In the presence of a nonzero &g, there are new Feynman
diagrams for the radiative decay of dark matter N;. We
derive the leading-order decay rate

2

a

871;‘? G%‘m;\/] Z|(V§MNS)KI *m3. (4.12)
Z

FNI—wy =

See the Appendix for a detailed derivation of this rate. In
this case, because of the Wy and tan # dependencies in & g,
we find a closer interplay between the x-ray search bounds
and the requirements on the dilution mechanism found in
the previous subsection.

The implications from x-ray constraints are shown in
Fig. 8 (right). We fix my, =200 GeV and tanf = 0.5
which is an allowed point in Fig. 8 (left), and show the
other constraint in the dark matter mass my, versus My,
parameter space. As discussed earlier, for the dilutor N, to
decay before BBN, there is an upper bound on My, for
given my,. This excludes the blue shaded region. The
purple shaded region is then excluded by the existing x-ray
line searches for dark matter decay [99-101], which sets
a lower bound on My,  and upper bound on my, .
Interestingly, the remaining window for viable dark matter
in this scenario can be tested by the upcoming x-ray
experiments ATHENA [102] and XRISM [103,104],
as shown by the dashed and dot-dashed purple curves.
Here, we assume generic flavor mixing matrix where all
the elements are O(1) in magnitude and approximate
S| (VBuns) o1 Pm2 ~ m? in Eq. (4.12). The x-ray limit
could be weakened if the right-handed leptonic mixing
matrix element (V& <), is suppressed or if destructive
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interference between amplitudes is strong enough. As
explained in Sec. III D [see also Eq. (3.28)], for sufficiently
small Bry_, y, the phase space distribution of dark matter N,
follows exactly the thermal distribution, exactly like a
warm dark matter is defined [105,106]. The orange shaded
region corresponds to a lower bound of 6.5 keV on warm
dark matter mass.

5. Lower bound on the Wgx mass scale

So far, we have discussed several options of having the
light right-handed neutrino N; to comprise all the dark
matter in the Universe, through the dilution mechanism
where the dilutor is a heavier right-handed neutrino N,. In
all cases, we find that the mass scale of the W gauge boson
must be rather high. In the case where N, dominantly
decays via its mixing with light neutrinos, the lower bound
is around PeV scale, as found in Eq. (4.9). In the case where
N, dominantly decays via W — Wy gauge boson mixing,
lower bound on My, is higher (tens of PeV), due to the
relic density explanation and constraints on the radiative
decay of dark matter N, as shown in Fig. 8 (right). In both
cases when calculating the decay rate of dilutor N,, we
have made the assumption that the masses of its decay
products are much smaller than my,. The lower bounds on
My, are derived based on this assumption, which are
generic and does require special arrangement of the
parameters of the model.

Here, we wish to scrutinize if the mass scale of Wj is
allowed to be even lighter at all if some amount of tuning of
parameters is arranged. While this might be less appealing,
the main motivation behind is the prospect of other
experimental probes (such as high-energy colliders) of
the LR symmetry scale. Such a possibility was first
explored in [36], which resorts to a compress spectrum
with the mass of dilutor N, being close to the sum of
charged pion and a charged lepton masses. This leads to a
phase space suppression in the dilutor decay rate
(N, — 7z + ¢) and enables sufficient longevity while keep-
ing Wi mass near the TeV scale. Moreover, the flavor
structure of the right-handed lepton mixing matrix Vs
must also be tuned, such that N, primarily couples to the 7
lepton in the right-handed current interaction, thus kine-
matically forbidding the N, — N, decay (via off-shell W)
that is constrained by large scale structure as discussed in
Sec. IVA 1. In this scenario, light neutrino masses can be
explained via a mixed type-I (where N5 mainly contributes)
and type-II seesaw mechanism.

To explain the dark matter relic density using the dilution
mechanism [see Eq. (3.12)], it seems challenging to have a
dilutor N, mass well below 2.2 GeV, because BBN forbids
the lifetime of N, to be longer than a second, while at the
same time the Tremaine-Gunn bound forbids dark matter
mass to be well below a keV. To get around this difficulty,
[36] noticed a special mass window around My, ~ 5 TeV
could work, where the above flavor structure allows dark

matter N; to freeze out slightly before the QCD phase
transition whereas the dilutor N, freezes out slightly after. It
leads to an enhancement factor in the dilution factor S in
Eq. (3.9), given by the ratio of g, at temperatures above and
below Aqcp, and in turn a suppression in the final dark
matter relic density. Thanks to this effect, [36] found viable
solutions for dark matter mass around 0.5 keV. However,
after the recent substantial progress in constraining the
warm dark matter mass, €.g., my, > 6.5 keV, found by the
DES collaboration from ultrafaint dwarfs [3], such a low
mass Wy window has been firmly closed. This leads us to
conclude that with a right-handed neutrino dilutor, the up-
to-date lower bound on My, for consistent dark matter
cosmology in LRSM is pushed to above the PeV scale,
given by Eq. (4.9).

B. Majorana Higgs dilutor

In this subsection, we explore the other dilutor candidate
in LRSM, the Majorana Higgs A, introduced in Sec. [ B 5.
The role of dark matter is still played by N;. To our
knowledge, such a possibility has not been considered in
any previous dark matter analysis of the model.

Through the spontaneous gauge symmetry breaking
SU(2)g x U(1)g_; = U(1)y, the couplings of A are tied
to mass generation of the gauge bosons W%, Z' and the
right-handed neutrinos N;. To be long lived and qualify as
the diluting particle, the mass of A must be well below
those of W and Z’'. We will work in the parameter space
where A is also much lighter than two of the right-handed
neutrinos N,, N;. As aresult, the decays of A into these on-
shell final state particles are forbidden. Its possible decay
channels are shown by the Feynman diagrams in Fig. 9.

N
Wr’,
A A
Wr*
N1
Y W, Z h
A A
Wr*
Y W, Z h

FIG.9. Feynman diagrams for the decay rate of the dilutor A in
the minimal LRSM. The coupling of A to right-handed neutrino
and W5 are proportional to their masses, whereas the blue cross
in the last diagram represents A-Higgs boson mixing, generated
by the scalar potential. In the second diagram, the fermion final
states that connect to virtual Wy include quark pairs and N plus a
charged lepton.
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The decay rate of A into two dark matter particles N is
suppressed by the small mass my . The decays via off-shell
Wp into light fermions or two photons are suppressed by
the small ratio of M,/My,. The decay via off-shell Z' is
always subdominant, because Z’ is heavier than Wy by a
factor of v/3 and a relatively smaller decay branching ratio
into N [107]. Finally, A could decay via a mixing with the
SM Higgs boson. For M 5, well above the electroweak scale,
the dominant decays via the Higgs mixing are into
W+W~=,ZZ, and hh final states.

With the mass hierarchy My, < M, < My, the partial
decay rates of A are

Py <M M SGEMMY
T av2aM, FE 576V 2 M,
(4.13)
r, _ 492°Gp M3, M} X h*:eihGFMA (4.14)
ToasVaaeMy, T T AV

For simplicity, we work in the limit where all final state
particle masses are negligible. The A — WrW5 decay
occurs through two off-shell Wi bosons and has four
right-handed fermions in the final states. For this partial
rate, we apply the four-body decay formula Eq. (2.35)
of [108] and work in the heavy Wp limit. The kinematically
allowed fermion final states are quark pairs and N; plus a
charged lepton.

Among the above four decay channels of the dilutor, the
first two can produce energetic dark matter NV in the final
state and get constrained by the large scale structure

1011 1013 1015 1017
MWR (GCV)

observations. The third channel, where A decays into a
pair of photons, can bypass the LSS constraint. Indeed, we
find that the ratios

Pacmivi 15 5 1077 <mN)2
FA—))/J/ MA

Taowiv o3, <MA)“
FA—’}’J’ MWR
can both be made much smaller than 1% if my <
M, < My,. This mass-scale hierarchy is consistent with
the above mass spectrum assumptions. It allows the LRSM
to evade the LSS constraint, even in the absence of A-Higgs
boson mixing.

In the left panel of Fig. 10, we first work in the 8,5, = 0
limit and the blue and orange curves show the M, versus
My, parameter space, where dark matter N, obtains the
correct relic abundance through the A-dilution mechanism,
for two values of my, = 6.5 and 100 keV, respectively.
We apply Eq. (3.10) by identifying ¥ = A. Dark matter is
overproduced in regions to the left of the curves. The purple
region is excluded by LSS observations, because the
branching ratio for A - W3, W} — light fermions decay
is too high [see Eq. (4.15)]. We find that the mass scale of
Wg must be very high, above ~10!'' GeV, but the mass
scale of A can be much lower. However, the price of having
a lighter A is to increase the mass hierarchy between A and
Wk, as indicated by the green dashed lines. Similar to the
argument in footnote 2 against a very light A to be the dark
matter, we do not consider A to be lighter than W, by much

more than a loop factor. Taking into account of this
theoretical constraint, we end up finding that both A and

(4.15)

\ \ \
Overproduction
1016 [ —
> 10" — —
[5)
©)
= = -
= 1y, =6.5keV, My /My=10° 3
1012 [ “. —
my,=6.5keV, My, /M= 10* o
10 1 ‘ 1 1 ‘ 1 1 ‘ 1
10 10—23 10—20 10—17
Oah

FIG. 10. Blue and orange curves show the parameter space where dark matter obtains the correct relic abundance via the dilution
mechanism, where the Majorana Higgs A plays the role of dilutor. In the left panel, we set 8, = 0. The purple region is excluded by the
LSS observations. The green dashed curves indicate different My, /M, mass ratios. In the right panel, we turn on 6, but fix the

My, /M, mass ratio for each relic curve.
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Wgr masses are pushed to rather high values, close to the
GUT scale. We have also checked that the lifetime of A is
much shorter than 1 second along the entire curves, thus
safely evading the BBN constraint.

In the right panel of Fig. 10, we project the relic curves to
the 0,5, versus M , parameter space for two realistic choices
of the mass ratio My, /M,. On each relic curve, the
horizontal part has no 8,;, dependence because the total
decay rate is dominated by A — yy. The decay via Higgs
mixing takes over in the region with larger #,; and heavier
A. On each relic curve, there is also an upper bound on 6,,,
otherwise A would decay too fast.

To justify the use of Eq. (3.10), we must verify that A
decouples from the rest of the plasma while it was still
ultrarelativistic. First of all, at temperatures around the LR
symmetry breaking scale, A is in thermal equilibrium with
heavy particles that receive their mass from v,, which are
N,; and Wg,Z'. When the temperature of the Universe
falls around the M,, the N3 and Wy, Z' particles already
decouple from the thermal plasma because they are much
heavier. The remaining processes to consider are similar to
those in Fig. 9. Among them, the process A < yy is
suppressed by the heavy Wy mass and remains decoupled
until the temperature of the Universe cools down to
(set by T'a.,,, = H)

M 1/2 103
T ~10° GeV = . (4.16)
1013 GeV My, /My

This temperature is well below M 4, thus the inverse decay
will be Boltzmann suppressed and never reach equilibrium.
As discussed in Eq. (4.15), the other processes A <> N{N;
and A < 4g have rates much smaller than A < yy and
cannot keep A thermalized either. Therefore, the decou-
pling of A must occur at a temperature between My,
and M,. The particle mass spectrum considered for the
A-dilution mechanism is indeed compatible with the
assumption that A freezes out relativistically.

V. CONCLUSION AND OUTLOOK

In this work, we explore the entropy dilution mechanism
for dark matter relic density in the minimal LRSM that also
addresses the origin of neutrino mass. In this model, the
lightest right-handed neutrino (V) is the sole dark matter
candidate and its mass must be below the QCD scale in
order to stay cosmologically stable. We first emphasize that
N, always decouples relativistically from the right-handed
current interactions and an entropy release afterwards must
happen for producing the observed dark matter relic
abundance in the Universe. This requires the presence of
a “long-lived” diluting particle which comes to dominate
the energy content of the Universe as a matter component,
before decaying away mainly into SM particles. One of the
heavier right-handed neutrinos (N,) or the Higgs boson

from spontaneous SU(2)g x U(1)y_, gauge symmetry
breaking (A) can play the role of the diluting particle.

Our original contribution here is a new opportunity

of such a mechanism in cosmology. The matter power
spectrum for the large scale structure of the Universe is
sensitive to the diluting particle’s partial decay model into
dark matter. When produced this way, dark matter can
remain relativistic until the onset of recombination and
suppress the primordial matter density perturbations.
Through a detailed analysis, we derive an upper bound
on such a decay branching ratio to be less than ~1%, using
the existing SDSS data. Such a large scale structure
constraint is generic and can be applied to various dark
matter models that require an entropy dilution mechanism.
In the context of LRSM, the decay of N, into N; can
happen via right-handed charged-current interaction (medi-
ated by the W5 gauge boson) and the decay of A into N is
tied to dark matter mass generation. Therefore, the large
scale structure constraint plays a crucial role in determining
the viable parameter space for the dark matter relic density.
We carry out an anatomy of possible dark matter dilution
scenarios in the left-right symmetric model:

(1) In the scenario of N, dilution, we point out that the
decays of N, cannot be dominated by the right-
handed currents, otherwise the N, — N, branching
ratio is too high (210%). Thus, additional decay
modes must be present due to a N,-light-neutrino
mixing or W — Wy gauge boson mixing. In both
cases, we find that the mass scale of the Wy boson
must be rather high, above the PeV scale. On the
other hand, the dilutor N, can have a mass as low as
the weak scale. We also derive the monochromatic
x-ray constraint on dark matter N from W — Wy
mixing, which further narrows down the viable mass
range of N, to a mass window of 6.5-30 keV.

(2) The possibility of A dilution is original to this work.
This scenario requires A to be lighter than the right-
handed gauge bosons and neutrinos (except for N;).
We find the A — yy mode to be the most useful for
suppressing the A — N;N; decay and passing the
strong large scale structure constraint. The corre-
sponding mass scales of A and W need to be very
high, close to the GUT scale. Because of this, the
W — Wy mixing contribution to N; dark matter
radiative decay is negligible. The N; — vy decay
will only proceed via its mixing with light active
neutrinos, as is the case of a regular sterile neutrino.

Based on the above results, we point out the following

opportunities of diluted dark matter in the light of the
upcoming experimental efforts:

(1) The primordial dark matter power spectrum will be
more precisely measured by the upcoming large
scale galaxy surveys, including Euclid and Rubin
LSST [109,110]. Future high-redshift surveys such
as MegaMapper and PUMA have the promise to
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extend the precision measurement up to wave
number k ~ 0.9 A/Mpc [111]. A discovery of sup-
pressed matter power spectrum, starting from
k 2 0.03 h/Mpc, will serve as a smoking-gun evi-
dence for dark matter entropy dilution mechanism in
the early Universe with a nonzero dilutor to dark
matter decay branching ratio.

(2) Related to the thermal dark matter population that
gets diluted, future experimental facilities exploring
the small scale structure of the Universe will be
instrumental as well. Observations of low mass dark
matter halos and the lensing of cosmic microwave
background may allow the discovery and measure-
ments of the dark matter mass, if it lies not far above
the current lower bound (~6.5 keV) [112,113].

(3) Future experiments including ATHENA and XRISM
[102-104] will search for monochromatic Xx-ray
emission from the radiative decay of N dark matter
in the Milky Way and nearby galaxies. A positive
measurement will be useful as another input to
discriminate between the various dark matter dilu-
tion scenarios and neutrino mass generation mech-
anisms in the LRSM, and map out the favored
parameter space.

On the theory side, a follow-up exercise will be to
calculate the evolution of primordial matter density per-
turbations by taking into account the nonlinear terms in the
Boltzmann equations, which start to become non-negligible
(bringing in corrections of percent level or higher) for wave
numbers k > 0.2 #/Mpc and observations made at redshift
7~ 0[89,114,115]. Because the hot dark matter component
from dilutor decay acts to suppress the perturbations, we
expect the nonlinear effect to be smaller than the case of
regular cold/warm dark matter. Nonetheless, a more careful
analysis is warranted and can serve as a useful tool for
discovering this piece of new physics in the upcoming
precision cosmology era.

We wrap up with a further comment on the validity of
leptogenesis in LRSM given the new constraints found in
this work. We have considered two options of entropy
dilution, using either N, or A. In both cases, we have left
the mass and couplings of N; arbitrary, so it may also be
degenerate with N, to fulfill the resonant leptogenesis
condition [116]. In the case of A dilution, both N, ; have
arbitrary masses and they can be degenerate or heavy and
take on the role of lepton number asymmetry generators.
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APPENDIX: RADIATIVE N; DECAY
VIA W - W, MIXING

The radiative decay of dark matter to a monochromatic
photon N; — vy gives a very stringent constraint on its
couplings from the x-ray spectra measurements, shown in
Fig. 8. Here we provide some details on the calculation of
the rate in Eq. (4.12), which has new sources within the
LRSM. There are two possible contributions, one from
the Dirac mixing of N with v, which is well known and the
same as for the sterile neutrinos. In the presence of gauge
boson mixing &g, another amplitude is present, coming
from the SM-like W having a coupling to the right-handed
charged current. In the small &y limit we have

Loe =~z [0/"PLE + fLR(VIPSK/INS)MNiV”PRK]W; +H.c.,

N

(A1)

where VgANS is the right-handed PMNS matrix introduced
in Eq. (2.5). With this coupling turned on, there are two
new diagrams contributing to radiative N decay, and their
topologies are shown in Fig. 11.

The N| — vy decay always occurs via the dimension-
five effective operator

‘Eeff = Cl_/GﬂylpRNlF”D + H.C., (AZ)

where C is the Wilson coefficient, to be determined next,

and 6, = 5[r*,y*]. The chiral projection operator in front
of the N field must be P = (1 + y5)/2. The correspond-

ing decay amplitude for N (p;) = v(p,)r(q) is

iM = —iCit,(py. $2)(d¢" — & d)Prun(p1.s1),  (A3)
Y
Alpl-lﬂ ot
k-pl Y
S B Y
pl k p2 pl k k-q p2
— E—— — — —_— ——> —>
Ny PR [} Poov o Ry LI/LLL:: v
q:pl-p\Z‘ ¥
FIG. 11. Feynman diagrams for N, radiative decay via W — Wy

mixing in the LRSM. The W — N, — 7 vertex labeled by Py is
induced by the W — Wj mixing and the corresponding Feynman
rule is obtained from the second term in Eq. (Al).
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where &), is the photon polarization vector and ¢ - £*(¢) = 0
for an on-shell transverse photon. The partial decay rate of
Ny — vy is

1
FN]—wy = E |C|2m13\7] : (A4)

d*k

For a Majorana Ny, it can also decay into vy with the same
partial rate.

With the momentum assignments shown in Fig. 11, the
first diagram has an amplitude

1

iMl -

x {(2k - p,

fLRZ(VPMNs Mmt’/(z )* (k2 = m2)[(k— py)?

— p2) - €01, (pa, Sz))’”VyPRMN(Pl»Sl) + i1, (P2 52)¢ (P — K —
+ 1, (P2, 52)(d — K+ p1)¢ Pruy(pr.s1)},

- Mj)]
4)Prun(p1,s1)

= M [(p2 — k)

(AS)

where we have dropped terms that are suppressed by additional powers of 1/Myy,. For the y matrices between the fermion
spinors, we are interested in the structure ¢#* — #*¢, as in Eq. (A3). This immediately implies that the first term in {} does
not contribute. In addition, because the external fermions already have the correct chirality, we can drop the chirality-
flipping terms (upon equation of motion) such as p; acting on uy(p;, s;) and p, acting on i, (p,, s,). This allows us to

reduce the {} bracket in Eq. (A5) into

{} = a(pas2) (¢ (=K =24) +

After completing the k integral, the remaining relevant term is

iM, = 16 2§LRZ PMNS

The second diagram of Fig. 11 has an amplitude

iMzZ—

Using the identity y#y”yy, =44, all the y matrices
between i, (p,,s,) and wuy(py,s;) are gone. Thus, we
conclude that this diagram dose not contribute to the
N — vy decay.

e’ B
2 éLRZf:(VPMNS) i f/ (27)* (k2 = m2)[(k = q)* = m2][(k = p;)?

(24 — )¢ )Pru(py.51)- (A6)
M i(pa. s2) (" — & H)Pru(py, s1). (A7)
14
d*k 1
- M|
x{it, (P2, )7 ¢ ¥y, Prun(p1.s1) + 0, (P2, s2)7" (K = )¢ 7, Prun(p1.51) }- (A8)
|
The corresponding N, radiative decay rate is
a‘fLR
Iysy = GF NIZ| PMNS f1| mf- (A10)

Comparing Egs. (A3) and (A7), we get

C— _COrERY PMNs)lfmf

2V 27 (49)

This is how we get Eq. (4.12) in the main text.
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